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Abstract: Lifetime is a basic support for the thermal insulation function of thermal barrier coatings
(TBCs). Therefore, extending the life span is essential to develop next-generation TBCs. For this
objective, the columnar structure formed by vertical cracks appears to make sense. However, the
underlying mechanism is still unclear. This work scrutinizes the influence of periodic vertical cracks
on cracking behavior in order to tailor high strain tolerant TBCs. A finite element model was evolved
to explore the crack behavior influenced by thermal mismatch strain between substrate and coating.
The virtual crack closure technique (VCCT) was used to describe the propagation of crack under
load. It is found clearly that the space between two vertical cracks (short for SVC) along the in-plane
direction has a noteworthy influence on the strain tolerance of TBCs. Results indicate that the strain
energy release rate (SERR) and stresses at the pre-crack tip increase continuously with the increase
of the SVC, suggesting that the driving force for cracks is increasing. The crack is not propagated
when the SVC is very small, whereas the crack grows continuously with the increase of the SVC. The
growth of a crack can be prevented by reducing the SVC. A critical value for the SVC was found.
When the SVC is less than the critical value, the SERR can be dramatically reduced. Thus, the SVC of
periodic cracks can be tailored to obtain TBCs with high strain tolerance.

Keywords: strain tolerant design; thermal barrier coatings; periodic vertical cracks; cracking; long
life span

1. Introduction

The working temperature of advanced land-based gas turbines and aircraft engines
continue to increase upon their thrust/weight ratio and performance. The working tem-
perature of turbine-blades rises with the improvement in the thrust-to-weight proportion
of aircraft engines. For widely used metallic parts, for example, turbine-blades, vanes,
nozzles, and combustors, the high working temperature causes a major challenge. Indeed,
the working temperature surpasses the break point temperature that these metallic compo-
nents can bear [1-5]. For example, the working temperature is mostly greater than 1600 K,
while the limit bearing temperature is below 1400 K even for advanced nickel-based single
crystal alloys [6,7]. The TBCs give thermal protection to metallic parts to work at elevated
temperatures over their sustainable limit. In the last few decades, TBCs have been used in
numerous applications, working at elevated temperatures [8-12].

A long life span is essential for advanced TBCs. However, the failure of top-coat (TC)
is still an issue for current TBCs, especially for the atmospheric plasma sprayed top-coat
(APS-TC). Generally, the TC is deposited either by electron beam physical vapor deposition
(EB-PVD) or atmospheric plasma spraying (APS) [13-17]. In industrial applications, APS
is regularly used to deposit the TC due to its operational simplicity, low maintenance
cost, and probability to deposit thick TC up to 2 mm [18]. Normally, EB-PVD-TCs show a

Coatings 2021, 11, 720. https:/ /doi.org/10.3390/coatings11060720

https:/ /www.mdpi.com/journal/coatings


https://www.mdpi.com/journal/coatings
https://www.mdpi.com
https://orcid.org/0000-0001-8878-760X
https://doi.org/10.3390/coatings11060720
https://doi.org/10.3390/coatings11060720
https://creativecommons.org/
https://creativecommons.org/licenses/by/4.0/
https://creativecommons.org/licenses/by/4.0/
https://doi.org/10.3390/coatings11060720
https://www.mdpi.com/journal/coatings
https://www.mdpi.com/article/10.3390/coatings11060720?type=check_update&version=1

Coatings 2021, 11, 720

20f 15

columnar grains structure and APS-TCs show a lamellar structure. The strain tolerance of
columnar-structured coatings is higher due to a smaller increase in global elastic modulus
during thermal shock resistance [19], which extends the lifespan of TBCs [20-24]. In APS-
TC, the micro-pores and cracks are dispensed haphazardly and resulted in low thermal
conductivity. However, a short life span is the drawback of APS-TBCs. The failure of
TBCs is mainly the spallation of top-coat [25]. At an as-deposited state, a crack network is
formed which is due to the linkage of inter-splat pores and intra-splat cracks. After thermal
exposure, the micro-cracks would be propagated in any direction in ceramic coatings [26].
In particular, the propagation of cracks between splats along coating surface is easier
attributed to the orientations of inter-splat pores.

