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Abstract: Exoskeleton robots have been developed in various fields and are divided into electric
and hydraulic exoskeletons according to the actuator type. In the case of hydraulic robots,
because a unidirectional pump is applied, there are limitations to the wearer’s walking. In addition,
robot systems are complicated, because a directional control valve is required to change the direction of
the actuator. To solve these problems, we designed the electro-hydraulic actuator (EHA) system which
has both the hydraulic and electric advantages. The EHA system consists of a hydraulic bidirectional
pump, a motor, a hydraulic cylinder, and various valves. For the development of the piston pump,
we analyzed the gait cycle and considered the flow rate and pulsation rate. In order to reduce the size
and weight of the EHA system, the valves were made from one manifold, and the hydraulic circuit
was simplified. We verified that the developed EHA system is applicable to robots through position
and force control experiments. Because the hydraulic system is nonlinear, we designed a sliding
mode control (SMC) and compared it with the proportional integral derivative (PID) controller.

Keywords: electro-hydraulic actuator; exoskeleton robot; sliding mode control

1. Introduction

Exoskeleton robot has been developed in various fields of industrial and rehabilitation training
applications. These robot systems are largely divided into muscle strengthening and muscle
assisting systems, according to the purpose of use. Muscle-assisted exoskeleton robots are applied to
rehabilitation training and welfare fields for paralyzed patients and elderly people to provide muscular
strength. In other words, these exoskeleton robots assist people to walk without help. So, the actuator
in the exoskeleton robot needs only power to support the weight of a wearer. Therefore, it can be
operated and powered by most electric actuators [1–4]. Muscle-strengthening exoskeleton robots are
used in industrial applications to carry heavy loads that are difficult to perform using human strength.
They are classified into electric and hydraulic type considering their use in the robot.

In the case of the electric type, it is a structure in which a motor and a reducer are combined,
and it operates the robot by the power of the motor. A large reducer with a large gear ratio is installed
additionally for high power, and each joint has a complicated structure [5–7]. However, this increases
the noise, volume, and weight of the robot as well as its development costs. Also, the range of motion
of the joint is limited and the wearer feels uncomfortable. Because the power is small compared to the
hydraulic type, it is not applicable to the muscle strengthening exoskeleton robots.

On the other hand, hydraulic types can produce higher power than the electric types and are
inexpensive. Hydraulic systems consist of several hydraulic parts, such as servo valves, which
control the unidirectional pump and flow rate [8,9]. However, hydraulic systems are complicated
and thus difficult to maintain. Because the hydraulic pump is unidirectional, it must continue to
operate, regardless of whether or not the hydraulic actuator operates. Because of this problem,
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noise and vibration occur. Also, it consumes energy constantly, which lowers the energy efficiency.
However, this has been studied in the applications of muscle-strengthening robots. This is because
hydraulic pump robots are more powerful than electric type robots [9–11]. Most muscle strengthening
exoskeleton robots use conventional hydraulic systems because of the high power ratio of torque and
mass, and these systems use a unidirectional pump and a control valve. Because the pump cannot
change direction, when the robot strengthens a muscle during a Sit to Stand in stand phase, an actuator
is driven in active mode, but in other cases of a stand to sit in the swing phase, it is operated in passive
mode. That is, for the wearer to bend the knee, a controller opens solenoid valves and the wearer
has to bend the knee joint of the robot. This makes the wearer feel tired and has the disadvantage of
the slow response [12–14]. Such conventional hydraulic systems are complicated because of solenoid
valves and have problems such as leakages. In addition, many gear pumps apply to exoskeleton robots.
The gear pumps have the limitation of high-speed rotation and have the disadvantage of large noise
and vibration instead of a simple structure. It is also difficult to produce high pressures because of the
many internal leakages [15–17].

Recently, in order to solve the problems of the existing hydraulic systems and electric system, an
electro-hydraulic actuator (EHA) which combines electric and hydraulic systems was replaced [18].
This system has more power and higher energy-efficiency than the electric type. Moreover, the system
is equipped with a bidirectional pump, and the speed and position of the hydraulic actuator can be
controlled through a motor attached to the pump. This EHA provides a high level of power, has the
advantages of a conventional hydraulic system, and solves the disadvantages of the hydraulic and
electric types. Compared with the hydraulic system, the EHA system does not need a directional
control valve. Because the hydraulic circuit is simple, it is easy to manage leakage, and manufacturing
costs are reduced. Therefore, it has been applied to various fields [10,19,20].

Therefore, the EHA system applied to the exoskeleton robot can solve the problems of the electric
exoskeleton robot and the hydraulic exoskeleton robot. Because the robot’s knee joint is equipped with
a cylinder, not a motor, it does not need an additional reducer. Also, the hydraulic circuit is simple.
As a result, the size and weight can be reduced, and the maintenance is easy. Therefore, in order to
solve the problems of the conventional hydraulic exoskeleton robots, it is necessary to study an EHA
that is applicable to robots with a bidirectional piston pump.

