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Abstract

The nonlocal macro-meso-scale damage (NMMD) model, implemented in the framework
of the finite element method, has been demonstrated to be a promising numerical approach
in simulating crack initiation and propagation with reliable efficacy and high accuracy. In
this study, the NMMD model was further enhanced by employing an identical degradation
mechanism for both the tensile and shear components of shear stiffness, thereby overcoming
the limitation of equal degradation in shear and tensile stiffness inherent in the original
model. Additionally, a more refined and physically sound seepage evolution function was
introduced to characterize the variation in permeability in porous media with geometric
damage, leading to the development of an improved NMMD model suitable for simulating
coupled seepage—stress problems. The reliability of the enhanced NMMD model was
verified by the semi-analytical solutions of the classical KGD problem. Finally, based on
the modified NMMD model, the effects of preset fracture spacing and natural voids on
hydraulic fracture propagation were investigated.

Keywords: modified NMMD model; shear fracture; stiffness degradation; hydraulic
fracturing; seepage evolution function

1. Introduction

Hydraulic fracturing plays a pivotal role in oil and shale gas extraction, offering signif-
icant value in enhancing hydrocarbon production. The fundamental principle of hydraulic
fracturing is to inject a high-pressure water or water-based solution containing proppants
and chemical additives into the target rock layer. When the injection pressure exceeds
the tensile strength of the rock, fractures initiate and propagate within the rock matrix,
forming a complex network of fractures. These cracks greatly increase the permeability of
the rock, enabling the efficient release of previously inaccessible hydrocarbon resources.
Therefore, a comprehensive understanding of fracture propagation mechanics is essential
for optimizing hydraulic fracturing operations and maximizing hydrocarbon recovery.

To clarify the mechanism of rock fracture development in hydraulic fracturing, schol-
ars have conducted extensive experimental, theoretical, and numerical simulations. In
terms of experiments, all have been based on a true triaxial hydraulic fracturing test
system [1-4], and the effects of stress difference, perforation pattern (perforation angle,
perforation cluster number, number of perforations per cluster), crack initiation position,
fracturing fluid viscosity, injection rate, and natural fractures on crack propagation in
limestone samples [1], layered samples composed of natural sandstone and coal [2], and
raw coal samples have been studied [3]. However, indoor experiments are often limited
by conditions, scale, and cost, making it difficult to observe the real-time propagation
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process of cracks. In addition, current theoretical research often idealizes basic assumptions,
making it difficult to accurately reflect the complex mechanisms of the hydraulic fracturing
process. Therefore, numerical simulation methods are widely used in the study of hydraulic
fracturing problems.

The numerical methods for simulating crack propagation are mainly divided into two
broad categories: the discrete approach, based on fracture mechanics, and the smeared
(spatially continuous) approach, based on damage mechanics. The former not only needs
to provide crack propagation criteria by calculating fracture mechanics indicators such as
stress intensity factor and J-integral, but also to solve the problem of mesh topology changes
during crack propagation. Therefore, the calculation process is relatively cumbersome,
whether it uses the finite element method (FEM), which continuously reconstructs the
mesh [5,6]; the extended finite element method (XFEM) [7-9], which does not require mesh
reconstruction but needs to update enrichment degrees of freedom; or the discrete element
method (DEM), which can only fracture along discrete elements [10-15]. The DEM does
not require a direct criterion for crack extension and can simulate crack propagation on a
fixed mesh. However, cracks are presented in a smeared manner and it is difficult to obtain
the crack width, meaning that the cubic law for fracture flow cannot be used in hydraulic
fracturing simulation. Therefore, this type of crack simulation method based on smearing,
such as peridynamics [16-21], the phase field method [22-28], and the nonlocal macro—
micro-scale consistent damage (NMMD) method [29-34], faces challenges in simulating
fracture flow during hydraulic fracturing.

