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Abstract: Lehman Brothers’ failure in 2008 demonstrated the importance of understanding inter-
connectedness in interbank networks. The interbank market plays a significant role in facilitating
market liquidity and providing short-term funding for each other to smooth liquidity shortages.
Knowing the trading relationship could also help understand risk contagion among banks. Therefore,
future lending relationship prediction is important to understand the dynamic evolution of interbank
networks. To achieve the goal, we apply a deep learning framework model of interbank lending
to an electronic trading interbank network for temporal trading relationship prediction. There are
two important components of the model, which are the Graph convolutional network (GCN) and
the Long short-term memory (LSTM) model. The GCN and LSTM components together capture the
spatial-temporal information of the dynamic network snapshots. Compared with the Discrete autore-
gressive model and Dynamic latent space model, our proposed model achieves better performance in
both the precrisis and the crisis period.

Keywords: interbank network; graph convolutional network; long short-term memory; link prediction

1. Introduction

Interbank lending networks are of great practical importance in that the ability and
willingness of banks to provide short-term funding for each other (with banks that tem-
porarily have less cash than needed to support their business operations borrowing from
banks that temporarily have more cash than needed) is crucial to the real economy. As
emphasized by Hatzopoulos et al. (2015), a robust interbank market could help the central
bank achieve its desired interest rate and allow institutions to efficiently trade liquidity. In
normal times, interbank markets are among the most liquid in the financial sector. When
bank networks freeze up, a sharp decline in transaction volume in this market was a major
contributing factor to the collapse of several financial institutions during the financial
crisis. The contagion of systemic risk is strongly related to interbank connectedness. Under-
standing the dynamic interbank connectedness or interbank topology could enhance the
understanding of risk contagion.

A large fraction of previous research on interbank connectedness studies static and
aggregated interbank networks, which reveals information about long-term connectedness
inside a network, while other studies explored the dynamics of the interbank networks.
Papers that focus on the static network such as (Gai et al. 2011) discussed how interbank
connectedness affects the spread of contagion and the implication for the stability of the
banking system. However, Denbee et al. (2021) argued that similar interbank connectedness
structures might generate different liquidity transmission outcomes as banks have different
strategies when they observe liquidity surplus among neighbors. Therefore, instead of
overall interbank connectedness, knowing pairwise future interbank connectedness better
smooths temporary liquidity shortages and reduces “funding liquidity risk”. Since bank
trading strategies are different in normal and crisis periods, instead of obtaining a long-term
static overall connectedness network pattern, a shorter-term pairwise connectedness is
more desirable to understand interbank connectedness that drives us to model the interbank
network in a dynamic way.
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Previous research studies (Brauning and Fecht 2012; Brauning and Koopman 2020;
Giraitis et al. 2012; Linardi et al. 2020; Mazzarisi et al. 2019) on pairwise dynamic interbank
connectedness mostly focus on the underlying mechanisms determining the likelihood of
trading with methods such as regression, dynamic latent space model and dynamic factor
model. These methods are all statistical-based models with underlying model assumptions.
In addition, most of them cooperate with central banks, and data are not accessible for
noncentral banks. In addition, complex estimation strategies are applied in these models
and special approaches are needed to achieve accurate estimation.

In this paper, we aim to contribute a better understanding of the dynamic of financial
interbank networks by applying a deep learning approach to weekly network snapshots in
an electronic interbank trading platform called the e-MID market. A detailed explanation
of the e-MID market is provided in Section 4. The primary goal of this study is to accurately
forecast interbank future lending relationships by proposing a deep learning forecasting
model. Two baseline predictive models are also built in this study for comparison with our
proposed model. The key contributions of this study are:

¢ Inspired by Chen et al. (2021), the model is proposed to combine the advantages of the
Graph convolutional network (GCN), which obtains valuable information and learns
the internal representations of the network snapshots, with the benefits of the Long
short-term memory model (LSTM), which is effective at identifying and modeling
short and long-term temporal relationships embedded in the sequence of data.

e To handle the network sparsity and the fact that we care more about the existing
links than nonexisting links; we design a loss function that adds a penalty to nonexist-
ing links.

*  On test data, the proposed model is assessed and compared with two traditional
statistical baseline models using the metrics Area Under the ROC Curve (AUC) and
Precision-Recall Curve (PRAUC). They are the Discrete autoregressive model and
Dynamic latent space model. The findings indicate that our proposed model beats the
two models in predicting future links in both precrisis and crisis periods for the top
100 Italian trading dataset and European core countries dataset.

The remaining sections of this manuscript are as follows: Section 2 discusses the
key literature that is related to our study, Section 3 studies the methods and model struc-
ture, Section 4 shows the main results with different performance metrics and Section 5
summarizes the study and makes a conclusion.

