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Abstract: The normal positioning error hinders the use of magnetorheological finishing (MRF) in
robotic polishing. In this paper, the influence of robotic normal positioning error on the MRF re-
moval rate is revealed, and a force-controlled end-effector for the robotic MRF process is presented.
The developed end-effector is integrated into a six-axis industrial robot, and the robot positions
the end-effector while the end-effector realizes the constant force control. A fused silicon mirror is
polished, and the result shows that the proposed device effectively compensates for robotic normal po-
sitioning error and simultaneously maintains the stability of the polishing process. After deterministic
polishing, the PV (peak to valley) of the figure is reduced from 126.56nm to 56.95nm, and the RMS
(root mean square) is reduced from 22.15 nm to 7.59 nm.

Keywords: normal positioning error; robotic polishing; magnetorheological finishing; force-controlled
end-effector; constant force control

1. Introduction

Magnetorheological finishing (MRF) is a deterministic sub-aperture polishing process
that causes no sub-surface damage [1]. The deterministic removal of material is realized
primarily by the dwell time method in numerical control polishing [2–4], meaning that
the amount of material removal is controlled by the residence time of the polishing tool.
The longer the polishing tool is in contact with the workpiece on a specific surface, the
more material is removed from that area. Hence the magnetorheological removal function
(i.e., the distribution function of the removal amount of the processed material in unit time)
and its stability are critical in the polishing process.

Recently MRF technology has a relatively mature application and development on
computer-numerical-control (CNC) machines, and magnetorheological technology and
equipment have been engineered and commercialized [5]. Nonetheless, conventional MRF
machine tools have drawbacks such as excessive weight and volume, restricted processing
range, and high cost. Since the birth of industrial robots in the 1960s, the robot has been
widely and effectively applied with the advantages of high flexibility and low cost in
various fields, including welding, assembly, medical treatment, and life services. In the
field of polishing, different from high-precision CNC machines, the robot is a rigid-flexible
coupling body composed of multi-joints and multi-links. Thereby, the robot has poor
rigidity and it is difficult to meet the requirements of positioning precision during the
polishing process. To realize the application of robots in precision occasions, researchers
have proposed a variety of solutions, classified into two categories of compensation: direct
compensation of robotic errors and indirect compensation using work actuators. The direct
correction of robotic error is also categorized into model-based error compensation and
sensor-based error compensation [6]. Belchior et al. [7] used the finite element model
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to simulate and predict the robotic workload, combined with the robot stiffness model
to realize the compensation of the robotic milling trajectory error and keep the overall
trajectory error within 0.3 mm. Klimchik et al. [8] combine offline and online compensation
by incorporating the theoretical milling force into the robotic stiffness model. This method
pre-corrects the robotic work trajectory in the control program and re-corrects the work
trajectory in the actual operation based on milling force feedback from the sensor, improving
the precision of the robotic processing trajectory. Shi et al. [9] measured the robot end tool
position based on the laser tracker, developing a closed-loop feedback system for robotic
error compensation. The absolute positioning accuracy was increased to 0.087mm, and
the attitude accuracy of the robotic end reached 0.01◦. Nevertheless, since commercial
industrial robots have closed architecture systems, it is difficult to modify the closed
control system of those robots using direct correction. To meet the demands of robot
polishing, the method of indirect compensation using work actuators mainly includes
active compliance and passive compliance. Generally speaking, an active compliance
actuator has higher accuracy and better adaptability, achieving the positive effects of
grinding technology [10,11]. Christian Brecher et al. [12] developed a pneumatic actuator
for robotic gadget polishing and realized the force control adjustment of the robot surface
polishing process with 0.5N resolution, greatly improving the robot polishing quality.

