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Abstract

Aerodynamic ablation of external control surfaces and structural complexity in hypersonic
reentry vehicles (HRVs) pose significant challenges for maneuverability and system reli-
ability. To address these issues, this study develops a novel bank-to-turn (BTT) control
strategy integrating a single internal moving mass with differential ailerons, eliminating
reliance on ablation-prone elevators/rudders while enhancing internal space utilization. A
coupled 7-DOF dynamics model explicitly quantifies inertial-rolling interactions induced
by the moving mass, revealing critical stability boundaries for roll maneuvers. To ensure
robustness against aerodynamic uncertainties, aileron failures, and high-frequency mass-
induced disturbances, a dynamic inversion controller is augmented with an L1 adaptive
layer decoupling estimation from control for improved disturbance rejection. Monte Carlo
simulations demonstrate: (1) a 20.6% reduction in roll-tracking error (Ly-norm) under
combined uncertainties compared to dynamic inversion control, and (2) a 72% suppression
of oscillations under aerodynamic variations. Comparative analyses confirm superior
transient performance and robustness in worst-case scenarios. This work offers a practi-
cal solution for high-maneuverability hypersonic vehicles, with potential applications in
reentry vehicle design and multi-actuator system optimization.

Keywords: hypersonic reentry vehicle; aerodynamic ablation mitigation; moving mass-
aileron integration; L1 adaptive control; inertial-rolling dynamics

1. Introduction

Hypersonic reentry vehicles (HRVs) demand precise attitude control systems capable
of withstanding extreme aerodynamic heating, parametric uncertainties, and cross-channel
coupling effects. Traditional control actuators—aerodynamic surfaces and reaction con-
trol systems (RCS)—face inherent limitations: elevators and rudders suffer from thermal
ablation during reentry, whereas RCS implementations require substantial fuel reserves
that increase system mass and complexity. Recent advances in fault-tolerant spacecraft
attitude control, such as incremental optimization on SO(3) manifolds [1] and geometric
sliding-mode methods [2], demonstrate remarkable resilience to actuator failures. However,
these approaches encounter unique challenges in hypersonic regimes due to: millisecond-
scale dynamics exceeding real-time optimization capabilities, and high-frequency flow
disturbances (>10 Hz) disrupting smooth manifold convergence.
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Internal moving mass control, which generates control moments by manipulating
the vehicle’s center of mass, has emerged as a promising alternative. This approach offers
higher efficiency than aerodynamic surfaces and maintains compatibility with streamlined
hypersonic shapes [3—6]. Despite the theoretical promise of moving mass control, two crit-
ical challenges hinder its practical implementation in hypersonic systems: (1) achieving
multi-axis maneuverability without compromising structural simplicity, and (2) maintain-
ing stability under inertial coupling effects.

Existing studies on moving mass control primarily focus on configurations with
multiple actuators for longitudinal/lateral control [7,8] or single-mass systems for roll
stabilization [9,10]. While multi-actuator designs enable versatile maneuvers, their imple-
mentation in compact HRV airframes remains impractical due to spatial constraints and
increased mechanical complexity. Conversely, single-moving-mass systems, though struc-
turally simpler, exhibit limited control authority and are susceptible to inertial coupling
during aggressive maneuvers [11]. Frost and Costello [12] pioneered spin-stabilized projec-
tile control using rotating masses but limited their analysis to subsonic regimes. Recent
work by Li et al. [13] attempted to address this by integrating jet thrusters with moving
masses, but introduced new complexities in fuel management and actuator coordination.
Crucially, prior studies fail to resolve two interconnected challenges in composite moving
mass-aileron systems: (1) high-frequency disturbance transmission from mass motion to
roll dynamics, and (2) nonlinear inertia modulation during aggressive BTT maneuvers.

This paper addresses two fundamental challenges in HRV control: (1) Configuration
innovation: current composite control systems either prioritize structural simplicity at the
cost of maneuverability or achieve multi-axis control through overly complex actuator
arrangements [14]. (2) Control robustness: the strong inertial coupling induced by mov-
ing masses and the high-frequency disturbances from hypersonic flow dynamics render
conventional Model Reference Adaptive Control (MRAC) strategies inadequate [15], par-
ticularly in handling unmodeled cross-channel interactions. To address these gaps, we
introduce a novel bank-to-turn (BTT) architecture that integrates a single moving mass with
differential ailerons, as shown in Figure 1. This configuration achieves three synergistic
advantages: (1) Eliminates ablation-vulnerable pitch/yaw surfaces, (2) Utilizes dead space
along the central axis. (3) Enables independent thermal management.
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Figure 1. Configuration sketch of the combination BTT control mode with a single moving mass
and differential aileron: (a) Entire system S, (b) Vehicle body B, (c¢) Moving mass, (d) Mass rail,
(e) Differential ailerons. Centers of gravity: s (system CG), b (body CG), p (moving mass CG).