2. Literature Review

This section aims to build the linkage between systemic risk and why we assume
that a dynamic link prediction problem is beneficial in better understanding the contagion
process. To achieve the goal, two streams of literature are related to the article. The first
stream is related to financial contagion and the second stream is related to the methods of
understanding dynamic interbank connectedness.

2.1. Financial Contagion

Financial contagion has been widely studied in the past years. Additionally, contagion
can take place through a multitude of channels, such as banks run, direct effect such as
interbank lending and indirect effect (Upper 2011). To narrow down the scope of the study,
we focus on one particular channel, namely direct effects due to losses on interbank loan
exposures. Seminal theoretical work by Allen and Gale (2000) provides a starting point
for studying a general equilibrium approach to financial market contagion and systemic
risk. Together with the work by Freixas et al. (2000), they provide a key insight that the
possibility for contagion depends on the structure of the interbank market. Additionally,
they both reach a similar conclusion that diversified and completely connected networks
are more stable. However, the assumption of a complete network with full risk sharing is
not valid in the real world, and the network structures are too simplistic to be sure that
the intuitions generated generalize to real-world financial systems. Therefore, researchers
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study contagion through the simulation process. Using tools of network analysis, the
authors found different patterns that make the network prone to contagion. Elliott et al.
(2014) found that integration and diversification have different, nonmonotonic effects on the
extent of cascades. By using simulated network models, Nier et al. (2007) demonstrates that
an increase in connectivity does not necessarily lead to a reduction in systemic risk. Capital
and contagion have a negative relationship, suggesting that regulators might prevent
contagion with greater capital requirements. Depending on the structure of the network,
the shock size has varying effects on a system. Simulations show financial networks have
a “robust-yet-fragile tendency”: though the chance of contagion is low, the effects of a
problem can be substantial (Gai and Kapadia 2010). Leventides et al. (2019) conclude that
heterogeneity in bank sizes and interbank exposures play a significant role in the stability
of the financial system since they enhance the system’s ability to absorb shocks. In addition,
the degree of interconnectedness of the system has a significant impact on its resilience,
particularly in case of smaller and highly interconnected interbank networks.

With the factors that affect the contagion in interbank network stated above, Denbee
et al. (2021) argued that banks have different strategies when they observe liquidity surplus
among neighbors, despite similar interbank connectedness structures. In this regard,
rather than knowing overall interbank connectivity, knowing pairwise future interbank
connectivity reduces the risk of funding liquidity shortages by smoothing out temporary
liquidity shortages. A dynamic interbank network link prediction model could help
understand pairwise future interbank connectivity. In a contagion cascade model, instead
of capturing the impact of the hypothetical shock in a static network, we could use the
proposed dynamic network link prediction model to predict the network structure of the
interbank market to capture some dynamic effects resulting from changing initial conditions
which build the relationship between the dynamic link prediction model and financial
contagion process.

2.2. Interconnectedness Network Models

With the network models focusing on understanding interbank network formation
and interconnectedness, there are two streams of literature we would like to refer to. The
first stream is the static network model, and the second stream is the dynamic network
model. We start with some potential problems that arise from modeling the interbank
network from a static perspective. We then discuss different streams of network modeling
literature from static to dynamic extension. To determine the financial stability of the
financial network, a simplification of the financial network as static may be helpful in some
situations, but understanding the dynamic nature of the financial interbank network is
essential. From the perspective of financial contagion, if a bank defaults on its obligations,
it is removed from the network. To adapt to this situation, it is likely that debtors of
defaulting banks replace their relationships with defaulting banks with relationships with
nondefaulting banks. If these dynamics are not considered when estimating systemic risks,
the estimates are biased and misleading. The goal of a model should therefore be to be
able to forecast the dynamics of a financial network after an event, whether it is a default
of a bank or a liquidity shock. In addition, it is crucial that we understand the reasons
for the formation of financial links (Linardi et al. 2020). Based on these ideas, statistical
models with underlying model assumptions dominate the literature. When we consider
capturing the dynamics of the network, this stream of literature aims at describing how
network topology evolves through time and the prediction of links. This field of literature
is mainly concerned with the estimation of a temporally evolving adjacency matrix that
encodes the network structure. The first stream is related to the wide range of latent space
models. The latent space model was first introduced by Hoff et al. (2002), and underlying
assumptions of the model come from the social network where the log odds ratio of a link
between two nodes depends on the “distance” between their latent position. Sarkar and
Moore (2005) extend the model to a dynamic version that allows the latent positions to
change over time in Gaussian-distributed random steps. Sewell and Chen (2015) propose
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a Markov chain Monte Carlo (MCMC) algorithm to estimate the model parameters and
latent positions of the actors in the network. Another variation is proposed by Durante and
Dunson (2016); the authors propose a model in which the position of each actor evolves
via stochastic differential equations. This paper develops an efficient MCMC algorithm
for posterior inference as well as tractable procedures for updating and forecasting future
networks based on a state-space representation of these stochastic processes. Sarkar et al.
(2012) also propose a link prediction method based on the “distance” idea. For each pair
of a link between any two nodes, the probability of trading is related to pairwise feature
information and information in the local neighborhood. Kernel regression is adopted for the
nonparametric link prediction problem. Though there are different variations of the latent
space model, none of them have been applied to financial interbank networks. Linardi et al.
(2020) is the first one that adapts the dynamic latent space model to the interbank network,
where the likelihood of trading between any two banks is determined by observation
equation, including proximity in observable bank characteristics as regressors and latent
regressors that are governed by a state transition equation to track the banks’ states.

