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Abstract: This paper considers the coupled kinematic and dynamic models of a mobile crane. A full
description of boom and load movement has been provided as a response of the system to the
influence of kinematic forces. The linear system model was treated as rigid, and the carried load as a
nondeformed static body. To describe the position of said load, Bryant angles were used. The dynamic
model includes the impact of external forces (wind pressure) while load carrying and positioning.
Algorithm and calculation software were developed to enable dynamic phenomena analysis during
both a work cycle and free movement of said load. The initial problem was solved by means of the
ode45 calculation procedure in the Matlab software based on the Runge-Kutta 4th Order Method.
The work presents exemplary results of load movement simulation with respect to various wind
velocities, selected on the basis of guidelines from Poland’s standards regarding safe operation of
mechanical equipment.
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1. Introduction

The truck crane is currently one of the most important modes of equipment transport used to enable
handling and assembly. Technological development and the increase of computational capabilities of
computers allows comprehensive analysis of a modelling problem, which has a crucial impact on the
design stage of new structures or during modification of existing objects. The literature on the subject
lists a series of works pertaining to the problem of modelling crane dynamics; optimization of their work
cycles; or influence of external forces. The problem of crane dynamics with the inclusion of various
load transportation processes was presented in Works [1-3]. Paper [1] presents a dynamic model of a
mobile crane and a carried load in which the flexibility of the support system was taken into account.
The impact of the support system model on mobile crane stability was also analyzed. Paper [2] deals
with the problem of dynamic analysis of a rotary crane with a description of all work stages (i.e., lifting,
transport, and reloading of load). In addition, the article provides the mechanical-mathematical model
with the use of Lagrange’s equation of the second order. In Work [3], the theoretical and computational
model of a forest crane and carried loads was presented. The numerical program, which has been
developed in this work, allows analysis of load motion resulting from a crane’s operating mechanism.
The simulation model of a crane with the assurance of its stability was considered in Works [4-7].
Paper [4] presents a stability assessment method of a truck crane’s handling system and trajectory
optimization process where safety indicator values were accepted as the criterion. Article [5] deals
with the determination of a truck crane’s outrigger reaction and stability factor monitoring during
lift operations. In Paper [6], the mathematical model of the control system for a mobile crane was
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presented. Numerical analyses with multiple strategies of rotational motion control and different
types of controllers were also conducted. Moreover, the experimental results were discussed. The
inherent stability of nonslewing articulated mobile cranes (NSAM) was analyzed in Work [7]. Different
configurations and design geometry of the NSAM were checked. Papers [8,9] present a dynamic
analysis of particular elements of a mobile crane [8] and a harbor crane [9] together with the damping
of those systems. Work [9] also performs a sensitivity analysis by tornado diagram and fast nonlinear
analysis of container cranes. The influence of external forces, having impact on load-carrying systems
was analyzed, inter alia, in Works [10-12]. In Paper [11], wind power impact on a container crane
located in atmospheric boundary layers was considered, where wind power was measured with the
use of a seven-component balance with different wind directions. The problem of positioning, work
cycle optimization, and development of monitoring systems for a carried load were presented in
Papers [6,13-18]. In the optimization process, new technological approaches were used (i.e., LIDAR
scanner [13], three-dimensional (3D) visualization [15], or fuzzy-set logic models [19]). The influence
of crane component flexibilities was also analyzed in Works [16,17].

This work presents a dynamic model of the system: truck crane—carried load. Dynamic problems
were considered concerning two coupled planes of movement (lifting and rotation) with the inclusion
of kinematic dependencies of the real system.

2. Model of the Studied System

The model of the analyzed system (Figure 1) was developed based on a real object.
The computational model may be divided into two coupled parts: kinematic—where movement
parameters of the studied system were determined and dynamic—and the response of the system to
kinematic forces.
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Figure 1. Model of the system: truck crane—carried load.
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In the present paper, the coupled kinematic and dynamic models were developed according to
certain assumptions [1,16]. The kinematic aspect concerns the analysis of a two-member telescopic
boom and pulley system of a truck crane. The dynamic part, as well as wind influence, is related to the
movement of the load. The influence of wind force on boom dynamics has not been taken into account.
The main systems of the rotary crane were treated as rigid bodies, and the mobile crane was set on a
rigid base. The boom of the crane was treated as a beam with infinite stiffness and variable length.
The load was treated as a stable, static body attached at point () on a nondeformable cable having
variable length resulting from the work of the winch, boom movement, and extension. The direction of
wind power impact was adopted as constant and acting following the directions of the X or Y axes of
the global coordinate system.