In this paper, we developed an EHA system for an exoskeleton robot considering volume, size,
and weight. We designed the controller and verified its performance. First, a bidirectional piston pump
was designed to overcome the limitation of the gear pump. The piston pump is advantageous for
high-speed rotation and can obtain high pressure compared with the gear pump. Because the wearer
lifts heavy weight on the back and moves, the hydraulic system needs to be minimized in weight and
volume. For this development, we analyzed the gait cycles of ordinary people using data relative to
gait analysis. Based on the results, we determined the stroke length of a hydraulic cylinder and the
discharge flow rate of the pump. Also, a hydraulic pump was designed considering the pulsation rate,
which affects the performance of the hydraulic system. In addition, we designed the hydraulic circuit
with a simple structure and made one manifold in many valves to make them smaller and lighter.
Therefore, the EHA system was developed by integrating the motor, pump, and hydraulic valves
into one system. Because this hydraulic system has many uncertainties, robust control is required
to minimize the effect of nonlinearity. As a result, we proposed sliding mode control for this and
designed the control based on the mathematical modeling of the EHA system.

So, the flow of the paper is shown in Figure 1 and its composition is as follows.
The developed axial piston pump is presented in Section 2, and the hydraulic circuit is presented in
Section 3. Additionally, we modeled the system mathematically, and this is presented in Section 4.
Finally, we designed a controller and verified the performance of the proposed EHA system via
experiments, which is presented in Section 5.
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of the pump were determined by calculating the flow rate according to the analysis. As shown in 
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60% of the entire walking cycle. After that, the swing phase starts from the moment of toe-off [21]. 
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At swing phase, the exoskeleton robot moves with the wearer according to the wearer’s 
intentions. This phase is the section in which the robot is under force control by interaction with the 
wearer. The angular velocity of the knee joint is the fastest in this phase. Therefore, the hydraulic 
actuator on the knee joint should work accordingly. Figure 3 shows that the angle and angular 
velocity of each joint plotted on the sagittal plane based on the data of “gender differences in three-
dimensional gait analysis data from 98 healthy Korean adults [22].” This gait study included people 
175 cm tall, and one cycle in the stage is 1.5 s, expressed as 0% to 100%. After 60% of the walking 
cycle, the swing phase starts (toe-off). The angular velocity is about 210 deg/s. When the stance phase 
starts (at the heel strike), the angular velocity is about −225 deg/s. The change in the angle can be seen 

Figure 1. The composition and flow of a paper.

2. Design of Axial Piston Pump

2.1. Analysis of Gait and Calculation of the Required Flow Rate

Analyzing a wearer’s gait cycle is very important when developing an exoskeleton robot. This is
because the specifications of an actuator in the robot can be determined, and a control algorithm and
the intention of the wearer can be grasped. This study aims to develop an EHA system that can be
applied to an exoskeleton robot that can move with a 40 kg mass. For this purpose, specifications of the
pump were determined by calculating the flow rate according to the analysis. As shown in Figure 2,
the gait cycle is divided into the stance phase and swing phase. The start of the stance phase is a heel
strike, and during this phase, the exoskeleton robot supports the weight. This stage occupies 60% of
the entire walking cycle. After that, the swing phase starts from the moment of toe-off [21].
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Figure 2. The gait cycle is divided into the stance phase and swing phase.

At swing phase, the exoskeleton robot moves with the wearer according to the wearer’s intentions.
This phase is the section in which the robot is under force control by interaction with the wearer.
The angular velocity of the knee joint is the fastest in this phase. Therefore, the hydraulic actuator on
the knee joint should work accordingly. Figure 3 shows that the angle and angular velocity of each
joint plotted on the sagittal plane based on the data of “gender differences in three-dimensional gait
analysis data from 98 healthy Korean adults [22].” This gait study included people 175 cm tall, and one
cycle in the stage is 1.5 s, expressed as 0% to 100%. After 60% of the walking cycle, the swing phase
starts (toe-off). The angular velocity is about 210 deg/s. When the stance phase starts (at the heel strike),



Appl. Sci. 2019, 9, 4295 4 of 17

the angular velocity is about −225 deg/s. The change in the angle can be seen from 10 to 65 degrees.
In order to be implemented for general people, the angular velocity of the robot knee should be about
230 deg/s.
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Before developing an EHA system for an exoskeleton robot, we assumed that the hydraulic
actuator applied only to the robot’s knee and that the robot wearer’s height is 175 cm tall. The knee
of the exoskeleton robot is bent and stretched by the forward and backward motion of the hydraulic
cylinder. The knee joint, cylinder body connecting portion, and cylinder rod connecting portion formed
two triangles, as shown by the simple drawing in Figure 4a. The lengths of the links are l1 = 360 mm,
l2 = 88 mm, l3 = 81.2 mm, and l4 = 56.4 mm respectively. The angle of the knee joint is φ, and we
can see that the angle varies by 65 degrees (Figure 3a). The resulting change in the cylinder rod can

be represented by dist =
√

l21 + l22 + l23 + l24 + bc cos(α1 −φ). We were able to obtain the change of the
actual length in the cylinder, and the maximum rod length of the cylinder was about 115 mm. Based on
this, the cylinder with the 120 mm stroke length was applied (Figure 4b). As a result, it could be driven
to the angle of the knee joint for the wearer.

