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Abstract: At present, studying the parameters of shock waves at pressures up to 20 GPa entails a
number of practical difficulties. In order to describe the propagation of shock waves, their initial
parameters on the wall of the explosion cavity need to be known. With the determination of initial
parameters, pressures in the near zone of the explosion can be calculated, and the choice of explosives
can be substantiated. Therefore, developing a method for estimating shock wave parameters on
an explosion cavity wall during the refraction of a detonation wave is an important problem in
blast mining. This article proposes a method based on the theory of breakdown of an arbitrary
discontinuity (the Riemann problem) to determine the shock wave parameters on the wall of the
explosion cavity. Two possible variants of detonation wave refraction on the explosion cavity wall
are described. This manuscript compares the parameters on the explosion cavity wall when using
emulsion explosives with those obtained using cheap granular ANFO explosives. The detonative
decomposition of emulsion explosives is also considered, and an equation of state for gaseous
explosion products is proposed, which enables the estimation of detonation parameters while
accounting for the incompressible volume of molecules (covolume) at the Chapman–Jouguet point.

Keywords: analytic model; explosive; shock waves; refraction of a detonation wave; blast pressure

1. Introduction

Mining works currently use emulsion explosives, which are safe to manufacture, trans-
port, store and employ for borehole charging [1–5], because they are devoid of explosive
initiators such as trotyl, hexogen and other high-brisance explosives. The basic composi-
tion of emulsion explosives is comparable to that of cheap granular explosives (igdanites
and granulites) [6], but emulsion explosives are multi-component fluids. The size of the
particles of an emulsion explosive and their distribution in the dispersed medium are the
main criteria for assessing the quality of the explosive preparation. Emulsion explosives are
generally classified into two types: oil-in-water and water-in-oil. The emulsion composition
of the oil-in-water type, according to its physical properties and chemical composition, is
characteristic of slurry explosives, since they contain a structuring agent and thickener, and
the combustible component of the emulsion matrix is fuel in a solution of water and an
oxidizer. The stability of the properties of such an emulsion is based on the selection of the
required emulsifier. Another component of the water-in-oil type is called emulite, which is
an emulsion of a highly concentrated water solution of oxidizer salts (up to 80 percent of
dissolved ammonium nitrate salts) in the fuel phase. Thus, water-in-oil emulsions have a
higher resistance to water, as the smallest droplets of the oxidizing solution are inside a
thin waterproof film of the fuel phase.

Two theories are used to describe detonating explosives: (1) The hydrodynamic theory
of Zeldovich–von Neumann–Döring [7,8] and (2) the “hot spot” theory [9–13].
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The hydrodynamic theory of Zeldovich–von Neumann–Döring describes the deto-
nation of explosives initiated by shock waves. The chemical decomposition of emulsion
explosives by detonation is dependent on the presence of spherical particles, which can be
obtained through the use of plastic microspheres or gas-generating agents. A deficiency of
spherical particles makes it impossible to initiate an emulsion explosive through the use
of a booster explosive charge (use of a shock wave). Therefore, a number of researchers
applied the “hot spot” theory as an alternative to describe the detonation of emulsion
explosives. The “hot spot” theory, originally developed to describe the initiation of an
explosion by impact or friction, is based on concepts involving the structure of matter,
which varies from a continuous medium to a molecular structure. According to the theory
of “hot spots”, combustion mechanisms can be divided into the following: ignition on
glide surfaces, ignition in the vicinity of collapsing spherical particles, ignition in the zones
of adiabatic shear in crystal, ignition on the edge of spreading cracks and combustion of
explosive particles penetrating the gas bubble [10,14]. All of these mechanisms are based
on a thermal explosion, which occurs if the rate of heat generation by the chemical reaction
exceeds the rate of heat rejection to the external environment. The self-heating of the
emulsion occurs in accordance with the Arrhenius equation without branched chains in
the chemical reaction.

The duration and amplitude of the action differ between shock wave initiation and
impact initiation, and there is an absence of heat for shock wave initiation since it does not
exchange heat with the environment. Therefore, the hydrodynamic theory is appropriate
for describing the detonation of an emulsion explosive.