Peridynamics, which has recently flourished, has attracted widespread attention due
to its advantage of the natural generation of complex cracks, especially when involving the
simulation of crack initiation, branching, or convergence. Faced with the coupling problem
between fracture flow pressure and fracture width during hydraulic fracturing, Qin Mingqi
et al. [35,36] achieved a fracture flow coupling simulation of hydraulic fracturing based on
bond-based peridynamics by using the damage separation criterion of material point and
obtaining crack width data from the relative displacement along the perpendicular direction
of the crack of material points on both sides of the crack. However, the computational
efficiency and accuracy of peridynamics are relatively low [19], and accuracy improvement
requires the use of more time-consuming, bond-associated, state-based peridynamics [37]
or peridynamics with high-order differential operators [18,19], resulting in a higher cost
for the accurate calculation of crack width. Another popular method for simulating crack
propagation, the phase field model, directly treats the phase transition caused by fracture as
a variational variable in the calculation of the minimum value of the energy function [22,23],
and considers the gradient effect of phase transition in the energy dissipation of crack
formation, which localizes cracks in the form of damage. Faced with the problem of
calculating crack width in hydraulic fracturing, Santilldn et al. [37-39] approximated
the crack width of a section perpendicular to the fracturing direction by integrating the
inner product of displacement and damage phase gradient to obtain displacement jumps,
enabling the fracture phase field method to capture the interaction between fracture flow
and deformation during hydraulic fracturing. Zhuang et al. [40,41] avoided calculating the
displacement jumps of hydraulic fracturing and treated the fracture as a highly permeable
porous medium, using the seepage—stress coupling model of porous media to simulate
fracture flow, in which the permeability of the fractured area increased linearly with the
damage value, representing the phase transition. However, the linearized permeability
model is only applicable to those areas within the damage threshold range, ignoring the
permeability changes with damage in minor damage areas. The permeability of severely
damaged areas is directly equal to that of completely fractured areas, making Zhuang’s
model somewhat rough.
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Due to the finite element framework, the computational efficiency and accuracy of the
phase field method are higher than those of peridynamics. However, in the phase field
model of hydraulic fracturing, involving three fields of hydra-mechanical-phase coupling,
both the monolithic solution scheme and the staggered solution scheme still require a
large amount of computation. Recently, Lu and Chen [30] proposed a nonlocal macro—
meso-scale consistent damage (NMMD) model by combining the basic ideas of fracture
phase field theory and peridynamics, providing a new perspective on the simulation of
crack propagation. In the NMMD model, the microstructure of any point in a material is
considered a nonlocal architecture composed of massive bonds surrounding that point,
and the initiation and propagation of cracks are caused by continuous bond breakage
at the meso-scale. The degradation of stiffness of that point is further determined by its
geometric damage, which is evaluated using the weighted average of the bond damage
around that point within a certain range. The NMMD model can reflect size effects,
has no mesh dependence [30], and can simulate the possible bifurcation phenomenon of
dynamic cracks [31]. Moreover, the theoretical system of the NMMD model is complete
and self-consistent [42], involving the characteristic length calibration [43] and the intrinsic
relationship between energy degradation mode and characteristic length [33], which can
reveal the dependence of fracture toughness and fracture energy on the initial crack size [43].
Most importantly, it has been shown [44] that the computational efficiency and accuracy
of the NMMD method are much higher than those of the fracture phase field method
and peridynamics, especially after optimizing nonlocal architecture [32]. In addition,
given the simple construction pattern of the NMMD model, it can be easily extended
to the failure simulation of layered rocks by defining the critical elongation rate as an
elliptical distribution function with direction [34], and to the failure simulation of complex
stress states by introducing the nonlocal structured strain and decomposing it into volume
expansion and deviation [44,45].

Based on the consideration of the above advantages of the NMMD method in simulat-
ing crack propagation, this method is applied in this study to simulate hydraulic fracturing,
and the fracture flow is treated as a highly permeable porous medium. In contrast to
Zhuang’s model [40,41] and displacement-jump-based approaches [37-39] in the phase
field model, this study aims to extend the NMMD model in simulating hydraulic fracturing
problems with a balance between the relatively rational evolution of permeability with
respect to damage and the sophisticated algorithm dealing with displacement jumps.

The structure of this paper is as follows: Section 2 briefly introduces the fundamental
theory of the NMMD model, which overcomes the issue of equal degradation in shear and
tensile stiffness present in the original model. Section 3 elaborates on the improved NMMD
model for hydraulic fracturing in porous media by incorporating the seepage evolution
function. In Section 4, three numerical examples are presented to demonstrate the reliability
and advantages of the enhanced NMMD method. Finally, Section 5 summarizes the study
and discusses the relevant conclusions.