Due to the adopted assumptions, the following rectangular systems were introduced:
O1x1y121—the inertial system connected with the chassis of the crane; O;x,y,z,—the movable system
connected with the point of the boom’s support in the crane body; (0£nl—the movable system
connected with the boom tip (point (2); and OXYZ—the movable system connected with the load.
Additionally, two systems of curvilinear coordinates were introduced: cylindrical coordinates R, o, Z
in the system O;x1y121, and spherical coordinates r, 6, ¢ in the system O;x,1725.

The kinematic problems of truck cranes were further described in Works [1,18], where the
kinematics of point () were presented. The control of this type of system takes place through changes
of the following coordinates: —boom length, 6—boom inclination angle, ¢ and a (where a = ¢ +
m)—boom and crane body rotation angles. The movement of the load is a composition of the boom tip
movement () and the center of mass of the carried load, which is dependent on the change of cable
length coordinate p, presented by the generalized coordinates as p? = &2 + 1? + (2.

3. Equations of Motion for the Studied System

The general movement of the rigid body may be presented as a connection of translational motion,
in relation to the beginning of the global coordinate system, and rotational motion, in relation to the
center of load mass. The rotation of the local coordinate system connected with the load in relation
to the global system may be defined by means of Bryant angles. The vector components of angular
velocity, using Bryant angles, may be presented in the form of [12]:

Wy =Ew = ‘YCOSSCosd)—i-Ssind),
wy = wy = ~¥ cos 9sin® + 9 cos D, @
w; = w3 :‘YsinS—i—fi),

where ¥, 9 and @ are the Bryant angles.
The components of the angular acceleration vector can be determined by differentiation of
dependence (1):
ex = ¥ cos(9) cos(P) — 9 sin(P) — P sin(P) cos()+
—¥3 cos (@) sin(9) — DI cos(P),

ey = ¥ cos(9) sin(P) + 9 cos(P) + ¥ cos(P) cos(9)+ 2)
+¥9 sin(P) sin(9) — DI sin(D),
e, = —¥sin(9) +d—FIcos(9).

The movable systems of rectangular coordinates were adopted in such a manner that respective
axes thereof remain parallel with respect to each other. Therefore, relative movements of the systems
are translational motions [1].
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3.1. Equations of Motion of the Main System

The movement of the load as the movement of a rigid body is described by the system of two
vector equations [3,20,21]:
{ mac = Fc,
%Kc = Mc,

where m is the mass of the carried load, ac is the absolute translational acceleration vector of the load’s
center of mass in the global coordinate system, F is the resultant vector of all the forces acting on said
load, K¢ is the angular momentum vector of the load in relation to its center of mass, and Mc is the
moment vector from all the forces acting on the load in relation to the center of mass.

By taking into consideration the angular velocity vector w¢ and the matrix of inertia moments J,
it is possible to record the vector of the load’s angular momentum in relation to its center of mass:

Ke = Jecwe 4)

including the total angular momentum derivative of the body in the fixed system

—

d
Kc = EKC + wce XK, ®)

4
dt

rotational motion (3b), using the Einstein summation convention, can be described as [16]:
M] = ]jmgm + Ejkm(‘)k]mn(l)n/ ] = 1/ 2/ 3/ (6)

where ¢y, is the Levi-Civita permutation symbol.
By not including air resistances to motion, the resultant force vector F¢ constitutes the vector sum
of the tension in cable S, load gravity force G, and the impact of external forces Fy:

Fc =S+ G +Fy. ()
By conducting the projection of forces in the global coordinate system