To handle the aforementioned complexities and uncertainties that are encountered
in flight, adaptive control technology, which has an admirable ability to adjust accord-
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ing to the parameters and uncertainty of the system, has been explored as a possible
option for controller design. Early implementations of MRAC demonstrated promise in
handling slow-varying uncertainties through online parameter estimation. However, as
highlighted by Mohseni et al. [16], MRAC systems exhibit inherent limitations in high-
frequency disturbance rejection due to their reliance on persistent excitation conditions—a
critical shortcoming for hypersonic vehicles subjected to rapid aerodynamic transitions and
actuator-induced vibrations. Unlike classical MRAC, L1 architecture decouples estimation
and control loops via low-pass filtering [17,18]. This enables the independent compen-
sation of slow parametric drift (e.g., ablation) and fast disturbances (e.g., mass-induced
vibrations), and preserves robustness margins via strict gain constraints [19]. Subsequent
studies have validated L1 adaptive control’s superiority in aerospace applications. For a
flexible hypersonic flight vehicle, Khankalantary et al. [20] demonstrated a 40% reduction
in tracking error compared to MRAC under thruster failures, attributing this improvement
to the L1 method’s ability to compensate for actuator saturation. In multi-rotor systems,
Wang et al. [21] achieved sub-degree attitude precision despite propeller damage by inte-
grating L1 adaptation with dynamic inversion—a synergy that inspired its adoption in the
X-48B aircraft’s flight trials [22]. Notably, Banerjee et al. [23] extended these principles to
hypersonic gliders, proving that L1-augmented controllers could maintain stability during
Mach 8 transitions with +25% aerodynamic coefficient variations. These advancements
collectively underscore L1 control’s versatility in handling broad-spectrum uncertainties,
yet a critical research void persists in its application to moving mass-actuated systems.
The key theoretical contributions of this paper are as follows: (1) Derivation of a
coupled 7-DOF dynamics model that explicitly quantifies inertial coupling effects between
the moving mass and rolling motion, providing new insights into cross-channel interaction
mechanisms. Established stability criteria for inertial coupling mitigation, proving that
roll rates induce catastrophic mode coupling—a critical design boundary for future HRVs.
(2) First application of L1 adaptive control to moving mass-aileron composite systems,
enabling robust tracking under simultaneous parametric uncertainties, aileron failures,
and high-frequency mass-induced disturbances. The remainder of this paper is organized
as follows: Section 2 formulates the coupled dynamics model, Section 3 analyzes inertial
coupling mechanisms and the effect of rolling motion on the dynamics of moving mas,
Section 4 details the L1 adaptive controller design, Section 5 validates performance through
comparative simulations, and Section 6 concludes with engineering implications.

2. Formulation of the Dynamical Equations

The internal structure of the maneuverable vehicle controlled by a single moving mass
and a differential aileron is shown in Figure 1. The system S, whose center of gravity is
denoted by s, is composed of the vehicle body B, whose center of gravity is denoted by b,
and the internal moving mass whose center of gravity is denoted by p. The rail of moving
mass is parallel to the axis y; of the body coordinate system b — x,ypzp.

The following notation is used in deriving the equations of motion:

(1) mp and m) are the mass of the vehicle body B and the moving mass p, respectively.
The mass of system S is mg = mp + mp. u = my/ms is the mass ratio of the moving
mass relative to the system.

(2) s and ry are the position vectors of the system center of gravity s and the actuator
mass p with respect to the inertial reference frame, respectively.

T
(3) r, =11 6 0| isthe position vector of the actuator mass in the body frame. [ is
P p y
the axial coordinate of the moving mass p in the body frame, and the variable J is
the displacement of the moving mass along the rail. J and ¢ are the velocity and
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acceleration of the actuator mass along the rail. The position vector of the total system
in the body frame is s = pry).
(4) Vg is the inertial velocity vector of the center of mass of the vehicle body B.

w=[wy wy wZ}T is the inertial angular velocity vector of the body B, where wy,
wy, and w; are the roll, yaw, and pitch rates, respectively, expressed in the body-fixed
coordinate system.

(5) I,y is the 3 x 3 inertia tensor of the body B about its center of gravity. Where
Iy, Iy, I, are the principal moments of inertia about the body-fixed x-, y-, z-axes,
respectively. The inertia tensor is defined in the body-fixed principal axes (I;; = 0
for i # j), eliminating cross-product terms. This alignment is maintained throughout
bank maneuvers.

6) % and “2() are taking the first and second derivatives of the vector with respect

dt?
to the body-fixed reference frame, respectively. %40) ang I‘Zg‘) are taking the first and

dt
second derivatives of the vector with respect to the inertial reference frame, respectively.

. . T
If a vector is expressed in the frame as * = [ry r, 7], then the cross-product
operator acting on r expressed in the frame is:

0 =1z Ty
= r 0 —ry 1)
—ry Ty 0

The 7-DOF model encompasses:

e  Three translational degrees of freedom for the system’s center of mass (X, y, z in the
inertial frame)

e  Three rotational degrees of freedom for vehicle attitude (roll y, pitch 6, yaw )

e  One degree of freedom for moving mass displacement ¢ along the body-axis rail
(Figure 1).
This complete formulation captures both rigid-body dynamics and internal actua-

tion coupling.

2.1. Forces and Moments Model

The hypersonic vehicle can be regarded as a system of particles with constant mass
that is only impacted by the force of gravity and aerodynamics. The detailed specifications
of the forces and moments exerted on the vehicle are expressed as follows.

(1) E, is the vector of aerodynamic force acting on the body’s center of pressure. Mp is
the vector of aerodynamic moments relative to the vehicle body’s center of mass. The aero-
dynamic forces and moments are expressed in the body frame as the following expressions:

-X —Cy
F,F=1]Y | = C;OC qSp (2)
z clp
Mg, miﬂéa + m(;:wa
Mp = Mg, | = mgﬁ + m;;yLwy qSgL ©)
Mg, mga + m;;ZLwZ

where « and B are the angle of attack (AOA) and sideslip angle, respectively. Consistent
with hypersonic reentry vehicle literature [9,13], we employ missile-axis aerodynamic
coefficients: Cy is the drag coefficient, and Cj and CZ/5 are the partial derivatives of the
normal forces coefficients with respect to the angle of attack and sideslip angle, respectively.
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TaHg
dt

B

mz and my are the partial derivatives of the pitching moment and the yawing moment
coefficients with respect to the angle of attack and sideslip angle, respectively. my™, m;}y and
myz* are the aerodynamic damping coefficients, respectively. g = p|Vp |2 /2 is the dynamic
pressure, p is the atmospheric density, Sp is the cross-sectional area, L is the reference
length. &, is the deflection angle of the aileron, and mi” is the control coefficient of the
differential aileron.