2. Brief Summary of NMMD Model

In the NMMD model [30], the material microstructure is represented as a nonlocal
network of multiple bonds originating from a single point. Crack formation and growth
occur through progressive bond rupture at the meso-scale. Therefore, the geometric
damage, reflecting the loss of continuity at the macroscale, can be quantified by weighting
the sum of the related bond damage. As bond breakage continues, material stiffness
progressively degrades. Consequently, stiffness reduction can be determined from the
point-wise damage resulting from bond failure.
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2.1. Microstructural-Scale Damage

Consider a spatial entity QO C R¥(d € {1,2,3}) represented by boundary 9Q2, and use
spatial coordinates x = (x1,...,x;) and ¥’ = (x{,...,x}). to distinguish the material points
inside it. The material point pairs can be defined as

N:={(x2)eQxQlL(x,x)N0Q =, Vx # x'} (1)

Among them, £(x,x’) is a line segment determined by a pair of material points x and
x’. For any material point x, the nonlocal structure of its material point is shown in Figure 1,
where / represents the characteristic length [46].

Figure 1. The nonlocal structure of the material point.
For the microstructural lever, define the deformation rate of material point pairs as

Alx, ' t) = |1§|(u(x’,t) —u(x,t)) v ()
where € is the bond vector from x to x’, || is the corresponding bond length, v = ¢/|Z| is
the corresponding unit bond vector, and u(x, t) and u(x’, t) are the displacement of point x
and x’ at time t, respectively. The stretch rate is further defined as

At (x,x/,t) = AMx, &/, t) H(A(x, 2/, 1)) (3)

where H(-) is Heaviside step function. When A < 0, H(A) = 0, otherwise H(A) = 1.
Once the stretch rate surpasses critical threshold A., the pairwise interaction between
points progressively diminishes until it fully vanishes. To model this irreversible behav-
ior, a history-dependent parameter « is introduced, representing the maximum attained
elongation rate during loading. Specifically, this is expressed as

k(x,x,t) = m[ax] [(AT (2,2, T) = A),0],V(x,x') e N (4)
Te|0,t
where f represents the time, or virtual time for the static problem, ¥ = 0 corresponds to
the elastic phase, and x¥ — co denotes full material separation. Consequently, the micro-
scale damage w(x, ¥/, t) € [0,1] is formulated as an exponential function of the historically
attained peak stretch rate.

A

w(x,x,t) = @(x,x,t) =1 —exp(—x) (5)
where 7 is a material brittleness index reflecting the brittleness degree. When x = 0,
w(x, X, t) = 0, meaning that the bond is in an intact state. The damage to material bonds
develops with the increase of x. When « increases to a certain value, the material point pair
is completely damaged.
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2.2. Geometric Damage Reflecting Macro-Scale Continuity Loss and Free Energy Damage
Reflecting Stiffness Degradation

The macroscopic damage state of a material point is characterized by geometric
damage d,, (x,t), computed as the weighted mean of microstructural damage values w
across all connected point pairs to x.

do(x,t) = /D( )(p(x,x’)w(x,x',t)dV’ (6)
(X

where dV’ = Vd(x') is the Lebesgue measure, and ¢(x,x') € R" is the influence function.
Geometric-based damage directly quantifies material degradation through micro-
scopic defects such as crack density and porosity, while energy-based damage describes
the energy dissipation required for damage evolution from a thermodynamic perspective.
The essential correlation between the two lies in the fact that the propagation of geomet-
ric defects is driven by energy (such as the need to overcome surface energy for crack
propagation), and energy dissipation depends on the geometric distribution of defects.
From damage mechanics principles, the progression of geometric damage necessarily
results in free energy density redistribution. This energy dissipation mechanism can be
mathematically represented through the degradation function g(d, ), formulated as

3(de) = 1)¢<e, de) )

Yo(e

where (e, dy) is the Helmholtz free energy, e = VSu is the strain tensor, V5(-) is
the symmetric gradient operator, and y is the energy density function of the material
without damage.

l[)o(S)Z%SZE:S (8)

where E is the fourth-order elastic stiffness tensor.