In terms of the combination of magnetorheological finishing technology and robot
technology, Zhang et al. [13] integrated the exiting magnetorheological finishing tool on a
six-axis industrial robot. A 1000 mm × 470 mm off-axis aspherical mirror was processed
and achieved positive results. Nonetheless, the compensation of robotic normal positioning
error is not disclosed. The immersion depth of the polishing ribbon is typically less
than 0.5 mm, and the positioning error of the robot is typically greater than 0.2 mm
without compensation [14–16]. Therefore, the robotic deterministic polishing process with
a low MRF flow rate (less than 1000 mL/min) and low ribbon height (less than 2 mm)
requires high normal positioning precision. To achieve a high convergence efficiency
for robot magnetorheological polishing, it is indispensable to explore the influence of
robot positioning error on the removal function and develop an appropriate trajectory
compensation strategy.

To cope with the problems mentioned above, based on the current MRF unit design, a
lightweight and intelligent design is conducted to match the load and precision require-
ments of robotic magnetorheological finishing. The magnetorheological finishing actuator
for robots is developed using constant-force control to create a consistent and regulated
material removal rate throughout the polishing operation. Different from a standard mag-
netorheological finishing unit, the actuator is capable of sensing and altering the polishing
condition. Moreover, due to high flexibility and superior adaptability, the intelligent robot
is able to take the place of the current commonly used high-precision machine tool. This fur-
thers the promotion and application of robotic magnetorheological polishing technology
with a low manufacturing cost and extends the robotic magnetorheological finishing to
large-size and high-gradient freeform components.

The remainder of the paper is arranged as follows: Section 2 presents the magnetorhe-
ological removal function model and clarifies the influence of robotic normal positioning
error on the stability of the removal function. Section 3 presents a robotic magnetorhe-
ological polishing system using an active force control technique. Section 4 verifies the
effect of robotic MRF polishing based on constant force control by experiments. Finally, the
conclusions are presented in Section 5.

2. Error of Removal Function

Equation (1) gives a classical version of Preston’s [17] ideas for the material removal rate.

R = KPV = K
Fn

Ac
V, (1)
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where K is Preston’s coefficient determined by the physical and chemical properties of the
polishing fluid (e.g., PH value, slurry, abrasive type, friction force) and the material of the
machined workpiece, P is the normal pressure applied (i.e., normal force Fn, the contact
area Ac between the polishing tool and the substrate being polished), and V is the relative
velocity between the workpiece surface and the magnetorheological fluid.

Shorey [18] found that the material removal of MRF finishing is a process dominated
by sheer force and supplemented by normal force. To address MRF, Shorey proposed a
modified Preston’s model, as is shown in Equation (2):

Rs = C′p,MRF(Fn)
µFn

As
V, (2)

where C′p,MRF(Fn) is the modified Preston’s coefficient, instead of Ac in Equation (1), As is
the projected spot area where polishing occurs, and the coefficient of friction is µ correlating
with the sheer force. The experiment indicates that µ lies between 0.4 and 0.6, within the
typical range for the coefficient of friction reported for most materials in the sliding friction
model [19,20].

Equation (2) reveals that the normal force Fn between the MRF tool and the workpiece
is one of the key factors affecting the removal function. The normal force Fn of polishing
can be affected by changing immersion depths (the depth at which the ribbon is immersed
into the workpiece surface). The change of immersion depth results in the change of ribbon
hardness and abrasive adhesion degree at the contact layer of the ribbon. Hence, the
immersion depth is an important factor affecting the polishing force [21–23].

Under the existing experimental conditions, the sensitivity of the removal function
to the normal positioning error is investigated by taking spots under different immersion
depths on a high-precision MRF machine with a positioning precision of 3 µm on the Z-axis,
as illustrated in Figure 1.

Figure 1. Taking spots under different immersion depths on a high-precision MRF machine. (a) MRF
tool on a high-precision machine; (b) MRF ribbon when taking a spot; (c) The figure map after taking
spots; (d) The distribution of the removal amount of MRF spot taking.
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Eight groups with different immersion depths from 0.2 mm to 0.55 mm are taken, with
two spots in each group. A standard MR fluid is used in this experiment, consisting of Nano-
diamond abrasives, iron powder, deionized water, and stabilizers. The Magnetorheological
flow rate is 1800 mL/min, the wheel speed is 200 rpm with the diameter of the polishing
wheel at 300 mm, the magnetorheological fluid moisture is 14.5%, and the ribbon height is
adjusted to 1.3 mm.