The aerodynamic reference area Sg (0.5 m?) corresponds to the vehicle’s planform
area. The nominal flight condition (Mach 10 at 15 km altitude) yields a dynamic pressure
of: ¢ = p|Vs|*/2 = 814,000 Pa. This high dynamic pressure (approximately 17,000 lbf/ft?)
corresponds to an equivalent airspeed (EAS) of approximately 1041 m/s (2024 knots) and a
calibrated airspeed (CAS) of approximately 1037 m/s (2018 knots). Such extreme dynamic
pressure conditions are characteristic of the lower hypersonic flight corridor and result
in significant aerodynamic loads. The control surfaces must overcome these high loads,
which pose a challenge for the control authority, especially when combined with the high
inertial coupling effects.

(2) Gs is the gravity vector of the system. My, = [Mg, 0 O]T is the disturbance roll
moment caused by the asymmetric ablation of the vehicle.

(3) N is the force exerted by the vehicle body on the actuator mass, whose body-axis

T
components are N = [Nx F, NZ} . Where N, and N, are the forces in the direction of
the body-axis x;, and z; exerted by the vehicle body on the actuator mass, and F, is the
driving force generated by the servo motor on the actuator mass.

2.2. System Dynamical Equation

According to the momentum theorem, the system’s translational dynamics are given
by Equation (4)

I424

1d2 BdV
TS_ZFS:>mS<B+wXVB+]/l bp)—l—"a—f—msg 4)

dar?

s dt r?

The motions of the actuator mass are described by Equation (5):

g2y Bav, g2y
Po_ B bp | _
According to the angular momentum theorem, the system’s rotational dynamics are
given by Equation (6):
Biw Idzrbp
=) Ms= Ig/p——+ (1—p)ryp x Mp—gz twX (I/p+ - w) = Mp + My, — pry, X Fo (6)

where Hg represents the total angular momentum of the system with respect to the mass
center of the system, and ) Mg is the total external moments acting on the flight vehicle.
Expanding Equations (4)—(6) with respect to the body frame, the vehicle’s translational
and rotational dynamics equations, and the moving mass’s translational dynamic equation
deduced in the body coordinate system are given by Equations (7)—(9):

mSVB = Gg+F, —mgw x Vg — mp('fbp + 2w X i’bp + w X Tppw X (w X pr)) (7)

Ig/pw = Mp — 13 X Fo + My, — w x (Ippw) — (rbp — 1ps) X mp (.ﬁ,p + 2w X i’bp + w X Tpp +w X (w x pr)) (8)

5=0bl m—S—VB—waB—warbp—wxrbp —wx(wxrbp)}—i—m—lfu )
P

S
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where blT = {0 1 O} is a basis unit vector, VB, w, i’bp, ?bp are taking the first or second
derivative of the vectors with respect to time in the body-fixed reference frame, respectively.

3. Dynamic Characteristics Analysis of Composite Control
Hypersonic Vehicle

3.1. Inertial Coupling Mechanism

Instability induced by multiple coupling phenomena constitutes a principal challenge
in bank-to-turn (BTT) control systems. Among these, inertial coupling arising from rolling
maneuvers represents a critical destabilizing mechanism. Inertial coupling refers to adverse
moments generated by the vehicle’s rotation about non-principal inertia axes. Excessive
roll angular velocity wy and the pitch and yaw channels will be greatly affected by the
inertial moments in the case that roll angular velocity w, amplifies inertial moments, which
detrimentally affect pitch and yaw channels. Notably, such inertial effects may dominate
static stabilizing moments, therefore compromising attitude stabilization. The classical roll
coupling parameter (I, — I,) /I, = —0.5 indicates strong pitch-yaw cross-coupling during
rolling, consistent with Philips (1948) [24].

To analytically investigate this phenomenon, we consider a simplified scenario where
the vehicle undergoes constant roll angular velocity wy about its lateral axis while main-
taining constant flight velocity. Applying small-perturbation linearization and neglecting
higher-order rolling dynamics, the linearized equations governing fast roll perturbation
motion are derived as:

Ax ~ Aw, — wiAB
AB ~ Awy + wida

: _ — — 10
Aw; = —ADwywy + MyAa + Mgw; + MsAS (10)
Awy = BAw,w} 4+ NgAB + Nywy
where the coefficients are defined by:
I e 1€ e [ S M
A= B=
B
== qSBng N qSBLm
Mo = o No= —1,
I a
Md = (Iztmp(lfl’l)éz)
N, — 2m N — —1CxqSp
Nd - qSBL ﬁr M5 - Iz+mp(1—]l)§2
The characteristic equation corresponding to Equation (10) is expressed as:
4 3 2 —
A+ a A"+ +azA4+a, =0 (12)

Coefficients in Equation (12) depend on the vehicle’s inertia tensor, aerodynamic
parameters, moving mass position, and rolling motion characteristics. By neglecting
damping terms (M, and Ny), Equation (12) are simplified as:

Mt aA?+a,=0 (13)

Stability criteria for fast roll dynamics, derived from Equation (13), necessitate a, > 0
and a4 > 0. Vehicles exhibiting directional and longitudinal static stability inherently satisfy
ap > 0 can be guaranteed. Consequently, the critical condition for steady rolling reduces to:

g = (Aw;;Z +m) (Bwjgz +Nﬁ) >0 (14)
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Defining stability bounds w; and w; as follows:

VA v _ | 7 L+mp(1—p)s?
w; =V -My/A= \/ Mlx;ly_lx_mp(l_,u)o—z’ (15)
~ ~ I
@ = \[Np/B = [Ny
Equation (14) resolves into two equivalent constraints:

|wi| > wy and |wi| > w) (16)
or |wy| < wyand |wy| < wp (17)

For vehicles with dual-axis static stability, adherence to Equation (16) ensures rotation
about principal inertia axes. Angle of attack and sideslip angle will transform into each
other periodically, and the rapid transformation will precipitate performance degradation
or instability. While Equation (17) guarantees alignment with the velocity vector, thereby
mitigating motion coupling. The permissible roll rate is thus bounded by the lesser of w;
and w», establishing a conservative operational threshold.

3.2. Actuator Mass-Roll Dynamics Interaction

The translational dynamics equation of moving mass, governed by Equation (9),
exhibits coupling with the differential terms Vp and @. To systematically analyze the
actuator mass dynamics, a decoupled formulation is derived as follows.

