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Abstract: The aircraft conceptual design step requires a substantial number of aerodynamic configura-
tion evaluations. Since the wing is the main aircraft lifting element, the focus is on solving direct and
reverse design problems. The former could be solved using a low-cost computational model, but the
latter is unlikely, even for these models. Surrogate modeling is a technique for simplifying complex
models that reduces computational time. In this work, a surrogate aerodynamic model, based on the
implementation of a multilayer perceptron (MLP), is presented. The input data consist of geometrical
characteristics of the wing and airfoil and flight conditions. Some of the MLP hyperparameters
are defined using evolutionary algorithms, learning curves, and cross-validation methods. The
MLP predicts the aerodynamic coefficients (drag, lift, and pitching moment) with high agreement
with the substituted aerodynamic model. The MLP can predict the aerodynamic characteristics of
compressible flow up to 0.6 M. The developed MLP has achieved up to almost 800 times faster in
computing time than the model on which it was trained. The application of the developed MLP will
enable the rapid study of the effects of changes in various parameters and flight conditions on flight
performance, related to the design and modernization of new vehicles.

Keywords: multilayer perceptron; deep learning; Bezier-PARSEC; surrogate modeling; aerodynamic
conceptual design

1. Introduction

Aircraft conceptual design is crucial and often relies on the designer’s intuition and
experience. Works by Jager [1], Roskam [2], and Torenbeek [3] introduced a more deter-
ministic process, focusing on individual disciplines and quick decision making. Among
these disciplines, aerodynamics plays a significant role in determining aircraft layout and
configuration, and thus receives special attention. Aerodynamic design has evolved over
time, starting with experimentation and simple calculations [4], but advancing with more
computer power and precise numerical computation [4]. Recent advancements in com-
putational fluid dynamics have focused on improving turbulent models for aerodynamic
calculations. However, despite the increased accuracy, the complexity of these mathemat-
ical models can make it more difficult to evaluate multiple aerodynamic configurations
during the conceptual design stage.

Current design methodologies in aerodynamic design involve multidisciplinary anal-
ysis and optimization [4,5], robust design [4,6,7], and surrogate modeling [4,8]. Surrogate
modeling is a technique that can be used to approximate the behavior of a complex system
and is an efficient alternative to multidisciplinary analysis and optimization (MDAO) and
robust design. It offers several advantages such as speed, efficiency, flexibility, ease of
interpretation, robustness, and the ability to handle high-dimensional problems. Surrogate
models can be used to quickly identify optimal solutions and can provide insights into the
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relationships between design variables and performance metrics. Additionally, they are
less sensitive to noise and uncertainty and can be used to generate accurate predictions,
even with incomplete data. Artificial intelligence, especially machine learning, had demon-
strated that it could be potentially applied in aerodynamic design as a surrogate method.
For instance, neural networks for predicting the aerodynamic coefficients of airfoils [9,10]
and wings [10], or airfoil inverse design [11,12], have been developed and demonstrated to
speed up the design process, with the added advantage of predicting solutions to nonlinear
problems efficiently and accurately [9].

Neural networks aimed at modeling aerodynamic data have two main approaches:
aerodynamic response prediction and reconstruction of flow fields. Aerodynamic response
predictions refer to the use of appropriate methods to build aerodynamic data models that
can express the variation in aerodynamic response parameters (force or moment coefficients)
with the design parameters and output the predicted value of the response parameters in
the case of given design parameters. This type of network can be used in both direct and
inverse design processes [13]. Studies in this field typically focus on two aspects: those
that are based on the flow state when only numerical flow data are provided, and those
that consider both aerodynamic shapes and the flow state when graphic information of the
flow and bodies immersed in the flow is also available. When making steady aerodynamic
response predictions, both multilayer perceptron (MLP) neural networks and convolutional
neural networks (CNN) can be used. The choice of MLP and CNN depends on the task
at hand and the available data. In this work, the information that determines the wing
configuration and flow conditions is presented in vector form, and the goal is to predict the
values of the aerodynamic coefficients. In this case, an MLP architecture is better suited to
this task.

Throughout history, several MLPs have been developed for predicting aerodynamic
coefficients, from predicting a single coefficient for an airfoil [11,14] to predicting multiple
coefficients for an airfoil [9,15,16], to predicting aerodynamic coefficients of wing configura-
tions [17]. One of the most developed architectures for predicting aerodynamic coefficients
of wing configurations is the one developed by Secco and Mattos. They developed a
methodology for creating an MLP capable of predicting either the lift coefficient or the drag
coefficient. To accomplish this, they required 40 input parameters, which described the
complex wing geometry (including a kink station) and flow characteristics.

