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Abstract: Structural identification is one of the most important steps when dealing with historic
buildings. Knowledge of the parameters, which define the mechanical properties of these kinds of
structures, is fundamental in preparing interventions aimed at their restoration and strengthening,
especially if they have suffered damage due to strong events. In particular, by using non-destructive
techniques it is possible to estimate the mechanical characteristics of load-bearing structures without
compromising the artistic value of the monumental buildings. In this paper, after recalling the main
theoretical aspects, the use of elastic waves propagation through impact tests for the characterization
of the masonry walls of a monumental building is described. The impact test allowed us to estimate
the elastic characteristics of the homogeneous solid equivalent to masonry material. This confirms
the great potential of the non-destructive diagnostics suitable for analyzing important structural
parameters without affecting the preservation of historical masonry structures.

Keywords: elastic waves; non-destructive technique; impact test; sonic test; ultrasonic test; historic
masonry

1. Introduction

In the framework of architectural restoration of cultural heritage, an accurate knowl-
edge of material properties is essential in order to design proper interventions. The aim
of restoration works is to preserve the artifacts and increase the safety and then the life
span of existing buildings and their structures. In this context, deep knowledge of the
constituent materials, with their interaction with environmental loads and the degradation
effects on the mechanical properties, is crucial to diagnostic operations [1–3].

Investigations aimed at estimating the mechanical properties of construction materials
can be of different types. Working on historical structures, and in particular on architectural
heritage, however, it must be considered that the material characterization process requires
the use of specific non-destructive techniques (NDT) in order to avoid possible damages.
For this reason, in the last decades different approaches were developed to increase the
mechanical and physical knowledge of the structures and the constituent materials [4–7].
Moreover, it must be considered that historical constructions are mainly made from ma-
sonry, a complex heterogeneous material whose mechanical behavior is strongly dependent
on the properties of the mortars and blocks and by their arrangement. In this framework,
the research on appropriate non-destructive techniques, especially related to the on-site
tests, for the characterization of masonry is still a challenge [8–15].

Among the NDTs generally used on structural materials, impact, sonic and ultrasonic
tests have received particular interest due to the non-invasive methodology and, at the
same time, the ability of providing several types of information regarding the material
condition. Sonic, ultrasonic and impact tests are based on the analysis of the elastic waves
propagation through the material, from which several features can be derived, such as
the presence of damages, the status of the degradation, or the estimation of the elastic
parameters. Owing to the common assumption made in the sonic tests, which considers the
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material as elastic, isotropic and homogeneous, most of the works reported in the literature
concerning Civil Engineering applications are referred to concrete material. This is due to
the small characteristic length of the microstructure with respect to the dimension of the
structural element, allowing to consider concrete material as almost homogeneous [16–22].

The application of sonic and impact tests on masonry material is still today contro-
versial in the scientific community, due to the uncertainties and the strong randomness of
masonry in historical constructions. However, several papers can be found in literature,
especially regarding the comparison between damaged and undamaged masonry panels,
e.g., to verify the effectiveness of restoration works, or to analyze the internal texture, and
also detect and localize the presence of voids [23–33].

The aim of this work is to study the use of impact tests on masonry material for
the estimation of the elastic parameters by means of classic homogenization approaches
for the characterization of heterogeneous media, which are based on the analysis of test
windows [34–42]. More in detail, the novelty of this study is to investigate the effectiveness
of estimating the elastic modulus of the material by analyzing the propagation velocity
of the elastic waves with the increase of the structural element dimensions on which the
tests are performed. The applications reported in this work are based on the study of both
direct and indirect test, i.e., on the analysis of volume (P-wave) and surface (R-wave) elastic
waves. After a recall of the main theoretical aspects regarding the elastic wave propagation
in isotropic homogenous media (Section 2) and a preliminary investigation on concrete
walls, necessary to validate the experimental setup and the post-processing procedure
(Section 3), a brickwork masonry wall belonging to a monumental building is studied
(Section 4). In Section 5 some remarks of the outcomes obtained by the experimental tests
are reported, and Section 6 concludes the paper.