The thermal spallation of thermally exposed TBCs was attributed to the residual stress
and thermal mismatch stress. The difference between the coefficients of thermal expansion
(TEC) of the top-coat (TC) and metallic substrate (SUB) when temperatures change between
room temperature and elevated temperatures, is the main reason for the thermal mismatch
stress in TBCs [27-29]. Residual stress starts appearing during the early stage of deposition,
and continuously develops until the complete degradation of coating. As the residual
stress depends on strain velocity, the prediction of residual stress is very complex [30].
The main reasons for residual stress are quenching during solidification, highly thermal
mismatch, and geometric discontinuities [31].

During thermal cycling, thermal mismatch stress would be continuously regenerated.
Consequently, high residual stresses are produced near the defects, i.e., interfaces and
micro-cracks. One crack meets with its neighboring cracks. Crack adhesion results in
coating delamination, which is answerable to a definitive failure of TBCs [25]. Additionally,
at elevated temperatures, the TC sintering has a harmful influence on coating failure, which
would enlarge the driving force for spallation. The delamination of the lamellar coating due
to sintering was investigated in [32], which recommended various essential design methods
for a higher thermal lifetime. To improve the coatings delamination resistance, various
efforts, such as a multi-layer design for TC and the development of a new material, have
been made [33-39]. However, the results were not very effective, since sintering induced
stiffening is inevitable during high temperature exposure. Therefore, it is necessary to
further recognize the short life span of coatings, and to recommend suitable optimization
methods for coatings.

The failure mechanisms of coatings are regularly controlled by the magnitude of the
crack-driving force and the maximum residual stresses. The propagation of crack/coating
fracture occurs as the material is damaged or layers are separated from one another due
to the external load [40,41]. By the development of finite element modeling (FEM) [42,43],
various techniques, such as cohesive zone model, the conventional finite element method
(CFEM), the extended finite element method (XFEM), and VCCT, can be utilized to simulate
the propagation of the crack [27,44-46] and find the strain energy at the tip of crack [47].
Among many techniques, VCCT is an attractive technique to evaluate the fracture behavior
of ceramic coatings because the data required are nodal displacement beyond the tip of the
crack and nodal force at the tip of crack [27,48].

The propagation and combination of cracks leads to the spallation of coating, which
is one of the most popular failure modes during the service of plasma sprayed ceramic
coatings. Recently, investigations have been concerned with the delamination of films
from the substrate, and the relations between vertical pores and degradation of TC. Lu and
Erdogan et al. [49] analytically examined the solitary fields close and at the convergence
point of interfacial degradation of a vertical crack. The reallocation of interfacial stress
resulting from the periodic segmentation cracks has been numerically examined in the
coating by Wu et al. [50]. Zhou and Kokini et al. [51,52] analytically examined the interfacial
fracture mechanism of the TBC system with multiple vertical cracks. In our previous
paper [53], the strain tolerant design was elaborated by embedding vertical cracks in
coatings. The results show that the crack-driving force was reduced as the number and
depth of vertical cracks increased. Therefore, the coatings including vertical cracks had
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high crack resistance, especially for the thick coatings [54]. This result suggests that
coatings with vertical cracks increase strain tolerance, which has a significant influence
on the preparation and design of advanced protective coatings in future applications.
However, many previous investigations have disregarded the interaction of vertical cracks
and propagation of cracks, while a few studies investigate the influence of crack space on
the coating delamination and the durability of the TBCs [51-53,55]. This is the original
motivation of the present study.

This work develops a finite element model to explore the crack behavior induced by
thermal mismatch strain between substrate and coating. The influence of periodic vertical
cracks on cracking behavior was investigated in order to tailor high strain tolerant TBCs.

2. Model Development
2.1. TBC System Model

In this work, the TBCs consisted of three layers, SUB, BC, and TC. The TBC model
was designed using commercially available FEM software ABAQUS 6.14. Figure 1 shows
the finite element model geometry and the mesh used in the simulation. hy, hy. and
hgyp, represent the thicknesses of TC, BC and SUB, chosen as 3 mm, 150 pm, and 5 mm,
respectively. The much thicker TC can be prominent in the strain tolerant design. The effect
of the SVC (L) on crack growth could be investigated here. Therefore, the SVC was chosen
to be different. In the TC, a pre-crack is inserted along the surface of coating, as shown in
Figure 1a. In this TBC model, “a” means the pre-crack length, referring to 5 um, and “b”
is the vertical distance between pre-crack and TC/BC interference, which is 150 um. The
numbers 1, 2, and 3 represent axes, i.e., x-axis, y-axis, and z-axis, respectively.