The development of new MLP architectures for improving prediction accuracy requires
considering model-oriented research [18]. One approach for achieving this is to perform
hyperparameter tuning of the MLP using optimization methods such as evolutionary
and genetic algorithms [9,15,16,19]. These algorithms have been shown to be efficient
in determining optimal hyperparameters compared to traditional methods such as grid
search [19]. Additionally, they are simple to implement and can adapt to integer encoding,
which is necessary for obtaining the number of neurons per layer [20]. Regardless of
the optimization algorithm chosen, it is important to evaluate the performance of each
architecture by varying the hyperparameters. One widely used method for determining
the appropriate values of the performance metrics is cross-validation. Cross-validation is a
statistical method used to estimate the performance of deep learning models, and it helps
to prevent overfitting in cases where data may be limited [19,21].

The objective of this study was to reduce the computation time in aerodynamic wing
conceptual design by replacing an aerodynamic mathematical model (AMM) based on the
vortex lattice method and empirical equations with a MLP. An alternative methodology,
compared to the one presented by Secco and Mattos, is presented to develop an MLP, which
includes novel features such as hyperparameter tuning using an evolutionary algorithm
and the use of the cross-validation method to evaluate the performance of the trained
networks. Additionally, the proposed MLP is able to predict drag, lift, and pitching
moment coefficients of wing configurations simultaneously, which marks the novelty of the
present work. Furthermore, the presented MLP can predict the aerodynamic coefficients
of a wing in steady compressible viscid flow with high accuracy, and requires a minimal
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amount of computational and time costs compared to using numerical modeling methods
of aerodynamics based on the solution of Navier–Stokes equations. The utility of the
developed MLP in constructing a surrogate aerodynamics model for aerodynamic design
not only reduces computation time but also allows for the parallel computation of multiple
wing configurations, with great agreement with the values given by the replaced AMM.
The academic value relies on the application of the developed MLP for a rapid study of
the effects of changes in various parameters and flight conditions on flight performance,
related to the design and modernization of new vehicles.

This work is structured as follows: Section 2 describes the necessary parameters to
describe the wing geometry and the physical characteristics of the flow, the mathematical
model used to obtain the aerodynamic coefficients, the methodology for obtaining the
hyperparameters of the MLP, and MLP training and performance evaluation techniques;
Section 3 presents the results and discussions obtained; and finally, Section 4 presents
the conclusions.

2. Materials and Methods
2.1. Design Space and Output Data Determination
2.1.1. Design Variables

The aerodynamic coefficients depend on both the geometric characteristics and flight
conditions. The geometric characteristics can be divided into those of the airfoil and wing.
The Bezier–PARSEC parameterization method [22], using the BP3333 variant, was chosen to
perform the geometric modeling of the airfoils (as shown in Figure 1). The BP3333 variant
requires the use of four third-order Bezier curves; two of these curves represent the camber
line (leading edge and trailing edge), and the other two represent the shape of the airfoil
thickness (leading edge and trailing edge). Each curve is constructed using the parametric
Equations (1) and (2).

x(u) = x0(1 − u)3 + 3x1u(1 − u)2 + 3x2u2(1 − u) + x3u3, (1)

y(u) = y0(1 − u)3 + 3y1u(1 − u)2 + 3y2u2(1 − u) + y3u3, (2)

where u is the parameter that ranges from 0 to 1; xi, yi are the coordinates of the Bezier
control points.
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Figure 1. Parameters BP3333 and Bezier control points: (a) thickness curve; (b) camber curve.

The Bezier control points are determined in terms of 12 PARSEC parameters, which
represent the following aerodynamic characteristics of the airfoil: rle is the leading-edge
radius, αte is the trailing camber line angle, βte is the trailing-edge angle, zte is the trailing-
edge vertical displacement, γle is the leading-edge direction, (xc, yc) is the location of the
maximum camber, kc is the curvature of the maximum camber, (xt, yt) is the position of
the maximum thickness, kt is the curvature of the maximum thickness, and dzte is the
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half-thickness of the trailing edge. The Bezier control points [22] for the leading-edge
thickness curve are calculated using the following expressions:

xt
0 = 0

xt
1 = 0

xt
2 = b9

xt
3 = xt


yt

0 = 0
yt

1 = 3
2 kt(xt − b9)

2 + yt
yt

2 = yt
yt

3 = y1

(3)

The control points of the trailing-edge thickness curve are calculated with Equation (4):
xt

0 = xt
xt

1 = 2xt − b9

xt
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[
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3
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)]
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2 + yt
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(4)

where b9 is a Bezier parameter that can be computed by solving the next equation:

27/4kt
2b9

4 - 27ktxtb9
3 + (9ktyt + 81/2kt

2xt
2)b9

2 + (2rle - 18kt
2xtyt - 27kt

2xt
3)b9 + (3yt

2 + 9ktxt
2yt + 27/4kt

2xt
4) = 0, (5)

and must meet the condition max{0, xt − (−2yt/3kt)1/2} < b9 < xt.
The Bezier control points for the leading-edge camber curve are calculated with the

following equation: 
x1

0 = 0
x1

0 = b1 cot(γle)

x1
2 = xc −

√
2(b1−yc)

3kc
x1

3 = xc


y1

0 = 0
y1

1 = b1
y1

2 = yc
y1

3 = yc

(6)

and the Bezier control points for the trailing-edge camber curve are calculated as:
x2

0 = xc

x2
1 = xc +

√
2(b1−yc)

3kc
x2

2 = 1 + (zte − b1) cot(αte)
x2

3 = 1


y2

0 = yc
y2

1 = yc
y2

2 = b1
y2

3 = zte

(7)

where b1 is a Bezier parameter, which is calculated from the next equation:

b1(cotγle + cotαte) + 8((b1 - yc)/6kc)1/2 - ztecotαte −1 = 0, (8)

and must meet the condition 0 ≤ b1 ≤ yc.
The BP3333 parameterization method has demonstrated good performance when

used in metaheuristic models, mainly due to the small number of parameters required.
However, one of the main disadvantages of this method is the small number of degrees of
freedom, particularly at the trailing edge of the airfoil [16,22]. The wing was modeled using
six parameters: the aspect ratio AR, leading-edge sweep angle ΛLE, taper ratio λ, geometric
twist τ, dihedral angle Γ, and wing area S. The flight conditions were represented by two
parameters: the flight speed v and the angle of attack α.

2.1.2. Aerodynamic Coefficient Calculation

The calculation of the aerodynamic coefficients was performed using Athena Vortex
Lattice [23], a numerical method based on the vortex lattice method (VLM), for calculating
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the lift CL, inductive drag CDi, and pitch moment coefficients CM, as well as empirical
formulas for calculating the parasitic drag CD0. The total drag was calculated as the sum of
the parasitic and inductive drag, i.e., CD = CDi + CD0 .

The VLM uses the Biot–Savart–Laplace law, which states that the velocity at a point
due to a vortex is proportional to the strength of the vortex and the distance from the vortex.
By calculating the strengths and positions of the vortices, the VLM can determine the
velocity and pressure distribution around the aircraft, which can then be used to calculate
the lift, drag, and pitch moment coefficients. The lift, inductive drag, and pitch moment
coefficients are given by the formulas: CL = L/QS, CDi = Di/QS, CM = M/QSc, respectively,
where L is the lift; Di is the inductive drag; M is the moment; S is the wing area; Q = 0.5ρV2

is the dynamic pressure, where ρ is the air density, and V is the free-flow velocity; and c is
the mean aerodynamic chord length.

The following empirical formulas were used for calculating the parasitic drag CD0 :

CD0 = 2Cf ηc ηM, (9)

Cf = 0.087 (1 − xK)/(logRe - 1.6)2 + 1.33 (xK)1/2/(Re)1/2, (10)

ηc = 1 + 2t e−2.4xK + 9t e−4xK, (11)

ηM = (1/(1 + 0.2M2)1/2 + 0.055xK
2 M)(1 + 5t M), (12)

xK = xK
0 ky kM, (13)

xK
0 = t xt/(t + 0.02) + 0.95/(10−6Re + 2.4), (14)

kχ = (1 - 0.6sin2ΛLE) cos2ΛLE, (15)

kM = 1 + 0.35(M)1/2 (16)

where Cf is the friction coefficient of one side of a flat plate in an incompressible flow, ηc is
the pressure resistance contribution, ηM is the compressibility effect contribution, M is the
Mach number, Re is the Reynolds number, xK is the transition point position, and t = 2yt
is the relative profile thickness [24]. The lift and induced drag coefficient account for the
compressibility effects by applying the Prandtl–Glauert transformation, which is described
as follows: CL

PG = CL/β and CDi
PG = CDi/β, respectively, where β = (1 −M)0.5.