2. Waves Propagation in Isotropic Homogeneous Elastic Media. Basic
Theoretical Concepts

In this Section the basic concepts on the theory of wave propagation through linear
elastic, isotropic and homogeneous media are given. The main reference is made to the
theoretical aspects derived from the seminal books of Kolsky, Ewing and Victorov [43–45].

Let us consider an elastic solid media in a Cartesian coordinate system (x, y, z) and
a generic point with displacement vector (u, v, w), stress tensor components σij and body
forces (X, Y, Z). Being ρ the mass density, the equations of motion are expressed as

ρ
d2u
dt2 = ρX +

∂σxx

∂x
+

∂σyx

∂y
+

∂σzx

∂z

ρ
d2v
dt2 = ρY +

∂σxy

∂x
+

∂σyy

∂y
+

∂σzy

∂z
(1)

ρ
d2w
dt2 = ρZ +

∂σxz

∂x
+

∂σyz

∂y
+

∂σzz

∂z

For an isotropic elastic solid Equation (1) can be expressed in terms of displacements
using Lamé constants, λ and µ, as following

ρ
∂2u
∂t2 = (λ + µ)

∂θ

∂x
+ µ∇2u + ρX

ρ
∂2v
∂t2 = (λ + µ)

∂θ

∂y
+ µ∇2v + ρY (2)

ρ
∂2w
∂t2 = (λ + µ)

∂θ

∂z
+ µ∇2w + ρZ



Appl. Sci. 2021, 11, 9091 3 of 18

in which θ = ∂u
∂x + ∂v

∂y +
∂w
∂z . The expression d2

dt2 has been replaced with ∂2

∂t2 as their difference
involves squares or products of components assumed to be very small; linearizing the
differential equations is possible through this operation.

By introducing a scalar potential ϕ and a vector potential ψ(ψ1, ψ2, ψ3), with

u =
∂ϕ

∂x
+

∂ψ3

∂y
− ∂ψ2

∂z

v =
∂ϕ

∂y
+

∂ψ1

∂z
− ∂ψ3

∂x
(3)

w =
∂ϕ

∂z
+

∂ψ2

∂x
− ∂ψ3

∂y

and neglecting volume forces, the following expression can be obtained

∂
∂x

(
ρ

∂2 ϕ

∂t2

)
+ ∂

∂y

(
ρ

∂2ψ3
∂t2

)
− ∂

∂z

(
ρ

∂2ψ2
∂t2

)
= (λ + µ) ∂

∂x∇
2 ϕ + µ ∂

∂x∇
2 ϕ + µ ∂

∂y∇
2ψ3 − µ ∂

∂z∇
2ψ2.

(4)

The previous equation will be satisfied if the functions ϕ and ψi are solutions of the
equations

∇2 ϕ =
1
α2

∂2 ϕ

∂t2 ∇2ψi =
1
β2

∂2ψi
∂t2 i = 1, 2, 3 (5)

in which

α =

√
λ + 2µ

ρ
β =

√
µ

ρ
. (6)

The obtained wave equations indicate that two types of disturbances with different
velocities α and β can be propagated through an elastic solid. The first type of waves
found, i.e., the expansion waves, are associated with displacements in a direction that is
equal to the direction of propagation, consisting of compressions and rarefactions that only
lead to volume changes. The second type, i.e., distortion waves, are associated with shifts
perpendicular to the direction of propagation, consisting of distortions that involve only
changes in shape: for this reason. The two types represent respectively longitudinal and
transverse waves. Distortion waves are generally described by three functions, ψi, which
must be solutions of the equation just seen above.