Initially, substituting V from Equation (7) into Equation (9) yields:

1.1
p(1—p) " mg(1—p)

The influence of roll angular velocity on the actuator mass dynamics in two primary

Y —law, (18)

5= (w,zc —i—wf)&—wxwyl—k =

mechanisms: (1) Explicit Appearance: The roll angular velocity directly appears in the actua-
tor mass’s dynamic equation; (2) Implicit coupling: Cross-channel interactions between roll
and pitch attitudes, which modulate pitch angular acceleration. Conventional skid-to-turn
(STT) control architectures often neglect the w,-dependent term in Equation (18).

As illustrated by open-loop simulations under constant servo force F,, Figure 2a
demonstrates the nominal displacement response, while Figure 2b quantifies the displace-
ment error under varying initial roll rates w, when the initial angle of attack xy = 0°
and sideslip angle By = 0°. From the figure, when w, = Orad/s, the effect of w, on the
actuator mass’s motion is minimal. Compared to the actuator mass displacement of tens
of centimeters, the tracking error is two to three orders of magnitude smaller. However,
as the roll angular velocity increases, the impact of wy, becomes increasingly significant.
For example, at w, = 67trad/s the error escalates to 0.04 m, highlighting the criticality of
roll coupling in bank-to-turn (BTT) control design. Consequently, the w,-dependent term
cannot be omitted in BTT systems, necessitating further decoupling analysis.

The Equation (18) only contains the differential term w,. Then the expression of w, will
be given as follows. According to the attitude dynamic Equation (8), there is a differential
term which contains w in the right of the equation. Define a new inertia tensor matrix I
as follows:

T
L= Ty +my(ryy =) (1)) = Tnju+ A (19)
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Figure 2. Influence of different initial roll angular velocities on displacement of the moving
mass under constant servo force (F, = 500 N). Total system mass mg = 1000 kg, moving mass
mp =100 kg (¢ = 0.1). (a) Displacement of moving mass, (b) Displacement tracking error vs. roll
angular velocity.

Then the attitude dynamic Equation (8) can be transformed into:

My
w=1"M= (Ig;, + AI) " | My (20)
M,

where AI represents the additional moment of inertia generated by the motion of the
moving mass. The expressions of AI and the component of moment M are described by
Equations (21) and (22).

& =6l 0 Al ALy 0
Al =my(1—p) |-l 2 0 |=|ALy, AL 0 (21)
0 0 &42 0 0 AL

My = Mpy + My, + Mgy — (I — L) wyw: — 2mp (1 — p)dwy — péZ — mpd(1 — p)w: (lwx + ewy)
My, = Mgy — (I — L)wyw; + pplZ + mp(1 — p) [lzwxwz + lbwyw; + 2[&04
M; = Mp; — (I, — Iy ) wxwy — plY — pdX —my(1 — p) (51 + l2wxwy)

+y(1 = p)é(—20w; + bwywy — lwj + lw3)

(22)

So the expression of w; can be given by substituting Equation (18) into M. in
Equation (22):

wz - (IZ + Alz)ile
= (I +mp(1— y)&z)fl [Mp — (Iy — Ix) wywy — udX (23)
—mp(1 — p)dl (a)ﬁ + w%) +mp(1— y)(S(—Z(SwZ + (Swywx) - lFu]

By substituting Equation (23) into Equation (18), the decoupling dynamic equation of
the actuator mass is given:
k
iyt (Ly = L) wrey

5= (w% + w%)é — wywyl — %MBZ - %MRZ +
+mip(k2X —k3Y) + k4% + ks (w§ + w%)é — kewywxd + k7.6

(24)
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where the expression of parameters k;, (i =1,2,...7) are provided as follows.
o mpl? . pmplé o
k= L+my, (1—p)o%’ ky = L+, (1—p)o%’ ks =1 (25)
4

1—p)myl
k4:k1+ﬁ, ks = (1 —p)ky, ke = om0

Equation (24) rigorously describes the actuator mass dynamics as a function of angular
velocity (wy, wy, w2 ) and nd moving mass states , J, §,, providing a foundation for robust
controller synthesis.

3.3. Roll Control Challenges Compared with STT and Spin Control Mode
The roll control objectives vary significantly across different actuation architectures:

(1) Spin-Stabilized Systems: For vehicles employing a single actuator mass, roll control
aims to regulate angular velocity w, within a frequency range synchronized with the
mass’s motion period—typically 1x or 2x the actuator frequency. This synchroniza-
tion ensures that the moving mass-induced center of gravity (CoG) shift generates
predictable lateral moments for attitude adjustment.

(2) STT Systems: Dual-actuator configurations prioritize roll angle -y stabilization, main-
taining v =~ 0 through counteracting mass displacements.

(3) BTT Systems: Uniquely, BTT architectures demand dual functionality—stabilizing the
roll channel while tracking dynamic roll commands. This imposes stringent require-
ments on tracking precision, transient response, and robustness to inertial coupling.

According to Equation (8), the displacement and velocity of the actuator mass have a
great influence on the roll channel. Figure 3 shows the influence of the static or moving
actuator mass on the roll channel. The full line represents the roll angle responding to the
static actuator mass. The dash line represents the roll angle responding to high-frequency
sinusoidal movement whose cycle is 0.1 s for the actuator mass. As indicated in Figure 4,
in order to make the reentry vehicle maneuver fast, the high-frequency movement of the
actuator mass will have a greater high-frequency disturbance on the roll channel. The
MRAC method has some limit conditions on the frequency of parameters and disturbance.
The convergence rate, transient error, and tracking error will be affected greatly when the
system is affected by the external disturbance signals with a high frequency.

/}&A P ok 4Zb }LA

- > < - | >
Zp Yy % Vb z,
Zy *yb
V4 V4 3 2
r=1, t=ty+—— [=ty+— t=ty+—— t=ty+=—
20, w, 20, w,
a=0 v=0 a=0 v=0 220

Figure 3. The movement cycle of the moving mass is equal to the rotation cycle of the spin vehicle.