Another stream of literature is related to time-series prediction. The Discrete au-
toregressive model proposed in Jacobs and Lewis (1978) assumes that the value of a link
between bank i and bank j is determined by past value and the ability to create new links.
Zhou et al. (2010) develop a nonparametric method for estimating time-varying graphi-
cal structure for multivariate Gaussian distributions using an L1 regularization method.
Giraitis et al. (2012) propose a dynamic Tobit-type model that could be used to estimate the
gross daily loans between each bank pair, and then the results are aggregated across all
bank pairs. To accommodate the high dimensionality of the problem, the authors construct
a small number of lagged explanatory variables that can capture previous bilateral lending
relationships between a pair of banks as well as their overall activity on the money market.
The authors propose a novel kernel-based local likelihood estimation of Tobit models with
deterministic or stochastic time-varying coefficients. Betancourt et al. (2017) develop a
multinomial logistic regression model for link prediction in a time series of directed binary
networks that is the financial trading network in the NYMEX natural gas futures market.
To deal with the high-dimensionality problem, the authors introduce fused lasso regression
by imposing an L1 penalty on model parameters. The Bayesian inference method based on
multinomial likelihood is a data augmentation method based on the P6lya-Gamma latent
variables proposed by Polson et al. (2013).

3. Materials and Methods

In this section, we introduce the proposed model used to predict the evolution of the
dynamic interbank network. We start with the dynamic link prediction problem definition
and then introduce the two components of the model that help capture spatio-temporal
information and the overall structure of the model. We finally introduce the model training
step with optimizer and loss function.

3.1. Problem Definition

Suppose the dynamic network is defined as a series of graph snapshots called
G ={Gy,Gy,...,Gr}. Additionally, a graph snapshot at the specific time t is G; =
{V, E, A+}, where V is defined as the nodes set, E; is the edge set and Ay is the adjacency
matrix at time . We define the adjacency matrix A; as a binary matrix where 4;;; = 1
means that there exists a relationship from bank i to bank j, and A; ;; = 0 means that there
is no trading from bank 7 to bank j at time ¢.

To capture the information of a network, we should capture both the node and edge
features. The adjacency matrix is a good candidate for this purpose as it could express the
relationship between every pair of nodes. Therefore, given a series of adjacency matrices
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from previous I time steps {A;_j,..., A;_1} as inputs, the goal of the problem is to predict
the adjacency matrix at time ¢, therefore we could formulate the problem as:

Af :f(Atfl/"'lAtfl) @

where f is the model we describe in this section and A, is the prediction result. Additionally,
| is the window size that we utilize the data.

3.2. GC-LSTM Framework

The purposed model has two important components, which are the Convolutional
graph network and the Long short-term memory model. These two components are
introduced to capture spatial-temporal information, where the Graph convolutional net-
work obtains valuable information and learns the internal representations of the network
snapshots and the Long short-term memory model identifies and models short and long-
term temporal relationships embedded in the sequence of data. Therefore, we call our
proposed model a GC-LSTM model. In the following subsections, we carefully describe
the two components and then propose the framework and workflow of the proposed
GC-LSTM model.