Appl. Sci. 2019, 9, x FOR PEER REVIEW 4 of 17 

from 10 to 65 degrees. In order to be implemented for general people, the angular velocity of the robot 
knee should be about 230 deg/s. 

  
(a) (b) 

Figure 3. The angle and angular velocity of each joint in the sagittal plane according to the gait cycle: 
(a) is the angle, and (b) is the angular velocity. 

Before developing an EHA system for an exoskeleton robot, we assumed that the hydraulic 
actuator applied only to the robot’s knee and that the robot wearer’s height is 175 cm tall. The knee 
of the exoskeleton robot is bent and stretched by the forward and backward motion of the hydraulic 
cylinder. The knee joint, cylinder body connecting portion, and cylinder rod connecting portion 
formed two triangles, as shown by the simple drawing in Figure 4a. The lengths of the links are 

=1 360 mml , =2 88 mml , =3 81.2 mml , and =4 56.4 mml  respectively. The angle of the knee joint 
is φ , and we can see that the angle varies by 65 degrees (Figure 3a). The resulting change in the 

cylinder rod can be represented by ( )2 2 2 2
1 2 3 4 1cosdist l l l l bc α φ= + + + + − . We were able to obtain the 

change of the actual length in the cylinder, and the maximum rod length of the cylinder was about 
115 mm. Based on this, the cylinder with the 120 mm stroke length was applied (Figure 4b). As a 
result, it could be driven to the angle of the knee joint for the wearer. 

  
(a) (b) 

Figure 4. (a) This is the knee structure of the exoskeleton robot and its simplification. (b) This is the 
change in length of the cylinder and the speed. 

The displacement volume of an axial piston pump differs depending on the stroke length of the 
piston and the number of pistons. As shown in Figure 5, the radius of the dotted line in the valve 
plate is R , the cam angle is α , and then a piston stroke length is L  as shown below [23]: 

2 tanL R α= . (1) 

Figure 4. (a) This is the knee structure of the exoskeleton robot and its simplification. (b) This is the
change in length of the cylinder and the speed.



Appl. Sci. 2019, 9, 4295 5 of 17

The displacement volume of an axial piston pump differs depending on the stroke length of the
piston and the number of pistons. As shown in Figure 5, the radius of the dotted line in the valve plate
is R, the cam angle is α, and then a piston stroke length is L as shown below [23]:

L = 2R tanα. (1)
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The cross-section area of the piston is A, the number of the piston is z, and the displacement
volume is Vp expressed as follows:

Vp = zAL = 2zAR tanα. (2)

When the piston rotates by θ from the bottom dead center (BDC), the piston moving is expressed
as:

x =
L
2
−R cosα =

L
2
(1− cosθ). (3)

The velocity of the piston v becomes Lω
2 sinθ in Equation (3). ω is the angular velocity of the

cylinder block. At this time, the instantaneous discharge amount Qt of the pump is expressed as
follows [23]:

Qt =

z0∑
i=1

Avi =
ALω

2

z0∑
i=0

sinθi =
ALω

2
sin

(z0π
z

)
sin

(
θ+

z0 − 1
z

π
)
/ sin

π
2

. (4)

If the number of pistons z is an even number, z0 = z/2 and the discharge amount Qt is

Qt =
ALω

2
cos

(
θ−

π
z

)
/ sin

π
z

. (5)

If it is an odd number, z0 = (z± 1)/2 and the discharge amount Qt is

Qt =
ALω

4
cos

(
θ−

π
2z

)
/ sin

π
z

. (6)



Appl. Sci. 2019, 9, 4295 6 of 17

If z is an even number, the cylinder block pulsates z times when it rotates once, but if it is an odd
number, it pulsates 2z times. The pulsation rate ε is expressed as (Qmax −Qmin)/Qmean, and when z is
an even number, it is as follows:

ε =
Qtmax −Qtmin

Qtmean
=
π
z

tan
π
2z

. (7)

When it is an odd number, it is as follows:

ε =
Qtmax −Qtmin

Qtmean
=
π
2z

tan
π
4z

. (8)

The pulsation rate of the discharge amount according to the number of pistons is calculated as
shown in Table 1.

