
electronics

Article

Model Predictive Current Control of Multiphase Motor at Low
Carrier Ratio

Qilan Huang and Min Kang *

����������
�������

Citation: Huang, Q.; Kang, M.

Model Predictive Current Control of

Multiphase Motor at Low Carrier

Ratio. Electronics 2021, 10, 591.

https://doi.org/10.3390/

electronics10050591

Academic Editors: Bor-Ren Li and

Gianpaolo Vitale

Received: 26 January 2021

Accepted: 25 February 2021

Published: 3 March 2021

Publisher’s Note: MDPI stays neutral

with regard to jurisdictional claims in

published maps and institutional affil-

iations.

Copyright: © 2021 by the authors.

Licensee MDPI, Basel, Switzerland.

This article is an open access article

distributed under the terms and

conditions of the Creative Commons

Attribution (CC BY) license (https://

creativecommons.org/licenses/by/

4.0/).

Department of Electrical Engineering, School of Automation and Electrical Engineering,
Zhejiang University of Science and Technology, Hangzhou 310023, China; 221801852035@zust.edu.cn
* Correspondence: kangmin@zust.edu.cn

Abstract: Multiphase motors have multiple control planes, and harmonics are decoupled in different
planes. Multiphase motors can improve magnetic field distribution, power density and core utiliza-
tion by injecting certain harmonic currents into the harmonic planes. In the harmonic plane control
process, due to the switching frequency of the inverter being limited, the ratio of the switching
frequency to the current frequency (the carrier ratio) of the harmonic plane is low, the digital control
delay increases, and the inverter output current contains more harmonics, which makes it difficult
for the proportional-integral (PI) current controller to effectively control the d-axis and q-axis currents
of the harmonic plane and thus unable to track the given values stably. Moreover, the PI current
controller is relatively dependent on the motor parameters. For these reasons, a model predictive
current control method with predictive error compensation is proposed. Taking a nine-phase induc-
tion motor as an example, the control voltage is calculated by the cost function and corrected by the
current predictive error, which realizes the current control method at a low carrier ratio. Additionally,
the robustness of the control method is analyzed after the parameters of the multiphase motor have
large errors. The experimental results show that the proposed method can control the current of
the harmonic plane at low carrier ratio, accurately track the harmonic current commands and attain
strong robustness for the motor parameters.

Keywords: model predictive control; multiphase motor; low carrier ratio; predictive compensation;
parameter robustness

1. Introduction

Due to its own characteristics, multiphase motors (n ≥ 5) mostly use a concentrated
full-pitch winding structure. Higher stator harmonic current injection can improve the
power density and core utilization of the multiphase motor and increase the output
torque [1,2]. Hence, multiphase motor drive systems have become a feasible solution
for high-power applications in recent years and are widely used in electrified traffic and
energy production.

In order to ensure the rapidity and stability of the current control, the multiphase
motor drive system usually uses a higher switching frequency to make the carrier ratio high
enough. In this situation, the traditional PI current controller can already satisfy the control
requirements. However, in high-power applications, limited by inverter switching losses
and a temperature rise, the system switching frequency is often low [3]. For multiphase
motors, the current frequency of the harmonic plane is a corresponding multiple of the
fundamental plane. Therefore, at low switching frequencies, although the carrier ratio of
the fundamental plane is sufficiently high, the carrier ratio of the harmonic plane is low.
When the carrier ratio is low, the system control delay and the harmonic content of the
inverter output current increase, and the current control bandwidth will also be limited,
which will cause the dynamic, steady-state performance and stability of the current loop to
deteriorate [4,5]. Therefore, compensation measures are required.
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For the current control problems at a low carrier ratio, analysis of the stability of
the current loop using a PI controller was conducted in [4], and a compensation method
to increase the stable operation range of the system was proposed. Not only was the
stability of the current loop at a low carrier ratio analyzed in [5], but the sampling error was
also studied, and an error estimator to compensate for the sampling error was designed.
However, the above two methods are relatively dependent on motor parameters. Based
on the idea of zero-pole cancellation of the system, a complex vector current controller
was presented in [6,7] which improved the dynamic performance of the current loop at a
low switching frequency and reduced the controller’s sensitivity to the motor parameters.
However, the structure of the controller was complicated, and digital realization was
difficult. In [8], the three aspects of current loop decoupling, one-step time delay and
parameter sensitivity were analyzed to propose a digital current regulator with active
damping terms. The regulator could improve the stability of the current loop at a low
carrier ratio and was less sensitive to the motor parameters, but the currents had a high
ripple in the steady state.

