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Abstract: The application of Autonomous Underwater Vehicle (AUV) is expanding rapidly, which
drives the urgent need of its autonomy improvement. Motion control system is one of the keys to
improve the control and decision-making ability of AUVs. In this paper, a saturation based nonlinear
fractional-order PD (FOPD) controller is proposed for AUV motion control. The proposed controller
is can achieve better dynamic performance as well as robustness compared with traditional PID type
controller. It also has the advantages of simple structure, easy adjustment and easy implementation.
The stability of the AUV motion control system with the proposed controller is analyzed through
Lyapunov method. Moreover, the controlled performance can also be adjusted to satisfy different
control requirements. The outperformed dynamic control performance of AUV yaw and depth
systems with the proposed controller is shown by the set-point regulation and trajectory tracking
simulation examples.
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1. Introduction

Autonomous Underwater Vehicle (AUV) is one of the most important research fields of marine
science and technology [1-3]. Different from other underwater vehicles, AUV has some specific
advantages. In intelligence, AUV is relatively small and has no physical connection with the mother
ship, so it has certain autonomous decision-making and control capabilities. In safety, AUV can
replace human beings in underwater operation, avoiding the defects of high risk factor, high strength
and low efficiency of manual operation. In addition, compared with other underwater equipment,
AUVs have lower manufacturing and operating costs, making it more economical and sustainable.
Therefore, AUVs have broad application prospects in civil areas such as marine salvage, marine
resources exploration and development, underwater engineering construction, and in some military
tasks such as underwater weapon delivery and deployment, intelligence collection and investigation,
anti-submarine, underwater combat, etc. [4-6].

With the increasing application of AUV, the requirement for its autonomy increases. One of the
keys to improve the autonomy of AUVs is enhancing the dynamic performance of its motion control
system. However, there are many difficulties in AUV motion control, including the strong nonlinearity
and multi-degree freedom of AUV motion control system, which makes it difficult to obtain an accurate
model; the ocean environment, which is complex and vulnerable to the interference of waves, currents
and other unknown factors; the load and parameter perturbations; components aging or damage; and
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sensor noise, transmission channel delay and other unmeasurable factors, which may also affect the
motion control performance.

PID controller is one of the most widely applied controllers in practical applications, as well
as in underwater vehicles motion control. Until now, it still appears frequently in the underwater
vehicles equipped with high precision sensors and navigation equipments. Perrier et al. designed
an improved nonlinear PID and experimented on the VORTEX underwater vehicle to overcome the
nonlinearity and suppress the external interference [7]. The scheme was compared experimentally
with conventional PID controller. A PID controller with the shallow water wave disturbance rejection
ability was applied on the ODIN underwater vehicle [8]. Refsne et al. applied a PID controller
considering the effect of ocean currents on the MKII underwater vehicle [9]. Mirhosseini et al. designed
a PID depth controller based on the nonlinear model of an underwater vehicle [10]. Compared with
conventional PID controller, these improved PID controllers have superior abilities of suppressing
specified interference and fast response. However, the dynamic control performances of AUVs with
the existed PID and improved PID controllers are usually not good enough. The controller parameters
are also hard to adjust in order to satisfy different control requirements.

In recent years, fractional calculus has attracted great attention in both academic and engineering
fields [11-17]. The development of fractional-order control algorithms provides more possibilities in
achieving challenging control requirements [18-20]. The traditional PID type controllers only have at
most three parameters, namely proportional, integral and differential parameters. Except from these
three parameters, fractional-order PID type controllers may have two extra parameters, namely the
integral and differential orders [21]. Benefiting from these two parameters, systems controlled by
FOPID type controllers are proved to be capable in achieving better transient performance as well
as robustness [22-25]. A fractional sliding mode control algorithm for a fully actuated underwater
vehicle subjected to the non-differentiable disturbance was proposed in [26]. Another fractional-order
PI controller was also presented for REMUS AUV to improve its maneuvering precision [27]. However,
the studies of this kind of controller are still limited. Further research of the stability and dynamic
control performance of FOPID type controllers used on AUVs needs more exploration.