Table 1. Pulsation rate according to the number of pistons.

z 5 6 7 8 9 10 11 12

ε [%] 4.98 14.0 2.53 7.81 1.53 4.97 1.02 3.45

For the calculated pulsation rate ε, as the number of pistons increases, the pulsation rate becomes
small. However, if it is an odd number, it becomes much smaller. Therefore, it is common to choose
an odd number of pistons, in terms of the pulsation rate. In this study, nine pistons were selected
considering the size of the piston pump. The inner diameter of each piston is 6 mm and the cam angle
is 12 degrees. At this time, according to Equation (2) and the number of pistons, the displacement
volume discharged is about 1.5 cc in one rotation. Considering the maximum speed of the cylinder
rod, the required discharge flow rate is about 113 cc/s. At this time, because the discharge amount of
the pump in one revolution is about 1.5 cc, the pump speed had to be over 75.3 rev/s. That is, the speed
of the motor needed to be 4520 rpm or more.

2.2. Design of the Piston Pump

The EHA system for an exoskeleton robot is composed of a motor, a hydraulic pump, a hydraulic
cylinder, an oil tank, and a hydraulic circuit (hydraulic lines, hydraulic valves, etc.). Depending on
the performance of the hydraulic pump, the operation of the robot is affected seriously. In this study,
the hydraulic pump is a bidirectional swash plate piston pump, and it is designed based on the
required flow rate according to the wearer’s gait cycle. Piston pump has excellent characteristics in
the high-pressure region and is suitable for high-speed rotation. This is widely used in hydraulic
systems that can vary the output capacity and produce high power [23]. Piston pumps are also divided
into swash plate type axial pumps and bent axis type axial pumps, according to the field of use.
Therefore, it is applied in various fields and researched and developed [24,25]. Such a piston pump
can overcome the limitations of the gear pump. However, piston pump is complex and has many
components. First of all, we developed a piston pump to compensate for the disadvantage of the
existing piston pump and to apply it to the exoskeleton robot and the EHA system. The pump was
compacted by integrating the pump housing and valve plate, and was simplified by integrating the
cylinder block, spherical washer, and spline connection. The structure of the piston pump is shown
in Figure 5, and the diameter and length are 56 mm and 81 mm, respectively. The hydraulic pump
mainly consists of a drive shaft, a valve plate, a cylinder block, pistons, piston shoes, and a swash plate.
The swash plate is at a 12 degree fixed angle. The nine holes in the cylinder block are formed at angles
of 40 degrees. Through Equations (1) and (2), the stroke distance of the piston was designed to be
6.38 mm, and the displacement volume was about 1.5 cc.

The suction and discharge of the hydraulic pump change according to the rotation direction of
the motor. First, when the motor rotates the drive shaft of the pump, the cylinder block connected
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to the drive shaft rotates. At this time, the piston shoe connected to the piston and ball socket joint
moves along the surface of the cam, and the piston moves up and down in the cylinder block. As a
result, the hydraulic pressure is produced, and then the pump starts sucking and discharging the
hydraulic fluids. Because the valve plate and the cylinder block rotate in surface contact, they are
made of different materials in consideration of friction. The cylinder block is made of brass and the
valve plate is made of iron. Furthermore, when the piston pushes the hydraulic fluids, the oil film
is formed between the cylinder block and the valve plate, so that the cylinder block gently rotates.
For the same reason, the piston was made of brass, and the hole was made in the piston and shoe to
produce an oil film. The valve plate and the cylinder block contact each other, and the pistons with
shoes and the cam are shown in Figure 6b (the inside of the proposed pump).Appl. Sci. 2019, 9, x FOR PEER REVIEW 7 of 17 
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When the exoskeleton robot supports a mass of 40 kg, the internal pressure of the cylinder becomes
12.73 kgf/cm2. At this time, the force F on one piston can be obtained as follows:

F = PA tanα+ µPA = (µ+ tanα)PA. (9)

The piston area A is 0.283 cm2, and the cam angle α is 12 degrees. Assuming that the friction
coefficient between brass and iron is 0.06, the force is

F = (0.06 + 0.213) × 12.73 kgf/cm2
× 0.283 cm2 = 0.984 kgf = 9.65 N.

In order to produce the above pressure, the piston must push the hydraulic fluids by the force F.
The rotation radius of the piston r is 15 mm, and 9 pistons are operated, but half of the pistons are
sucked and half are discharged simultaneously. Therefore, the required torque is 608 mNm. For this
purpose, the Maxon 400 Watt, EC60 BLDC motor was selected for the pump motor. The specifications
of the desired pump and the motor are shown in Table 2.
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Table 2. The specifications of the desired pump and the motor.