On the other hand, due to the advantages of a simple concept, strong robustness and
easy handling of multivariable control problems [9,10], predictive control has been widely
used in industrial control in recent years. The work in [11,12] combined big data and
deep learning technology for predictive maintenance and achieved the expected results.
Therefore, model predictive control (MPC) provides another possibility to solve the current
loop control problem of multiphase motors at a low carrier ratio. The more commonly used
method in motor control is finite control set model predictive control (FCS-MPC) [13–17].
In [13,14], the normal FCS-MPC used an enumeration method to traverse the voltage
vector and only selected one voltage vector as the optimal one within each control period.
Although this method could improve the dynamic performance of the current in the control
process, it led to a higher steady-state ripple and required a fast sampling rate. Double-
vector-based and multi-vector-based schemes to improve the steady-state performance of
FCS-MPC were proposed in [15,16]. However, they were more complicated in selecting
voltage vectors and still required a fast sampling rate. The multiphase motor has a large
number of voltage vectors, and the sampling rate at a low carrier ratio is also very low.
Therefore, it is not suitable for multiphase motors, nor for low carrier ratios.

Considering the factor that there are more voltage vectors in multiphase motors,
continuous control set model predictive control (CCS-MPC) is an excellent choice [18–22].
In [18–20], the normal CCS-MPC ignored the rotor position change during the control
period when establishing the MPC discrete model, predicted the stator current in the future
control period and calculated the optimal control voltage through the cost function, finally
realizing the improvement of the dynamic and steady performance of the currents. Since
the calculation of the optimal control voltage had no relation to the number of voltage
vectors of the motor, [21,22] used CCS-MPC to improve the current control performance
of a five-phase motor. However, none of the above CCS-MPC methods are suitable for
low carrier ratios. When the carrier ratio of the harmonic plane is relatively low, the
rotor position of the multiphase motor changes greatly in one control period, so the stator
voltages of the harmonic plane change greatly in one control period [23], which makes
it difficult for the CCS-MPC to accurately calculate the optimal control voltage, and the
current control performance of the harmonic plane decreases.

This paper uses a symmetrical nine-phase induction motor as the research object. A
novel general MPC method is proposed to solve the problem of deteriorated current control
performance when the harmonic planes are at a low carrier ratio. Considering that it is
difficult for the existing normal MPC methods to accurately calculate the optimal control
voltage at a low carrier ratio, a scheme for correcting the control voltage using current
prediction error is proposed. Moreover, the performance of normal PI controllers is affected
by the accuracy of the motor parameters. In order to reflect the advantages in this respect,
the parameter robustness of the proposed MPC method is analyzed. The innovations
include a prediction error compensation scheme, robustness of the proposed MPC method
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for the motor parameters and application to the symmetrical nine-phase induction motor,
which are meaningful to solve the current loop control problem of multiphase motors at
low carrier ratios.

This study is organized into five sections. Section 2 gives the general model of the
multiphase motor. Section 3 establishes the MPC discrete model with predictive error
compensation. Section 4 presents the experimental setup and results. Finally, the discussion
and conclusions are summarized in Section 5.

2. General Model of Multiphase Motors

The symmetrical nine-phase induction motor in this paper was fed by a two-level
voltage source inverter (VSI) as shown in Figure 1, where the stator phase windings were
evenly distributed in the spatial position and the two adjacent phase windings differed in
space by 40 degrees in their electrical angles.

Electronics 2021, 10, x FOR PEER REVIEW 3 of 17 
 

 

prediction error is proposed. Moreover, the performance of normal PI controllers is af-
fected by the accuracy of the motor parameters. In order to reflect the advantages in this 
respect, the parameter robustness of the proposed MPC method is analyzed. The innova-
tions include a prediction error compensation scheme, robustness of the proposed MPC 
method for the motor parameters and application to the symmetrical nine-phase induc-
tion motor, which are meaningful to solve the current loop control problem of multiphase 
motors at low carrier ratios. 

This study is organized into five sections. Section 2 gives the general model of the 
multiphase motor. Section 3 establishes the MPC discrete model with predictive error 
compensation. Section 4 presents the experimental setup and results. Finally, the discus-
sion and conclusions are summarized in Section 5. 

2. General Model of Multiphase Motors 
The symmetrical nine-phase induction motor in this paper was fed by a two-level 

voltage source inverter (VSI) as shown in Figure 1, where the stator phase windings were 
evenly distributed in the spatial position and the two adjacent phase windings differed in 
space by 40 degrees in their electrical angles. 