TC

hsub

BC

B sus

= pre-inserted Crack
Vertical pores

MCP

Figure 1. Model of TBCs with vertical cracks in TC: (a) the model geometry, (b) overall model mesh and boundary

conditions, and (c) the dense mesh close to the TC/BC interface.

The present FEM is based on the following assumptions: (1) The SUB, BC layer, and TC
layer on one side with pre-existing crack are isotropic and homogeneous; (2) The geometric
morphology at the TC/BC and BC/SUB interference is flat; (3) The vertical cracks were
only inserted into the TC.
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In this work, models with different SVC were investigated. For simulation, a repre-
sentative unit-cell was used because the model is in periodic symmetry. This pre-crack
along the coating surface exhibits a chain of cracks. When this pre-crack grows in the
model to the left side, the spallation of coating will occur when it connects with the cracks
in the neighboring region. The residual stresses will be determined under different SVC.
The VCCT on the basis of fracture mechanics concepts [27] was used to determine the
SERR at the pre-crack tip. The regular quadrilateral was utilized to mesh the model and
complete meshed model, as shown in Figure 1b. Close to the interface and crack region, the
mesh refinement is accomplished to show the stress at the crack tip. Figure 1c is a detailed
representation of the refining mesh region. The mesh size has no effect on the SERR at the
crack tip due to the dense mesh grid.

2.2. Boundary Conditions

The ceramic TC layer was taken to be linear elastic materials, whereas the bond-coat
and substrate were taken to be elastic—plastic materials [55]. The detailed mechanical and
thermal properties such as TEC, Poisson ratio, and Young’s modulus of TC, BC, and SUB
are listed in Table 1 [56-59].

Table 1. Mechanical and thermal properties for all layers material [56-59].

Properties SUB BC TC
Young’s modulus E (GPa) 210 200 50

Poisson ratio v 0.3 0.3 0.15

TEC o (107%/K) 9 13.6 14.8

Since the representative unit of the model is extracted from the coating sample, the
periodic boundary conditions were used. At the right edge of the model, the periodic
boundary constraint is represented in Figure 1b. This periodic boundary constraint shows
that all nodes on the edge of the model will have an equal distance in the x-direction.
Concurrently, these nodes are permitted to budge in the x-direction without any restriction.
A strain (0.4%) is applied on the left edge on the model, which is to model mismatch strain
between SUB and TC. Furthermore, the nodes located at the bottom edge of the model are
contrived in the y-direction, which can avoid movement of the rigid-body.

2.3. Cracking Description

In the present study, the growth of the crack in TC is described using a “Debond”
technique in software Abaqus. Meanwhile, this technique is a robust fit to simulate the
crack of ceramic materials, based on a linear elastic fracture mechanism (LEFM). In this
technique, the path of crack growth is defined in advance. The node-pair at the tip of the
crack is debonded when the fracture parameter at the tip of crack approaches the critical
value. Here, the VCCT criterion is used to obtain the SERR at the crack tip.

Irwin et al. [60] proposed the SERR, which means the required energy to generate
a new crack with AA area. Many techniques can be utilized to find the energy at the
crack tip, such as a local virtual crack extension technique, VCCT, and global virtual crack
extension technique. The VCCT is the most efficient convenient technique compared to
other techniques because the data required are displacement behind the crack tip and
nodal force at the tip of crack. The nodal displacement and force for any FE software
are basic variables. The components Gy and Gy of SERR can be obtained easily using the
VCCT technique. The VCCT graphic diagram for the first-order element with four nodes
is shown in Figure 2. Equations (1) and (2) can be used to determine the SERR G; and
G components.

FoipAv  Fap(vs —04)

Cl=5BAs —  2BAa (1)

Fuip0u  Fui2(uz —uy)
Gy = 2227 _ Tul 2
1= "5BAa 2BAa )
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where u; and F,, 1 » are nodal displacement components beyond the tip of the crack and
force component at the crack tip, respectively, along the x-direction. The parameters v; and
F, 1 are nodal displacement components beyond the tip of the crack and force component
at the crack tip, respectively, along the y-direction. The Aa and B are characteristic element
length and thickness along third-direction, respectively, and its value for a two-dimensional
model is 1.0.

4 L J
L 4 ®
L 4 \ 4
4 L J
*0 L

Aa

Figure 2. Schematic representation of the VCCT reasonable for the quadrilateral element with
four nodes.