Only two types of elastic waves can be propagated in an infinitely extended isotropic
solid. In presence of a boundary surface, however, a third type of wave also occurs: the so
called elastic surface waves, due to their rapidly decreasing effect with depth. In order to
describe these waves, it is necessary to consider the propagation of a plane wave through
an elastic solid with a boundary plane, which is free of tensions. For simplicity, let us
consider that the boundary is located in the plane xy with the positive direction of the axis
z facing the inner part of the solid, and assuming that the plane waves are traveling in the
direction x. Since the displacements will therefore be independent of y it is possible to
define two potential functions φ and ψ in the following way

u =
∂φ

∂x
+

∂ψ

∂z
and w =

∂φ

∂z
− ∂ψ

∂x
. (7)

Considering the displacements independent of y and using the expressions in (7), the
equations of motion can be reduced to

ρ ∂
∂x

(
∂2φ

∂t2

)
+ ρ ∂

∂z

(
∂2ψ

∂t2

)
= (λ + µ) ∂

∂x∇
2φ + µ ∂

∂z∇
2ψ

ρ ∂
∂z

(
∂2φ

∂t2

)
− ρ ∂

∂x

(
∂2ψ

∂t2

)
= (λ + µ) ∂

∂z∇
2φ− µ ∂

∂x∇
2ψ

(8)
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These two equations will be satisfied if

∂2φ

∂t2 =
[

λ+2µ
ρ

]
∇2φ = c1

2∇2φ

∂2ψ

∂t2 =
[

µ
ρ

]
∇2ψ = c2

2∇2ψ.
(9)

where c1 and c2 are the longitudinal and transverse waves velocities, respectively.
Considering a sine wave of frequency p

2π that propagates in the direction x with
velocity c and wavelength 2π

f so that c = p
f , it is possible to find a solution for the

equations (9) in the form
φ = F(z) exp[i(pt− f x)]
ψ = G(z) exp[i(pt− f x)]

(10)

where i =
√
−1 and F and G are functions that determine the way in which the wave

amplitude changes with z.
By substituting the expression for φ in the differential equation of motion, the follow-

ing expression is obtained
F′′ (z)−

(
f 2 − h2

)
F(z) = 0 (11)

The general solution of Equation (11) corresponds to

F(z) = A exp(−qz) + A′ exp(qz) (12)

where q2 = f 2 − h2. The second term in the equation is related to the disturbance that
increases with increasing z, and, for the type of wave considered, A′ must be zero.

Similar results are obtained by substituting the function ψ in the differential equation
of motion

G′′ (z)−
(

f 2 − k2
)

G(z) = 0 (13)

with the general solution expressed in the form

G(z) = B exp(−sz) (14)

where s2 = f 2 − k2. Hence the expressions (10) for φ and ψ become

φ = A exp[−qz + i(pt− f x)]
ψ = B exp[−sz + i(pt− f x)].

(15)

Considering the boundary conditions, for which the stress components σzz, σzy and
σzx vanish at the surface where z = 0, the following relations are obtained

A
[
(λ + 2µ)q2 − λ f 2]− 2Bµis f = 0

2iq f A +
(
s2 + f 2)B = 0

(16)

from which, by eliminating the ratio A
B from Equation (16), squaring both sides and

substituting for q and s the previous expressions, the following equation can be derived

16µ2
(

f 2 − h2
)(

f 2 − k2
)

f 4 =
[
−(λ + 2µ)h2 + 2µ f 2

]2(
2 f 2 − k2

)2
(17)

then simplified in the form

16
(

1− h2

f 2

)(
1− k2

f 2

)
=

[
2− (λ + 2µ)µ−1h2

f 2

]2(
2− k2

f 2

)2

. (18)
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By placing the quantities h = p
c1

and k = p
c2

the expression h2

k2 = µ
λ+2µ is obtained, and,

through simple passages, it is demonstrated that such ratio can be expressed in terms of
only the Poisson ratio ν

µ

λ + 2µ
=

1− 2ν

2− 2ν
= α1

2 (19)

so that
h = α1k. (20)

Thus, considering (20), Equation (18) becomes

16
(

1− α1
2k2

f 2

)(
1− k2

f 2

)
=

(
2− k2

f 2

)4

. (21)

Including the new variable k1 for k
f , Equation (21) simplifies to

k1
6 − 8k1

8 +
(

24− 16α1
2
)

k1
2 +

(
16α1

2 − 16
)
= 0. (22)