Multiphase motors can be modeled as several subplanes, and different subplanes are 
orthogonal to each other. Taking the symmetrical nine-phase induction motor as an ex-
ample, the subplanes can be represented as 1 1d q− , 3 3d q− , 5 5d q−  and 7 7d q− , where 

1 1d q−  is also called the fundamental plane. The Park transformation matrix T of the nine-
phase induction motor can be expressed as [24] 

( ) ( )
( ) ( )
( ) ( )
( ) ( )

( ) ( )
( ) ( )

( ) ( )
( ) ( )

cos cos cos 8
sin sin sin 8

cos 3 cos 3 sin 3 8
sin 3 sin 3 cos 3 8

2= cos 5 cos 5 cos 5 8
9

sin 5 sin 5 sin 5 8
cos7 cos7 cos7 8
sin 7 sin 7 sin7 8
1 / 2 1 / 2 1 / 2

θ θ α θ α
θ θ α θ α
θ θ α θ α
θ θ α θ α

θ θ α θ α
θ θ α θ α

θ θ α θ α
θ θ α θ α

 − −


− − − − −
 − − −
− − − −


⋅ − −
− − − − −

− −
− − − − −



L
L
L
L
L
L
L
L
L

T

1

1

3

3

5

5

7

7

0

d
q
d
q
d
q
d
q

→
→
→
→


→
→


→ 
 → 
 →



 (1)

where θ is the angle of the rotor flux, 2 / 9α π= . 

1AS

2AS

dcU

 
Figure 1. Symmetrical nine-phase induction motor supplied from a two-level voltage source in-
verter (VSI). 

The nine-phase induction motor can decouple the system control variables to differ-
ent subplanes by Equation (1). Hence, the voltage and torque equations of the nine-phase 
induction motor in v vd q−  can be expressed as [24,25] 
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verter (VSI).

Multiphase motors can be modeled as several subplanes, and different subplanes
are orthogonal to each other. Taking the symmetrical nine-phase induction motor as an
example, the subplanes can be represented as d1 − q1, d3 − q3, d5 − q5 and d7 − q7, where
d1 − q1 is also called the fundamental plane. The Park transformation matrix T of the
nine-phase induction motor can be expressed as [24]

T =
2
9
·
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where θ is the angle of the rotor flux, α = 2π/9.
The nine-phase induction motor can decouple the system control variables to different

subplanes by Equation (1). Hence, the voltage and torque equations of the nine-phase
induction motor in dv − qv can be expressed as [24,25][

usdv
usqv

]
=

[
Rsv −vωsLσv

vωsLσv Rsv

][
isdv
isqv

]
+ Lσvp

[
isdv
isqv

]
+

Lmv

Lrv

[
p

vωs

]
ψrv (2)

Tev = pn
Lmv

Lrv
isqvψrv (3)

where v = 1, 3, 5 and 7 for the fundamental, third, fifth and seventh harmonic planes,
respectively, usdv and usqv are the stator voltages in dv − qv, Rsv is the stator resistance, isdv
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and isqv are the stator currents in dv− qv, p is the differential operator, ws is the synchronous
angular velocity in d1 − q1, Lmv and Lrv are the mutual inductance and rotor inductance,
respectively, Lsv is the stator inductance, Lσv = σvLsv, σv = 1− L2

mv/(LsvLrv), Tev is the
electromagnetic torque, pn is the number of pole pairs and ψrv is the rotor flux.

The nine-phase induction motor can improve the core utilization and torque density by
injecting the third, fifth and seventh harmonic currents [26]. When the switching frequency
is low, since the current frequency of dv − qv is v times the fundamental plane, the carrier
ratio of the harmonic plane will be lower, and the PI controller can no longer effectively
control the harmonic current.

When solving this problem from the perspective of MPC, take the injection of the third
harmonic current as an example for analysis. The phase currents are decoupled to d1 − q1
and d3 − q3 by Equation (1), and MPC models need to be established in d1 − q1 and d3 − q3,
respectively.

3. MPC Algorithm at a Low Carrier Ratio

When the harmonic plane of the multiphase motor is at a low carrier ratio, it is
difficult to achieve stable tracking of the harmonic plane currents using PI control. To
solve this problem, based on the traditional MPC algorithm, a model predictive current
control method of a multiphase motor with predictive error compensation is proposed.
As mentioned in Section 2, when the nine-phase induction motor only injects the third
harmonic current, the MPC model needs to be established in d1 − q1 and d3 − q3.

3.1. Model Predivtive Current Control Discrete Model

Taking the fundamental plane as an example, when v = 1 in Equation (2), the voltage
equation under the synchronous rotating coordinate system can be expressed as{

usd1 = Rs1isd1 + Lσ1pisd1 −ωsLσ1isq1 +
Lm1
Lr1

pψr1

usq1 = Rs1isq1 + Lσ1pisq1 + ωsLσ1isd1 +
Lm1
Lr1

ωsψr1
(4)

In order to simplify the calculation, the coupling term between the d-axis and q-axis
is treated as the forward disturbance, and the model of the d- and q-axis currents can be
obtained as follows:

d
dt isd1 = − Rs1

Lσ1
isd1 +

1
Lσ1

usd1
d
dt isq1 = − Rs1

Lσ1
isq1 +

1
Lσ1

usq1
(5)

The forward disturbance term can be written as{
usdo1 = Lm1

Lr1
pψr1 −ωsLσ1isq1

usqo1 = ωs

(
Ls1isd1 +

Lm1
Lr1

ψr1

) (6)

where usdo1 and usqo1 represent the d-axis and q-axis forward disturbance in d1 − q1, re-
spectively.