Due to the irreversibility of damage, the energy degradation function table should
clearly exhibit a monotonic decrease. Therefore, ¢(d., ), which represents the deformation
energy storage capacity of any material point, needs to meet the requirements

8(0)=1¢(1)=0 ©)
dg,8 < 0,dg,8(1) =0

where ¢(0) = 1 indicates the material point is in an undamaged state, and g(1) = 0
indicates the material’s ability to store deformation energy is completely lost; d; ¢ < 0
means that the damage reflects a process of energy dissipation; when d,, = 1, it means
that there is no damage-driving force provided. Therefore, as energy is released, the force
driving the development of damage becomes smaller, leading to the conclusion that the
free energy damage @ is always greater than the geometric damage of d, [28], i.e.,

Thus, the energy degradation factor of this model can be constructed as the convex
function [30]

oy
) = g )

where p and g are parameters controlling the energy dissipation rate.

p>19>0 (11)
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2.3. Nonlocal Damage Constitutive Model for Tensile or Tensile-Shear Fracture

Considering that the hydraulic fracturing process is mainly dominated by tensile or
tensile-shear failure, this study only focuses on the degradation of deformation stiffness
that reflects tensile or tensile-shear. The strain tensor & can be decomposed into tensile and
compressed parts

3
e = Y ()41, @ my
uil (12)
E_ = Zl <8a>_ng ®na
a=

where £ and e_ are tension and compression strain tensor, respectively; g, is the principal
strain; and #, is the corresponding principal direction. Operators (-) | and (-) _ are defined
as(-), = (- +/[-])/2and (-)_ = (- — ||) /2. For isotropic material, the strain energy density
in tension and compression can be obtained as

{ ¥ (e) =

r(&€ 2 T 82
(0= byt () (13

where A is the Lame constant, ¢ is the shear modulus, and tr(-) denotes the trace operator.
Thus, the elastic strain energy density is expressed as

Pe(e) = g(dw) e (&) + e (e) (14)

Therefore, the nonlocal damage constitutive equation can be given as

o= g(dw)ag’f 4 a;pr — g(dw) (A(tr(e)) I+ 206, ) + Altr(e)) T+20e  (15)

where I is a unit tensor.

3. Modified NMMD Model for Hydraulic Fracture in Porous Media

In this section, the evolution of the permeability field related to geometric damage in
the NMMD model is introduced, starting from the evolution of the permeability field in
porous media, which is an irreversible process of growth. Then, the momentum equilibrium
equation of the NMMD model and the mass balance of fluid is coupled with the Darcy seep-
age law, endowing the damaged permeability field and forming the governing equations of
the proposed extended NMMD model for simulating hydraulic fracture problems. Details
of the weak form and numerical implementation of the proposed model are also given.

3.1. Fluid Flow in the Isotropic Medium

For porous media such as rock or concrete, geometric damage reflecting the loss in
continuity directly affects the permeability of the medium. It is assumed that the fluid in
porous media is compressible and viscous. The porous medium domain can be decomposed
into three parts: the reservoir domain, the transition domain, and the fracture domain. In
the reservoir domain, the permeability is not significantly affected by geometric damage,
while in the transition domain, the permeability increases linearly with the development of
geometric damage. In the fractured domain, the permeability coefficient gradually tends
towards a stable value for a complete cracked state. Therefore, the evolution law of the
medium permeability coefficient with geometric damage can be constructed as

k= f(dw)ko = {kf];ko <dw - W) +1} ko (16)
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where f(dy) is the seepage evolution factor, kj is the permeability coefficient of the intact
zone, k¢ is the permeability coefficient of the completely fractured domain, and & € (0, 1]
is an interpenetrating parameter, reflecting the sensitivity of permeability growth due to
spatial discontinuity. Figure 2 shows the variation in permeability evolution with respect
to geometric damage d,, for different interpenetrating parameters. When a — 0, the
permeability evolves linearly with the geometric damage.

1.0 T T T T T T T T T T T T T T T T
2 0.9 .
:
= 0.8 N
¢
= 0.7 .
x
= 0.6 4
=
5
.EOQ— ]
850—1
g — «-0.0
20.31 — o« = 0.40| ]
-_'g o = 0,45
% 0.2 —— « = 0.50] -
g o= 0.80
5 0.1 w-10|-
0.0 T T T T T T T T T

0.0 0.1 02 03 04 05 06 07 08 09 10
Geometric damage d,

Figure 2. Permeability evolution with respect to geometric damage dc, (ks /ko = 1000).