The volumetric removal rate (VRR) is obtained from MRF spots. As illustrated
in Figure 2, the result indicates a positive linear dependence on immersion depth un-
der the conditions used in this experiment. The normal error of 0.05 mm results in a
0.000935 mm3/s error in volumetric removal rate. Since the immersion depth of 0.3–0.4 mm
commonly is used in polishing, the relative error of the volumetric removal rate reaches
19–30% for the normal error 0.05 mm.

Figure 2. Immersion depths and volumetric removal rate for MRF spots taken with a Nano-diamond
MR fluid.

Overall, these results indicate that the stability of the MRF process is sensitive to
normal positioning error. In the stable polishing process, the normal distance between the
polishing tool and the workpiece surface should keep constant, guaranteeing the stability
of the normal polishing force Fn and the projected spot area As. That ensures the sheer force
affecting the material removal efficiency is stable. The normal positioning error between the
polishing tool and the workpiece leads to uneven polishing force. The error of the material
removal rate at each position of the workpiece surface leads to the poor quality of the
final surface. To achieve the stability of the robotic magnetorheological finishing removal
efficiency control, a method based on constant force control is proposed. The principle of a
constant force end-effector and control system is designed.

3. Force-Controlled End-Effector
3.1. Mechanical Design

The innovative design of magnetorheological polishing equipment is carried out to
fulfill the demands of robotic magnetorheological finishing, as illustrated in Figure 3.

The main components of the end-effector have compensatory parts, as illustrated
in Figure 3a,b; compensation parts consisting of a servo motor and a linear ball screw
mechanism, as shown in Figure 3c,d; control parts with a microcontroller, and polishing
parts is an MRF circulation system, the detail is shown in Figure 3e: including a polishing
wheel, a cycle system consist of two pumps, a nozzle, a recycling device, and a ribbon of
magnetorheological; posture sensor and force sensor comprise the operating state detect-
ing parts. The MRF circulation system recycles the magnetorheological fluid while also
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removing the surface materials of the polished workpiece. Both polishing tool attitude
and normal force are obtained using the state sensor parts and sent to the microcontroller.
The microcontroller processes the polishing force and converts it into the relevant posi-
tion correction. It controls the compensation parts to complete the compensation action
to maintain the stability of normal polishing force Fn in the polishing process (i.e., the
stability of MRF removal function). The advantage of the developed device is that it has an
independent closed-loop control system, whose control effect only depends on its own and
does not require any change of the robotic control system. Hence, the end-effector has good
universality and practicability. The control principle of the magnetorheological polishing
method based on constant force is illustrated in Figure 4.

Figure 3. Model of a magnetorheological polishing device with axial compliant force. (a,b) Main
components of the end-effector; (c,d) Linear ball screw mechanism (all dimensions are in mm); (e) The
MRF circulation system of the end-effector.

Figure 4. Free body diagram of polishing tool and surface in normal direction.

The developed end-effector is to be integrated into a six-axis industrial robot. The in-
dustrial robot is used to position the end-effector and maintain that the polishing part of
the MRF ribbon always contacts the workpiece surface vertically. The workpiece surface
is subjected to force F and tangential friction force f at the polishing position N(x, y, z).
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Since the end-effector is in vertical contact with the workpiece polishing part, the force F is
the normal polishing force Fn acting on the surface. According to Newton’s second law, the
force of the end-effector is shown in Equation (3).

Fsensor = Fg − f0 − Fn, (3)

where Fg is the normal component of gravity and f0 is the static friction force of structural,
which is small enough that can be ignored. When the robotic positioning deviation occurs,
the normal force Fn changes. The mechanical changes after force signals to the micro-
controller, using the force control model position correction, the force signal is converted
to control motor speed and working time interval, driving the polishing parts to move
in a normal direction through the linear ball screw mechanism. By changing the contact
relationship between the magnetorheological ribbon and the polishing part until the normal
force Fn is controlled within the preset tolerance range, the relative position of the polishing
process can be indirectly monitored and compensated to guarantee the stability of the
polishing force.