Using the forward Euler method to discretize Equation (5), the d-axis and q-axis
currents of the next control step can be obtained as follows:

isd1(k + 1) =
(

1− Rs1
Lσ1

Ts

)
isd1(k) +

Ts
Lσ1

usd1 = A1isd1(k) + B1usd1

isq1(k + 1) =
(

1− Rs1
Lσ1

Ts

)
isq1(k) +

Ts
Lσ1

usq1 = A1isq1(k) + B1usq1
(7)

It can be seen from Equation (7) that the current models of the d-axis and q-axis
have the same form. The incremental processing and state expansion of Equation (7) are
rewritten into vector form [27]:[

∆is1(k + 1|k)
is1(k + 1|k)

]
=

[
A1 0
A1 1

][
∆is1(k)
is1(k)

]
+

[
B1
B1

]
∆us1(k) (8)
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On the fundamental plane, where is1(k) is the stator current in the synchronous
rotating coordinate system at time k, is1(k + 1|k) is the current predictive value vector at
the time k + 1 according to the current vector at time k, ∆is1(k) is the variation of the stator
current at time k, ∆is1(k + 1|k) is the current predictive variation at time k + 1 according to
the current variation at time k and ∆us1(k) is the variation of the stator voltage at time k.

Using Equation (8) to predict the stator current in the next three control periods,
we have  is1(k + 1|k)

is1(k + 2|k)
is1(k + 3|k)

 = F1 ·
[

∆is1(k)
is1(k)

]
+ G1 ·

 ∆us1(k)
∆us1(k + 1)
∆us1(k + 2)

 (9)

where is1(k + i|k) is the current predictive value vector at time k + i, according to the current
predictive value vector at time k:

F1 =

 A1 1
A2

1 + A1 1
A3

1 + A2
1 + A1 1

,G1 =

 B1 0 0
A1B1 B1 0
A2

1B1 A1B1 B1


.

MPC usually uses a quadratic cost function to achieve rolling optimization:

J(k) =
3

∑
i=1

qi

[
i*s1( k + i|k )−is1(k + i

∣∣∣k)]2

+
2

∑
j=0

rj∆us1(k + j)2 (10)

Converting the cost function into a vector form [28] yields

J = [i∗s1 − is1]
TQ1[i

∗
s1 − is1] + ∆UT

s1R1∆Us1 (11)

where

i∗s1 =

 i∗s1(k + 1|k)
i∗s1(k + 2|k)
i∗s1(k + 3|k)

, is1 =

 is1(k + 1|k)
is1(k + 2|k)
is1(k + 3|k)

, ∆Us1 =

 ∆us1(k)
∆us1(k + 1)
∆us1(k + 2)

, Q1 =

 q1 0 0
0 q2 0
0 0 q3

, R1 =

 r1 0 0
0 r2 0
0 0 r3

.

Without considering the constraints, using the cost function to solve the partial deriva-
tive of ∆Us1, the optimal control voltage increment can be expressed as

∆Us1 = KMPC1

(
i∗s1 − F1 ·

[
∆is1(k)
is1(k)

])
(12)

where KMPC1 =
(

GT
1 Q1G1 + R1

)−1
GT

1 Q1.
In the actual control process, MPC calculates the optimal control voltage through the

rolling horizon as follows: {
∆us1(k) =

[
1 0 0

]
∆Us1

usp1(k) = usp1(k−1) + ∆us1(k)
(13)

where usp1(k) is the optimal control voltage at time k.
The expression of Equation (13) in the form of reference values and state variables is

usp1(k) =
[

1 0 0
]
KMPC1

k

∑
i=1

(
i∗s1(i)− F1 ·

[
∆is1(i)
is1(i)

])
(14)

It can be seen from Equation (14) that without considering the constraints, the optimal
control voltage of the incrementally processed MPC model is obtained by multiplying the
coefficient matrix KMPC1 and the integral of the prediction error. Hence, the MPC model of
incremental processing is essentially feedback integral control.
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Similarly, the MPC model of the third harmonic plane can be derived.

3.2. Prediction Error Compensation Scheme

In the aforementioned derivation process, the coupling terms between the d-axis and
q-axis in Equation (6) are treated as forward disturbances. When the third harmonic plane
of the nine-phase induction motor is in the low carrier ratio condition, the system delay
is large, and the relationship between the synchronous electrical angular velocity of the
third harmonic plane and the fundamental wave plane is ωs3 = 3ωs, which leads to a large
forward disturbance of Equation (6) on the third harmonic plane, the prediction error of the
MPC algorithm and the calculated control voltage error increase. Therefore, it is difficult to
control the currents of the third harmonic plane to track the given values. In addition, at a
low carrier ratio, the number of pulse width modulation (PWM) pulses in one modulation
wave period is reduced, and the inverter output current contains more harmonics, which
will also cause errors in the MPC model.