3.2. Governing Equations

The hydraulic fracturing process in porous media can be regarded as a quasi-static
problem. Assuming that the medium is always in a saturated state during hydraulic
fracturing, the equilibrium equation for porous media is given as

V-o+pb=0= V- (o' —Bpl) +pb=0 (17)

where p is the density of the mixture, B is the Biot coefficient, b is the body force
b = {0 — g}", for the plane problem, and b = {0 0 — g}’ for three dimension problem;
here, g is the gravity acceleration. Assuming that the fluid flow during hydraulic fracturing
follows Darcy’s law,

a="(~Vp+osp) (18)
where v is the viscosity of the fluid, k denotes the permeability tensor, and for the isotropic
medium, k = f(dw)koL. pr denotes the density of the fluid. From the flow balance condition,
the seepage equation can be obtained as
1 1
Q Q

where q represents the seepage density vector, Q is the compression modulus of the fluid,

o k .
V.q+ p+/3£v:0:>V-<U(—VP+be)>+ p+pe =0 (19)

and Bé, denotes the drainage caused by the volume compression of the medium. Here, ¢,
is the volume strain. The displacement uy, and pore pressure p;, for any a point p(x, t) can
be gained by the shape function interpolation of the element, as follows:

(20)

uy = Nyu
pn = Npp°



Modelling 2025, 6, 58

8 of 19

Here, N, and N, are the displacement and pore pressure interpolation shape function
matrix, respectively. #° and p® are the nodal displacement and nodal pore pressure in an
element, respectively.

The equilibrium Equation (19) can be discretized using the standard Galerkin

method as

Ne Ne
<Al / g(dw)B,{DBudQ)u— <A1 / /3B$mN,,dQ>p
e= 4 e= e

N, N, _
— A [ NIobdQ + A/ NTEIO
e=1.0)e e=1.Te

c v 1)
e T . e 1 or .
<e/_\1 /Q e ,[%BumN,,dQ>u+ <E/_\1 /Q e QNprdQ>p+
N k() N k()
T w . T w
(eAl | 8= B,,dQ)p—eAl [ By =0 bd0)

Ne
where A1 is the elemental assemble operator, and u and p are the total nodal displacement
e=
vector and the total nodal pore pressure vector, respectively. By is the strain matrix and
B,, is the pore pressure gradient matrix. Their corresponding subarrays B,; and By, for

elemental node i are

dx IN aNpi
i . _ il
Bui=| 0 50 Bui= | N, (22)
aNui aNul ay
Iy ox

and ¢, = m’e = mTB,u is used; here, m is the vector of the delta Dirac function defined as

m={11 O}T for the plane strain problem or axisymmetric problem.

Ne N, Ne 1
— T _ T _ T
Let K = A Jor8(0)BiDBAQ, Q = A fo BimNydQ, S = A [or SNpNpdQ,

R, = %f NI obd()+ ?\]"f NT£d0),H = %f pr)p 1o R, — X’f prktw) 0
"= Sylor NP ooy re Nu RS Ao By T O S R = Ao Bp S
Then, the seepage—stress coupling Equation (23) can be simplified as
R (23)
Qu+Sp+Hp =R,

4. Numerical Examples
4.1. Verification: KGD Hydraulic Fracturing Problem

Shown in Figure 3 are the geometry, injection, and constrained boundary conditions
of the KGD hydraulic fracturing problem. Both L; and L; are 10.0 m, and the prescribed
displacement and pressure of the surrounding boundaries are set to zero (i.e., permeable
boundaries). The pre-existing crack length [, = 1.0 m, and the water injection rate is
Q = 2 x 10~* m?/s, while the time step At = 0.01 s. The parameters p and g in the ener-
getic degradation function [30] are set to 3 and 4, respectively, while the interpenetrating
parameter « is set to 0.4, and the other relevant material parameters are shown in Table 1.
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> <t i
> <
Q
> o < | L
L
> <
> <t _\Vv
A A A Iy A
I 3
L,

Figure 3. The KGD hydraulic problem: geometry, injection, and constrained boundary conditions.

Table 1. Material and calculation parameters of the calculation model.

Parameter Value
Shear modulus G 9.0 GPa
Poisson’s ratio u 0.2
Biot coefficient 1.0
Fluid viscosity v 0.001 Pa-s
Injection rate Qg 1.0 x 1074 m?/s.
Permeability coefficient of undamaged area kg 5.88 x 107 mm/s
Permeability coefficient of completely damaged area k¢ 5.88 x 1078 mm/s
Porosity n 0.19
Critical elongation rate A, 1x 104
Brittleness index v 2000
p 3.0
q 15.0

4.1.1. Convergence of Mesh Sizes with Semi-Analytical Solution

As is well known, the KGD problem is widely used for the validation of hydraulic
fracturing models. A semi-analytical solution [47,48] to this problem was obtained by
assuming that the fluid inside the crack is incompressible, ignoring the actual injection
pressure path prior to hydraulic crack propagation, namely

_ GQ®
L= O.65<U(1_y)> t, (24)

where Q is the injection rate of fluid, G is the shear modulus, v is the fluid viscosity, y is
Poisson’s ratio, and #*/? is the time. And the pressure of the fracturing fluid injected into

the hole is
1/4
2G3Qu )

_— 25
(1—p)’L2 )

P = Omin + 0.96(
where 0y, is the minimum ground stress, which is set to zero here.