In this paper, a saturation based nonlinear fractional-order PD (FOPD) controller is proposed for
the motion control system of AUVs. Compared with traditional PID type controller, the proposed
controller can achieve better dynamic performance and robustness. A saturation limitation is also
added to the FOPD controller to adapt to the nonlinear of the control system. In addition, the proposed
controller reserves the advantages of traditional PID type controller, such as simple structure, easy
tuning and easy implementation. In the simulation examples, different objective function weight pairs
are presented to satisfy different kinds of control requirements. Finally, the outperformed dynamic
control performance of AUV yaw and depth systems is shown by the set-point regulation and trajectory
tracking examples.

The rest of this paper is organized as follows. Section 2 presents the modelling of AUV motion
control system. Section 3 gives the preliminaries of fractional calculus. The controller design and
stability analysis process are presented in Section 4. Section 5 shows the simulation examples of AUV
yaw and depth control with the proposed controller. Finally, conclusions are drawn in Section 6.

2. Modelling of AUV

In the body coordinate, the kinetic model of an AUV can be described in a matrix form as [6]:

Mo +C(v)v+ D(v)v+g(0) = + w, 1)

where M € R®* is the inertia matrix including added mass; C(v) € R®*® represents the Coriolis
centripetal force matrix, which is is skew symmetric and can be neglected if the AUV is moving at
a low speed; D(v) € R®*® defines the damping matrix which is definite positive; g(o) € R®*! is the
restoring force vector generated by gravity and buoyancy; 6 € R®*! defines the force vector generated
by thrusters; and w € R®*! defines the disturbance vector.
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The dynamic model of an AUV in the earth coordinate can be expressed as:

0= J (Q)Z), 2)
wherev=[u v w p q r ]T is the linear velocity and angular velocity in the body coordinate,
o=[x y z ¢ 0 ¢ ]T represents the position and attitude vector in the earth coordinate, and

J(8) € R6*6 is the transformation matrix between the body coordinate and the earth coordinate.

3. Fractional Calculus

Fractional-Order Derivative

Fractional calculus is an extension of traditional calculus. Until now, there is still no unified
definition of fractional calculus. Grunwald-Letnikov, Riemann-Liouville, and Caputo definitions are
used extensively in related studies. Here, we primarily introduce the Riemann-Liouville and Caputo
definitions, which have been frequently applied in solving engineering and computing problems [17].

Definition 1. [28] The a order Riemann-Liouville derivative of a function f(t) € C"+1([ty, +oo], R) is

o= (4 [ e

o (t—1)"
where the positive integer n satisfies n — 1 < a < n, I'(+) is the Gamma function defined in Appendix A, and
to, t are the lower and upper limits of the operator, respectively.

Definition 2. [28] The « order Caputo derivative of a function f(t) € C™1([tg, +oo], R) is defined as

wrpy — L b ()
RDEF(D) = 5 / dr

n—a) i (t—g)

where the positive integer n satisfiesn —1 < a < n.

Remark 1. There are some differences between Riemann—Liouville and Caputo definitions, especially in terms of
their initialization [29-31]. However, with null initial conditions, the Laplace transforms the Riemann—Liouville
and Caputo derivatives are

c {tLO’CDf‘f(t);s} = S*F(s).

That means that fractional-order systems with a steady (null) initial condition described by
the Riemann-Liouville and Caputo derivative exhibit a physically coherent response for controlled
systems [28]. Due to this uniform characteristic, a unified fractional-order operator D* is used instead
of {JO Df or %D;" throughout the remainder of this paper.