The inductive drag coefficient was computed in the far field, i.e., on the Trefftz plane.
It was assumed that the aerodynamic calculation was performed in a standard atmospheric
pressure at sea level. The pitching moment coefficient was calculated with respect to the
leading edge of the mean aerodynamic chord. The calculation of the lift and induced
drag coefficient was performed on a mesh consisting of 300 panels, 30 vortices with a
cosine distribution along the chordwise, and 10 vortices with a sine distribution along
the semispanwise. This mesh configuration was previously verified in the work [25] by
performing a mesh independence analysis. The errors for the lift, inductive drag, and
pitching moment coefficients were 0.97%, 0%, and 0.88%, respectively [25].

2.2. Verification of the Aerodynamic Mathematical Model

Three wings with different sweep angles were analyzed to validate the mathematical
model used for generating the database. For all the wings, the aspect ratio was 6 and
the taper ratio was 0.5. The airfoil used for the analysis was the NACA 24XX, and the
thickness value for calculating the parasitic drag corresponded to the thickness of the mean
aerodynamic chord, which was calculated from the dimensions of the real wing (with
a thickness of 15% at the root section and 9% at the tip section). The free-flow velocity
was 21.30 m/s. The wing was scaled geometrically to match the Reynolds number of the
experiment, been 3.09 × 106.

The experimental data for these wings can be found in the work [26]. It is important to
note that this experiment was performed in a highly pressurized wing tunnel, specifically at
20 atmospheres. Furthermore, analysis using the turbulent model k-Ω SST was performed
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with the objective of demonstrating the performance of this high-accuracy model as well as
comparing the computing time of both models.

The lift and drag curves as well as the lift-to-drag ratio are presented in Figure 2.
The results of the verification demonstrate that the mathematical model used predicts the
lift and drag coefficient values with enough accuracy. The mean absolute errors (MAE)
for the lift coefficient, drag coefficient, and lift-to-drag-ratio are presented in Table 1.
Moreover, the computation time of the AMM was 0.141 CPU-s, while that of the k-Ω SST
was 3709.12 CPU-s (762.12 s for creating the mesh, and 2947 s for obtaining the aerodynamic
coefficients), requiring 26,306 times more computing time for obtaining the aerodynamic
coefficients of the same wing. The characteristics of the computer used for the analysis can
be found in Table 2.
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Figure 2. Comparison between AMM and experimental obtained lift and drag coefficients and
lift-to-drag ratio.

Table 1. MAE for lift coefficient, drag coefficient, and lift-to-drag-ratio of the AMM and k-Ω SST.

Aerodynamic Characteristic
MAE

AMM k-Ω SST

CL 0.029 0.008
CD 0.003139 0.006074

L/D 3.29 4.73



Aerospace 2023, 10, 149 7 of 19

Table 2. Specifications of the computer used for computing performance test.

Specifications

Processor Intel® CoreTM i7-6700 CPU @ 3.40 GHz x 8
Memory 62 GB RAM

Hard disk 500 GB
Operating system GNU/Linux Ubuntu 20.04.4 LTS

Overall, the trend of the lift and drag coefficients as well as the lift-to-drag ratio
predicted by the AMM is very close to the experiment. However, there are some discrep-
ancies in the lift-to-drag ratio curve, particularly at low-sweep angles and low angles of
attack. This may be particularly important when solving optimization problems that aim
to maximize the lift-to-drag ratio.

As for the pitching moment coefficient, its experimental calculation was not performed
by changing the angle of attack, but was obtained as a dependence of the lift coefficient.
Therefore, we preferred to calculate the aerodynamic center using AMM and compared
the value with the reported experimental one. The deviation of the aerodynamic center
was almost 2% from the experimental one, which indicated that the CLα and CMα are well
computed.2.3. Methodology for Determining the MLP Architecture.

2.2.1. Databases Creation

The use of MLP models requires a large amount of high-quality data to adjust and
optimize the weight values of the neurons during training. In this work, the input values
and intervals of each parameter were chosen to cover as much of the design space as
possible. The intervals for the BP3333 parameters, which determine the profile geometry,
were derived from the study conducted in the work [27]. Table 3 shows the ranges of each
BP3333 parameter, which can model almost any asymmetric general aviation airfoil, such
those belonging to different families or series, such as Eppler, NACA, Gottingen, TsAGI,
etc. [16,22,27]. An evolutionary optimization algorithm was used to obtain the intervals of
each BP3333 parameter. The goal of the optimization was to model 800 asymmetric airfoils
from the University of Illinois at Urbana-Champaign (UIUC) airfoil database [28].

Table 3. BP3333 parameter interval for representing general aviation airfoils.