To address these challenges, the next section introduces an L1 adaptive roll controller,
specifically designed to attenuate mass-induced disturbances while preserving BTT track-
ing performance.
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Figure 4. Influence on the roll channel from the high-frequency movement of the actuator mass
(10 Hz oscillation 6 = £0.1 m).

4. Controller Design

This section presents the design of a BTT control law for a hypersonic vehicle employ-
ing composite actuation via a moving mass and differential ailerons. Under the standard
BTT assumption of yaw-channel stability, pitch and roll dynamics are governed by the
following simplified equations:

. . 2,,Wx . .
(L + ALy )wy + Alywy = (mex —2mp(1— y)&&) Wy + qSpLmle s, + Mgy + lyzwyw;

; 6)
—uqSpCz 6B —my(1 — p)ldwyw;

. wz 712 . ~
(I + AL)w, = (M —2m,(1 — ]/1)5(5) w; + Lywxwy +qSp (mgL - le;‘)oc — 1gSECyd

—mp(1— y)lé +mp(1— 1)ol(w? — wﬁ)

(27)

where Aly, Aly,, Al denote the additional moments of inertia generated by the motion
of the actuator mass, with Aly, mediating cross-channel coupling between lateral and
directional axes. The mathematical expressions governing these inertial perturbations are
subsequently derived as follows.

Ly = L — Iy + my(1 — p) (6% — 1)
Iz = I, — L — mp(1 — p)d?

ALy = mp(1— p)o?

ALy = —my(1 — p)ol

AL = my(1— ) (% + 12)

The nonlinear dynamic system can be formulated in an affine state-space representa-

tion as:
x1 = fi(x1) + &1 (x1)x2
Xy = fo(x1,%2) + g (x1,%2)u (28)
y=x1

T T
where x; = ['y w} , X = {wx wz} represents the state vector. The variable -y repre-

T
sents the actual roll angle. u = {(Sa 5} denotes the control input vector. y corresponds to
the system output vector.
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To comprehensively address modeling imperfections, the proposed control architec-
ture explicitly incorporates parametric uncertainties, input uncertainties, and functional
uncertainties encompassing external disturbances and unmodeled dynamics. Consequently,
the governing Equation (28) can be reformulated in compact notation as:

.’561 = gl(A1X2 + Ul) -|-f1 (29)

5C2 =% (Azu + Uz) —|—f2 (30)

The parameter uncertainty, input uncertainty, and function uncertainty (such as the
external disturbances and modeling errors) are described by the control effectiveness A1,
A; and the nonlinear terms vy, v2. We synthesize an adaptive controller that guarantees
bounded-error tracking of AOA and roll angle references under time-varying disturbances,
achieved through synergistic integration of dynamic inversion and L1 adaptive control
methodologies. Figure 5 illustrates the hierarchical architecture of the proposed control
system, with subsequent subsections providing detailed component analyses.

Dynamic Inversion Baseline Controller |

Outer Loop Xop — e, Inner Loop
Controller Controller
xZ

Hypersonic Reentry

—_——— e —

Actuator Mass Vehicle

————————————————————————— Position

Update 6,6, G, |Outer Loop | X,, | Inner Loop
Law | PWC

Controller

PWC R

|

|

|

|

& |

State . 2 Cy(s) :
|

Predictor

L1 Adaptive Augmentation

ST

Figure 5. Architectural diagram of the adaptive attitude control system.

4.1. Baseline Dynamic Inversion Controller

Following the timescale separation principle [25], the system dynamics are decom-
posed into two distinct operational regimes: fast-timescale inner-loop rotational dynamics
and slow-timescale outer-loop attitude dynamics. For outer-loop controller synthesis, the
pseudo-control command x; ; is designed such that asymptotic convergence of body angu-
lar rates x; to reference trajectories x; ;; ensures tracking of guidance-generated command
signals y,.. Correspondingly, the inner-loop baseline control law u;,; guarantees x, tracks
the pseudo-control x; j;.



Aerospace 2025, 12,773

12 of 22

Defining the outer-loop and inner-loop tracking errors as e;=y — y.= x; — y,. and
ey = xp — X 1, respectively, the baseline dynamic inversion control laws are formulated as:

x5 =& (—fi — kpie1 + 9, (31)

wy =g ' (—fo — kpoes +x27) (32)

where kp; and kp;, represent positive-definite diagonal gain matrices. The outer-loop
compensator (31) and the inner-loop regulator (32) include a proportional error feedback of
the attitude angle and the body angular rate, respectively. A classical second-order integral
filter [26] is used in this paper in order to eliminate the analytic computation of y. and x;, 3,
which will be used as a reference in the dynamic inversion procedure.

4.2. L1 Adaptive Augmentation

To address coupled dynamic uncertainties inherent in hypersonic systems, the base-
line control law is augmented with an L; adaptive control law. L; adaptive state feed-
back controller derives real-time estimates of composite disturbances through bandwidth-
limited compensation via low-pass filters, as illustrated in the enhanced system architecture
(Figure 5). An L adaptive augmentation was implemented with three core innovations:

(1) Dual-Decoupled State Predictors:

The attitude dynamics from Equations (29) and (30) are reformulated to facilitate
adaptive element synthesis:
M =gx+fi+o (33)

X =gu+f,+o (34)

where o and o, represent lumped uncertainty vectors encompassing outer-loop and inner-
loop perturbations, respectively. The uncertainties oy and o3, which can be estimated
by L; adaptive controller, summarize the control effectiveness A, A and the nonlinear
uncertainties vq, v; as follows.