To investigate the convergence of the extended NMMD model, we first consider
different sizes of finite element discretizations in solving Equation (23). In view of the
deformation gradient at the crack front being too large during hydraulic fracturing, it
is required that the mesh in the fracturing area be sufficiently dense to accurately track
the hydraulic fracturing process. Therefore, this paper uses four different grid sizes for
encryption in the potential crack propagation domain, i.e., & = 20 mm, 40 mm, 60 mm and
160 mm. Extracted from the numerical results of the extended NMMD model, the injection
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pressures within the crack under different mesh densities are shown in Figure 4. It can
be seen that the numerical solution of the injection pressure gradually converges to the
semi-analytical solution, namely Equations (24) and (25), as the minimum mesh size tends
to zero. It should be pointed out that the linear component in the semi-analytical solution
is the actual injection pressure path prior to hydraulic crack propagation. In other words,
these results directly demonstrate that the extended NMMD model is robust and reliable in
simulating the hydraulic fracturing process.

4.5 T T T
= — - Semi-analytical
407 —— #=20mm )
354 —— h=40mm i
;5 \ h=80mm
S04 —— h=160mm .
< \
= \
2257\ 4
o N
S, 0d 1™ N
2.0
g ! v~ <
S, ! T oS T
2 1.5+ v /S S TS o S
= !
1.0 .
'
0.5 i
|
0.0 T T T
0 1 2 3 4

Time(s)

Figure 4. Convergence of injection pressure with respect to different mesh sizes, where the semi-
analytical solution is taken from [48].

4.1.2. Influence of the Interpenetrating Parameter

As mentioned before, the geometry-based damage in the NMMD model is a physical
quantity ranging from [0, 1] that reflects the degree of spatial discontinuity. In this subsec-
tion, we would like to discuss the influence of the interpenetrating parameter on the results
of the extended NMMD model.

To this end, three cases of « = 0.40,0.45 and &« = 0.50 are considered. Shown in
Figure 5 are the corresponding variations in injection pressure within crack interior and
crack propagation length with respect to injection time. As can be seen in Figure 5a,
before the injection pressure reaches its peak value, the interpenetrating parameter would
control the increasing rate of injection pressure. Recalling the variation in permeability
evolution factor with geometry-based damage in Figure 2, minor damages are insufficient
to cause a significant increase in the permeability coefficient at a small interpenetrating
parameter, resulting in the injection pressure increases at a faster rate when the value of
the interpenetrating parameter is small. After the peak values of injection pressure, the
larger the value of the interpenetrating parameters input, the smaller the response of the
injection pressure output. In Figure 5b, on the other hand, one clearly sees that crack
propagation lengths obtained using the extended NMMD model are very closed to the
semi-analytical one, except for the stage before the critical cracking moment (about 0.8 s).
This is because during the derivation of the semi-analytical solution, the time required
for fluid injection was neglected, resulting in an infinite pressure at the beginning of the
injection (see Figure 5a), which contradicts the real physical situation. In contrast, the
extended NMMD model can capture actual behavior that occurs in the hydraulic crack
initiation if and only if the injection pressure reaches its peak.
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5. 0 T T 5.0 T T T
.59 w54 [~ - Semi-analytical i
a=0.40
4.0 4.0 a=045 b
o P a=0.50
g 3.5 £ 3.5 E
2 \ =z
g \ 1 ®03.0 b
Z 5
E \ I 1 =259 2l
& N ]
£z209 Ty 11 1 %204
51 R 111 &
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0.5 1 0.54—
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0 1 2 3 4 0 1 2 3 4
Time(s) Time(s)
(a) Injection pressure (b) Crack propagation

Figure 5. Comparisons between numerical results of extended NMMD model with different inter-
penetrating parameters and semi-analytical solution [48].