The Mittag—Leffler function is a generalization of exponential function and is an important
component in the solution of fractional differential equations. A two-parameter Mittag-Leffler function
can be expressed as [17]:

(=) xk

Epp(x) =Y ———r, ®G)
ab (%) k;‘) I'(ak +b)
wherea > 0, b > 0 and x € C. The Laplace transform of a two-parameter Mittag—Leffler function is:

a—b

LB (A | = S (Re(s) > L), @

where t > 0, and Re(s) is the real part of s.
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4. Saturation Based Nonlinear FOPD Controller Design

In this section, a nonlinear FOPD (FONLPD) based on saturations is proposed for the virtual
closed-loop. Compared with conventional PID type controllers, FOPID type controllers have more
tuning knobs, namely the integration and derivation orders, so they may provide more opportunities
in improving system robustness as well as transient control performance. Consider the dynamic
models in Equations (1) and (2); the FONLPD control law with gravity /buoyancy compensation can
be expressed as [32]:

0 = g(e) — J(®)droNnLPD, ©)

and

dronLpp = g5, [Kpe(t)] + &5, [KqD"(1)], (6)

where e(t) = @ — 9, is the error between the reference value and actual value,

kpp .. 0 kpn .. O
Kp=| i 0 [ K=o
0 - kpm 0 - ky,
are proportional and derivation parameters (diagonal, positive definite matrices), 1 < a < 2 is

the derivation order, D*(-) is the fractional derivation operator, and ¢ b €, are saturation function
matrices as

e, [Kpe(®)] = [ €5, [epmer (0], e, [kpmea(0)] ], )

ey, KaDre(t)] = [ eg,, kaD*er (D], ey, auDren(t)] | ®

In Equations (7) and (8), €, [kpiei(t)] and &5 [kziD%;(t)] (i = 1...n) are saturation functions
(seeing Figure 1) defined by
kpl-ei(t), if |€i(t)‘ < wpl-

€, [kpiei(t)] = { . , )

sign(e;(t))bpi, if [e;(t)] > wp

&g, kaiD"ei(t)] =

{ kaiei(1), if [D¥ei(t)] < wy a0)

sign(D%e;(t))bg;, if |D%;(t)] > wy

where positive constants by,; and by; are the bounds of saturation functions €5, [kpiei(t)] and
€5, [kgiD%;(t)] (i = 1...n), respectively, and w,; = Epi/ kpi, wai = byi/k4i. Then, we can rewrite
Equations (9) and (10) as

eﬁpi [kPiei(t)] - krpi (ei(t)) ' ei(t)/ (11)
&g, [kaiD"ei(t)] = kyai (ei(t)) - ei(t), (12)

where
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kpi, if |ei(t)| < wy
ki (e;(t)) = _P 40 7 ’ 13)
kai, if [ei(t)] < wg
Dt — Kai i i ) 14
rai (D%e;(t)) { bdi|ei(t)|*l,if\D“ei(t)| > Wy o

'bpi('bdi) 0 bpi(bd\)
X

Figure 1. Saturation function.

To analyze the stability of the system in Equation (1) under the FONLPD control law (Equation
(5)), a helpful Lemma 1 is given at first.

Lemma 1 ([33]). Let x(t) € R be a continuous and derivable function. Then, for any p € (0,1), it satisfies
1
5 DPx2(t) < x(£)DPx(t).
In addition, when x(t) € R" is continuous and derivable, it has

%DﬁxT(t)x(t) <¥T(ODPx(r), VB e (0,1).

The proof of Lemma 1 can be found in Appendix A.
Then, we give the stability analysis as follows.

Theorem 1. The system in Equation (1) is asymptotically stable if the nonlinear PD control (NLPD) is
designed as

5= g(0) — ] (o) [Krp (e(t)) e(t) + Krg (D e(t)) D¥e(t)] , (15)
where1l < a < 2,
krpl (el(t)) 0
Ky (e(t)) = ' z >0,
0 krpn (en(t))
kra1 (D%eq(t)) 0
Kiq (De(t)) = : : >0,
0 Kyin (D“en(t))

are defined in Equations (13) and (14).
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The proof of Theorem 1 can be found in Appendix A.