The crack growth can be controlled in TBCs during thermal cycling by fracture modes
I and II. In this study, a power law is employed for fracture criterion of crack growth in TC,

which is expressed as:
Gequiv ( GI ) < GH )
== )dm+|=—)a 3
Gequive Ge/) " \Guc/) " )

where parameters Gequive and Gequiv are critical equivalent and equivalent strain energy,
Gic is a critical SERR of mode I, and Gyc is critical SERR of mode II. The parameters a,
and an, are exponents, and the values were set as 1.0 for both a, and an, [25,61].

3. Results and Discussion
3.1. Influence of L on Stress Distribution in TC

In this study, a significant critical strain energy release rate (Gequive) was first utilized
to study the influence of the SVC (L) on the SERR of pre-crack. To achieve some significant
data, the distribution of stress in the ceramic TC layer was primarily investigated at the
pre-crack tip due to thermal mismatch strain between coatings and substrate, which caused
the degradation of coating. Figure 3 represents the distribution of residual stresses of a thick
thermal barrier coating with different SVC (L = 0.5, 1, 4, 6, 10 and 20 mm). It can be seen
that the stresses (027 & 012) have maximum values at the pre-crack tip. In fact, the residual
stresses are very high (o2, = 1520 MPa and o1, = 850 MPa) when the SVC is 10 mm. The
maximum stresses (02 & 072) at the pre-crack tip gradually decrease from oy, = 1520 MPa
to 0y = 585 MPa, and o715 = 850 MPa to o1, =436 MPa, when the SVC decreases. The
residual stresses (02, & 07») are at minimum (0y, = 585 MPa and o1, = 436 MPa) at the
pre-crack tip in the ceramic top-coat when the SVC is at its minimum, which is 0.5 mm.
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L =0.5mm

L =0.5mm

L=1mm

Our previous work [53] suggested that the maximum stresses at the pre-crack tip decreased
as the vertical crack numbers in ceramic top-coat increased, and also decreased with an
increase in their depth. This study further indicated that, when the SVC was controlled up
to a suitable value, the SVC liberated the concentration of stress of thick TBCs. As a result,
the strain tolerance improved, resulting in good resistance of thermal shock of thick TBCs
with a reduction in the SVC.

L = 4mm L = 6mm L =10mm L=20mm Sz (MPa)

L=1mm L =4mm L =6mm L=10mm L=20mm S+ (MPa)

Figure 3. The stress distribution (S, and Syy) at crack tip under different SVC.

Figure 4 represents the stress distribution along the path of the pre-crack for thick
TBCs with different SVC. The horizontal line is shown in Figure 3, representing the path
along which the pre-crack is propagated. In Figure 4a,b, the jump phenomenon of stresses
(022 and o77) at the pre-crack tip has appeared. The stresses (02, & 01) at the position
away from the pre-crack tip have a lower value. The value of stresses at the pre-crack tip is
at minimum (o, = 410 MPa and o1, = 278 MPa) when the SVC is minimum (L = 0.5 mm).
The jump phenomenon of stresses at the pre-crack tip is increased with an increase in the
SVC, and its value is at maximum oy, = 999 MPa and o1, = 542 MPa when “L” is 10 mm. It
indicates that a larger SVC refers to smaller strain tolerance. This is why the thermal shock
resistance of TBCs is weak for conventional coating structures without vertical cracks. It
implies that the crack expands easily with a higher SVC in ceramic top-coat.
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Figure 4. The stress distribution (a) Sy and (b) Sy; at the crack tip under different SVC along the
pre-crack path.

Figure 5 represents the graph of maximum stress distribution (o2, & o17) at the pre-
crack tip of the ceramic TC layer as a function of the SVC (L). It can be seen easily from
the graph that, when the spacing between two vertical cracks is increased, the stress o)
is increased, as shown in Figure 5a. The value of stress oy, reaches its maximum value
when the SVC is 10 mm. After that, a little decrease in stress o,, can be found with the
increase of the SVC. The maximum stress o1, at the pre-crack tip of the ceramic top-coat
layer shows an increasing trend as the SVC increases up to 10 mm, as shown in Figure
5b. After that, 012 shows a constant trend with further increases of the SVC up to 20 mm.
It means that the SVC has a strong influence on the distribution of stress at the pre-crack
tip in the ceramic top-coat. Additionally, Figure 5 shows that the crack growth depends
upon the SVC. The crack is extended by increasing the SVC in thermal barrier coatings.
As a result, the strain tolerance is reduced, resulting in a reduction in the thermal shock
resistance of thick TBCs with a reduction in the SVC.
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Figure 5. Stress distribution (a) Sy, and (b) Sy, at the pre-crack tip.