S = ~(Sei + 5y — Sck),
G = -mgk, (8)
Fw = wai+Fwyj + Fuzk,

and presenting the acceleration vector ac as the sum of the boom tip component acceleration including
the center of load mass: )
acy = aoy +¢,
acy = aqy + 1, ) 9)
ac; =a0; +8§ -G,

it is possible to depict the vector Equation (3a) in the following manner:
m(”ﬂx + é) +S¢+Fux =0,

m(acy + i) + Sy + Fuy =0, (10)
m(aQZ—O—g—i)—Sg—Fsz =0,
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which, after certain transformations, may be presented as [1,20]:

. o 2 2

§ = —aq+ 55 + Sl pp+ 7 + aq+ magy — Clas +8) = (€ +77+8)|

. Fun . 2 2
n:—aQerWf+%[pp%—pZ+5a0x+nagy—c(agz+g)—(é +r]2+C ), (11)

. 2 :
C:agz+g+%+p%[perpz+5a0x+nagy—c(agz+g)—(é +172+C )]
Individual members of the boom tip acceleration (point (2) can be written as [1]:

aoy = (Ro(pz) cos @ + (Ro(b) singp + ('19 - réz - r('p2 sin? 9) sin 0 cos o+
—i—(ré +210 - r<p2 sin 0 cos 9) cos O cos ¢ — [r(p sin0 + 2(;'7(% sin O + 6 cos 9)] sing,

aqy = (Rog'oZ) sing — (Ro¢) cos @ + (‘1? - réz _ rqb2 sin2 9) sin O sin p+ (12)
—i—(ré + 276 — r('pz sin O cos 9) cos Osing + [r(p sin 0 + 2('p(f sin 0 4 76 cos 9)] cos @,
aq, = ('1; - 1’92 - r(pz sin? 6) cos 0 — (1’6 + 20 — r(pz sin 0 cos 9) sin 6.

The impact of external forces (wind pressure) F,, may be shown as [22,23]:
1 2
Fw = EpairAV Cp, (13)

where A—the area on which the force is acting, V—wind velocity, Cp—aerodynamic resistance
coefficient, and p,;,—air density.

By including the above-mentioned dependencies, a system of six ordinary differential equations
of the 2nd order are obtained which, after certain transformations, may be presented as [1]:

D;X; =E, (14)

where the coefficient of matrix Dj; and vector E; depend only on functions X; and X including the
functions controlling the system (r, 6, ¢ and p).

In order to solve the initial problem of load motion, the system of Equations (14) should be
reduced to a system of differential equations of the 1st order [24].

3.2. Initial Problem of Load Motion

In this paper, the coordinates r, 8, ¢, and p were given as kinematic forces. As a result of solving
the initial problem, it is possible to determine the functions describing the coordinates of load position
&, n, Cand its rotation angles ¥, 9, @. As a result, it fully describes the behavior of the crane together
with the carried load during the work cycle of the system.

In order to fully formulate the initial problem of system movement, it was necessary to supplement
the formulation of the motion equation with the initial conditions that may be provided in the form:

EBl g =0 EOB|_, =&
’Y(t)|t:0 = Mo, T:](t)'t:O = ’70/
(ly =G C)|_ =G0,
N (15)
Ol Yo ¥~
o(t)],_y =0, O1)|_ =0,
o(t)|,_, = o, d>(t)| — .
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In order to solve the initial problem of motion, the ode45 calculation procedure, based on the
Runge—Kutta 4th Order Method, was used in the Matlab environment [24,25]. The calculation was
made with a variable integration step limited by tolerances: relative and absolute. The upper bound
on ODE (Ordinary Differential Equations) solver step size was set to 1le-3s.

3.3. Variability of the Area on Which Wind Power Has Influence

In Equation (13), defining the impact of wind power, area A, on which the force has influence,
is often treated as a constant value resulting from the initial position of the load [12,26]. The present
paper includes the change of the area caused by both wind power and particular movements of crane’s
elements, as well as defines the parameter of the effective area Ay

In order to determine the parameter A.s, dependencies between the normal vectors of particular
surfaces and the change of coordinates of three vertices of each analyzed surface were used.