3.2. Control System Modeling

The force-controlled end-effector directly interacts with the polishing environment.
According to the principle of impedance control [24], the transfer function between the end-
effector’s position correction ∆x = H − H0 and the polishing output force ∆F = F0 − Ff is
established as follows:

M
( ..

H −
..

H0

)
+ B

( .
H −

.
H0

)
+ C(H − H0) = F0 − Ff . (4)

After Laplace transforms, Equation (4) is written as

∆x =
∆F

Ms2 + Bs + C
, (5)

where M, B, and C respectively represent the inertia parameter, damping parameter, and
stiffness parameter of impedance control. The system structure of force-controlled end-
effector is established as shown in Figure 5, including a position control inner loop and an
impedance control outer loop, where H0 represents the desired position of the polishing
part; H is the compensated position of the polishing part; xe is the robot positioning error;
∆x is the position correction of the polishing part; ∆F is the difference between the desired
contact force F0 and the measured contact force Ff ; Ke is the environmental stiffness and
the Ff = Ke(H − xe).

Figure 5. The system structure of force-controlled end-effector.

3.3. Controller Design

In the process of MRF, the components of MRF fluid change dynamically, mainly
temperature and moisture. Generally, under the compensation function of the circulation
system during the process, the fluctuation range of moisture is 0.5% and the fluctuation
range of temperature is within 1 °C. Hence, for the specified MRF fluid and material of
the workpiece, the stiffness and damping of the constant force end-effector system will be
affected by the dynamical variation of MRF fluid parameters, and thus the system cannot be
accurately modeled. Therefore, the ideal controller should be insensitive to the changes in
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system parameters and has strong anti-interference and robustness. The active disturbance
rejection control (ADRC) first proposed by Han [25] can estimate and compensate the
total disturbances in real-time; its adaptive range of parameters is large. Taking the
normal polishing force Fn and its differential signal as state variables x1 and x2, the system
parameters affected by the change of MRF Fluid state are considered as the parts of
the unknown external disturbance ω(t). The constant force actuator system model is
described as f (x1, x2, ω(t), t), which is a multivariable function of both the states, external
disturbances, and time t. Treating f (x1, x2, ω(t), t) as an additional state variable x3, and
let

.
x3 = Z(t), the system state is described as:

.
x1 = x2.

x2 = x3 + bu
.

x3 = Z(t)
y = x1

, (6)

where y is the output, measured and to be controlled, and u is the input control signal.
With f (x1, x2, ω(t), t) unknown, ADRC provides an extended state observer (ESO) to
estimate and reject the disturbances of the system. A differential tracker (TD) is used to
provide the accurate tracking of the input signal, and the contradiction between overshoot
and response speed is solved by arranging a transient process. Different from PID with
a linear control law, TD with a nonlinear feedback law is designed to achieve zero error.
Combining all of the above, the ADRC takes the form as shown in Equation (7) and the
structure of ADRC is shown in Figure 6.

f h = f han(x1 − x0, x2, r0, h0)
x1 = x1 + hx2
x2 = x2 + h f h
x = x1 + h1x2

f al(e, a, b) =
{
|e|asign(e), |e| > b

e
ba , |e| ≤ b

e = z1 − y0
f e = f al(e, 0.5, h)

f e1 = f al(e, 0.25, h)
z1 = z1 + h(z2 − β01e)

z2 = z2 + h(z3 − β02 f e)
z3 = z3 + h(−β03 f e1)

e1 = x1 − z1
e2 = x2 − z2

u0 = f han(e1, ce2, r0, h1)
u = u0−z3

b0

, (7)

where f h is a time-optimal solution that guarantees the fastest convergence from the current
state to the desired state without any overshoot; r0 is the parameter selected accordingly
to speed up or slow down the transient process; h is the sampling period; h0 is the step
size employed to restrain noise amplification of the differential signal, usually it is slightly
larger than h; h1 is the precision coefficient that determines the aggressiveness of the control
loop and it is usually a multiple of the sampling period h; x is the value of forecast time
h1 forward according to differential signal x2 on the basis of value x1; e is the difference
between tracking signal z1 of x1 and the system output y0; z2 is the tracking signal of x2, z3
and b0 are parameters with disturbance compensation; β01, β02, β03 are the observer gains;
c is a fine-tuning adjustment parameter; x0 is the input signal; and u is the control signal.
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Figure 6. Constant force control system with ADRC topology.