3.2. Effect of Driving Force on Crack Behavior

The values of SERR at the tip of the pre-crack must be assessed and compared with
the fracture toughness of the top-coat, with the aim of simulating the delamination of
coating and crack propagation [25]. The effect of the SVC on the SERR of the thermal
barrier coating system analyzed in this section is stimulating, and suggests the possibility
of enhancing the durability of TBCs by modifying the morphology of surface crack. In
Figure 6, three regions (I, II, and III) can be seen to segregate the effect of the SVC on
SERR. In region I, the SVC has a strong influence on the crack-driving force. In this case,
the investigation of crack propagation and delamination of coating can be restricted and
retarded. In the transition region (region II), the influence of the SVC slowly reduces as the
delamination propagates. In the stable region (region III), the influence of crack spacing
between two vertical cracks is unimportant and may be disregarded. It is considered that
the crack-driving force of a coating does not depend upon the SVC, as the SVC is large
enough-roughly ten times (L > 20 mm) the ceramic top-coat thickness of the present study.
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Figure 6. Influence of the SVC on cracking-driving force.

Figure 6 illustrates that, if the SVC is large enough, the SERR begins to be independent
of the SVC. To explain it more clearly, a steady-state exists, and the crack energy released
rate per unit increase very slow depending on the crack spacing between two vertical cracks.
The concept of steady-state plays a significant role in investigating the unstable or/and
stable propagation of coating delamination. Before the occurrence of crack propagation,
the variation of the crack-driving force with the function of the SVC is plotted in Figure 6.
Gt is the sum of (Gy + Gyy), also known as the total SERR [57]. The surface crack spacing
between two vertical cracks has a strong effect on the crack-driving force. When the
surface crack spacing between two vertical cracks decreases, the steady-state of SERR
decreases drastically, as seen in Figure 6. The SERR achieves a stable stage when the SVC is
adequately large.

3.3. TC Crack Growth

The effects of the SVC on cracking behavior are studied in this section. Due to
simulation results, large residual stresses are generated at the pre-crack tip in ceramic TC,
and the BC and SUB layers may be considered as an entire part, defined as an equivalent
substrate. The above-mentioned numerical results suggest that the SVC has a substantial
influence on the cracking-driving force, which may be found whether or not crack growth
extends into the ceramic top-coat. If the degradation of the coating follows the path of the
pre-crack in TC, it presumes that the SVC will also be sorely affected by the propagation of a
crack in the ceramic top-coat. Figure 7 shows the crack propagation in the ceramic top-coat
with a variation in the SVC from 0.5 to 20 mm. For the case of region I in Figure 6, the
crack-driving force is very small compared to the stable stage. As a result, the degradation
of the coating does not occur if the release rate of the strain energy is lower than the fracture
toughness of the coating. In Figure 7a, the crack is not propagated. In the case of the
transition zone II, as shown in Figure 6, the crack grows along the crack propagation path
in the ceramic top-coat. However, the propagation of the crack is stopped after a small
distance, as shown in Figure 7b. In the case of stable zone III, as shown in Figure 6, the
crack-driving force is stable in that region. The propagation of a crack in this region is
obvious, as shown in Figure 7c. The propagation of crack, until a disastrous failure of TBCs,
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L=0.5mm

S, (MPa)
55

6

-43

-92

happens with the rising of the external loads. An enormous debonding may occur, and the
most cohesive elements are disrupted in this case. These numerical results indicate that
the delamination of the coating and crack growth in the ceramic top-coat can be reduced
by decreasing the space between two vertical cracks, and can also retard the debonding of
coating in TBCs. In addition, the life span of thermal barrier coatings can be improved by
reducing the space between two vertical cracks.

L =4mm L =20mm

822 (M Pa)

584
518
452
385
319
253
186
120
53
-13
~79

-142
-191
-240
-289
-339
-388
-437

Figure 7. The crack propagation behavior for different cases of the SVC: (a) L = 0.5 mm, (b) L =4 mm and (c) L = 20 mm.