By using the coordinates of three points (vertices): P1 = (x1,y1,21), P2 = (x2,42,22), P3 = (x3,y3,23), it
is possible to determine the plane passing through these points, which may be presented by means of
Equation [27]:

X - X1 Y - n A Z1
Xp—X1 Y2—Y1 Z22—Z1 =0. (16)
X3—X1 Ys—Y1 2Z3—721

Parameters of the general equation of this plane
aX+pY+yZ+u=0, (17)
constitute component elements of the normal vector

@;
n; = ,Bi . (18)
Vi

By determining the normal vector of the plane, where wind power has influence

1
np) = 0 ’ (19)
0
it is possible to determine the angle measure between the normal vectors n; and n,.
njon
COSK; = -2 (20)
[

Subsequently, the parameter of the effective area on which wind power has an impact may be
depicted as
Agpf = abcos(kq) + accos(xz) + be cos(xs), (21)

where a—length, b—width, and c—height of the carried load, and «1, x» as well as k3 are the angles
between the normal vectors of particular surfaces.

4. Results and Discussion

In this work, two cases of load movement were analyzed. The first case, which was used to verify
the calculation model, concerned a stationary telescopic boom. Such a motion can be treated as a
mathematical pendulum movement. In this case, the motion was caused by an appropriate selection of
initial conditions. The second case concerned the crane’s work under the influence of kinematic forces
resulting from the crane’s working cycle. The parameters of the calculation model and the properties
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of the carried load are presented in Table 1. For every movement variant, various wind velocities were
analyzed in accordance with the safety requirements of Poland’s standards for crane operation.

Table 1. Parameters of the calculation model.

Aerodynamic Resistance

Load Mass Cable Length  Load Dimensions Coefficient Wind Velocity
a=35m 0 m/s
7000 kg 5m b=15m 1.05 10 m/s
c=20m 20 m/s

4.1. Movement of the Load as a Mathematical Pendulum

In the case where a telescopic boom remains stationary, three movement variants were considered
with various initial conditions. In all cases, the load sway lasted 20 s. The influence of the variable area
inclusion on which wind force had an impact on the calculations was also checked in the simulation.
The sample results of numerical simulations were presented in the form of a trajectory of the load
suspension—point P—and its center of mass O3 as marked in Figure 2. The values of wind power
acting on the load were also determined.

4D

€3

oy

€

Figure 2. Forces acting on the load during the work cycle.

The first variant pertained to load motion in only one plane, and the initial conditions were as
follows:

£y =05m, &M _ =0 (] _y =0, a(B)]_,=0 C(t)]_y=497494m, C(t) =0

Based on the obtained results (Figures 3-6), it can be stated that in one plane motion, the parameter
of the variability of surface area influenced by wind power has a negligible effect on the trajectory
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of analyzed points. The maximum difference in the value of wind power (Figure 7) for a given case

reached 40 N for a wind velocity of 10 m/s and 170 N for 20 m/s.

08

a) 1
0.5
E
- 0 -7
V.=0m/s
05| 0 T V,=10m/s
————— V. =20m/s
A1 \ I
08 -04 0 04
X [m]

b) 1
0.5

E

= 0
05 -

V. =0m/s
V. =10m/s
V. =20m/s

0 04 08
X [m] '

Figure 3. Projection of the trajectory of the carried load’s suspension point on the rotation plane for (a)

the variable effective area and (b) fixed effective area.
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Figure 4. Projection of the trajectory of the carried load’s suspension point on one of the lifting planes

for (a) the variable effective area and (b) fixed effective area.
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Figure 5. Projection of the trajectory of the carried load’s suspension point on the rotation plane for (a)

the variable effective area and (b) fixed effective area.
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Figure 6. Projection of the trajectory of the carried load’s suspension point on one of the lifting planes
for (a) the variable effective area and (b) fixed effective area.
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Figure 7. Value of the wind impact force with respect to wind velocity equal to (a) 10 m/s and (b) 20
m/s (continuous line—fixed area, dotted line—variable area).