5. Simulations

The stability of AUV motion control system with the proposed controller is analyzed in the last
section. Sine we prefer the pitch and roll angles of AUV to be close to zero in many applications, only
yaw and depth motions are considered in this section [32].

Firstly, the yaw motion control performance of AUV is presented; the main features of the
presented AUV can be found in [34]. To take the control performance and effect as well as energy
efficiency into consideration, the controller parameters of the proposed FOPD and traditional PD
controller are tuned by the following objective function F [35].

F=w, x ITAE 4+ w, x ISCO, (16)

where ITAE = ;7 t|e(t)| dt stands for the integrated time absolute error criterion, ISCO = [~ u?(t)dt
stands for the control effort respectively, and wy, w, are their weights which can help adjust the
control performance. The set-point control performance comparison of the proposed nonlinear
FOPD controller and a traditional nonlinear PD controller with 6 = 5 is shown in Figure 2.
The parameters (kp, k;) of traditional PD controller are (0.9464, 4.832), (kp, ki, 1) of FOPD controller
are (1.125, 5.453, 0.617), and w1, w, in Equation (16) are set as 1.0. These parameters are achieved
using the Nelder-Mead simplex optimization method with the objective function F [36]. It can be seen
that the set-point control performance of the proposed FOPD controller is much better than traditional
PD controller with smaller overshoot and rising time, which can ensure the rapidity and smoothness
of the AUV yaw control performance.

(a) Set-point Control Performance

1t e
‘/
05F/
PD
FOPD
/
0 . . . \
0 2 4 6 8 10
Tls
6 (b) Control Signal
i T
of
|
2
\
0 ~—
(4
2 | | | |
0 2 4 6 8 10

Tl/s

Figure 2. Set-point control performance comparison.

Then, to show the flexibility of the proposed controller, the weight pairs (w;, w;) are tuned to
satisfy different control requirements. Because that dynamic control performance and robustness are
usually more important than relatively low control signal in most control requirements, w; and w; are
set to 1 and 0:0.1:1, respectively. Figure 3 shows the set-point performance comparison of different
weight pairs. The corresponding evaluation indicator trends of set-point control performance, namely
overshoot, settling time and rising time, are illustrated in Figure 4. Clearly, the control performance is
not very satisfactory when w, = 0, which may be caused by the large control signal without restriction.
This indicates that the ISCO criterion is necessary in the design of the proposed nonlinear PD controller.
With the increase of w, from 0.1, almost all the evaluation indicators increase sharply at first and then
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slightly afterwards. This example shows that the set-point regulation performance of AUV yaw system
can be tuned to satisfy different control requirements.

(a) Set-point Control Performance

: .
1r ———————
3 7
=1 /
= /
go05F |/ w,=1,w,=0011 1
< /]
/f
0 , , , , , , ,
0 0.5 1 15 2 25 3 3.5 4
Tls
5 (b) Control Signal
r ; : :
If
[}
©
2
301 = =
g —
<
5 \ \ \ \ \ \ \
0 0.5 1 15 2 25 3 3.5 4
Tis
Figure 3. Set-point control performance.
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0.6 ¢
—%—¥
2.2 0.5
b4 o4
2.14 03
E
0.2
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0 0.5 1 0 0.5 1

w2 w2

Figure 4. Control performance indicators trends.

Finally, the trajectory tracking performance of AUV yaw and depth system are shown in Figures 5
and 6 with different weight pairs, respectively. The control signal of the yaw system when w, = 0
oscillates severely, which accords with the results in set-point control performance. Except from
the control signal oscillation, all the trajectory tracking performance of AUV yaw system are quite
accurate, as shown in Figure 5. However, the overshoots and settling times of the AUV depth tracking
performance are relatively large when w, is quite small and decrease with the increase of wy, which
also accords with the results in yaw control system. Moreover, both the control signal and tracking
error also decrease along with the increase of w,.
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(c) Tracking Error
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Figure 5. Trajectory tracking performance of AUV yaw system.
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Figure 6. Trajectory tracking performance of AUV depth system.