A large number of equations of state have been devised to describe the behavior of
gaseous explosion products, and they can be divided into two main groups: (1) equations
of state that include the chemical composition of gaseous explosion products (the Becker–
Nedostup equation, the Abel equation, the Berthelot equation, the Becker–Kistiakowsky–
Wilson equation); (2) equations of state that do not include the chemical composition
of the explosion products but describe them as an average (the theta equation of state,
Landau–Stanyukovich equation of state, Jones–Wilkins–Lee equation of state). In practice,
the first group of equations of state are able to predict the detonation characteristics of, as a
rule, gaseous explosive mixtures and, less often, condensed explosives. Equations of state
in the second group can be used to solve problems applicable to mining.

The Jones–Wilkins–Lee equation of state, which is widely used in the scientific litera-
ture [15–20], has six empirical (adjustable) constants. On the one hand, this provides for a
good description of the behavior of gaseous explosion products, but the resulting combi-
nations of empirical constants are not precisely determinable, and it is always possible to
choose another set of constants that will describe the behavior of gaseous explosion prod-
ucts in addition to the first set. This equation is effective for describing well-characterized
high-brisance explosives (trotyl, hexogen, ten), but for industrial explosives, an equation
of state that does not require an additional basis for its application is more practical. This
approach is presented in this work and has been previously described [21].

The main premise of the applied equation of state (1) is as follows: in the zone of the
chemical reaction, the condensed explosive is in a highly compressed state; the atoms or
molecules of the explosive are in oscillatory motion, rather than thermal motion, and the
repulsive forces determine the pressure magnitude. To describe such a system, methods of
statistical physics for expressing Helmholtz energy are applied. Further gaseous explosion
products appear at the Chapman–Jouguet point, contributing to the magnitude of the
detonation pressure (namely, reducing it) because there is a volume of molecules that
cannot be compressed. Then, it defines the pressure at the Chapman–Jouguet point, which
is the initial pressure for the polytropic expansion of gaseous explosion products.

The next important objective of this research is to determine the parameters on the
wall of an explosion cavity. At present, when designing blasting operations in open-pit
mines, the shock wave parameters in the rock are not calculated. The main approach
to determining these parameters for drilling and blasting operations and choosing the
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applicable explosive is based on the empirical ratio of the required amount of explosive to
the volume of rock moved in space. This approach does not consider physical processes
of transmitting the detonation pressure into the rock; therefore, it is necessary to study
these physical processes to assess the expediency of using an explosive and to prepare the
initial data for calculating the parameters of drilling and blasting operations based on the
propagation of shock waves.

Many scientists use acoustic approximation to determine the pressure on the explosion
cavity wall [21]:

Pf =
ρm·Cp

ρm·Cp + ρvv·D
Pd,

where Pd is the pressure of detonation products at the Chapman–Jouguet point, ρm is the
density of the rock, Cp is the velocity of a longitudinal wave, ρvv is the density of the
explosive, and D is the velocity of detonation.

In the framework of the acoustic approach, it is initially assumed that the shock wave
has a small amplitude that appears at a relatively large equilibrium pressure, and it is also
assumed that the shock wave propagates with the local velocity of sound. Comparing the
calculated pressure in the rock with experimental data reveals up to a twofold discrepancy.

The propagation of shock waves in solids at relatively low pressures causes two
configurations of waves: the first to propagate is a wave called an elastic precursor, and the
second is a shock wave (often called a plastic wave), which propagates with the volume
velocity of sound (Figure 1).

Figure 1. Schematic shape of the shock wave in the rock. 1—elastic precursor; 2—plastic wave;
3—rarefaction waves and diffracted waves.

The plastic wave velocity is determined by the formula [9]

CV =

√
1 + v

3(1 − v)
Cp,

where v is Poisson’s ratio.
There is one other significant consideration: shock waves have no equilibrium pressure

at all because they are characterized by a rapid increase and decrease in pressure in a short
period of time (approximately 10−6–10−5 s); thus, the equilibrium state is unattainable.

Previously applied methods for estimating shock wave parameters on the borehole
wall are based on the interaction of an ideal gas with the wall of the explosion cavity and the
application of acoustic approximation to the refraction of a detonation wave. The values
resulting from these approaches are underestimated in comparison with experimental
results; therefore, it is necessary to account for the physical processes that occur during the
refraction of detonation waves in the rock.
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2. Materials and Methods

The behavior of detonation products can be described with the equation of state
in [10]:

Pd = (1 − αkov·ρvv)
ρvv·D2

(n + 1)
, (1)

where n is a polytropic exponent, αkov = 10−3 e−0,4·10−3·ρd is an incompressible volume of
molecules [8], D is the detonation velocity, ρvv is the explosive density, and ρd is the density
of gaseous products of the explosion behind the chemical reaction zone.