In order to reduce the influence of the above factors on solving the optimal control
voltage (Equation (13)) at a low carrier ratio and improve the robustness of the algorithm,
the following prediction error compensation scheme was adopted.

• Correction of the optimal control voltage value

Taking the kth control period as an example, the control voltage compensation can be
calculated as

udc1(k) = h1 ·
(

i∗s1 − F1 ·
[

∆is1(k)
is1(k)

])
(15)

where udc1(k) is the control voltage compensation at time k and h1 is the compensation
coefficient h1 =

[
h1 h2 h3

]
.

• Correction of the optimal control voltage value

The control voltage is corrected by adding the optimal control voltage obtained by
Equation (13) and the control voltage compensation amount obtained by Equation (15).
The corrected optimal control voltage will be used as the output of the MPC:

us1(k) = usp1(k) + udc1(k) (16)

where us1(k) is the corrected optimal control voltage at time k.
Similarly, the derivation process of the prediction error compensation scheme for the

third harmonic plane is consistent with the fundamental plane.
Taking the q-axis current control in the fundamental plane as an example, the estab-

lished model predictive current control block diagram is shown in Figure 2.

Electronics 2021, 10, x FOR PEER REVIEW 7 of 17 
 

 

where ( )dc1 ku  is the control voltage compensation at time k and 1h  is the compensation 

coefficient 1 1 2 3h h h=   h . 

• Correction of the optimal control voltage value 
The control voltage is corrected by adding the optimal control voltage obtained by 

Equation (13) and the control voltage compensation amount obtained by Equation (15). 
The corrected optimal control voltage will be used as the output of the MPC: 

( ) ( )s1 sp1 dc1( )k k k= +u u u  (16)

where ( )s1 ku  is the corrected optimal control voltage at time k. 
Similarly, the derivation process of the prediction error compensation scheme for the 

third harmonic plane is consistent with the fundamental plane. 
Taking the q-axis current control in the fundamental plane as an example, the estab-

lished model predictive current control block diagram is shown in Figure 2. 

1

1

1

( 1)
( 2)
( 3)

∗

∗

∗

+
+
+

sq

sq

sq

k
k
k

i
i
i

1
∗
sqi

1sqi ( )1sqi k

11 z−− 1
2

1 1
3 2
1 1 1

1
1
1

 
 + 
 + + 

A
A A

A A A

1
1 1 1 1 1( )−+T TG QG R G Q

1

1

1

( )
( 1)
( 2)

Δ
Δ +
Δ +

sq

sq

sq

k
k
k

u
u
u

1−
z

z

[ ]1 1 2 3= h h hh

1
∗
squ

( )1Δ sqi k

1 1× 3 1×

1 1×
1 1×

( )1
∗
sqdcu k

( )1
∗
sqpu k

3 1×

1 1×

−

 
Figure 2. Model predictive control (MPC) principle with a prediction error compensation scheme. 

4. Experimental Results 
In order to verify the effectiveness of the proposed algorithm, the built experimental 

platform is shown in Figure 3, and the experimental control block diagram is shown in 
Figure 4. The parameters of the nine-phase induction motor with concentrated full-pitch 
winding used in the experiment are shown in Table 1. 

Table 1. Parameters of the nine-phase induction motor. 

Motor Parameters Value 
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np   2 

Figure 2. Model predictive control (MPC) principle with a prediction error compensation scheme.
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4. Experimental Results

In order to verify the effectiveness of the proposed algorithm, the built experimental
platform is shown in Figure 3, and the experimental control block diagram is shown in
Figure 4. The parameters of the nine-phase induction motor with concentrated full-pitch
winding used in the experiment are shown in Table 1.
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Table 1. Parameters of the nine-phase induction motor.