6. Conclusions

This paper proposes a nonlinear FOPD controller for AUV motion control system based on
saturation limitation. The proposed controller owns the advantages of improving system robustness
and transient control performance, which is also easy to tune and implement. The stability of the
controlled system is analyzed by Lyapunov method. The transient performance of regulation and
tracking control can also be adjusted to satisfy different control requirements with the proposed
controller. The simulations of both set-point regulation and trajectory tracking performance of AUV
yaw and depth systems are quite satisfactory. The weights of ITAE and ISCO criteria in the optimization
objective function can also be adjusted to fulfill different control requirements. With the increase of
wy, almost all the evaluation indicators increase sharply at first and then slightly afterwards, which
means both criteria need to be taken into account. The simulation results verify the effectiveness
and flexibility of the proposed control method. The future work may include other fractional-order
controllers designed for AUV motion systems in order to further improve the robustness and dynamic
performance of the closed-loop system.
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Appendix A

Definition of Gamma function T'(+)
Gamma function T'(+) is defined as

Proof of Lemma 1. Please refer to the proof of Lemma 1in [33]. O

Proof of Theorem 1. According to Equations (1)-(15), we have

Mo +C(v)v+ D(v)v = —] (o) [Kp (e(t)) e(t) + Ky (D*e(t)) D(t)], (A1)
According to Equation (2), we have

D%(t) = D*(0 —0;) = D*0 = D* 16 = D* !](0)w.

Thus, it implies

Mv+C(v)v+ D(v)v =—] (o) [Kp (e(t)) e(t) + Ky (D*e(t)) D*1 (J(o)v)] .

Then, construct a Lyapunov function as

AT .
V(e,v) = 3o™Mo + [§ {TK,({)dg+ 120 [(Ked(t) ¢) (Kealt) e)] , (A2)
where I27%(-) is the fractional integration operator,

kar() . 0
Kea(t) = : : / (A3)
0 e kedn(t)

and
Vkai, if [D%;(t)] < wg;,

ki) = 0] [\/Edﬂmei(owrl ei(0F)+ 171 (kb (Nsign (D*ei(D) byi) |, (A9)

if |D‘x€i(f)| > Wy;.

In other words, function k,4;(t) satisfies the following equation

Reas(DD* [k (1) €5()| = kas (D¥e;(1)) D¥e;(). (A5)
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According to the systems in Equations (A1)-(A5) and Lemma 1, it implies

V(e,0) < —oT"(0)Ky (e(t)) e(t)—"JT(0) K4 (D¥e(t)) De(t)—

oTC(0)v — "D (v)v + eTK, (e(t)) J(@)o+ € (t)TKT, (1D [Ked(t) é(t)] .

Due to

Kp(e(t) = Kj (e(1)),
we obtain
—0' [T (@)K (e(t)) - e(t) + € (1)K, (e(t)) J (o) = 0.
Because of the systems in Equations (2), (A5) and
e(t) =0 =](0)o,

the following equation

—0TJT(0)Ky (D%(t)) De(t) + e (1)TKT (D" [Kua(t) e(t)| =

holds. Besides, C(v) is skew symmetric and D(v) is definite positive [37], i.e.,
C(v) = —CT(v) (—UTC(U)U = o) )

and
D(v) > 0.
Because of the systems in Equations (A6) and (A8)-(A10), we have

V(e,v) = —v'D(v)0.

Due to D(v) > 0, the Krasovskii-LaSalle theorem can be used. Letting

SR (R

10 of 12

(A6)

(A7)

(A8)

(A9)

(A10)

(Al1)

and introducing v = 0, ¥ = 0 into the system in Equation (A1) lead to the unique invariant point ¢ = 0.

Therefore, it is concluded that the equilibrium point [ Z
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