Pump Components Unit Value Motor Parameters Unit Value

Diameter of Pump mm 56 Nominal Voltage V 48
Length of Pump mm 81 No Load Speed rpm 5370

Number of Pistons EA 9 Nominal Speed rpm 4960
Diameter of Piston mm 6 Nominal Torque mNm 768

Stroke Length mm 6.37 Nominal Current A 9.56
Volumetric Displacement cc/rev 1.51 Torque Constant mNm/A 84.9

Cam angle degree 12 Speed Constant rpm/V 113

3. Design of the Hydraulic Circuit

A hydraulic system considering a hydraulic exoskeleton robot mostly uses a unidirectional
pump. This system needs a relief valve, a check valve, a pilot check valve, and a hydraulic cylinder.
Because the pump is unidirectional, it needs an additional servo valve for the cylinder to change
direction. So, the operation of the exoskeleton robots using the hydraulic system is divided into the
active mode and the passive mode. In other words, because it is a semi-active hydraulic system,
the pump rotates unidirectionally and the cylinder advances to lift the weight. However, in order
for the cylinder to move backward, the flow control valve is opened to move the cylinder backward
by the force of the wearer [12]. In other words, when the robot performs the sit-to-stand operation,
the robot increases the strength of the wearer via the actuator. Conversely, for the stand-to-sit operation
in swing phase, the actuator moves manually. The cylinder moves backward through the directional
control valve while the motor continues to operate [13]. In this case, the system becomes complicated,
the efficiency becomes low, and it has problems with noise, vibration, and leakage. In order to overcome
these drawbacks, we developed a bidirectional pump that is applicable to the hydraulic exoskeleton
robot, and we also designed a hydraulic circuit.

Figure 7a shows the designed hydraulic circuit. The circuit consists of the bidirectional pump,
two pilot-operated check valves, four check valves, two relief valves, and the oil tank. Q1 and Q2 are
the actual flow rates flowing in and out of the cylinder. QR1 and QR2 are drained through the relief
valve. For system safety, the relief valve is set so that the internal pressure does not exceed 25 bar.
When a motor rotates, the pump produces pressure P1 and the cylinder moves forward. QT and QP

are sucked through the pump from the tank, and unlike the double-rod cylinder, the cross-sectional
areas A1 and A2 in the single-rod cylinder are different. So, the flow rates Q1 and Q2 are different.
The pilot-operated check valve compensates for this difference in flow, allowing the cylinder to move
gently [26]. The P1 pressure operates the pilot-operated check valve on the Q2 line, which results
in Q2 being equal to QPCV2 and QPCV2 flowing into the tank. There are also check valves between
the cylinder and the pump, so that the flow from the cylinder does not directly enter the pump.
By designing the hydraulic circuit in this way, the hydraulic fluids circulate in the system but can
be viewed as an open circuit. So, the mathematical modeling is simplified. Also, if the motor is not
driven, the pilot-operated check valve is not opened, and the cylinder can maintain a constant force
because of the check valve. Figure 7b shows the actual hydraulic circuit; the circuit was modularized
with a compact size of 130× 100× 70 mm3. Because of this, the hydraulic hose between the valves was
eliminated. So, the circuit has been simplified, and maintenance of leaks has become easier. The oil
tank was made of acrylic, and its size is 70× 70× 110 mm3. The cylinder’s maximum pressure was
3.5 MPa, the inner diameter was 20 mm, and the stroke length was 120 mm.
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4. Modeling of the EHA System

By setting each chamber of the single rod hydraulic cylinder to the control volume and applying
the continuity equation for the pressure change, it is derived as follows [27]:

Q1 = dV1
dt + V1

βe

dP1
dt −Cip(P1 − P2)

Q2 = − dV2
dt + V2

βe

dP2
dt + Cip(P1 − P2) −CepP2

. (10)

V1 and V2 are the cylinder volumes, P1 and P2 are the cylinder pressures, Cip is the internal leakage
coefficient of the piston, and Cep is the external leakage coefficient of the piston. β is the effective bulk
modulus of the hydraulic fluid. After rewriting Equation (10) with respect to the change in pressure
and arranging it, it is the same as Equation (11):

dP1
dt =

βe
V1

(
−

dV1
dt + Q1 −Cip(P1 − P2)

)
dP2
dt =

βe
V2

(
−

dV2
dt −Q2 + Cip(P1 − P2) −CepP2

) . (11)

The volumes V1 and V2 of both chambers of the cylinder can be expressed as Equation (12) with
respect to the initial volume:

V1 = V01 + A1xL

V2 = V02 −A2xL
(12)

dP1
dt =

βe
V01+A1xL

(
−A1

.
xL + Q1 −Cip(P1 − P2)

)
dP2
dt =

βe
V02−A2xL

(
A2

.
xL −Q2 + Cip(P1 − P2) −CepP2

) . (13)

when the cylinder moves forward, that is, when the electric motor rotates forward, the total flow rate
of the hydraulic circuit can be expressed as follows:{

QP = QT = Q1 −QR1

Q2 = QPCV2
. (14)

In practice, the relief valves were not considered in this model, because they are safety devices
and stay below the valve set during operation of the EHA system. So, QP = QT = Q1. Additionally,
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QT can be expressed as Dωm − kleakage(P1 − P2). D is the displacement of the pump, ωm is the motor
speed, and kleakage is the leakage coefficient of the pump.