In the second case, the rotational motion of the pendulum was analyzed by adopting the following
initial conditions:

Bl =05m, &B]_ =0 aB)]_,=0 ib]_,=0702119m/s,C(1)],_, = 497494 m, {()] =0

Based on obtained results for rotational motion (Figures 8-11), it can be noticed that the parameter
of surface area variability, on which wind power impacts, has a strong effect on the analyzed points
trajectory. The difference in the value of wind power for this case reached 200 N for a wind velocity of
10 m/s and 1000 N for 20 m/s (Figure 12). Comparing wind powers as a function of time (Figure 12),
similarities in trends can be noticed.
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Figure 8. Projection of the trajectory of the carried load’s suspension point on the rotation plane for (a)

the variable effective area and (b) fixed effective area.
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Figure 9. Projection of the trajectory of the carried load’s suspension point on one of the lifting planes

for (a) the variable effective area and (b) fixed effective area.
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Figure 10. Projection of the trajectory of the carried load’s suspension point on the rotation plane for (a)

the variable effective area and (b) fixed effective area.
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Figure 11. Projection of the trajectory of the carried load’s suspension point on one of the lifting planes

for (a) the variable effective area and (b) fixed effective area.
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Figure 12. Value of the wind impact force with respect to wind velocity equal to (a) 10 m/s and (b) 20

m/s (continuous line—fixed area, dotted line—variable area).
The final variant that was analyzed concerning the stationary boom depicts the spatial motion of

the load:
EB)|g=1m, &0)|_ =0,n(B)],_g =0, A(t)],_, =283016m/s, C(1)],_, = 489898 m, C(t)'t:O =

Considering the results achieved with spatial motion (Figures 13-16), the criterion of surface area
variability on which wind power acted affects the trajectory of analyzed points. The different values of
wind power for this variant have reached 300 N for a wind velocity of 10 m/s and 1200 N for 20 m/s.
By contrasting the wind powers as a function of time (Figure 17), more significant differences in the

path can be noticed than in the first variant of motion.
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Figure 13. Projection of the trajectory of the carried load’s suspension point on the rotation plane for (a)

the variable effective area and (b) fixed effective area.
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Figure 14. Projection of the trajectory of the carried load’s suspension point on one of the lifting planes
for (a) the variable effective area and (b) fixed effective area.
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Figure 15. Projection of the trajectory of the carried load’s suspension point on the rotation plane for (a)

the variable effective area and (b) fixed effective area.
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Figure 16. Projection of the trajectory of the carried load’s suspension point on one of the lifting planes

for (a) the variable effective area and (b) fixed effective area.
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Figure 17. Value of the wind impact force with respect to wind velocity equal to (a) 10 m/s and (b) 20

m/s (continuous line—fixed area, dotted line—variable area).

The presented results of numerical calculations (Figures 3-17) illustrate the response of the system
in the form of load motion with respect to given initial conditions in relation to the stationary telescopic
boom. The obtained results allow for accuracy verification of the calculation model. The trajectories
of load suspension and its center of mass were presented regarding the movement in the YOZ plane
(Figures 3-6), rotational motion (Figures 8-11), and spatial motion of the pendulum (Figures 13-16).
The value change of wind force power is depicted in Figure 7, Figure 12, and Figure 17. By analyzing
the obtained results, it is possible to observe differences between the parameter of the effective area and
the fixed area. Depending on the analyzed variant, the values of wind power were different by even
1200 N, according to the considered area and wind power. More considerable differences regarding the

influence of wind power in the trajectory of the load were also observed in the lifting plane rather
than in the rotary plane. Based on the presented results, an effective area parameter was adopted in
the subsequent numerical simulations pertaining to telescopic boom movement. Differences between
trajectories depending on wind velocity were also noted. The higher the wind velocity: the greater
load deflection. For the fixed surface area parameter (as opposed to the variable parameter), smaller

deflections caused by wind power were observed.

4.2. The Movement of the Load during the Working Cycle of the Truck-Crane

Example simulation studies involving telescopic boom movement were conducted with respect
to two cases, differing in terms of wind power direction influence. Kinematic forces were presented
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in the form of trapezoidal impulses which covered start-up, steady motion, and braking movement
(Figure 17). In the simulation studies, the start-up and braking movement lasted half a second. The
total time of the studies covered an 80 s forced movement of the system and a 10 s free movement of
the load.