BP3333 Parameter Interval

rle [−0.05, −0.001]
xt [0.2, 0.45]
yt [0.02, 0.12]
kt [−0.9, −0.2]
βte [0.01, 0.4]
γle [0.002, 0.04]
xc [0.2, 0.85]
yc [0.005, 0.07]
kc [−1.75, −0.025]
αte [0.002, 0.7]

The dzte and zte ranges are not indicated in Table 3 because they maintain a constant
value of 0.001 and 0.0, respectively, which allowed us to reduce the number of parameters
needed to define the profile geometry to 10. In addition to the 800 airfoils in the UIUC
database, Figure 3 shows other examples of airfoils that can be created from the intervals
indicated in Table 3. These airfoils were randomly generated for the database, and the
intention of presenting them in Figure 3 is to demonstrate the limits of the range of each
BP3333 parameter.
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shows some examples of top-view wing geometries that can be created from the intervals
indicated in Table 4. The minimal value of the aspect ratio is 4, since the VLM returns
feasible results above this value [25]. In the case of the flight velocity, the maximum velocity
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Table 4. Wing geometric characteristics and flight condition interval.
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v, m/s [10, 204]
α, ◦ [−5, 15]
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To ensure the performance of the MLP model, it is important to normalize the intervals
of all parameters between 0 and 1 before training. To obtain a representative sample of
the design space, a commonly used method is Latin hypercube sampling (LHS) [17,29].
However, due to limitations in the parameterization method used for generating profile
geometries, the LHS method cannot be applied to the entire design space of 18 proposed
variables. Instead, a combination of conventional uniform random sampling and LHS
was used to create the databases. The samples from the subspaces formed by the BP3333
parameters were selected using conventional random sampling and were restricted by
the design restrictions imposed by the mathematical model. Meanwhile, samples from
the subspaces defined by the wing configuration and flight characteristics were selected
using LHS.

The quality of the output data depends on the performance of the mathematical model
used to calculate them. In this work, the quality of the output parameters is a function of
the performance of the discrete vortex method implemented in AVL, along with empirical
equations, particularly the analysis of inviscid compressible steady flow acting on the
wing surface.

One of the crucial factors in creating a database for training a deep learning model is
determining the amount of data required for optimal performance. To evaluate this, learn-
ing curves, also known as training curves, can be used. These plots show the relationship
between the optimal value of the loss function for a given training set and the loss function
evaluated on a validation dataset using the same parameters. By analyzing these curves, it
is possible to determine how much a model benefits from additional training data, as well
as if the model is suffering from high variance or high bias. If both the validation score and
the training score converge to a low value as the training set size increases, it is unlikely
that adding more data will improve performance.

After determining the optimal architecture and validating the performance of the
network based on the number of data, learning curves were implemented. To perform
optimization processes for two of the MLP hyperparameters, a database size of 1000 was
defined as the minimum sample. To realize the learning curve, the size of the database was
doubled (1000, 2000, 4000, etc.) until convergence was found.

2.2.2. MLP Hyperparameters Determination

An MLP is type of feedforward neural network in which the output of one layer
is connected to all the neurons of the next layer. The output of layer L, denoted as aL,
is a nonlinear transformation of the weighted sum of outputs aL−1 of the (L−1)th layer,
including a bias term bL−1. The mathematical expression of a single neuron of the MLP is
the following:

zL = ΘL aL−1 + bL−1, (17)

aL = g(zL), (18)

where L ∈ [1, N]. If the network has sL−1 neurons in layer L−1, and sL neurons in layer L,
ΘL−1 is defined as the weight matrix having sL·(sL−1 + 1) dimensions. This weight matrix
can be intuitively thought of as structure that maps the output values of layer L−1 to layer
L, where g(zL) is defined as a vector of outputs of individual neurons based on a nonlinear
activation function. The final output of nested functions that make up an NL-layered MLP
is aNL, where a0 is the input vector. The training of MLPs is typically conducted using the
backpropagation algorithm. The backpropagation algorithm minimizes a loss function
using common optimization algorithms [9,17].

The hyperparameters that define an MLP are the number of layers, number of neurons,
activation function, loss function, optimizer, learning rate, number of epochs, and batch
size. In this work, only two optimization processes are proposed: to obtain the best values
for the number of hidden layers and the number of neurons per layer. The characteristics
and values of the hyperparameters are held constant throughout all the analyses. The
characteristics are the following:
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• The activation function for all hidden layers was the rectified linear unit (RELU)
function due to its computational simplicity and effectiveness in handling of vanishing
gradients [9].

• The output layer was composed of two concatenated layers with different activation
functions: the first sublayer was composed of a neuron (CD) with the exponential
linear unit (ELU) function [30], which prevents predictions from being less than zero;
this is of extreme importance, since physically, the CD value is never less than zero.
The second sublayer is composed of two neurons (CL and CM) with the linear function.