3.4. Control Simulation

Since the constant force control system with ADRC topology is complicated, it is
difficult to establish an accurate mathematical model of the control system. To verify the
control performance of ADRC and determine the range of the system control parameters,
an approximate transfer model of the system input and output is determined in Formula (8)
using Ding Feng’s two-point and three-point methods based on the step responses [26].

Fout

U
=

1
0.00306s2 + 0.197s + 1

, (8)

where Fout is the output force and U is the input signal of the servo motor.
Adopt ADRC algorithm and traditional PID algorithm to carry on the control simula-

tion comparison to this system. The simulation result is illustrated Figure 7.

Figure 7. Unit step response of ADRC and PID.

The PID algorithm force control result is shown by the red curve, whereas the ADRC
algorithm force control result is represented by the black curve. After 1.25 s adjustment
time, the PID algorithm reaches a steady state in the control process. With 0.85 s adjustment
time, ADRC algorithm outperforms the PID control method. The planned ADRC has
no overshoot and has a quick adjustment time, outperforming PID control in terms of
dynamic performance. Furthermore, the ADRC controller has a significant anti-disturbance
capability, helping to increase the stability of the system.

4. Experiment Setup and Results

The experimental system includes a KUKA KR120 six-axis industrial robot arm and
the proposed end-effector as shown in Figure 8. The polishing wheel speed is 500rpm with
a diameter of 50 mm. A kind of magnetorheological fluid with Nano-diamond is used in
this experiment. The magnetorheological flowrate is 800 mL/min, and the ribbon height is
adjusted to 2 mm.
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Figure 8. Robot magnetorheological polishing platform with constant force actuator.

The experiment is arranged as follows: First, verify the performance of the designed
controller with several tests. Second, compare the robotic magnetorheological finishing
stability before and after the constant force control. Third, conduct a mirror deterministic
polishing experiment to verify the effectiveness of the proposed system. In all experiments,
the six-axis robot carries the end-effector in vertical contact with a workpiece of quartz
mirror (200 mm × 200 mm × 10 mm). The normal force Fn during the polishing process is
monitored and recorded by the application based on the software LABVIEW.

4.1. Constant Force Control with ADRC

This experiment is performed to validate the performance of the proposed system.
The system response performance experiment is conducted under two different polishing
forces. Figure 9 depicts the ADRC controller’s force response at the desired force of 1 N
without disturbance. The force control system attains the intended force of 1 N after 450 ms
of adjustment time and oscillates around 1N. The average force is 1.01 N, with the highest
inaccuracy of 0.1 N in force control. Figure 10 depicts the force response at the intended
force of 2 N during the dynamic process with the disturbance caused by robot positioning
inaccuracy at 14.3% magnetorheological moisture. The force rises in 910 ms from 0.5 N to
2 N without overshooting, has a peak error of less than 0.3 N, and has an average force of
1.98 N. Figure 11 depicts the force response at the desired force of 2N during the dynamic
process with the disturbance caused by robot positioning error at 15.3% magnetorheological
moisture. The time of force to increase from 0.5 N to 2 N is 735 ms with a 0.1 N overshoot.
The force control peak error is less than 0.3 N, and the average force is 1.96 N. As shown in
the results, the system provides a quick response to disturbance and stabilizes it.

4.2. The Stability of Magnetorheological Polishing with Constant Force Control

To clarify the influence of Fn on the stability of the removal function and to explain the
influence law of the normal error on MRF volumetric removal rate, the spots for different
forces are taken with the magnetorheological moisture 14.3% and 15.3% respectively.
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Figure 9. Robotic magnetorheological polishing force response at 1N without disturbance.