This expression represents a cubic in k1
2 and, if the value of ν for the medium is

known, the equation may be solved numerically. It should be noted that k1 = k
f = p

f c2
,

where p
f is the velocity of the surface waves, and c2 is the velocity of the distortion waves;

so k1 gives the ratio between the velocity of the surface waves and the distortion waves.
The velocity of propagation of the surface waves is independent of the frequency p

2π and
depends only on the elastic constants of the material. Therefore, in the formulation there is
no dispersion of these waves: the surface plane waves have the characteristic of being able
to travel without changing shape.

Using the relations between the Lamé and the engineering constants, that is Young
modulus E and Poisson ratio ν, the following expressions of the wave propagation velocities
are obtained

VP =

√
E(1− ν)

ρ(1 + ν)(1− 2ν)

VS =

√
E

2ρ(1 + ν)
=

√
G
ρ

(23)

VR =
0.87 + 1.12ν

1 + ν

√
E

2ρ(1 + ν)
=

0.87 + 1.12ν

1 + ν
VS

from the relations
λ = νE

(1+ν)(1+2ν)
µ = E

2(1+ν)

E = µ(3λ+2µ)
λ+µ ν = λ

2(λ+µ)
.

(24)

Considering a half-space, a schematic illustration of the propagation of waves is
reported in Figure 1. From the previous expressions the relation between the propagation
velocity of elastic waves and the elastic parameters of the medium in which they propagate
can be observed. In this way, by using the expressions (23), the properties of a solid in the
case of elastic, homogeneous and isotropic medium can be derived.
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Figure 1. Schematic illustration of wave propagation in a half-space.

3. Materials and Methods
3.1. Experimental Setup and Test Procedure

The impact tests were performed to estimate the propagation velocity of the elastic
waves on a grid of predefined points on the sample surface. The tests were carried out using
an instrumented impact hammer (model PCB 086D20) for the application of impulsive
force on the material surface (Figure 2a) equipped with a dynamic load cell for the digital
acquisition of the time-amplitude signal of the impact force, and high-sensitivity uniaxial
piezoelectric accelerometers (10 V/g of sensitivity, model PCB 393B12) for the acquisition
of the surface vibration induced by the hammer impact (Figure 2b). The data were recorded
through an acquisition system (model imc C-SERIES) with a sample rate of 100 kHz, in
order to catch the high velocity of the elastic waves.

It should be noted that the propagation of the elastic waves in the material is strongly
dependent on the physical and mechanical properties of the material crossed.

The purpose of the tests was to obtain an estimation of the elastic properties of the
analyzed material by the calculation of the propagation velocity of the elastic waves through
it. As explained in the previous Section, different types of elastic waves can be studied,
i.e., volume (P waves) and surface waves (S and R waves). The P waves are analyzed by
means of the so-called direct test, with the hammer hitting on the surface of the solid and
one accelerometer receiving the wave, as material vibration, measured on a point of the
opposite side of the solid. The velocity propagation is calculated as the ratio between the
points distance and the time interval taken by the wave from the impact to the receiver.
The S and R waves are analyzed through indirect tests, with the hammer hitting on the
surface of the solid and two accelerometers receiving the surface waves on two different
points aligned with the impact position. In this case the velocity propagation is calculated
as the ratio between the distance of the two receivers and the time interval taken by the
wave to cover the distance between them.

Following this approach, the tests allowed to estimate the elastic parameters of the
medium starting by the assumption of homogeneous and isotropic properties. Working
with heterogeneous materials, the procedure can be used to evaluate the elastic properties
of the homogenized continuum if specific attention is paid to the microstructure dimensions
and the distance on which the wave velocity is calculated.
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3.2. Preliminary Tests on Concrete Materials

In order to validate the experimental setup, preliminary tests were carried out on two
reinforced concrete walls. Being concrete material constituted by a microstructure with a
characteristic length generally smaller than the structural dimensions, the impact tests are
considered as suitable for its mechanical characterization.