3.2.1. Graph Convolutional Network

The key idea of the Graph convolutional network (GCN) is introduced in Kipf and
Welling (2017). We adopt the Graph convolutional network to obtain a good network
representation that expresses the network topology from adjacency matrix A; based on
previous research. An essential function of a graph convolution layer is to extract localized
features in a graph structure. The richness of information depends on how much we
could utilize the neighborhood-based features from the graph. An illustration of K-hop
neighborhood is shown in Figure 1. We define a graph convolutional operator that could

utilize K-hop neighborhood information as GCN X The K-hop neighborhood is the set of
nodes at a distance less than or equal to K from a certain node. As a special variant, if we
only utilize the one-hop information, the product of the adjacency matrix A, the input X and
a trainable weight matrix W may be considered as a graph convolution operation to extract
features from a one-hop neighborhood. The function for GCN K (A¢, X) could be defined
as Eﬁzo 0xTi(L{_1)X, where 6y is the weight for graph convolution, Tj is the Chebyshev
polynomial, which is defined as Ty (x) = 2xT;_1(x) — Tx_»(x), T1(x) = x and Tp(x) = 1.
1

~ _1 _1
Li_1 = /\rfax Ly —Iyand Ly = Iy — D, * A;D, * is the normalized graph Laplacian. Ayax
denotes the largest eigenvalue of L;. I is the identity matrix and D; is the degree matrix.
Figure 1 shows the areas that we could utilize information, the larger the K value, the more

information of the network connection could be utilized.
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Figure 1. K-hop neighborhood. The blue node is the source node, the area that covers the yellow
nodes is the 1-hop neighborhood, the area that covers the yellow and green nodes are the 2-hop
neighbors, and the area that covers the yellow, green and red nodes is the 3-hop neighborhood.

3.2.2. Long Short-Term Memory

Long short-term memory (LSTM) networks are a kind of recurrent neural network
(RNN) that is a good candidate for data represented as a sequence, such as time-series and
text information (shown in Gers et al. 2000; Hochreiter and Schmidhuber 1997). Learning
from large and complex datasets where we can detect the underlying patterns reveals the
full potential of LSTM models. Though like most deep learning approaches LSTM-based
RNNSs have the disadvantage that they are difficult to interpret and to gain an intuition for
their behavior, contrary to the AutoRegressive Integrated Moving Average model (ARIMA),
LSTM does not rely on assumptions about the data, such as time-series stationarity. The core
concept of the LSTM model is the cell state s; that carries relevant information throughout
the processing of the sequence, and three different gates that add or remove information
from the cell state. At each time step t, the output hidden state /; is updated by the previous
hidden state /;_1 and the input through the gate mechanism inside the LSTM layer. There
are three gates, each has its purpose:

1.  Forget Gate: The forget gate decides what information should be kept or removed
from the cell state.

2. Input gate: The input gate decides what information should be added to the cell state.

3. Output gate: The output gate decides what the next hidden state should be.

With the help of the gate functions, we update the cell state and hidden state in each
time step. The workflow of LSTM is shown in Figure 2.

3.2.3. GC-LSTM Model

With the two main components (GCN and LSTM) stated above, in this subsection, we
describe the workflow of the GC-LSTM algorithm. Instead of simply stacking the GCN unit
and LSTM sequentially, the model embeds the GCN unit into the LSTM cell to better inte-
grate structural information. To make the description more clear, the main aforementioned
notations are summarized in Table 1 to formulate the dynamic link forecasting problem.
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Figure 2. Architecture of Long short-term memory model. The notations of the graph are shown
as follows. fi,i;,0; are the forget gate, input gate and output gate. C; is the cell state, C; is the
new candidate values, x; is the input at time t and /; is the hidden state. X is the pointwise
multiplication operation, + is the addition operation, ¢ is the sigmoid function and tanh is the
hyperbolic tangent function.

Table 1. Notations used in the GC-LSTM framework.

Notation Description

the adjacency matrix of the interbank network

At snapshot at time ¢
I the window size for prediction
N the number of banks (nodes) in the network
d the number of hidden layers in the GC-LSTM
model
Ty Chebyshev polynomial function
Ay the output probability matrix at time ¢
bf,be, b, be the bias terms in gate function
W; , WS, Wi, WY the weight terms in gate function
GCNK the graph convolutional operation
Aij penalty parameter in Equation (9)

We describe the hidden state updating process carefully with equations step by step
below. Firstly, the model decides what information should be kept or removed from the
previous cell state performed by the forget gate f; € [0,1]. In Equation (2), the graph
convolution unit for the forget gate GCN fK utilizing K-hop neighborhood information and

current input information A; € RN*N is passed through the sigmoid function, which scales
the value from zero to one. Zero means that the information is completely forgotten and
one means completely remembered.