Figure 10. Robotic magnetorheological polishing force response at 14.3% magnetorheological moisture.

Figure 11. Robotic magnetorheological polishing force response at 15.3% magnetorheological moisture.

The results of the correlational analysis are presented Figure 12. There is a positive
linear correlation between Fn and VRR that is consistent with the theoretical formula.
The VRR increases as the water content decrease, and the coefficient of friction (i.e., the
linear slope), also increases as the moisture decreases. From Figure 12 for the polish-
ing force of 2 N commonly used, each unit normal force results in the VRR fluctuation
from 1.6909× 10−4 mm3/s to 2.1399× 10−4mm3/s, and the relative error of VRR reaches
40–50%.
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Figure 12. Volumetric removal rate and normal force with the moistures of MR fluid 14.3% and 15.3%.

The removal effect before and after constant force control on a 200 mm× 200 mm×10 mm
fused silicon mirror is analyzed using uniform polishing. The six-axis robot drives the
polishing head to maintain the normal contact with the workpiece and processes the whole
workpiece surface under 14.3% moisture of MRF fluid. The polishing path is faster with
0.8 mm path pitch and the feed rate keeps constant. Figure 13a,b respectively shows the
distributions of the normal polishing force and material removal amount without constant
force control. From those, before compensation, the robot motion error causes uneven
polishing at each point of the workpiece, and the material removal distribution is essentially
the same as the normal force error distribution.

Figure 13. The normal force distribution and removal amount distribution with/without constant
force control: (a) Normal force distribution of MRF process without constant force control; (b) The
removal amount distribution without constant force control; (c) Normal force of MRF process with
constant force control; (d) The removal amount distribution with constant force control.
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Figure 13c,d respectively reveals the distributions of the normal polishing force and
material removal amount with constant force control. From those, after compensation, the
constant force actuator effectively ensures the constant normal polishing force, with a peak
error of less than 0.3 N and an average error of less than 0.05 N. The uniform removal
distribution error of the material in the constant force polishing process is less than ± 0.05λ
(λ = 632.8 nm). Hence, the developed constant force system plays a significant role in
high-precision and high-efficient polishing.

4.3. Deterministic Magnetorheological Polishing with Constant Force Control

A fused silicon mirror with the size 100 mm × 100 mm × 10 mm is deterministically
polished under 14.3% moisture of the magnetorheological fluid. The raster polishing path is
adopted with 0.8 mm path pitch, and the polishing feed rate is computed through the dwell
time algorithm of deterministic polishing. The surface after robotic magnetorheological
finishing is yielded, as illustrated in Figure 14. The RMS is reduced from 0.035 λ to 0.012 λ,
and the peak error is reduced from 0.20 λ to 0.09 λ within 95% optical aperture (Φ95 mm).

Figure 14. The error map before and after deterministic polishing with the force control: (a) Initial
surface error map; (b) The residual surface error map.

5. Conclusions

The sensitivity of the magnetorheological removal function with the normal posi-
tioning error is investigated. Treating the normal polishing force as the monitoring tar-
get, a constant force polishing magnetorheological end-effector is designed, which has
a fast response speed, high force control accuracy, compact structure, and lightweight.
The impedance-based controller fulfills the force control stability and tracking precision.
The adaptability of the magnetorheological end-effector is enhanced by the autonomous
control system, and the robotic MRF method based on constant force control is applicable
to any robots with different positioning precision levels.

The experimental results reveal that the normal force of magnetorheological polish-
ing accurately defines the stability of removal function, and the distribution of material
removal amount for the uniform polishing achieves high consistency under constant force
control. The average error of constant force control reaches within 0.1N. A deterministic
polishing based on constant force control is also conducted, and the results reveal that
magnetorheological finishing with constant force has a strong surface convergence effect,
which can satisfy the demands of nano-level surface fabrication for optical lenses.
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