In the present calculations, initial conditions were adopted where the load was hanging free,
while the adopted control functions (Figure 18) are not overlapping and respectively result from:

e the control of the crane’s platform rotation together with the telescopic boom—the motion starts
at 0 s and lasts for 20 s, the maximum velocity in this motion is equal to 0.18 rad/s

e the control of the working-stroke of the hydraulic actuator system responsible for the change of
the total length of the boom—the motion starts at 20 s and lasts for 20 s, the maximum velocity is
equal to 0.18 m/s

e the control of the power stroke of the hydraulic actuator of boom change—the forcing lasts for 20
s and starts at 40 s, the maximum velocity is equal to 0.036 rad/s

e the control of winch operation—a 20 s cable extension begins at 60 s, the maximum velocity of
cable extension is 0.27 m/s
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Figure 18. Control functions (crane actions).
The initial conditions were adopted in the following form:
Bl =0, &B|_ =0, nBl_o=0 Ml _,=0 CB]_,=5m &»|_ =0,

where the value of the generalized coordinate C results from the initial cable’s length.

The response of the system to the adopted kinematic forcing (Figure 18) was obtained in the
form of projections of the carried load’s center of mass trajectories in the rotation and lifting planes
(Figures 19-24). The vertex coordinates of the load provide a presentation of the spatial orientation of
said load after the cessation of the control functions operation (Figures 25-28).
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Figure 19. Trajectory projections of the carried load’s center of mass in the rotation plane (wind power

having impact according to the direction of the X axis).

12

4
4

———-V =20m/s

2 0

X [m]

Figure 20. Trajectory projections of the carried load’s center of mass in one of the lifting planes (wind

power having impact according to the direction of the X axis).
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Figure 21. Trajectory projections of the carried load’s center of mass in one of the lifting planes (wind

power having impact according to the direction of the X axis).
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Figure 22. Trajectory projections of the carried load’s center of mass in the rotation plane (wind power

having impact according to the direction of the Y axis).
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Figure 23. Trajectory projections of the carried load’s center of mass in one of the lifting planes (wind

power having impact according to the direction of the Y axis).
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Figure 24. Trajectory projections of the carried load’s center of mass in one of the lifting planes (wind

power having impact according to the direction of the Y axis).
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On the basis of the results for carried load motion during the crane work cycle, the highest
deflections of the load were noticed in the X axis wind direction. Observed was that the inclusion of
wind power in the model causes slight differences in load trajectory. However, at some points in time,
significant changes in the direction of motion were noticed. Changes in the direction of motion, in
several cases, may even lead to a loss of crane stability. In the considered case, the most significant
payload oscillations caused by wind power were seen in the last two control functions—boom
inclination angle and winch.

During the working cycle of a truck crane, one of the most important criteria, besides the loss
of stability, is correct positioning of the carried load. In Figures 25-28, the orientation of the load in
particular moments of time can be observed. When wind power has impact in the X axis direction
(Figures 25 and 26), the biggest differences can be noticed when winch operation ends (Figure 26b).
Significant changes were also noted at the end of boom angle change motion (Figure 26a). Smaller
differences in the positioning of the load for Y axis wind power direction were observed in Figure 28.
The cause is the smaller effective area affected by wind force during the crane’s working cycle. However,
the Y axis wind power direction, in this case, causes higher inclinations after crane platform rotation
and boom length extension.

7.5

Vi) . 2 XIml [V, 0ms g
B v -10m/s
M vV -20m/s

Figure 25. Load orientation in particular moments of time (wind power having impact according to
the direction of the X axis). (a) t=20s, (b) t=40s.

4.5

-1.5

-13

Y(m] 6 o XMl VA0S ypy 5 9
M v -10m/s
M v.—20m/s

Figure 26. Load orientation in particular moments of time (wind power having impact according to
the direction of the X axis). (a)t=60s, (b) t =80s.
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Figure 27. Load orientation in particular moments of time (wind force having impact according to the
direction of the Y axis). (a)t=20s, (b) t=40s.

a) ~ b)
Z[m] g =605 Z [m] 1 =805
e N 3 pdl T —
75 g T~ —
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Figure 28. Load orientation in particular moments of time (wind power having impact according to
the direction of the Y axis). (a) t=60s, (b) t=80s.