fi = (AW + GCNF (A1, 1) + bF) )

where A; € RN*N is the adjacency matrix input at time t and h;_; € RN*4. sz € RNxd
and bf € RY are the weight and bias term for calculating the forget gate. The next step is to
decide what information should be added to the cell state ¢; € [—1, 1]. Two operations are
included in the adding process. The first one is described in Equation (3), the past hidden
state hi;_1 and current input information A; are passed through the sigmoid function,
which scales the value from zero to one. One means the information is important and zero
means the information is not important. This is the function for the input gate iy € [0,1].
Additionally, the second step is described in Equation (4), which is the candidate’s new
value for the cell state. Finally, we use the information of forget gate f; and input gate i; as
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well as the candidate value c; to update the cell state s; shown in Equation (5). The forget
gate information decides the amount of information to be removed from the previous cell
state s;_1 and the pointwise multiplication of i; and ¢; determines what information should
to added to the new cell state.

it = o(AWE 4+ GCNK (A1, by 1) + 1) (3)
c; = tanh(A;WE + GCNX(A,_1, hy_q) + b°) (4)
S = ft O) GCNSK(At_l,St_l) +i O ¢t 5)

where Wi, W¢ € RN*? and b/, b¢ € RY . The function ® represents the Hadamard product.
it, ¢t and s; are the input gate, new candidates for call state and cell state.

Finally, we calculate the output gate o; and the hidden state /;. Firstly, the graph
convolution on past hidden state i;_; and current input information A; are passed through
the sigmoid function. Then, we multiply the tanh output of the modified cell state with the
sigmoid output to decide what information the hidden state should carry.

o = 0 (AW? + GCNS (A1, 1) +1°) (6)
ht = o; © tanh(sy) (7)

3.2.4. Decoder Model

In order to output the prediction matrix, we adopt a fully connected layer to transform
the output hidden state ki to obtain the one-step ahead prediction A;.

Ay = c(Wyhi—1 +b) 8)

where W, € RN and b € RN are the weight and bias term for the fully connected layer.
Ar € [0,1]N*N is the output prediction probability matrix. A higher probability value
means that it is more likely to have a relationship at time ¢.

3.3. Loss Function and Model Training

With the GC-LSTM framework stated above, we need to design a specific loss function
and optimizer to train the model. To improve the accuracy of the dynamic link prediction,
we would like to design the output probability matrix as close as to the adjacency matrix
at time t. A L, norm distance could be used in the regression prediction problem by
measuring the distance between the prediction probability value and the truth. However,
simply using the L, distance could not address two problems in the interbank network
data. Firstly, as the contagion of systemic risk spreads through existing links, existing links
are more important in interbank topology. Secondly, the network snapshots are sparse
with a density of less than 10% for daily or weekly activity, which means that there are
much more zero elements than nonzero elements. To address the two related problems,
the loss function should focus more on the existing links than on nonexisting links in back
propagation. Under this assumption, we design a loss function as follows:

N N
Loss = ZZ(ai,j,t —aij) % A )
i

where 4; ;; is the element in adjacency matrix A and a;;; is the element in the output
probability matrix A;. For each training process, we give a lower A; ; value for the existing
links and a higher A; ; value for those nonexisting links. We call A = {A;;}NV*N i,j =
1--- N as the penalty matrix and exert more penalty on nonzero elements. To avoid
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overfitting, we also employ a regularization term L. that is calculated by the sum of
squares of the weights in GC-LSTM models. Therefore, the total loss function is defined as:

Losstotal = L0ss + BL0SSyeq (10)

where B is the trade-off parameter between the two loss functions. To minimize the total
loss Loss;yt,1, we adopt the Adam optimizer in this model.

4. Experiments and Results

In this section, the proposed GC-LSTM model is evaluated on a well-known electronic
interbank trading platform called e-MID. We also introduce two baseline models that could
be compared with link predictions. Since deep learning types of models are sensitive to
parameter tuning, we test the parameter sensitivity and choose the best parameters to train
the e-MID dataset. The performance of the link prediction results is evaluated by two
metrics AUC and PRAUC.

4.1. e-MID Dataset

The real dataset we adopt is the e-MID interbank market dataset which is the only
electronic market for interbank deposits in the Euro area. It was founded in Italy in 1990
and dominated in Euros in 1999. e-MID is the reference marketplace for money market
liquidity: according to the “Euro Money Market Study 2006” published by the European
Central Bank in February 2007, e-MID accounts for 17% of total turnover in the unsecured
money market in the Euro Area (Cassola et al. 2010). Since most of the trading happens in
Italy, we chose the top 100 Italian banks from 2005 to 2007 in the e-MID interbank market
as our data input. In addition, we want our network density to be reasonably high (greater
than 0.05), and we aggregate the daily transaction data into a weekly adjacency matrix. If
Ajj+ equals 1, it means that bank i lends to bank j at week f, otherwise there is no trading
between them at week t. With the weekly aggregated adjacency matrix as our input, we
apply the model to the representative e-MID interbank trading market and understand
whether the GC-LSTM model could successfully predict the future interbank trading links
compared with the baseline models.