The tests were performed on restrained concrete walls sited in the Engineering Cam-
pus of the University of Perugia (Figure 3a,b). Given that the walls were only accessible
from one side, the tests focused on the surface waves, i.e., R-waves. This preliminary
study was carried out on two different walls (CLS1 and CLS2), characterized by different
conditions of the superficial layer that was directly exposed to environmental actions: the
first has a smoothed layer while the latter presents raw material also affected by different
states of degradation.
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Figure 3. Tested concrete walls: (a) CLS1 wall with a homogeneous superficial layer of the material; (b) CLS2 wall with raw
concrete material characterized by an evident state of degradation.

In the absence of specific information regarding the physical and mechanical properties
of concrete used and the thickness of the walls, any effect related to the geometry or to the
presence of internal rebars is intended to be neglected in the expected results.

Regarding CLS1 wall, the tests were carried out by measuring the local accelerations
induced by the passage of elastic waves at a distance of 0.4 and 0.6 m of the two accelerom-
eters from the impact given by the hammer, both in horizontal and vertical directions. For
each placement of the accelerometers couple, five hits and related waves were recorded.
As an example, Figure 4 shows the typical signals obtained by the instrumented hammer
(green line) and the two accelerometers. The blue line refers to the accelerometer closest to
the source (Acc 1) and the orange line to the farthest (Acc 2). Owing to the small distance
between the source and the receivers, the S-waves could not be detected, while the R-waves
were clearly identified as indicated by the red circle. The time interval between the two
peaks allowed to estimate the propagation velocity of the elastic wave.

Concerning the CLS2 wall, the presence of degraded areas on the surface required
to carry out several measurements at different distances between both the source and
the accelerometers and between the accelerometers, in order to achieve a more reliable
estimation of the homogenized elastic parameters. In Figure 5a the layout of the ten
measurement point positions is shown, while Figure 5b,c illustrates the details of the
superficial irregularities characterizing the surface of the walls, in which the presence
of holes and no smooth surface can be observed. Such a degradation state affected the
estimation of the elastic parameters, as highlighted by the results. In particular, the
maximum distance between the source and the accelerometers was 2.00 m, while the range
of distances between the accelerometers was comprised between 0.20 and 1.60 m. As an
example, the graph reported in Figure 6 is related to the data recorded by a couple of
accelerometers 0.20 m apart and placed at a distance of 1.60 m between the source and the
sensor Acc 1. The small distance between the measurement points determines a detection
of a quite high propagation velocity of R-waves, which appears comparable with the
measurements made on the CLS1 wall. On the other hand, the large distance between the
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impact point and the receiver allowed to make evidence of the contribution of the S-wave
in the measurement points, as indicated by the red circle.

Appl. Sci. 2021, 11, x FOR PEER REVIEW 8 of 17 
 

erometers from the impact given by the hammer, both in horizontal and vertical direc-
tions. For each placement of the accelerometers couple, five hits and related waves were 
recorded. As an example, Figure 4 shows the typical signals obtained by the instrumented 
hammer (green line) and the two accelerometers. The blue line refers to the accelerometer 
closest to the source (Acc 1) and the orange line to the farthest (Acc 2). Owing to the small 
distance between the source and the receivers, the S-waves could not be detected, while 
the R-waves were clearly identified as indicated by the red circle. The time interval be-
tween the two peaks allowed to estimate the propagation velocity of the elastic wave. 

 
Figure 4. Typical values recorded by the accelerometers in the tests on the wall CLS 1. One of the 
points taken as a reference for the passage of R-waves is highlighted in the graph. The distance 
between the point of impact and the registration point is 20 cm. 