Motor Parameters Value

Rs1, Rs3 1.26 Ω
Rr1, Rr3 0.78 Ω

Lσ1 7.09 mH
Lm1 196.29 mH
Lσ3 7.09 mH
Lm3 21.81 mH
pn 2
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The inverter of the experimental platform was based on the insulated gate bipolar
transistor (IGBT) module. The load was composed of a hysteresis dynamometer. The con-
troller used TI’s TMS320F28377D signal processor. The sampling frequency and switching
frequency were set to 2 kHz. As shown in Figure 4, when the nine-phase induction motor
only injected the third harmonic current, the phase current could be decoupled to d1 − q1
and d3 − q3 through coordinate transformation for independent control. The motor torque
density could be increased when the third harmonic currents were given as [29]

isd3 =
1
2

isd1,isq3 =
1
6

isd1 (17)

In the experiment, MPC used a three-step prediction horizon, and the parameters
used in the algorithm were as follows:

Q1 =

 0.5 0 0
0 0.5 0
0 0 0.5

, R1 =

 0.1 0 0
0 0.1 0
0 0 0.1

, h1 =
[

2.3 2.3 2.3
]
,

Q3 =

 0.8 0 0
0 0.8 0
0 0 0.8

, R3 =

 0.1 0 0
0 0.1 0
0 0 0.1

, h3 =
[

2.9 2.9 2.9
]

4.1. Feasibility Experiment

In order to verify the feasibility of the proposed MPC algorithm, based on the field-
oriented control (FOC) system, the control mode of MPC+FOC was adopted to make
the nine-phase induction motor run at 300 r/min and 1200 r/min, respectively, and load
torques of 4 Nm and 10 Nm were applied sequentially during operation. The waveforms
obtained from the two experiments are shown in Figures 5 and 6.
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In the figure, n∗ and n represent the given speed and actual speed, respectively, i∗sq1
and isq1 represent the given value and actual value of the q-axis current of the fundamental
wave plane, respectively, i∗sq3 and isq3 represent the given value and actual value of the q-axis
current of the third harmonic plane, respectively, and isa represents the phase A current.

It can be seen from Figures 5a and 6a that when different load torques were applied
to the motor at the two speeds, the motor speed, the currents in the fundamental plane
and the harmonic plane could all track the given values without static errors. When the
motor speed was at 300 r/min, the A-phase current frequency was 10.5 Hz, and the third
harmonic phase current frequency was 31.5 Hz, so the fundamental plane and the third
harmonic plane of the nine-phase induction motor were both at a normal carrier ratio.
When the motor speed was at 1200 r/min, the A-phase current frequency was 41.1 Hz, and
the third harmonic phase current frequency was 123.3 Hz, so the fundamental plane of the
nine-phase induction motor was at a normal carrier ratio (48.7), and the third harmonic
plane was at a low carrier ratio (16.2). These indicate that the proposed MPC algorithm
could control the currents both in the fundamental plane and the harmonic plane whether
at a normal carrier ratio or a low carrier ratio and track the given values without static
errors.

4.2. Load Disturbance

In order to verify the control performance of the MPC algorithm in this paper at a low
carrier ratio, the methods of MPC+FOC and PI+FOC were used to make the nine-phase
induction motor run at 1200 r/min. In this context, the fundamental plane of the motor was
at a normal carrier ratio, and the third harmonic plane was at a low carrier ratio (16.2). A
load torque of 10 Nm was suddenly added during operation, and the experimental results
are shown in Figures 7–9.

Figure 7 shows the waveforms of the speed n, fundamental plane q-axis current
isq1 and third harmonic plane q-axis current isq3 when load disturbance occurred in the
two control methods. Figure 8 shows the i∗sq1 − isq1 and tracking errors when the load
disturbance occurred in the two control methods.
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It can be seen from Figures 7 and 8 that the actual speed of both control methods could
recover to the given value in a short time (0.8 s) after the disturbance occurred. When the
third harmonic plane was at a low carrier ratio (16.2), the traditional PI current controller
could not control isq3 to track i∗sq3 stably due to the control delay and the decrease of the
current loop control bandwidth. This effect was especially obvious when there was no
load. The maximum tracking error of isq3 with no load was up to 2.17 A, and the maximum
tracking error of isq3 with a load was up to 0.62 A. At the same time, the current runaway of
the third harmonic plane affected the current control of the fundamental plane. Although
isq1 could track the given value i∗sq1, there was a large oscillation and current ripple.

The proposed MPC algorithm considered the prediction error compensation, which
could correct the control voltage. Under this control method, the calculation of the control
voltage of the fundamental plane and the harmonic plane was more accurate, and the d-axis
and q-axis currents could track the reference values. When load disturbance occurred,
the actual q-axis current values of the fundamental plane and the harmonic plane could
track the reference value quickly and without static error, and there was no overshoot or
oscillation during the tracking process. It was shown that the current control performance
of the proposed MPC algorithm at a low carrier ratio was significantly better than the
traditional PI controller.

After the third harmonic currents were injected, the expected air gap flux density
waveforms were a flat-top shape. Since the stator resistance and leakage reactance voltage
drops were relatively small, the phase voltage waveforms and the back-EMF waveforms
could be approximately regarded as the same. Additionally, since the back-EMF waveforms
were the same as the air gap magnetic density waveforms, the distribution of the motor air
gap flux density could be known from the phase voltage waveforms in Figure 9.