Since most of the trading happens inside Italy, the descriptive statistics are calculated
with the top 100 banks trading in Italy. With a weekly aggregated period, we compute
various measures of interconnectedness by utilizing the e-MID trading data. Before we
introduce the results, we start with the definition of different interconnectedness metrics:

1.  Degree: The degree of the network is defined as the number of connections as a
proportion of all possible links inside the network (Boss et al. 2004). A low value of
the degree might indicate a low level of liquidity in the e-MID interbank market.

2. Clustering coefficient: The clustering coefficient is a measure of how closely nodes
in a network cluster together (Soraméki et al. 2007).

3. Centrality: In this part, we introduce three kinds of centrality, which are degree,
betweenness, and Eigen centrality. For the degree centrality, it is defined as the
number of links incident upon a node (Temizsoy et al. 2017). Since only the node’s
immediate ties are considered when calculating degree centrality, it is a local centrality
measure. For between centrality, which is introduced by Freeman (1978), it is defined
as the number of times a node functions as a bridge along the shortest path between
two other nodes, since it focuses on a node’s distance from all other nodes in the
network and is a measure of global centrality in this sense. The last centrality measure
we introduce is Eigen centrality (Negre et al. 2018). Eigen centrality calculates a node’s
centrality based on its neighbors’ centrality, which is a measure of the influence of a
node in a network. The score of the Eigen centrality of a bank is between 0 to 1, where
higher values indicate more essential banks for interconnection.

4.  Largest strongest connected component: A strongly connected component is the
portion of a directed graph where each vertex has a route to another vertex. The
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fraction of banks connected to other banks via directed edges on the network scaled by
the total number of banks in the network is defined as the largest strongest connected
component of the graph. If the value of the largest strongest connected component is
close to 1, it means that the network is highly connected, and if the value is close to
zero, the network is much more fragmented.

In Table 2, we show a summary of interconnected statistics for both precrisis and the
beginning of the crisis period. With the definition stated above and the null hypothesis
that the mean of the underlying statistics between precrisis and crisis is the same, we find
that all the statistics in the crisis period are statistically lower than the precrisis period.
This means that the crisis diminished the interconnectedness between banks in the e-MID
trading networks. Therefore ,when we implement the link prediction task, we test both the
precrisis period and crisis period and check the performance of both statistical models and
the deep learning model in these two periods.

Table 2. Summary statistics of weekly aggregated e-MID interbank network in top 100 Italian banks.
The average degree in each network is referred to as Degree. The clustering coefficient is denoted as
the Clustering coefficient. The three different centrality measures are degree centrality, betweenness
centrality and Eigen centrality. Additionally, the fraction of nodes in the largest strongly connected
component is the largest strongest connected component. The significance levels of 10% (*), 5% (**)
and 1% (***) are used to assess the mean difference between the crisis and the precrisis period with
the t-test.

Time Period Interconnectedness Statistics Mean Standard Deviation
Degree 0.0670 0.0090
Clustering coefficient 0.1157 0.0296
All data results Betweenness centrality 0.0045 0.0024
Eigen centrality 0.0506 0.0039
Degree centrality 0.1340 0.0180
Largest strongest connected component 0.1892 0.1241
Degree 0.0682 0.0081
Clustering coefficient 0.1207 0.0269
Precrisis Betweenness centrality 0.0048 0.0023
Eigen centrality 0.0508 0.039
Degree centrality 0.1365 0.0162
Largest strongest connected component 0.2006 0.1229
Degree 0.0621 *** 0.0058
Clustering coefficient 0.0888 *** 0.0248
Crisis Betweenness centrality 0.0025 *** 0.0015
Eigen centrality 0.0491 * 0.0036
Degree centrality 0.1242 *** 0.0115
Largest strongest connected component 0.1267 ** 0.1085

4.2. Baseline Methods

To validate the effectiveness of the proposed GC-LSTM model, we compare it with
two baseline models. Other than static network modeling that can be applied to describe
relevant characteristics of a network in a variety of ways, there are two streams of dynamic
network modeling approaches. Both of them are related to traditional statistical models.
The first stream is related to the wide range of latent space models and the second stream
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is related to the time-series model. For each stream, we choose a typical method as our
baseline model. A more detailed introduction of the interbank dynamic link prediction
models is described in the Literature Review section. In particular, the two baseline models
are introduced as follows:

*  Dynamic latent space model: Dynamic latent space model is a model based on the
distance idea in social networks (Hoff et al. 2002). The model assumes that the
link probability between any two nodes depends on the distance between the latent
position of the two nodes. A dynamic latent space model is proposed by Sewell and
Chen (2015) and is used on the interbank network model by Linardi et al. (2020).