] = 81[(1\1 — I)XQ + Ul]

02 = &(Az — Du + 03] )

A dual-state predictor structure for outer-loop (attitude) and inner-loop (angular rate)
dynamics is implemented for uncertainty estimation:

X =gxo+fi + 01— K pi&y (36)
5.62 =gu +f2 + 05 — k/pzzz (37)

where % and %, denote predicted state derivatives, with prediction errors defined as
€] = X1 —x1 and e; = & — x». Error dynamics are governed by:

e = —k'pje; +61 — o (38)
e = —k/pzzz-i-é'z—ﬂ'z (39)

where k'p; and k' p, represent positive-definite stabilization gain matrices.
P1 1Y P &

(2) Piecewise-Constant Update Law:
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Following a similar argument as in Section 3.3 of [27], the PWC (Piecewise Constant)
update law for the uncertainty estimate ¢ and ¢, are given by

r1(t) = ~@; g (iTy), € [iT, (i+1)Ty

@) = (—k'p) " (efk,PITs —I) (40)
i (iTs) = e FrTg,

0a(t) = — @, ' wa(iTs), te€[iTs, (i+1)Ts]

@) = (~K'p) " (KT 1) (41)

12 (iTs) = e KrTsg,

where i = 0,1,2,... and T; denotes the adaptation update rate constrained by hard-
ware sampling limitations [27]. The uncertainties can be estimated by the analytical
Equations (40) and (41). The design parameters only include the feedback gains and the
adaptation update rate. In this paper, the update rate is chosen as T; = 10ms. The gains are
chosen by designing the prediction error dynamics according to the error dynamics of the
baseline controller.

Based on the uncertainty estimates described above, the control law of the adaptive
augmentation is derived. For the outer dynamics, an adaptive body angular rate control
law x; 44 is derived to augment the baseline control x; j;, in order to compensate for the
outer uncertainties A and vy. For the inner dynamics, an adaptive pseudo-control law #,,
is designed to ensure that x, tracks the body angular rate command x,, despite the inner
uncertainties Ay and vy. So the body angular rate command x;, is given as follows.

Xoc = X b1 + X204 (42)

Substituting the control law Equations (31) and (42) into the outer-loop dynamics
Equation (33), the closed-loop outer error dynamics is given by:

e; = —kpiey —kpen +81x200 + 01 (43)

(3) Bandwidth-Limited Adaptation:

According to the Reference [27] and Equation (43), the body angular rate adaptive
control is given by

%2 = —Ci(s)gy ' 01 (44)
where Cj (s) is a diagonal low-pass transfer function matrix. Then, for the inner dynamics,
the augmented pseudo-control u. are defined as

Ue = Up] + Ugg (45)

Substituting the control law Equations (32) and (45) into the inner-loop dynamics
Equation (34)

Xy = —kpaey +Xp 1 + &ythad + 02 (46)

In order to ensure that x, tracks the augmented body angular rate command x»,, the

L1 control law u,; is formulated as

g = —Ca(5)85 102 + &5 ' (kp2Xo,0a + X2,04) 47)

where C;(s) is a diagonal low-pass transfer function matrix. Low-pass filters confine adap-
tive action to critical frequencies, and this prevents high-frequency noise amplification
while compensating for mass-induced disturbances. The first term in Equation (47) com-
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pensates for the inner uncertainties o5, while the latter two terms account for the adaptive
contribution for the outer loop. The designs of the filters C; (s) and C,(s) used in the control
laws Equations (44) and (47) are driven by bandwidth investigations of the considered
vehicle dynamics.

4.3. Actuator Mass Position Controller

Conventional approaches often neglect inertial coupling effects in actuator dynamics
through angular acceleration term omission. This study develops a feedback linearization
and sliding-mode control strategy for precision tracking of mass displacement commands
Jc generated by the attitude controller. In this paper, the actuator mass position con-
troller is designed based on sliding-mode control theory. The translational dynamics from
Equation (24) are expressed in state—space form:

5= fs (x1,x2,5, 5) + gsFu (48)
where

s (xl,xz,é, 5) = (w4 w?)d — wyw,l — mk—:ﬂMBZ - %MRZ + m%l (I, — L) wxwy
+ib (kX — ksY) + ks (w§ + wg) 8 — kewywyd + kyw,6 (49)
8 = ,%
with control input F, corresponding to the servo actuator force. An appropriate sliding
surface is designed in consideration of the desired actuator dynamics:

t
ss=es + kies + kz/ esdt (50)
0

where e¢; = § — J. denotes displacement tracking error. k; and k, are the positive gains.
By designing the appropriate k; and k», the tracking error can obtain the desired dynamic
characteristics.

Time differentiation of Equation (50) and substitution into Equation (48) yields:

S5= f5 + gsFu — éc + k1és + koes (51)

To mitigate chattering phenomena, an exponential reaching law [28] with boundary
layer approximation is implemented:

F, = ggl ( fg — SC + k1é5 + koes + css + € - Sat(S(g)) (52)

where ¢ and ¢ are positive gains. sat(-) is a continuous function that can prevent the control
chattering phenomenon.

-1 S5< — A
|ss] < A (53)
55>A

sat(s;) =9 %
1
with A defining the boundary layer thickness. Stability is guaranteed via the LaSalle-

Yoshizawa theorem [29], ensuring the error state e; tends to zero as ¢ tends to co given
proper gain selection kq and k.
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5. Simulation Results and Discussion
5.1. Simulation Scenarios and Uncertainties Configurations

The proposed control system was evaluated through Monte Carlo simulations en-
compassing 11 distinct scenarios (Table 1), designed to systematically assess performance
under nominal and perturbed conditions. Key parameters of the hypersonic glider are
summarized in Tables 2 and 3, with aerodynamic uncertainties modeled as uniformly
distributed perturbations (£30% coefficients, £20% inertia terms). Aerodynamic uncertain-
ties include correlated variations in lift/drag coefficients per hypersonic similarity laws,

2
we enforced: ACx = 0.15 x ACy + 0.05 x (AC;‘) and Am; = —0.3 x ACy. Parameter

variations were sampled from Gaussian distributions N(O, 0'2) with ¢ = 30% nominal,
while preserving these physical constraints. The high dynamic pressure (814,000 Pa, Mach
10 at 15 kM) amplifies aerodynamic disturbances while reducing actuator effectiveness
margins. Combined with strong inertia coupling, this creates a worst-case control scenario:
lateral stability derivatives increase much than in subsonic regimes and control surfaces
operate near saturation limits. These conditions validate the controller under extreme
reentry stresses. Actuator constraints included saturation limits of £0.4 m for moving mass
displacement and £5000 N for driving force. The BTT command consists of step inputs
applied to the roll channel. We selected the controller gains through trial-and-error tuning
as kp1 = diag(3, 3), kn = (0.25, 0.5), kp2 = diag(z, 3.5), k1 = 6.4, kz = 16, c = 25,
€ =0.01, and A = 0.01. Adaptation update rate is selected T = 0.01s.