The polytropic exponent is determined via the Landau–Stanyukovich equation [22]:

D2 =
[
4A·(n + 1) + 2

(
n2 − 1

)]
·Q + 1010·ρn−1

vv ·b (2)

where A, b are empirical coefficients, and Q is explosion heat.
The density of gaseous explosion products is determined with the formula [10]

ρd = ρvv
n + 1

(n + αkov·ρvv)
. (3)

The interaction of the detonation front with the surface of the blasthole wall should be
determined using general approaches involving the theory of breakdown of an arbitrary
discontinuity. The surface of an arbitrary discontinuity is considered to be part of the space
where gas-dynamic and thermodynamic parameters of the medium change extremely
rapidly. In order to calculate the shock wave values at the initial moment in the imme-
diate vicinity of the borehole surface between the detonation products and the rock, one
should use the general regularities of the shock wave that propagates in the detonation
products and into the rock, which borders on the explosive charge. Another condition that
determines the solution for the detonation wave refraction in the rock is the equality of the
pressures and velocities of the particles on the surface of discontinuity, which is ensured by
changing the flow parameters in the detonation products.

When the detonation wave is refracted on the explosion cavity wall in the rock,
different wave refraction mechanisms for emulsion explosives are realized: (1) the pressure
values of the detonation products can be higher than the shock wave; (2) the pressure
values of the detonation products may be lower than the shock wave.

(1) If the pressure of the detonation products is higher than that of the shock wave, then
a rarefaction wave propagates in the detonation products, and a shock wave propagates in
the rock.

The velocity of particles in detonation products after refraction of the detonation wave
is determined in accordance with the first variant:

u f = ∆u + ud, (4)

where ud is the velocity of detonation product particles at the Chapman–Jouguet point,
m/s; u f is the velocity of the rock particles, m/s; and ∆u is the increase in the velocity of
detonation product particles, m/s.

The increase in velocity can be calculated by determining the change in the velocity
of the particles in the detonation products. The following integral was obtained by G.
Riemann [9]:

∆u =
∫ Pd

Pf

dp
cρ

, (5)

where ρ is the density of detonation products after refraction, and c is the velocity of sound
in the detonation products after refraction.
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The velocity of detonation product particles and the velocity of sound at the Chapman–
Jouguet point are obtained [9]:

ud =
D

n + 1
, cd =

nD
n + 1 . (6)

The velocity of sound in the detonation products is described by the formula

c =
√

∂p/∂ρ ,

where p = f (ρ) is the law of the polytropic expansion of detonation products.
After rearrangement, the incompressible volume of molecules is calculated:

c =

(
P
Pd

) n−1
2n (1 − αkov·ρvv)nD

n + 1

ρ =

(
P
Pd

) 1
n ρd
(1 − αkov·ρd)

. (7)

Then, Formula (7) is placed in the Riemann integral (5). The integration of a definite
integral (5) is conducted according to the pressure range from the explosive to the pressure
in the rock, and thus, we obtain the formula:

∆u =
2(n + αkov·ρvv)

(n − 1)ρvv·D
Pd

1 −
(2Pf

Pd

) n−1
2n

, (8)

where Pf is the pressure in the front of the shock wave in the medium, Pa; Pd is the pressure
in the Chapman–Jouguet, Pa; and D is explosive velocity, m/s.

Thus, after the breakdown of an arbitrary discontinuity, the total velocity of particles
in the detonation products constitutes

ud + ∆u =
D

n + 1
+

2(n + αkov·ρvv)

(n − 1)ρvv·D
Pd

1 −
(2Pf

Pd

) n−1
2n

. (9)

(2) If the pressure of the detonation products is lower than that of the shock wave,
then a secondary compression shock wave propagates in the detonation products, and a
shock wave propagates in the rock [23]. On both sides of the boundary, the velocities of
particles in the environment and in detonation products become equal:

u f = ud − ∆u. (10)

In this case, the decrease in the velocity of the particles is determined as follows:

∆u =

√√√√(Pf − Pd

)( 1
ρd

− 1
ρ f

)
. (11)

The Hugoniot equation for a refracted shock wave is

ρd
ρ f

=
(n + 1)Pd + (n − 1)Pf

(n + 1)Pf + (n − 1)Pd
=

(n − 1)π + (n + 1)
(n + 1)π + (n − 1)

, (12)

where π =
Pf
Pd

.
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Substituting the Hugoniot equation of the shock wave (12) into the dependence (11)
results in

∆u =

√
Pd

1
ρd

(π − 1)
(

1 − (n − 1)π + (n + 1)
(n + 1)π + (n − 1)

)
(13)

After substituting Pd, ρd from (1, 3) and rearranging, we obtain

∆u =
(

Pf − Pd

)√√√√√
 2(n − αkov·ρvv)

ρvv

[
(n + 1)Pf + (n − 1)Pd

]
. (14)

The formula for determining the velocity of the particles in detonation products after
the refraction of a detonation wave is

ud − ∆u =
D

n + 1
−
(

Pf − Pd

)√√√√√
 2(n − αkov·ρvv)

ρvv

[
(n + 1)Pf + (n − 1)Pd

]
, (15)

The shock wave in the rock can be presented in the following form [14]:

Pf = ρm

(
Cv +

G + 1
2

u f

)
u f , (16)

where u f is the velocity of a rock particles, Cv is the velocity of the plastic wave of com-
pression, and G is the Grüneisen parameter.

This type of shock wave was selected due to the physical nature of shock. The
calculated values do not exceed 20 GPa and are waves of low intensity; therefore, it is not
necessary to account for the “thermal” component of the pressure. The calculated pressures
are the “cold” component of the shock pressure, because the “thermal” component of the
pressure increases the total pressure by no more than 8% of the shock pressure range of
1–20 GPa [9]. In addition, the rock is not highly porous, so there is no need to account for
pore compressibility [24,25].

By equating the velocity of rock particles expressed in (16) to the velocity of particles
in the detonation products (9, 15), we can use an iterative method to calculate the shock
pressure at the wave front, followed by the velocity of the rock particles.

The solution of the above equations will determine the pressure on the wall of the
explosion cavity:

2(n + αkov·ρvv)

(n − 1)ρvv·D
Pd

1 −
(2Pf

Pd

) n−1
2n

+ ud −

Cv

2
+

√
(ρmCv)

2 + 4Pf ρm

2ρm

 = 0, (17)

−
(

Pf − Pd

)√√√√√
 2(n − αkov·ρvv)

ρvv

[
(n + 1)Pf + (n − 1)Pd

]
+ ud −

Cv

2
+

√
(ρmCv)

2 + 4Pf ρm

2ρm

 = 0. (18)

The presented equations were solved in the MATLAB mathematical package.
A block diagram of the solution is presented below (Figure 2).
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Figure 2. A block diagram of the solution

3. Results and Discussion

The calculated parameters of shock waves at the boundary of the explosion cavity
were compared with experimental data from a previous study [21]. Figure 3 shows the
experimental and calculated points. Experimental data were obtained for trotyl as an
explosive (Table 1) in different types of rocks (diabase, granite, crystalline limestone,
limestone) (Table 2).

Figure 3. Comparison of experimental and calculated data. Dependence of the ratio of pressure
transmission into rock on the impedances of the rock and explosive.
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Table 1. Detonation characteristics of trotyl.

Type of Explosive
Main Characteristics

γ
ud

[m/s]
Pd

[GPa]ρvv
[kg/m3]

Q
[kJ/kg]

D
[m/s]

Granulotole 1600 4600 7000 3.19 1668 3.37

Table 2. Physical–mechanical properties of the rocks.

Rock ρm
[kg/m3]

Cp
[m/s] Poisson Ratio

Diabase 3300 6000 0.15
Granite 2650 5100 0.2

Crystalline limestone 2800 4300 0.23
Limestone 2500 3000 0.25

The ratio of pressure transmission is determined:

KR =
Pf

Pd
.

The impedance of the rock is determined:

IR = ρm Cp.

The impedance of the explosive is determined:

IE = ρvv D.

Therefore, the experimental data are consistent with the calculated data (Figure 3).
This method was used to calculate the refraction parameters of the detonation wave of
emulsion explosives. The following explosives were selected: Nitronite E-70, Emulsolite
A-20 and ANFO.