The flow rate QPCV through the pilot-operated check valve is expressed as shown in Equation
(15), and the flow rate varies depending on the area Acv. As a result, the pressure–flow rate equation
for the hydraulic circuit becomes a nonlinear function. The flow rate QPCV is determined according to
the following equation [28]:

QPCV = CD ·Acv

√
2
ρ
·

∆P(
∆P2 + P2

cr

)1/4
, (15)

where

Acv(∆P) =


Acv,leak for Pe ≤ Pmax

Acv,leak + k · (Pe − Pcrack) for Pcrack < Pe < Pmax

Acv,leak for Pe ≥ Pmax

∆P = P1 − P2, k =
Acv,max−Acv,leak

Pmax−Pcrack

.

CD is the flow discharge coefficient, Acv is the instantaneous orifice passage area, Aleak is the closed
valve leakage area, Amax is the fully open valve passage area, Pcr is the minimum pressure for turbulent
flow, Pe is the equivalent pressure differential across the control member, Pcrack is the valve cracking
pressure, and Pmax is the pressure needed to fully open the valve.

Using the above Equations (12) and (13) and the Laplace transform, we can obtain Equation (16):(
V
2β

s + Cip

)
P1(s) = −A1sXL(s) + Dω(s). (16)

when the left chamber in the single rod is equal to the right chamber, V is the total volume and the
volume V/2 is V01 + A1xL = V02 + A2xL.

By referencing the hydraulic circuit of the EHA system shown in Figure 7, the equation of motion
of the load system can be described as

A1P1 −A2P2 − B
.
xL − FL = M

..
xL. (17)

when the cylinder moves forward, the pilot-operated check valve on the opposite side is opened by the
pressure P1. Because the flow rate QPCV2 is drained into the tank, we do not need to consider pressure
P2. Assuming that there is no disturbance, Equation (17) is rearranged by the Laplace transform and
Equation (18) is obtained as:

XL(s) = A1P1(s)
1

Ms2 + Bs
= A1P1(S)

1
Ms + B

·
1
s

. (18)

After arranging Equation (16) to determine the pressure and substituting it in Equation (18),
the transfer function for the entire system can be determined, as shown in Equation (19). The block
diagram is shown in Figure 8:

XL(s)
ω(s)

= D
1

V
2β s + Cip +

A2
1

Ms+B

·
A1

Ms2 + Bs
. (19)

The hydraulic system has nonlinearity, as shown in Equations (10) and (15). Also, the temperature
of the hydraulic fluid changes because of the friction and pressure acting on the hydraulic cylinder and
the hydraulic pump. Nonlinearity occurs because of the uncertainty of the modeling, the viscosity
change, and the leakage. So, the EHA system must be robustly controlled against these nonlinearities
and uncertainties [26,29].
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5. The Position and Force Control Experiments

5.1. Design of the Sliding Mode Control

In order to apply a sliding mode control to the EHA system, the nonlinear dynamic system is
defined as follows:

x(n) = f (x) + b(x)u, (20)

where the scalar x is the output of interest, the scalar u is the control input, and

x =
[

x
.
x . . . x(n−1)

]T
is the state vector. One of the typical methods for a nonlinear system

is sliding mode control. First, a sliding surface is defined, and the state (x) slides along the surface of the
desired state (xd). Once on the sliding surface, s (t) = 0 is satisfied and the desired state is maintained.

For the nonlinear control of the EHA system, the sliding surface can be defined as [30]:

s(x, t) =
(

d
dt + λ

)n−1
x̃

= c1e1 + c2
d
dt e2 + · · ·+ cn

dn−1

dtn−1 en
, (21)

where, e = x̃ = x− xd is the tracking error, and λ and c are the positive constants. In this study, because
the position, velocity, and acceleration of the single rod of the EHA system should be tracked, n is set
to 3, and the sliding surface is defined as follows:

s = c1e + c2
.
e +

..
e. (22)

For s→ 0 to occur, the Lyapunov function V is set to V = 1
2 s2, and when

.
V = s

.
s ≤ 0, the current

state does not deviate from the sliding surface. The control input u consists of the equivalent control
input ueq for entering the sliding surface and the switching control input sgn(s) for not going out
of the surface at the sliding surface (s = 0). However, the function sgn(s), which is the nonlinear
function, generates chattering because of the discontinuous response. To avoid this, we replaced it
with a saturation function. So, the control input is

u = ueq −Ks · sat(s), sat(s) =
{

s, |s| < 1
sgn(s), |s| ≥ 1

. (23)

Assuming that the cylinder rod moves forward, the equation differentiating Equation (16) can be
rearranged with respect to time for x as follows:

...
x =

1
M

(
A

.
P− B

..
x−

dFd
dt

)
. (24)

By substituting Equation (13) in Equation (24), we can obtain Equation (25):

...
x = −

B
M

..
x−

2A2β

MV
.
x +

2Aβ
MV

Dω−
2Aβ
MV

CipP + d. (25)



Appl. Sci. 2019, 9, 4295 12 of 17

If ω in this equation is replaced by u, and summarized as 2Aβ
MV , then the equation is as follows:

...
x = −

B
M

..
x−

2A2β

MV
.
x +

2Aβ
MV

D(u− de), (26)

where, de includes the disturbance d, volumetric elastic modulus, area, volume, and so on.