Table 1. Simulation scenarios.

Scenario Description Abbreviation
Nominal conditions: dynamic inversion controller with no uncertainties S1
Nominal conditions: L1 augmented controller with no uncertainties S2
Dynamic inversion controller with reduced aileron functionality S3
L1 augmented controller with reduced aileron functionality 5S4
Dynamic inversion controller with aerodynamic uncertainties S5
L1 augmented controller with aerodynamic uncertainties S6
Dynamic inversion controller with high-frequency disturbances caused by the s7
moving mass lateral movement
L1 augmented controller with high-frequency disturbances caused by the S8
moving mass lateral movement
LQR controller with a combination of error(aileron, aerodynamic, moving 59
mass lateral movement, gravimetric)
Dynamic inversion controller with a combination of error(aileron, 510
aerodynamic, moving mass lateral movement, gravimetric)
L1 augmented controller with a combination of error(aileron, aerodynamic, s11
moving mass lateral movement, gravimetric)

Table 2. Parameters of Hypersonic Glider.
Symbol Definition Value
I, Yaw inertia (principal) 1200 kg - m?
I Pitch inertia (principal) 1000 kg - m?
Ik Roll inertia (principal) 400 kg - m?
Ly, Ixz, Iyz Products of inertia Okg- m?2
mg Total mass of system 1000 kg
U The moving mass ratio 0.1
Sp Cross-sectional area 0.5 m?
L Reference length 4m
H Flight height 15 km

v Flight velocity Ma =10
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Table 3. Controls-Neutral Aerodynamic Terms.

Notation  Aircraft Equivalent Value Units Physical Meaning

Cy Cp 0.18 Drag

Cy oCr/ou 3.2 rad~! Lift curve slope

ck oCy /9B —0.85 rad ™! Sideforce slope

mg 9Cy, / u -18 rad ! Pitch stability

”15 doCy, /0B 0.16 rad ! Directional stability

md dC;/dd, 0.038 rad~! Primary roll control effectiveness
dCr /9dé, 0.0011 rad~! Lift change per aileron
dCp /90, 0.0003 rad~! Drag change per aileron
0Cy, /96, 0.0004 rad~! Pitching moment coupling
dCy /94, —0.0015  rad~! Sideforce coupling
9C,, /935, 0.0009 rad—1! Adverse yaw effect

In addition, to demonstrate that the designed roll controller is robust to the high-
frequency disturbances caused by the moving mass lateral movement, the movement of
the moving mass is selected as Equation (54):

§=0.1sin(57t) (m), £>0 (54)

5.2. Controller Performance Evaluation
(1) Nominal Conditions (Scenarios S1-52)

Under nominal operating conditions (no uncertainties), both the dynamic inversion
controller (S1) and Ll-augmented (S2) controllers achieved effective roll-tracking. As

illustrated in Figure 6, the settling time for a 10° roll step command was maintained below
1 s for both configurations, confirming baseline stability.

Roll Angle Tracking

12 y y Y Y
O1o| MR 0 e Y PR Comrr.1anded
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8 : \ L1 Augmented |-

y(deg)

A O
T

|

2 i

0 0.5 1 1.5 2 2.5 3 3.5 4
Time(s)
Aileron Deflection
15 T T
— = —-Baseline
10 !‘\ L1 Augmented |]

1\ RERANRE
\ /

5,(deg)

0 0.5 1 1.5 2 25 3 3.5 4
Time(s)

Figure 6. Performance of roll controllers with no uncertainties: S1 and S2.
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(2) Actuator Impairment (Scenarios S3-54)

Figure 7 demonstrates controller performance under 50% aileron authority reduction.
The L1-augmented system (54) exhibited a 14.69% lower tracking error than the baseline.
This improvement is attributed to the adaptive controller’s ability to compensate for
reduced control effectiveness through uncertainty estimation.

Roll Angle Tracking
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1or I — —e— - Baseline
i L1 Augmented |.
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» 2]
%
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o
H - '=y
(/
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0 0.5 1 1.5 2 2.5 3 3.5 4
Time(s)
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2 t’\
§ \\ N ‘\ o 7 ~
Em 0' K_J"/\‘"V\’ it i \H\’\JM
o \
2 5 [
4
-6
0 0.5 1 1.5 2 2.5 3 3.5 4

Time(s)

Figure 7. Performance of roll controllers with reduced aileron deflection: S3 and S4.

(38) Aerodynamic Uncertainties (Scenarios S5-56)

With +30% aerodynamic coefficient variations, the baseline dynamic inversion con-
troller (S5) exhibited oscillatory behavior (peak-to-peak amplitude: 2.7°), as shown in
Figure 8. In contrast, the L1-augmented controller (S6) suppressed oscillations by 72%,
achieving less steady-state errors, underscoring the adaptive scheme’s efficacy in handling

parametric uncertainties.
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Figure 8. Cont.
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Figure 8. Performance of roll controllers with aerodynamic uncertainties: S5 and Sé.