On the basis of the obtained results, it is possible to observe that the inclusion of wind-power impact
in the calculation model causes differences in the trajectories of load movement path (Figures 19-24)
and in the load positioning process concerning particular moments of time (Figures 25-28). While
analyzing the crane work cycle, including the control functions (Figure 18), greater differences were
noted in the load motion trajectory in the rotation plane rather than in the lifting planes.

Percentages of variation of load center mass coordinates with different directions of wind pressure
are shown in Figures 29-31. The most significant difference between trajectories with and without wind
was noticed for X coordinate when wind power has impact according to the X axis direction (Figure 29).
The maximum percentage of variation for the highest wind rate was 55%. This fact was caused by the
position of the rigid body when the active surface area is the largest. There were also larger differences
related to the direction of the wind force (Figures 29 and 30). When the wind acts in the direction of the
Y axis, significant differences were observed for Y coordinate (Figure 30). The maximum percentage
of variation in this case was 29%, for a wind speed equal to 20 m/s. The biggest deviations from the
trajectory for the Z coordinate were observed for load free motion after the kinematic forcing ceased to
operate (Figure 31).
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Figure 29. Percentage of variation of X coordinate of load’s center of mass for wind power having

impact according to the direction of the: (a) X axis and (b) Y axis (continuous line—Vy, = 10 m/s, dotted

line—Vy =20 m/s).
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Figure 30. Percentage of variation of Y coordinate of load’s center of mass for wind power having
impact according to the direction of the: (a) X axis and (b) Y axis (continuous line—Vy, = 10 m/s, dotted

line—Vy =20 m/s).
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Figure 31. Percentage of variation of Z coordinate of load’s center of mass for wind power having
impact according to the direction of the: (a) X axis and (b) Y axis (continuous line—V,, = 10 m/s, dotted

line—Vy =20 m/s).

5. Conclusions

The paper presents an analysis of load movement carried by means of a mobile crane with the
inclusion of wind power influence impact. The mathematical model of the analyzed system, which
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was developed based on a real object, was divided into a kinematic and dynamic part. In the kinematic
part, motion parameters were determined. In the dynamic section, the influence of motion parameters
on the dynamics of the load was analyzed.

The motion of the load, treated as a nondeformable static body, was presented as a combination of
translational motion relative to origin in the global coordinate system and rotational motion relative to
the load’s center of mass. Orientation and deflections of the analyzed load were determined using
Bryant angles. The rectangular coordinate systems have been adopted in a way in which the relative
motions of individual systems are translational motion. The force of wind impact was determined
using the formula for drag resistance. A system of six ordinary differential equations of the 2nd degree
was obtained which, taking into account the initial conditions, constituted a full description of the
initial problem of load motion. The parameter of the variability of surface area on which wind power
had influence was also presented.

The results of numerical simulations were presented for two cases of system motion— mathematical
pendulum (fixed telescopic boom—() point) and working cycle of rotating crane.

The first part of the work pertains to the case where the telescopic boom remained stationary, and
the load was treated as a mathematical pendulum. Three variants of movement were analyzed: in
the YOZ plane, rotational motion, and spatial motion, which enabled validation of the computational
model. Three values of wind velocity were studied in accordance with the guidelines from Poland’s
standards regarding safety and mobile crane operation. The effective area influence of wind power on
load motion was also considered. The results were presented in the form of trajectory projections of
the suspension point and the center of load mass in the lifting and rotation planes.

The second part of the paper includes an analysis of the wind impact influence during a crane’s
working cycle. The model includes the parameter of the load’s effective area on which wind power
had impact. Two cases were considered that varied in terms of wind impact direction. The results were
presented in the form of trajectory projections of the center of mass and figures showing load orientation
in space concerning particular moments of time. During the determination of load orientation in
relation to the same kinematic forcing, greater inclinations caused by wind-force impact acting in
accordance with the direction of the X axis were found.

On the basis of the conducted simulations, it was possible to observe that wind force has an
influence on the trajectory and the inclinations of the carried load and that it should be considered
during studies on load dynamics, system stability, or final positioning.
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