The air gap flux density was determined by the phase voltage. When no harmonics
were injected, the fundamental voltage amplitude was 91 V. It can be seen from Figure 9b
that after the third harmonic currents were injected through MPC, the fundamental voltage
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amplitude was 105 V, the phase voltage amplitude was 91.4 V, and the phase voltage was
a uniform flat-top waveform. The same air gap flux density amplitude could have had a
greater fundamental flux density component, thereby improving the power density and
iron core utilization of the motor. However, the traditional PI controller could not control
the third harmonic currents to track the given values at a low carrier ratio, resulting in
distortion of the voltage and magnetic field, and the top of the phase voltage waveform in
Figure 9a has a deep recess where the phase voltage amplitude is 148 V. This obviously led
to the reduction of the fundamental magnetic density component at the same air gap flux
density amplitude.

The quantitative comparison results are listed in Table 2, which also shows the superi-
ority of the MPC+FOC method.

Table 2. Quantitative comparisons between the two control methods.

Entry PI+FOC MPC+FOC

Maximum of i∗sq3 − isq3 (no load) 2.17 A 0.25 A
Maximum of i∗sq3 − isq3 (with load) 0.62 A 0.12 A

Average of i∗sq3 − isq3 (no load) 1.55 A 0 A
Average of i∗sq3 − isq3 (with load) 0.31 A 0 A

Amplitude of usa 148 V 91.2 V
THD of usa 187.24% 29.96%

Since the nine-phase induction motor injected the third harmonic current, the total
harmonic distortion (THD) of MPC+FOC was 29.96%. The PI controller could not accurately
control the current of the third harmonic plane, which caused the actual injected third
harmonic current to be too large and much larger than the fundamental current, so the THD
of PI+FOC was 187.24%. This also proves the improvement of THD using the proposed
MPC method.

From the perspective of the multiphase motor system, the proposed MPC method only
replaced the PI controller of the current loop in the FOC system. MPC is responsible for
dealing with the current tracking problems of different subplanes in the multiphase motor
system so that the output currents of the system can track the given currents without static
error at a low carrier ratio and finally make the phase voltages and air gap magnetic density
waveforms of the multiphase motor the expected flat-top waves. The power density and
core utilization of the multiphase motor are improved.

4.3. Parameter Robustness

Traditional PI control relies on the motor parameters. When the motor parameters
change, the poles of the controlled motor and the zeros of the PI controller cannot cancel
each other, the PI coefficients need to be readjusted, and the motor parameter mismatch
will further deteriorate the current control effect at a low carrier ratio. In order to verify
the parameter robustness of the MPC algorithm at a low carrier ratio, the inductance
and mutual inductance of the stator and rotor in the model were set to 0.8 times and
1.2 times the actual value, respectively. When the motor started at no load and ran stably
at 1200 r/min, a load torque of 10 Nm was added suddenly. The experimental results are
shown in Figures 10 and 11.

When the parameters had large errors, there would be errors in the calculation of the
rotor flux angle, and the current prediction value would also be deviated. However, it
can be seen from the experimental results that both the isq1 of the fundamental plane and
the isq3 of the harmonic plane could track the given values without static errors and still
have a good control effect, and there was no need to readjust the weight coefficients of
the MPC algorithm. This was because the control voltage errors caused by the parameters
mismatch were corrected by the prediction error compensation scheme. Therefore, the
proposed MPC method had good parameter robustness at low carrier ratio conditions.



Electronics 2021, 10, 591 13 of 15

Electronics 2021, 10, x FOR PEER REVIEW 14 of 17 
 

 

Since the nine-phase induction motor injected the third harmonic current, the total 
harmonic distortion (THD) of MPC+FOC was 29.96%. The PI controller could not accu-
rately control the current of the third harmonic plane, which caused the actual injected 
third harmonic current to be too large and much larger than the fundamental current, so 
the THD of PI+FOC was 187.24%. This also proves the improvement of THD using the 
proposed MPC method. 

From the perspective of the multiphase motor system, the proposed MPC method 
only replaced the PI controller of the current loop in the FOC system. MPC is responsible 
for dealing with the current tracking problems of different subplanes in the multiphase 
motor system so that the output currents of the system can track the given currents with-
out static error at a low carrier ratio and finally make the phase voltages and air gap mag-
netic density waveforms of the multiphase motor the expected flat-top waves. The power 
density and core utilization of the multiphase motor are improved. 

4.3. Parameter Robustness 

3.9
2.6
1.3

0
1.3−
2.6−

1(
A

)
sqi

3(
A

)
sqi

1
∗
sqi

1sqi

3
∗
sqi

3sqi

3.9
2.6
1.3

0
1.3−
2.6−

 
(a) 

3.9
2.6
1.3

0

1(
A

)
sqi

1
∗
sqi

1sqi

 

3.9
2.6
1.3

0
3(

A
)

sqi 3
∗
sqi 3sqi

 

(b) (c) 

Figure 10. The inductance is 0.8 times the actual value for (a) the whole process; (b) the current 1sqi ; and (c) the current 

3sqi . 