• The mean square error (MSE) was chosen as the loss function, which is commonly
used for regression analysis. Since the MSE often refers to the mean squared prediction
error or out of the sample mean squared error, it can refer to the mean of the squared
deviations of the predictions of the true values, over a space outside the test sample,
generated by an estimated model during a particular sample space [9,18,31].

• The optimizer chosen was adaptive moment estimation (Adam), which is an algorithm
for first-order gradient-based optimization of stochastic objective functions, based
on adaptive estimates of lower-order moments. The method is straightforward to
implement, is computationally efficient, has few memory requirements, is invariant to
diagonal rescaling of the gradients, and is well suited for problems that are large in
terms of data and/or parameters. The method is also appropriate for nonstationary
objectives and problems with very noisy and/or sparse gradients [32].

• The learning rate was fixed at 0.001, predetermined by the Adam optimizer function
in Keras [33].

• A total of 100 epochs were used for evaluation of the MLP, which has been sufficient
in similar works [9,18].

• A batch size of 20 was chosen for all evaluations, as is not expected to use very large
database sizes (above the order of 104).

The performance of each network is evaluated using two metrics: root mean square
error (RMSE) and the coefficient of determination (R2). RMSE measures the standard
deviation of the residuals or prediction errors, while R2 is a statistical measure of how
well the regression predictions approximate the real data points. To determine the optimal
values of the hyperparameters, the performance of the architectures is compared using the
average of these metrics obtained by cross-validation method. The chosen variant of cross-
validation is K-fold cross-validation, which improves the holdout method by ensuring
that the model score does not depend on how the training and test sets were chosen. The
sample data are divided into K subsets, with one subset used as test data and the rest
(K−1) as training data. The cross-validation process is repeated for K iterations, using each
of the possible subsets of test data, as shown in Figure 5. The final result is obtained by
taking the arithmetic mean and standard deviation of the results from each iteration. The
number of iterations used in practice depends on the size of the data set, with 10 iterations
being common and a minimum of 5 iterations used [20,34]. In this case, only 5 subsets
were used. Therefore, the averaged metrics, particularly RMSE, provided by the K-fold
cross-validation method will be used to define the final architecture.
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1. The number of hidden layers was determined by evaluating five architectures, ranging
from one to five hidden layers. Each architecture was assigned 64 neurons per layer.

2. To define the number of neurons per layer, the integer encoding differential evolution
(IEDE) algorithm was used. This algorithm was used because it uses integer variables.
The number of variables corresponds to the number of hidden layers obtained in
the previous process. The IEDE algorithm, like the DE algorithm, consists of three
evolutionary operators: mutation, crossover, and selection. These operators can be
observed in more detail in Algorithm A1 [20], which is provided in Appendix A.
The mutation operator operates with a scale factor (F) of 0.85, while the crossover
operator requires a crossover constant (CR) of 0.85. Other initial parameters of
the algorithm include: number of variables (D), which is based on the number of
hidden layers determined in the previous process; the design interval of each variable
([Dmin, Dmax]) [9,16]; the population size of each generation (N), which was set to
10 times the number of variables; the cost function to be minimized (f), defined by
the average RSME value provided by the k-fold cross-validation method; and the
stopping condition, which was set as a limit of 20 generations (G = 20).

Finally, the MLP with the selected optimal architecture was trained using four different
database sizes. These MLPs were assessed by performing a “database-size independency”
test, which involves choosing the smallest database that is capable of providing the best
possible performance.

All the evaluated neural networks were programmed in Python3 using the Numpy,
Scikit-Learn and Tensor Flow-Keras libraries. The specifications of the computer used for
the training are provided in Table 5.

Table 5. Specifications of the computer used for the MLP training.

Specifications

Processor Intel® CoreTM i9−9940 CPU @ 3.30 GHz x 14
Memory 125 GB RAM

Hard disk 2 TB
Operating system GNU/Linux Ubuntu 18.04.5 LTS

3. Results and Discussion
3.1. Databases

The distribution of each BP3333 parameter used in this work is shown in Figure 6. It
can be observed that only one of the BP3333 parameters (αte) had a uniform distribution.
Some other parameters, such as kc and γle, displayed a trend towards one of the extreme
values of their respective ranges. However, it is important to note that each of the parame-
ters displayed a consistent distribution based on the number of samples, which suggest
that this trend may be maintained with larger amounts of sampling.