Nitronite E-70 is an emulsion explosive designed for blasting operations in open-cut
mining fields for rocks with a strength coefficient of up to 20 on the Protodyakonov scale.
It is a mechanical mixture of an emulsion, porous granular ammonium nitrate, diesel fuel
and a gas-generating agent. An analog of Nitronite E-70 is Emulsolite A-20, but they differ
in the content of the gas-generating agent: for Nitronite E-70, the gas-generating agent is
one percent of the emulsion volume, and for Emulsolite A-20, it is one percent of the total
volume. Moreover, of the two explosives, Emulsolite is more energetic due to its higher
charging density and heat of explosion.

ANFO is a granular explosive and is a stoichiometric mixture of ammonium nitrate
and diesel fuel. This explosive is not water-resistant, but it is cheaper to manufacture than
emulsion explosives, so a granular explosive is always used in mining.

As mentioned earlier, since these explosives are initiated with the use of a booster
explosive charge in the mining industry, the shock wave detonation mechanism is imple-
mented; therefore, the equation of state (1) is used to determine the parameters of the
detonation wave. With this type of initiation, the heat required to start the detonation
according to the “hot spot” mechanism is absent, but the shock pressure in the explosive
increases very rapidly, reaching the maximum value within 12 microseconds.

The main detonation characteristics of the analyzed explosives, which are presented
in Table 3, were used as data for the computation.
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Table 3. Detonation characteristics of explosives.

Explosive
Main Characteristics

γ
ud

[m/s]
Pd

[GPa]ρvv
[kg/m3]

Q
[kJ/kg]

D
[m/s]

Nitronite E-70 1150 3200 5000 3.01 1270 2.15
Emulsolite A-20 1250 3500 4900 2.86 1268 2.1

ANFO 900 3200 3700 2.66 1012 1.35

The following physical–mechanical properties of rocks that were used for calcula-
tions [25,26] (see Table 4).

Table 4. Physical–mechanical properties of the rocks.

Rock ρm
[kg/m3]

Cp
[m/s] Poisson’s Ratio

Granite 2600 5000 0.23
Sandstone 2200 2100 0.16
Siltstone 2200 1400 0.28

After substituting the initial data (Tables 3 and 4) into Formulas (17) and (18), the pa-
rameters of the refraction detonation wave on the borehole wall (Table 5) can be calculated.

Table 5. The pressure on the wall of the explosion cavity in rocks.

Explosive
Granite Sandstone Siltstone

Pf[GPa]

Nitronite E-70 3.69 3.08 2.96
Emulsolite A-20 3.72 3.08 2.96

ANFO 2.29 1.97 1.88

As a result, there is a change in the ratio of pressure transmission to different rocks for
a given explosive and an increase in the acoustic impedance of the rock. In addition, the
pressure transmission ratios for different explosives in the same rock do not significantly
differ (Table 6).

Table 6. Ratio of pressure transmission into rocks.

Rock
Ratio of Pressure Transmission

Nitronite E-70 Emulsolite A-20 ANFO

Granite 1.71 1.77 1.7
Sandstone 1.43 1.46 1.46
Siltstone 1.37 1.41 1.42

The obtained results (Table 6) reveal that, despite differences in the detonation param-
eters of explosives, the shock wave receives a certain amount of the detonation pressure.
This is due to the redistribution of motion in the gaseous explosion products because a
wave of secondary compression arises in them.

4. Conclusions

The following conclusions can be drawn from the assessment in this study.

1. The method described for calculating shock wave parameters on the explosion cavity
wall accounts for physical processes that occur during the refraction of a detonation
wave, which enables the analysis of the blasting effect on the rock.
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2. Despite the difference in the detonation parameters of explosives, only some of the
detonation pressure is transmitted to the rock. The ratio of pressure transmission
largely depends on the properties of the rock.

3. For acoustically rigid rocks, more brisant explosives must be used to obtain the highest
ratio of pressure transmission. For acoustically soft rocks, less brisant explosives
should be used.

4. The calculation of the ratio of pressure transmission for a specific rock will allow
mining blasting engineers to adjust the characteristics of the explosive to reduce rock
over-crushing and, as a result, lead to the rational use of explosion energy.
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