Concerning the CLS2 wall, the presence of degraded areas on the surface required to 
carry out several measurements at different distances between both the source and the 
accelerometers and between the accelerometers, in order to achieve a more reliable esti-
mation of the homogenized elastic parameters. In Figure 5a the layout of the ten measure-
ment point positions is shown, while Figure 5b,c illustrates the details of the superficial 
irregularities characterizing the surface of the walls, in which the presence of holes and 
no smooth surface can be observed. Such a degradation state affected the estimation of 
the elastic parameters, as highlighted by the results. In particular, the maximum distance 
between the source and the accelerometers was 2.00 m, while the range of distances be-
tween the accelerometers was comprised between 0.20 and 1.60 m. As an example, the 
graph reported in Figure 6 is related to the data recorded by a couple of accelerometers 
0.20 m apart and placed at a distance of 1.60 m between the source and the sensor Acc 1. 
The small distance between the measurement points determines a detection of a quite high 
propagation velocity of R-waves, which appears comparable with the measurements 
made on the CLS1 wall. On the other hand, the large distance between the impact point 
and the receiver allowed to make evidence of the contribution of the S-wave in the meas-
urement points, as indicated by the red circle. 

Figure 4. Typical values recorded by the accelerometers in the tests on the wall CLS 1. One of the
points taken as a reference for the passage of R-waves is highlighted in the graph. The distance
between the point of impact and the registration point is 20 cm.

Appl. Sci. 2021, 11, x FOR PEER REVIEW 9 of 17 
 

 
Figure 5. (a) The layout of the ten measurement point positions; (b) Portion of the tested concrete wall with no imperfec-
tions in the way of propagation of the R-wave; (c) Portion of the wall with some imperfections precisely in the way of 
waves propagation. 

 
Figure 6. Typical signals recorded on the CLS2 wall by a couple of accelerometers 0.20 m apart and 
placed at a distance of 1.60 m between the source and the sensor Acc 1. The red circle highlights the 
passage of the S-waves. 

In Table 1 the outcomes of the experimental tests are summarized in terms of mean 
and standard deviation of R-waves propagation velocity, of their intervals related to a 
confidence level of 95% (obtained by using the t-distribution due to the small number of 
samples) and of the derived elastic modulus range of the material, obtained by the third 
expression of the system Equation (23) 

Figure 5. (a) The layout of the ten measurement point positions; (b) Portion of the tested concrete wall with no imperfec-
tions in the way of propagation of the R-wave; (c) Portion of the wall with some imperfections precisely in the way of
waves propagation.



Appl. Sci. 2021, 11, 9091 10 of 18

Appl. Sci. 2021, 11, x FOR PEER REVIEW 9 of 17 
 

 
Figure 5. (a) The layout of the ten measurement point positions; (b) Portion of the tested concrete wall with no imperfec-
tions in the way of propagation of the R-wave; (c) Portion of the wall with some imperfections precisely in the way of 
waves propagation. 

 
Figure 6. Typical signals recorded on the CLS2 wall by a couple of accelerometers 0.20 m apart and 
placed at a distance of 1.60 m between the source and the sensor Acc 1. The red circle highlights the 
passage of the S-waves. 

In Table 1 the outcomes of the experimental tests are summarized in terms of mean 
and standard deviation of R-waves propagation velocity, of their intervals related to a 
confidence level of 95% (obtained by using the t-distribution due to the small number of 
samples) and of the derived elastic modulus range of the material, obtained by the third 
expression of the system Equation (23) 

Figure 6. Typical signals recorded on the CLS2 wall by a couple of accelerometers 0.20 m apart and
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In Table 1 the outcomes of the experimental tests are summarized in terms of mean
and standard deviation of R-waves propagation velocity, of their intervals related to a
confidence level of 95% (obtained by using the t-distribution due to the small number of
samples) and of the derived elastic modulus range of the material, obtained by the third
expression of the system Equation (23)

E =
2 VR

2(1 + ν)3ρ

(0.87 + 1.12ν)2 (25)

in which VR is the R-waves propagation velocity, ν is the Poisson ratio and ρ the material
density. Regarding the Poisson ratio and the material density, the values reported in Table 1
are taken from the literature in the absence of specific information. Figure 7 illustrates
the convergence trend of the Young modulus mean values (E) and of the interval E± ∆E
derived by the confidence intervals of the R-wave velocities, with the increase in length
of the distance between the measurement points. This aspect makes evidence of the
effectiveness of the proposed methodology also for the elastic parameters estimation to be
assigned to the equivalent homogenized continuum of a heterogeneous media.
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Table 1. Properties of concrete walls CLS1 and CLS2 and impact tests results: mass density ρ; Poisson
ratio ν; distance between the measurements points d; number of suitable samples used in the analysis;
mean of R-waves velocity VR; standard deviation of R-waves velocity σVR ; Interval of R-waves
velocity with a confidence level of 95%; Young modulus E.