The LHS method was employed to create the vectors, with the remaining eight pa-
rameters describing the wing geometry and flight characteristics. However, some wing
configurations presented complications when calculating their aerodynamic coefficients
using the AMM, and had to be omitted and replaced with vectors selected through a
conventional random sampling method.

As seen in Figure 7, the parameters tend to have a uniform distribution across the
different databases used, with the exception of the angle of attack. The low percentage of
samples with minimum angles of attack is a result of filtering the CD values lower than
0.01, as it was initially believed that these values did not correspond to real-world values.
Since low CD values are typically obtained at low angles of attack, filtering these vectors
resulted in the elimination of the angles of attack corresponding to low CD values.
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3.2. Hidden Layers Determination

Table 6 shows the averaged values of the loss function, and the average values and
standard deviation of the metrics obtained from the k-fold cross-validation for each of the
five evaluated architectures.

Table 6. Hidden layers number analysis.

Architecture MSE RMSE
R2

CD CL CM

18-64-3 0.0056 0.0750
±0.0279

0.8621
±0.0944

0.9503
±0.0355

0.9760
±0.0106

18-64-64-3 0.0028 0.0525
±0.0291

0.9287
±0.0389

0.9776
±0.0119

0.9877
±0.0081

18-64-64-64-3 0.0023 0.0483
±0.0272

0.8987
±0.0573

0.9777
±0.0136

0.9899
±0.0071

18-64-64-64-64-3 0.0022 0.0479
±0.0202

0.9192
±0.0348

0.9809
±0.0137

0.9899
±0.0097

18-64-64-64-64-64-3 0.0026 0.0514
±0.0207

0.9205
±0.0357

0.9720
±0.0178

0.9911
±0.0060
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The configuration of four hidden layers shows a better performance in the RMSE
metric. Although the five-layer hidden configuration shows slight improvements in the R2

metrics for the drag and momentum coefficients, it was decided to opt for the four-layer
configuration as it is a less complex configuration. This configuration was highlighted in
green in Table 6.

3.3. Neurons Number Determination

Once the number of hidden layers (four layers) had been selected, the parameters
of the evolutionary algorithm, such as the number of variables (four variables) and the
population size (forty individuals), could be defined. In Figure 8, it can be seen how the
cost function was minimized using Algorithm A1.
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Figure 8. Cost function convergence for the optimization of the number of neurons per layer.

After 20 generations, the IEDE algorithm managed to minimize the RMSE to a value
of 0.0438. This value was achieved with an architecture of four hidden layers: the first layer
with 104 neurons, the second with 123 neurons, the third with 100 neurons, and the fourth
with 109 neurons. Figure 9 shows graphically the optimized MLP architecture [33].
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Figure 9. Model of the optimized MLP architecture.

3.4. MLP Performance with Different Database Sizes

Having already defined the architecture of the MLP, we proceeded to analyze its
performance based on the number of data used. Figure 10 shows the learning curve as a
function of the RMSE and Table 7 shows the mean and standard deviation values of the
cost function and the metrics.
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Table 7. Database size analysis.

Database Size MSE RMSE
R2

CD CL CM

1000 0.0019 0.0438
±0.0200

0.9527
±0.0193

0.9842
±0.0101

0.9911
±0.0080

2000 0.0015 0.0387
±0.0161

0.9609
±0.0167

0.9866
±0.0102

0.9919
±0.0081

4000 0.0009 0.0304
±0.0096

0.9772
±0.0097

0.9916
±0.0043

0.9961
±0.0026

8000 0.0010 0.0325
±0.0091

0.9733
±0.0105

0.9916
±0.0028

0.9960
±0.0022

As can be seen from Table 7, between 4000 and 8000 data used, there is no significant
difference in the value of MSE. There are slight advantages of using 8000 data, especially for
R2 for the drag coefficient. However, as can be seen in the learning curves (see Figure 10),
the increase in the RMSE with 8000 data in the training and testing curves indicates an
indication of overfitting. Therefore, it is considered that 4000 data are enough to have a
good performance of the MLP for aerodynamic coefficient prediction (3200 data for training
and 800 for testing). We have highlighted the selected architecture with green color for its
ease of identification.