.
s = c1

.
e + c2

..
e +

...
e = 0, (27)

where the control input u satisfying Equation (26) is the equivalent control input ueq. It can be obtained
through Equations (26) and (27).

.
s = c1

.
e + c2

..
e +

...
e

= c1
( .
xd −

.
x
)
+ c2

( ..
xd −

..
x
)
+

2A2β
MV

.
x + B

M
..
x− 2AβD

MV ueq +
2AβD
MV de +

...
x d = 0

(28)

ueq =
MV

2AβD

{(
2A2β

MV
+ c1

)
.
x +

( B
M

+ c2

)
..
x + de − c1

.
xd − c2

..
xd +

...
x d

}
, (29)

where de is the disturbance that cannot actually be measured and is set by Kp × e because the state
value must go into the sliding surface. Finally, the sliding mode control law is shown by Equation (28)
which was designed using Equations (22) and (23):

u =
MV

2AβD

{(
2A2β

MV
+ c1

)
.
x +

( B
M

+ c2

)
..
x + Kpe− c1

.
xd − c2

..
xd +

...
x d

}
−Ks · sat

(
c1e + c2

.
e +

..
e
)
. (30)

5.2. Experiment Configuration and Control Experiments

This chapter explains the experiment configuration and control experiments. The experiment
configuration consisted of the hydraulic pump, the manifold of the hydraulic circuit, a double acting
single rod cylinder, a linear variable differential transformer (LVDT), a load cell, a motor driver,
and an embedded system for control and data acquisition. The experimental setup is shown in Figure 9.
The embedded system consisted of the control board and the data acquisition board. Each board was
equipped with controller area network (CAN) communication, the serial peripheral interface (SPI)
communication, amplifier, analog filter, and the 200 MHz microcontroller unit (MCU). The single rod
cylinder for the experiment had a 120 mm stroke length. The inner diameter was 20 mm, and the rod
diameter was 10 mm. The LVDT, which measures the position of the cylinder rod, had a stroke length
of 150 mm. The load cell that measures the reaction force of the cylinder could measure up to 100 kg
and was installed at the end of the cylinder.
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Meanwhile, when the exoskeleton robot operates in the stance phase, the robot performs position
control, and when operating in the swing phase, the robot grasps the wearer’s intention and performs
force control. And speed control loop is generally contained within the position control loop.
So, the verification of the hydraulic pump and the hydraulic circuit were performed through position
and force tracking. Also, the designed sliding mode controller was verified in comparison with a
proportional integral derivative (PID) controller.

The reference input for tracking of the position was a sine wave, and the PID control and sliding
mode control were compared through experiments. First, we simulated them with Matlab Simulink,
as shown in Figure 10, and the results are shown in Figure 11. Table 3 shows the parameters of the
cylinder and pump, and Table 4 shows the PID control and sliding mode control parameter values for
each experiment.
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Table 3. The parameters of the cylinder and pump.

Parameter Unit Value

A1, A cm2 3.1416
M Kg 0.2
D cc/rev 1.5
B N/(cm/s) 0.1
β Kg/cm2 1.7× 109

Vt, V cc, cm3 32.32
Cip

(
cm3/s

)
/
(
N/cm2

)
0.001
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Table 4. The parameters of the control for each experiment.

Position Control Force Control

SMC1 Kp = 200, Ks = 15 SMC1 Kp = 20, Ks = 15
SMC2 Kp = 100, Ks = 15 SMC2 Kp = 20, Ks = 1.5
PID Kp = 200, Ki = 0.02, Kd = 0.1 SMC3 Kp = 40, Ks = 1.5

PID1 Kp = 20, Ki = 0.001, Kd = 1
PID2 Kp = 30, Ki = 0.001, Kd = 1

As shown in Figure 11a, we can see that the cylinder followed the sine wave well. Figure 11b
shows the speed of the motor. Because the initial position of the cylinder was 0 mm, the initial rpm
of the motor was too large to follow the reference input. After the current state reached the sliding
surface, we can see that control value switched in succession for continuous tracking.