¢  Discrete autoregressive model: To avoid systemic risk, the information of the coun-
terparty plays an important role to decide who to trade with. The past trading
relationship, which is also seen as link persistence, is documented in the paper
Papadopoulos and Kleineberg (2019). The relationship is defined as preferential
trading and allows banks to ensure liquidity risk in the presence of market frictions
such as information and transaction cost (Cocco et al. 2009; Giraitis et al. 2012). Based
on the preferential trading theory, the link formation strategy of the Discrete autore-
gressive model (Jacobs and Lewis 1978) is that the value of a link between bank i and
bank j at time ¢ is determined by past value at time ¢ — 1 and the ability to create new
links. Therefore, the model could be described as follow:

Aijr=0ijp% Aiji1+(1—0;1)X

where 6, ;; ~ B(a;;) and X;;; ~ B(x;,;). B(.) indicates Bernoulli distribution. The
link formation strategy of the Discrete autoregressive model is that the value of a link
between bank i and bank j at time ¢ is determined by past value at time ¢ — 1 and the
ability to create new links.

4.3. Evaluation Metrics

In this study, the performance of the proposed model and compared models are
evaluated by commonly used metrics in dynamic link prediction. The Area Under the
ROC Curve (AUC) is a commonly used metric to measure the performance of a dynamic
link prediction. If the AUC value of the predictor is close to 1, then it is considered more
informative. To handle the sparsity problem, the Area Under the Precision-Recall Curve
(PRAUC) developed from AUC is designed to deal with the sparsity of networks.

4.4. Parameter Sensitivity

To train the GC-LSTM model, for each epoch, we feed [ historical interbank network
snapshots (A;_j,..., A;_1) to predict A;. In the setting, the number of banks (nodes) is
N = 100, and the number of the hidden layer of the GC-LSTM model is d = 12. The weight
decay parameter of the Adam optimizer is 1 x 10~° and the learning rate is 0.01. Other
than parameter settings, the performance of the GC-LSTM model depends on the number
of K-hop neighborhoods we used in the GCN unit, the window size I and the penalty A; ;
we use in the loss function:

1.  The penalty A index: As exiting links are much more important than the nonexisting
links, we add a penalty to the nonexisting links with a different A;; from 1 to 4.
Additionally, we set the A; ; value for the existing links to be 1. If the penalty value
is the same for both the existing links and nonexisting links, then we treat the two
kinds of links with no difference. The results shown in Figure 3 indicate that a larger
penalty could lead to slightly larger AUC and PRAUC. This suggests we choose a
higher penalty score for nonexisting links in the following model parameter settings.

2. The window size I: In most cases, a larger historical interbank network snapshots
input might improve the performance in link prediction. In our case, we use a range
of window sizes from 5 to 20 with a regular interval of 5, and the results for both AUC
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and PRAUC follow a similar pattern. By choosing the window size to be 10, we could
achieve both the highest AUC and PRAUC. The results are shown in Figure 4.

The K-hop neighborhood: The K-hop neighborhood idea comes from social network

analysis. The larger the size of K, the more information a node utilizes from its
neighborhood. In our interbank network, a larger K does not help in link prediction. It
means that if a bank 7 trades with another bank j, even if bank j has a close relationship
to bank z, bank i will not preferentially trade with bank z. The results are shown in
Figure 5.
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4.5. Link Prediction

With the parameter tuning in the previous section, the model setting is as follows. To
train the GC-LSTM model, we feed ! historical interbank network snapshots (A;_, ..., A;_1)
to predict A; and use the estimated parameters we obtain from the training process to
feed into the network snapshots (A, ..., A;,;_1) to obtain the one-step prediction for A; ;.
With aggregated weekly data from 2005 to 2007, we have 156 weekly adjacency matrices.
Since 2005, we trained and tested the performance on a rolling window basis. In addition,
we set | = 10, and the number of the hidden layers of the GC-LSTM model is d = 12. The
weight decay parameter of the Adam optimizer is 1 x 10> and the learning rate is 0.01.
We utilize 1-hop neighborhood information, and the penalty value A is 4. With the model
setting stated above, we apply the GC-LSTM model to the top 100 Italian banks and the 36
core European country banks to check the robustness of the model prediction performance.
We use the evaluation metrics to check how statistical and deep learning models perform
for precrisis and crisis periods. According to Brunetti et al. (2019), the definition of the
crisis time starting point is in August 2007. We separate the dataset into two parts and the
results are shown in Tables 3 and 4 for the top 100 Italian banks and Tables 5 and 6 for core
country banks. For both the AUC and PRAUC values, we find that the GC-LSTM model
significantly achieves a higher value by using a t-test that measures the difference between
the arithmetic means of two samples. The results also indicate that the dynamic latent
space model tends to obtain more False positives, and the Discrete autoregressive model
tends to obtain more False negatives. The GC-LSTM model is much more balanced than
the two baseline models. It achieves a similar False negative but achieves a much lower
False positive compared with the Dynamic latent space model. Compared with the Discrete
autoregressive model, though it achieves a slightly larger number of False positives, it
achieves a smaller number of False negatives and achieves a better AUC and PRAUC.
Moreover, we find that, unlike the traditional models that perform worse in the crisis
period, the GC-LSTM model performs better in the crisis period, which means that the
deep learning model without underlying model assumptions better captures the structure
change and achieves better results.