Shown in Figure 6 are the distributions of geometry-based damage at different stages,
shown in Figure 5b, which reflect the process of the pre-existing crack gradually extending
under hydraulic action.

(a) Stage I (b) Stage II

jamage

(c) Stage III (d) Stage IV
Figure 6. The distribution of geometry-based damage at different stages shown in Figure 5.

4.1.3. Comparison with Phase Field Models

To verify the effectiveness of the extended nonlocal macro-micro-damage model
constructed in this paper, we will compare the numerical results of the NMMD model
based on seepage stress coupling with analytical solutions, and further compare them with
the numerical results of other models to demonstrate the superiority of our model.
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Shown in Figure 7 are the evolution of injection pressure and crack propagation length
obtained by the extended NMMD model, phase field models based on the displacement-
jump approach and endowed with the linearized permeability assumption, and the semi-
analytical solutions. It can be seen that the numerical results of the extended NMMD model
are more consistent with the semi-analytical solutions after the peak value of injection pres-
sure than those of Zhuang’s model. This indicates that the evolution of permeability field
with non-linearity, rather than linearity, adopted in the extended NMMD model is more
capable of depicting the essential feature of hydraulic fracturing behavior. On the other side,
the extended NMMD model shares almost the same accuracy with the displacement-jump-
based phase field model in simulating the KGD problem. Unfortunately, the computational
efficiency was not provided directly in [37]. However, in the extended NMMD model,
there is no need to calculate the displacement jumps like Chukwudozie’s model does,
which involves complicated and time-consuming algorithms. Moreover, it has been proven
numerically that the CPU time of the NMMD model is merely one-tenth of that of phase
field model for the same benchmark cracking problem with similar degrees of freedom
and hardware. Therefore, it is reasonable to believe that the proposed extended NMMD
model could provide a potential solution with its attractive computational efficiency in
simulations of hydraulic fracturing of porous media.
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solutions (where M is the dimensionless fluid viscosity coefficient).

4.2. Double-Fracture Hydraulic Fracturing with Different Spacing

20

The modified NMMD model based on constructed seepage-stress coupling was used
to simulate the fracturing problem of multiperforated horizontal wells. The calculation
model for the synchronous fracturing of multiperforated horizontal wells is shown in
Figure 8a. Due to its geometric symmetry, we take the half structure for calculation, as
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shown in Figure 8b. The length of the model is 20.0 m, the height is 5.0 m, and the
displacement and pressure on the boundary are both 0.0. The two preset crack lengths are
all 1.0 m, with a spacing of d. The calculation is carried out using four-nodal isoparameter
elements, with the main material parameters set as follows: elastic modulus E = 24.0 GPa,
Poisson’s ratio v = 0.2, permeability coefficient in the undamaged area kg = 1 x 1072 mm/s,
permeability coefficient in the completely damaged area ky = 1 x 1073 mm/s, viscosity
coefficient v = 0.001 MPa- s, Biot coefficient § = 1.0, and porosity n = 0.19. The main
calculation parameters are set as follows: energy degradation parameters p, 4, and -y are
4,15, and 2000, respectively; seepage evolution parameter « = 1.0; critical elongation rate
Ac = 0.0001; and time incremental step At = 0.01 s. The injection rate of fracturing fluid is
Q=3x10"2m?/s.

Inject fracturing fluid

| | 5m
1 10 m
J I d I
i 20m i
20 m |
(a) Full-scale model (b) Symmetric semi-structured model

Figure 8. Geometric model of multiperforated horizontal wells.

The damage distribution of three different preset crack spacings after 2.0 s of liquid
injection is shown in Figure 9. It can be seen that when the crack spacing is 4.0 m, the crack
first expands along the preset direction by approximately 0.65 m and then expands outward
at a 22° deflection angle. When the crack spacing is 6.0 m, the crack first expands along the
preset direction by approximately 1.22 m and then expands outward at a deviation angle of
15°. When the crack spacing is 8.0 m, the cracks always propagate along the predetermined
direction without deflection.