Using the best values of weights obtained during the cross-validation process and a
database with 4000 data, a more detailed analysis of the prediction of the aerodynamic
coefficients in the testing stage through regression analysis is shown in Figure 11. In a
regression analysis, the coefficients predicted by the MLP are compared with the coefficients
obtained by AMM. For an ideal MLP, the predicted coefficients (P) coincide exactly with
the calculated coefficients (T). This is represented graphically by the dotted line T=P. The
scatters closer to T=P represent a better prediction [16].
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The regression analysis and the absolute error of the testing data are presented in
Figures 11 and 12, respectively. As a result, we obtained a good R2 (>0.9 [16]) in the order
of 0.9877 for CD, 0.9966 for CL, and 0.9988 for CM (see Figure 11). It is noticeable that
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the prediction accuracy of the CD is worse than the CL and CM; this can be explained as
the result of using empirical formulas for computing parasitic drag. As the total drag is
calculated as the sum of the induced and parasitic drag, then the latter disturbs the value
of the total drag.
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Table 10. Comparison of time requirement and speedup.

Specifications Time, s (Table 2 CPU) Speedup

AMM simulation for one case 0.141 -
Training: MLP with k-fold cross validation 31.315 -

Prediction: Batch size = 10 0.135 9.47
Prediction: Batch size = 100 0.140 90.42
Prediction: Batch size = 1000 0.159 797.42

The increment of the computing time for the AMM is linear due to its sequential
execution, while the computing time of the MLP is almost linear. Since the MLP executes
predictions in parallel computation, the execution time improves if a large array of data
is to be evaluated in comparison to the AMM. In Figure 13, the aerodynamic coefficients
predicted and target value, as well as the MLP best line fit, are shown.
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4. Conclusions

The method proposed in this article proved to be efficient for the design and training of
an MLP for steady nonlinear aerodynamic response predictions. The developed MLP for the
construction of a surrogate aerodynamics model allowed for the calculation of the integral
aerodynamic characteristics of wings of different geometry under different flight conditions
allowed with sufficiently high accuracy (R2 up to 0.9877, 0.9966, and 0.9988 for CD, CL,
and CM respectively), as well as significantly reducing the required time and computing
costs (by 1 and 2 orders of magnitude for arrays of 10 and 100 variants) in comparison with
numerical mathematical models based on the vortex lattice method and empirical equations.
It could be observed that the methodology implemented to define the MLP architecture
was adequate; the implementation of cross validation processes, learning curves and
evolutionary algorithms were substantial to determine some of the MLP hyperparameters.
Much greater gains in computational and time costs can be obtained in comparison with
the use of numerical modeling methods of aerodynamics based on the solution of Navier–
Stokes equations. The significant acceleration of the aerodynamic characteristics calculation
will allow one to use the proposed approach to perform optimization calculations at the
initial stages of design, when there is a need to consider a large number of combinations of
design variables in a wide range of values due to insufficient information and a large degree
of uncertainty. We have some recommendations for improving the quality of the AMM
used for generating the database, as well as the development of the MLP architecture. It
would be possible to extend the upper limit of the angle of attack and hence accounting for
stalling of the wing by incorporating a correction factor based on the Kirchhoff flow model,
and to improve the CD calculation by adding additional terms for accounting other types of
drag. Regarding the MLP, it could be further improved by using a learning rate scheduler
and performing analysis of the number of epochs and batches, as well as a normalization
of all input and output data between 0 and 1.

Future works will be focused on extending the capabilities of this surrogate model,
building MDO algorithms for the initial stages of aircraft design, and employing this
surrogate model for MDO and robust optimization.
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Appendix A

The integer encoded differential evolution algorithm (IEDE) is an adaptation of the dif-
ferential evolution (DE) algorithm for use in integer optimization problems. Algorithm A1
presents IEDE with its respective evolutionary operators (mutation, crossover, and selection)
adapted to the encoding of integer variables.
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Algorithm A1. IEDE algorithm.

Input: N, d, [Dmin, Dmax], F, CR, G

Output: xopt, fopt

Initialize the population randomly Pg = P(randint(x1,g, . . . ,xN,g));
Calculate f(x1,g, . . . ,xN,g) with k-fold cross-validation method
for g = 1 to G do

for i = 1 to N do //Mutation
Choosing xr1, xr2 and xr3 vectors randomly from Pg without replacement;
δ = F (xr2 – xr3);
for j = 1 to D do

if rand() < δj – int ↑ (δj) then
vj,i,g = xj,r1 + int ↑ (δj);

else
vj,i,g = xj,r1 + int ↓ (δj);

end if
end for

end for
for i = 1 to N do //Crossover

for j = 1 to d do
if rand() < CR or j == randint([0, d]) then

uj,i,g = vj,i,g;
else

uj,i,g = xj,i,g;
end if

end for
end for
Calculate f(u1,g, . . . ,uN,g) with k-fold cross-validation method;
for i = 1 to N do //Selection

if f(ui,g) ≤ f(xi,g) then
xi,g+1 = ui,g;

else
xi,g + 1 = xi,g;

end if
end for

end for
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