Table 3. AUC score for three models in the top 100 Italian banks. The significance level of 1% (***) is
used to assess the mean difference between the benchmark models (DAR or Latent space model) and
the GC-LSTM model with the t-test.

Time Period Methods Mean AUC Standard Deviation
DAR 0.695 *** 0.036
All data results Latent Space Model 0.777 *** 0.023
GC-LSTM 0.895 0.016
DAR 0.703 *** 0.034
Precrisis Latent Space Model 0.784 *** 0.018
GC-LSTM 0.893 0.016
DAR 0.660 *** 0.018
Crisis Latent Space Model 0.746 *** 0.019

GC-LSTM 0.905 0.013
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Table 4. PRAUC score for three models in the top 100 Italian banks. The significance level of 1% (***)
is used to assess the mean difference between the benchmark models (DAR or Latent space model)
and the GC-LSTM model with the ¢-test.

Time Period Methods Mean PRAUC Standard Deviation
DAR 0.390 *** 0.054
All dataresults  TLatent Space Model 0.152 *** 0.021
GC-LSTM 0.431 0.038
DAR 0.401 *** 0.049
Precrisis Latent Space Model 0.158 *** 0.017
GC-LSTM 0.432 0.038
DAR 0.349 *** 0.032
Crisis Latent Space Model 0.125 *** 0.017
GC-LSTM 0.426 0.035

Table 5. AUC score for three models in the core country banks. The significance level of 1% (***) is
used to assess the mean difference between the benchmark models (DAR or Latent space model) and
the GC-LSTM model with the ¢-test.

Time Period Methods Mean AUC Standard Deviation
DAR 0.666 *** 0.051
All data results Latent Space Model 0.717 *** 0.095
GC-LSTM 0.782 0.054
DAR 0.670 *** 0.048
Precrisis Latent Space Model 0.709 *** 0.039
GC-LSTM 0.779 0.056
DAR 0.650 *** 0.057
Crisis Latent Space Model 0.753 *** 0.025
GC-LSTM 0.795 0.042

Table 6. PRAUC score for three models in the core country banks. The significance level of 1% (***) is
used to assess the mean difference between the crisis and the precrisis period with the ¢-test.

Time Period Methods Mean PRAUC Standard Deviation
DAR 0.175 *** 0.040
All dataresults  TLatent Space Model 0.094 *** 0.023
GC-LSTM 0.275 0.074
DAR 0.177 *** 0.042
Precrisis Latent Space Model 0.092 *** 0.024
GC-LSTM 0.432 0.075
DAR 0.170 *** 0.030
Crisis Latent Space Model 0.105 *** 0.013

GC-LSTM 0.426 0.065
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5. Conclusions

In this study, we propose a new deep learning dynamic network link prediction model
called GC-LSTM. The entire GC-LSTM model consists of LSTM and GCN, where LSTM is
used to learn the temporal characteristics from continuous snapshots, while GCN is used
to learn the structural characteristics of the snapshot at each moment. A fully connected
layer network is used as a decoder to convert the extracted spatio-temporal features back
to the original space that represents the final prediction probability matrix.

To solve the network sparsity problem, we introduce a special loss function with a dif-
ferent penalty for existing and nonexisting links. Finally, we conducted many experiments
to compare our GC-LSTM model with the traditional dynamic interbank network model
on the e-MID interbank network dataset. The results validate that our model outperforms
the others in terms of AUC and PRAUC. Meanwhile, we also compare the results for crisis
and precrisis periods for both top 100 Italy banks and core Europe countries” banks; we
find that the deep learning model is better than the traditional model in both crisis time
and precrisis periods. In addition, the GC-LSTM model is better at predicting future links
in the crisis period than the traditional statistical models, which indicates that the model
without statistical underlying assumptions is better at capturing structure change.
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