Figure 10 shows the variation curve of the average pressure at the tips of two preset
cracks of different spacings as a function of injection time. It is not difficult to see that
as the injection continues, the pressure at the tip of the preset crack increases, which, in
turn, causes the crack to expand. After the crack begins to expand, the injected fracturing
fluid can enter the expansion section, so the preset pressure at the crack tip decreases.
For different distances between two cracks, the average pressure at the tip varies slightly
over time. As the spacing increases, the peak pressure decreases. It can be seen that
the crack propagation speed also varies. This proves that there is a mutual interference
relationship between the two cracks, and this interference relationship weakens with the
increase in spacing.
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Figure 9. Distribution of damage after injection of fluid with different preset crack spacings.
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Figure 10. The pressure at the preset crack tip with the injection time for different crack spacings.
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4.3. Hydraulic Fracturing with Natural Pores

In practical engineering, the problem of natural pores may be encountered during
the hydraulic fracturing process of preset cracks. A two-dimensional model is shown
in Figure 11. The model is a square with a side length of 23.0 m, and the preset crack
length is 2.3 m. There is a natural hole within the square. The difference in the horizontal
axis between the circular center and the preset crack tip is Ax, and the corresponding
difference in the vertical axis is Ay. All four edges are fixed, and they are all permeable
boundaries, that is, with a pressure of 0.0. The calculation is carried out using four-
nodal isoparameter elements. The main material parameters are set as follows: elastic
modulus E = 17.0 GPa, Poisson’s ratio v = 0.2, permeability coefficient in the undamaged
area kg = 3.5 x 10" mm/s, permeability coefficient in the completely damaged area
k F= 3.5 x 10 *mm/s, viscosity coefficient v = 0.001 MPa- s, Biot coefficient § = 1.0, and
porosity n = 0.19. The main calculation parameters are set as follows: energy degradation
parameters p, 4, and 7 are 4, 15, and 2000, respectively; seepage evolution parameter
« = 1.0; critical elongation rate A, = 0.00015; and time step At = 0.01 s. The injection rate
of the fracturing fluid is Q = 1 x 1072 m?/s.

Az
—l% 23m

Ay

N
I |

| 23m |

Figure 11. Calculation model with natural pores.

To explore the influence of natural pores on the hydraulic fracturing path, the six cases
listed in Table 2 were chosen according to the arrangement of the holes and their position
and size. With the injection of fracturing fluid, after a period of time, the preset crack
expands to intersect with the natural pores and further expands. The damage distributions
under various cases are shown in Figure 12.

Table 2. Arrangement position and size of natural pores.

Case Ax (m) Ay R (m)
A 5.7 0 2.3
B 8.7 0 2.3
C 5.7 4.5 2.3
D 8.7 4.5 2.3
E 5.7 0 1
F 5.7 0 0.3
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Figure 12. The damage distribution under various cases.

The damage paths of these cases show that natural pores have an inducing effect on
the propagation of hydraulic fractures, even when the natural pores are small. With the
continuous injection of fracturing fluid, new damage occurs when natural pores are filled
with the fluid, ultimately forming new cracks. When a natural hole is basically level with
the hydraulic fracture, cracks are evenly generated from the hole opening, and the number
of generated cracks is large (such as in A, B, and E). However, when the natural hole is
offset from the hydraulic fracture, only one crack (such as in C, D, and F) appears from the
hole opening for fracturing. Furthermore, the smaller the size of the hole, the fewer the
cracks generated by the water pressure in the filled hole after the hydraulic cracks merge
with the natural hole.

5. Conclusions

In this study, we modified the macro-meso-scale consistent damage model (NMMD)
proposed by Lu and Chen [30], where the tensile-shear part of shear stiffness is decom-
posed and weakened by the same degradation mechanism as tensile stiffness, overcoming
the problem of the equal degradation of shear stiffness and tensile stiffness in the original
model. Then, by introducing a more refined and physically sound seepage evolution func-
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tion to describe the variation in the permeability of porous media with geometric damage,
the NMMD model was extended to simulate coupled seepage—stress problems. And then,
the reliability and rationality of the proposed extended NMMD model are verified using
the semi-analytical solutions of the classical KGD problem. Finally, based on the improved
NMMD model proposed in this study, two hydraulic fracturing scenarios in porous media
were selected and simulated: dual-fracture hydraulic fracturing and hydraulic fracturing
with natural voids. The effects of preset fracture spacing and natural voids on hydraulic
fracture propagation were investigated. The numerical results once again demonstrate the
advantages of the NMMD model, which requires no mesh reconstruction or fracture track-
ing techniques. Moreover, the enhanced NMMD model retains its significant computational
efficiency, showing great potential for solving coupled problems.

It should be noted that the modified NMMD model in this study is not yet applicable
to the numerical simulation of coupled problems in anisotropic porous media. Further
improvements will be pursued in future research.
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