(4) High-Frequency Disturbances (Scenarios S7-58)

Figure 9 presents the roll angle and the aileron deflection angle activity in the case
that the actuator mass is moving by a high-frequency sinusoidal signal whose amplitude
is 0.1 m. As shown from the simulation results, the steady-state error of roll angle has
been significantly reduced once the L1 controller is used in the presence of the adverse
effect caused by the high-frequency movement of the moving mass. The designed L1
adaptive controller can solve the problem of adaptive estimation and compensation for
high-frequency disturbance, which cannot be solved by the conventional model reference

adaptive control method.
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Figure 9. Performance of roll controllers with disturbances caused by the moving mass movement:
S7 and S8.



Aerospace 2025, 12,773

19 of 22

(5) Combined Uncertainties (Scenarios S9-511)

In order to demonstrate the usefulness and benefit of the proposed control system,
the performance of the dynamic inversion baseline and the augmentation controllers is
compared with that of a classic optimal controller by LOR methods [30]. Figure 10 depicts
the performance in the presence of a combination of errors (S9, S10, and S11). As expected,
the proposed control system could guarantee that the achieved angle tracks the commanded
angle effectively. Compared with the LQR controller, a better tracking performance of the
L1 augmented controller is achieved: small overshoot (nearly 10%), fast settling time (about
0.75s), and small deviation from the commanded angle. The results show that the designed
L1 adaptive controller displays a strong robustness for the parameter uncertainties, reduces
aileron deflection, and the external high-frequency disturbance. The proposed control
system can meet the requirements of fastness and robustness for a combination BTT control
mode with a single moving mass and differential aileron.

Roll Angle Tracking
15
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“\ g PEN -~
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—e—LQR
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o H
2 _96 |
(/Om Oé"i\ """ Y B i ' z 2 S AL o A“‘ o J O S ooy e ~ e 1
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-10
0 0.5 1 1.5 2 25 3 3.5 4

Time (s)
Figure 10. Performance of roll controllers with a combination of errors: 59, S11, and S10.

5.3. Robustness Analysis

The L, norm tracking error and time delay margin (TMD) constitute industry-standard
metrics for flight control validation [27,31]: L, error integrates transient/steady-state
performance [32] and TMD certifies robustness against real-world latency [31]. These
metrics provide a complete characterization without redundancy.

(1) Tracking Error Metrics

The performance of the baseline and augmented controller can be compared by com-
puting the L, norm of the tracking error ej, [32], which is defined as:

T
lepllsy =1/ [ len et 5)

The ||, || L, for simulation cases from the Monte Carlo runs are placed in Table 4.
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Table 4. Roll-tracking error norm.
Case Baseline = Augmentation Percentage Improvement, %
Nominal 9.32 8.81 5.44
Reduced aileron function 21.79 18.59 14.69
Aerodynamic uncertainties 15.46 13.10 15.27
Disturbances by moving mass 16.65 14.96 10.15
Combination 30.58 24.27 20.63

The following conclusions are drawn from Table 3. In the presence of reduced aileron
functionality and aerodynamic uncertainties, the augmentation configuration greatly im-
proves the performance of the baseline controller, especially in the case of aerodynamic
uncertainties. The improvement of the performance of the baseline controller in the pres-
ence of the disturbances by moving mass with the L1 augmentation setup is weaker than
other uncertainties. The L1 augmentation achieved maximum error reduction (20.63%) un-
der combined uncertainties, demonstrating robust adaptation to worst-case perturbations.

(2) Robustness Analysis

For adaptive control, the time delay margin (TDM), which is defined as the maximum
amount of time delay that the system can experience before instability occurs, is generally
used as a robustness metric [31]. For this study, input delays have been added until the sys-
tem shows signs of instability. The TDM results for the baseline and augmented controllers
are placed in Table 5. As expected, the robustness margin of the adaptive controller is worse
than the baseline controller as a result of the tradeoff between performance and robustness.

Table 5. Time delay margin.

Case Baseline, ms Augmentation, ms
Nominal 83 35
Reduced aileron function 112 58
Aerodynamic uncertainties 78 31
Disturbances by moving mass 97 49
Combination 123 72

Comparative Monte Carlo runs (500 independent vs. 500 correlated) reveal: L, tracking
error: 24.27 — 26.26 (+8.2%), TMD: 72 ms — 69.8 ms (—3.1%). The controller maintains
all performance metrics within £30 bounds of nominal operation, confirming robustness
against physical coupling.

6. Conclusions

This study establishes a novel bank-to-turn control paradigm for hypersonic reentry
vehicles, integrating a single moving mass with differential ailerons to address aerodynamic
ablation and structural complexity. The key theoretical and technical contributions are
three-fold:

1.  Coupled Dynamics Modeling: A 7-DOF inertial coupling model was derived, explic-
itly quantifying the interaction between moving mass displacement and roll-pitch
dynamics. Stability criteria were analytically proven, defining critical roll rate thresh-
olds to prevent divergence.

2. Hybrid Adaptive Control: A dynamic inversion baseline controller was augmented
with an L1 adaptive architecture, achieving robust tracking under simultaneous para-
metric uncertainties (30% aerodynamics), actuator saturation (50% authority loss),
and high-frequency disturbances (10 Hz). Monte Carlo simulations demonstrated a
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20.63% reduction in L2-norm tracking error under worst-case perturbations compared
to dynamic inversion control.

3. Cross-Disciplinary Validation: The proposed configuration eliminated elevator/rudder
ablation risks while maintaining sub-degree attitude precision, with performance
metrics surpassing conventional LQR and MRAC approaches.

As a preliminary investigation, this work focused on rigid-body dynamics, omitting
thermal ablation effects and flexible body interactions. Future research should prioritize:
(1) Integrating ablation-induced mass loss and aerodynamic heating into the control frame-
work. (2) Co-designing moving mass and aileron actuation for coupled pitch-roll-yaw
maneuvers. (3) Implementing hardware-in-loop tests with hypersonic wind tunnel facilities
to verify disturbance rejection capabilities. (4) Exploring neural-L1 hybrid controllers to
further enhance robustness against stochastic hypersonic flow regimes.

These advancements will bridge the gap between theoretical control design and
practical hypersonic vehicle deployment, offering a roadmap for next-generation reusable
launch systems.
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