Figure 12 gives a comparison of the SMC (sliding mode control) and the PID control for the
experimental equipment. In the simulation, the position reference input value was the sine wave.
At this time, the control period was set to 10 ms. As in the simulation, c1 and c2 were set to be the same,
and in Figure 12a, SMC 1 was set to Kp = 200 and Ks = 15, SMC 2 was set to Kp = 100 and Ks = 15,
and PID was set to Kp = 200, Ki = 0.02, and Kd = 0.1. This shows that the error increased at 1 s and
5 s for all three controls. This is because the moving distance of the cylinder per time was short and
the resolution (120 mm/212bit

− 1) of the LVDT with the stroke length of 120 mm was low. In other
words, the LVDT error occurred because of the characteristics of the analog system (system noise and
the measurement noise), which increased the rate of change in a very short time. Thus, the control
response was a little slow, and the position tracking was not good at 1, 3, and 5 s. To improve the
control performance, it would be better to use high-resolution LVDT or to increase the control period
of the system.
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(sliding motor control) and the PID control, (b) is a comparison of errors.

On the other hand, when the moving speed of the cylinder was high, this problem did not occur in
the sliding mode control and PID control. However, PID had a larger error than sliding mode control
when tracking the position (Figure 12b). The PID controls showed good follow-up, but it is unstable
and slower than the designed SMC 1. In case of PID control, the error value has some positive offset
in 0–1 s, 3–5 s, and 7–8 s intervals. This is because the applied cylinder is a single rod, not a double
rod. In other words, because the volumes of both chambers are different, when the same amount
of flow rate flows into the cylinder, a speed difference of the forward and backward movement of
the rod occurs. In order to follow the sine wave, the motor must rotate at high speed in a section of
0–1, 3–5, 7–8 s. At this time, the limit of the PID controller was shown in this section. In terms of the
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performance of the controllers, SMC 1 was more accurate than SMC 2 in terms of following the desired
input into the sliding surface. When the state variables enter the sliding surface, the control input
sgn(s) is switched to the magnitude of Ks. If the larger disturbance enters the system, it is temporarily
outside of the surface boundary. Theoretically, a larger Ks value can be given to prevent this, but when
applied to the actual system, a large vibration is generated. In the experiment, the average error of
SMC 1 was 0.16 mm, which is a satisfactory value for a practical system.

Figure 13 shows the results of the cylinder tracking the desired force through the sliding mode
control and the PID control. The cylinder followed forces of 60, 90, and 120 N at 2 s intervals. As shown
in Figure 13a, SMC 1 was set to Kp = 20 and Ks = 15, SMC 2 was set to Kp = 20 and Ks = 1.5, and SMC
3 was set to Kp = 40 and Ks = 1.5. Overshoot occurred in the system at Kp = 40, and the system became
unstable. Also, chattering occurred when Ks = 15 even with the same Kp value. Therefore, the cylinder
was most stable when Kp = 20 and Ks = 1.5 (SMC 2). Figure 13b shows a comparison between SMC 2
and the PID1,2 control. The PID control showed good follow-up but was unstable and less accurate
than the designed SMC 2.
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6. Discussion

In this study, we developed the EHA system which combines the advantages of hydraulic actuators
and electric actuators. The pump design of the EHA system was determined through human gait
analysis and design of an exoskeleton robot. In addition, the number of pistons was set to nine,
in consideration of the pulsation rate and pump size. At this time, the pump was designed and
manufactured by a bidirectional swash piston pump. In addition, several valves were made into one
manifold, and the circuit was simplified to make it smaller and lighter. The controller was designed
based on the mathematical modeling of the EHA system. Because hydraulic systems have nonlinearity
and system uncertainty characteristics, the sliding mode controller was designed. We verified the
performance of the developed EHA system through position and force control. So, in this study,
the control parameters were set to Kp = 200 and Ks = 15 in order to enter the sliding surface when
tracking the position with respect to the sine wave. To track the desired force, the control parameters
were set to Kp = 20 and Ks = 1.5. It can be seen that the overshoot occurs as the control parameter Kp

increases in each control experiment. As Ks is larger, state variable does not deviate the sliding surface,
but the system becomes unstable. Rather than enlarging the control parameters for the fast response of
the system, it should be determined considering the stability of the system. Furthermore, compared
with the PID control, we found that the sliding mode control performed better in a nonlinear system.
The EHA was operated by controlling the speed and force of the cylinder. When the actual cylinder
is not moving, the motor is not driven and the forward and backward movement of the cylinder is
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controlled by the rotation of the motor. This exoskeleton robot with a conventional unidirectional
pump can increase the efficiency by overcoming the disadvantage that the motor must continue to
operate regardless of the operation of the cylinder. In addition, when the knee joint of the robot is bent
in the swing phase, it is possible to reduce the burden on the wearer by driving the motor instead of
the wearer’s force. The hydraulic circuit was designed with consideration of the walking operation of
the robot and compacted by integrating them. Therefore, the proposed EHA system applied to the
exoskeleton robot can solve the disadvantages of the existing robot which is used by a conventional
unidirectional pump. The design and control of the exoskeleton robot to which this system is applied
should be continuously researched.
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