  

Figure 10. The inductance is 0.8 times the actual value for (a) the whole process; (b) the current isq1; and (c) the current isq3.

Electronics 2021, 10, x FOR PEER REVIEW 15 of 17 
 

 

 

1
∗
sqi

1sqi

3
∗
sqi

3sqi

3.9
2.6
1.3

0
1.3−
2.6−

1(
A

)
sqi

3(
A

)
sqi

3.9
2.6
1.3

0
1.3−
2.6−

 
(a) 

3.9
2.6
1.3

0

1(
A

)
sqi

1
∗
sqi

1sqi

 

3.9
2.6
1.3

0

3(
A

)
sqi 3

∗
sqi 3sqi

 
(b) (c) 

Figure 11. The inductance is 1.2 times the actual value for (a) the whole process; (b) the current 1sqi ; and (c) the current 

3sqi . 

5. Discussion and Conclusions 
This paper proposes a model predictive current control method for multiphase mo-

tors with predictive error compensation, which can improve the control performance of 
the current loop at a low carrier ratio. The MPC method is particularly suitable for high-
power industrial applications where the switching frequency of inverters is limited, such 
as electrified traffic and energy production. We chose the three-step prediction horizon 
because it could greatly improve the accuracy of the cost function to calculate the optimal 
control voltage. Meanwhile, since the existing normal MPC method could not achieve ac-
curate calculation of the optimal control voltage at a low carrier ratio, we proposed a so-
lution to this problem by using current prediction errors to correct the optimal control 
voltage. 

The experimental results showed that at different speeds of 300 r/min and 1200 r/min 
and different loads of 4 NM and 10 NM, the proposed MPC method could control all the 
currents to track the given values without static errors, showing that this MPC method 
could be used at a normal carrier ratio and a low carrier ratio, as well as different load 
conditions. When the third harmonic plane of the nine-phase induction motor was at a 
low carrier ratio of 16.2, the maximum static error of the third harmonic current tracking 
of the traditional PI controller without and with a load was 2.17 A and 0.62 A, respectively. 
The proposed MPC method could track the currents without static error, which fully 
showed that the current control performance at a low carrier ratio was significantly better 
than the traditional PI controller. Furthermore, our experimental results confirmed that 
the proposed MPC method could still have a good current control effect when the motor 
inductance parameters had 20% error and strong robustness to the motor parameters, 
which was another advantage over the PI controller. It is worth noting that the proposed 
MPC method does not have a good current control effect after the carrier ratio is lower 
than a certain value (about 16). This is because the disturbance of Equation (6) cannot be 
effectively compensated anymore. Therefore, how to make the MPC method effective at 

Figure 11. The inductance is 1.2 times the actual value for (a) the whole process; (b) the current isq1; and (c) the current isq3.

5. Discussion and Conclusions

This paper proposes a model predictive current control method for multiphase motors
with predictive error compensation, which can improve the control performance of the
current loop at a low carrier ratio. The MPC method is particularly suitable for high-power
industrial applications where the switching frequency of inverters is limited, such as elec-
trified traffic and energy production. We chose the three-step prediction horizon because
it could greatly improve the accuracy of the cost function to calculate the optimal control
voltage. Meanwhile, since the existing normal MPC method could not achieve accurate
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calculation of the optimal control voltage at a low carrier ratio, we proposed a solution to
this problem by using current prediction errors to correct the optimal control voltage.

The experimental results showed that at different speeds of 300 r/min and 1200 r/min
and different loads of 4 NM and 10 NM, the proposed MPC method could control all the
currents to track the given values without static errors, showing that this MPC method
could be used at a normal carrier ratio and a low carrier ratio, as well as different load
conditions. When the third harmonic plane of the nine-phase induction motor was at a low
carrier ratio of 16.2, the maximum static error of the third harmonic current tracking of the
traditional PI controller without and with a load was 2.17 A and 0.62 A, respectively. The
proposed MPC method could track the currents without static error, which fully showed
that the current control performance at a low carrier ratio was significantly better than
the traditional PI controller. Furthermore, our experimental results confirmed that the
proposed MPC method could still have a good current control effect when the motor
inductance parameters had 20% error and strong robustness to the motor parameters,
which was another advantage over the PI controller. It is worth noting that the proposed
MPC method does not have a good current control effect after the carrier ratio is lower
than a certain value (about 16). This is because the disturbance of Equation (6) cannot be
effectively compensated anymore. Therefore, how to make the MPC method effective at a
lower carrier ratio is what we will study in the future, and how to quickly set the weight
coefficients Q, R and h is also what we will study in the future.
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