Figure 8 represents the distribution of stresses oy, and o5 in ceramic top-coat along
the root of crack propagation with respect to normalize distance at different SVC (L = 0.5,
1, 4, 6, 10, 20 mm). It is seen in Figure 8a that the stress oy, is distributed along the crack
path. The point where the jumped phenomenon of stress occurred is the crack tip, which
was extended in the ceramic top-coat at different SVC. Here, it is seen that the jumping
phenomenon of stress o, moved forward along the crack path as the SVC increased.
Figure 8b represents the similar trend of stress (o72) distribution along the crack path at
different SVC. Here, it is also seen that the jumped phenomenon moved forward along the
crack path as the SVC increased. These results indicate that the crack was propagated in
the ceramic top-coat as the SVC increased, and reduced the life span of thermal barrier
coatings, resulting in the failure of TBCs.
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Figure 8. The crack behavior under different L due to stress distribution (a) Sy, and (b) Sy».

Figure 9 represents the variation of crack length in the ceramic top-coat with the SVC.
The SVC has influenced the growth of the crack. At very small SVC, such as L = 0.5 mm, the
crack is not extended. With the increase of the SVC, the growth of the crack is continuously
increased. To understand the overall damage of coating, the normalized crack length is
used, which is the total length of the crack and the model’s length ratio, i.e.,a =a/L [57].
The crack is propagated rapidly into the model toward the left, due to a continuously
increasing stress on the crack tip as the space between two vertical cracks increases. The
spallation of the coating is due to the coalescence of the crack, and this coalescence of the
crack is responsible for the TBC’s failure. The crack growth can be decreased by decreasing
the SVC, and may extend the lifetime of TBCs.
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Figure 9. Crack growth under different crack spacing between two vertical cracks.

TBCs with thicker coatings have greater thermal insulation. Therefore, thick TBCs
have various applications in engineering—for example, they are essential for radar ab-
sorption [55,62]. However, in our previous study [53], thick TBCs often have a greater
crack-driving force and stress due to the thermal mismatch strain between coating and
substrate at the tip of the crack. This mean that the thicker TC is easily spalled or cracked.
That is why the thicker TBCs have short life spans, and so are not suited to coating appli-
cations. In our previous studies, a significant influence in decreasing the crack-driving
force was inserting vertical cracks in ceramic TC. Based on our examination, the space
between two vertical cracks has a significant effect on decreasing the crack-driving force.
Therefore, to increase the crack resistance of thick TC, reducing the SVC would be a possible
solution. Another problem is how to insert vertical cracks in APS-TC. When the dense
vertical cracked (DVC) structure method is used, the structure has to have a greater density
than conventional TBC. As a result, the thermal conductivity should be high, and the
thermal insulation is reduced [26,63]. In future work, it is essential to develop new ways
to insert vertical cracks in porous APS-TC. In this way, the function and life span can be
concurrently increased.

4. Conclusions

In the present study, the influence of the SVC on the cracking of plasma sprayed TBCs
has been investigated. A finite element model was used for a comprehensive investigation
of cracking behavior and coalescence in the top-coat. Additionally, the influence of the SVC
on SERRs was also investigated to understand crack resistance behavior. In conclusion,
the SVC is an essential parameter to indicate the degradation and initiation of crack
propagation in the ceramic top-coat. In the ceramic top-coat, the concentration of maximum
residual stresses are mainly at the pre-crack tip, which may result in a phenomenon by
which a crack nucleates in this region and can cause the propagation of a crack in the
ceramic top-coat. These stresses are continuously increasing as the SVC increases, up
to a specific distance. The failure mechanism of the coating was also identified by the
crack-driving force. The crack-driving force is enhanced with the increase in the SVC, and
three different regions were identified. In region I, the SERRs are sharply decreased for a
very small value of SVC. In this state, the crack propagation can be delayed. In region II,
the SVC is moderate. In this case, the crack is propagated and then stopped after a small
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distance of propagation. Analysis of this brings us to a critical value of SVC. Region III
appears for a sufficiently large value of SVC. In this case, SERRs reach a stable state, where
the influence of the SVC is insignificant, and the propagation of the crack is due to the
external load. Based on these results, we can conclude that the crack growth can be reduced
by decreasing the value of SVC, which may improve the strain tolerance to obtain durable
TBCs. Additionally, the function and life span of TBCs can be concurrently increased.
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