Wall ρ
[kg/m3]

ν
[−]

d
[m]

N
Samples

¯
VR

[m/s]

σVR

[m/s]
Conf. Int.
95% [m/s]

E
[MPa]

CLS1 2400 0.2 0.20 14 2053 231 ±132 29,226 ± 3886
CLS2 2400 0.2 0.20 41 2131 621 ±196 31,464 ± 6048

0.40 37 1722 303 ±101 20,556 ± 2477
0.60 34 1475 210 ±73 15,076 ± 1536
0.80 29 1613 166 ±63 18,040 ± 1441
1.00 24 1576 188 ±79 17,216 ± 1773
1.20 19 1639 112 ±54 18,629 ± 1241
1.40 14 1428 134 ±77 14,125 ± 1562
1.60 5 1498 39 ±45 15,547 ± 946

The results highlight that in the case of CLS1, characterized by a material in a good
condition and also confirmed by small values of σVR in relation to a distance between
the accelerometers of 0.20 m, the estimation of the elastic modulus can be considered in
agreement with the values associated to a standard concrete class around C20/25 and
C25/30. According to Eurocode standard [46], the elastic modulus of concrete can be
estimated through the following formulation

E = 22, 000

[(
fck + 8

10

)0.3
]

(26)

being fck the characteristic compressive strength expressed in MPa. The application of
Equation (26) to C20/25 and C25/30 gives values of Young modulus equal to 29,962 MPa
and 31,476 MPa, respectively.

On the other hand, the superficial degradation which characterizes the external layer
of CLS2 determines an estimation of the elastic modulus lower than the standard expected
values, in agreement with the visual inspections.

4. Estimation of Elastic Parameters on Masonry Panel
4.1. Experimental Tests Layout

In this Section the application of impact tests to estimate the elastic properties of a
masonry panel is described. The analyzed masonry wall belongs to the Basilica of Santa
Maria degli Angeli, a monumental structure located near Assisi, in central Italy (Figure 8)
mainly made from brickwork material [47]. The masonry panel analyzed consists of a
slender pillar (about 1.95 × 0.25 m) of a structural buttresses system above the vaults of the
lateral aisles, with the function of withstanding the horizontal thrust and the inertial forces
derived by the central nave (Figure 9a). The masonry is characterized by a regular pattern
with bricks arranged on a double-leaf panel comprising headers and stretchers (Figure 9b).
The generic block has dimensions of 25 × 12 × 5.5 cm and mortar joints with a thickness of
about 1.1~1.3 cm. The sample was chosen as a typological element, in order to estimate
the elastic parameters of the equivalent homogeneous media useful for reliable structural
models.
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Figure 8. Image of the Basilica of Santa Maria degli Angeli in Assisi; position of buttresses located
above the lateral aisles.

Differently from the concrete case studies described in the previous section, it was
possible to carry out both direct and indirect tests. The indirect tests were performed by
positioning the accelerometers and the instrumented hammer on one side of the panel. The
accelerometers were placed keeping the first in a fixed point, 20 cm apart from the impact
point, and the second at a variable distance from the first, starting from a minimum of
20 cm to a maximum of 80 cm with constant steps of 20 cm (Figure 9c). More in detail, the
impact point was placed at the center of the wall to avoid wave reflection effects, and the
propagation velocity was detected both to the left and the right side of the impact point.
As regards the direct tests, it was possible to perform two types of configurations: the first
consisted of hitting the wall panel in the center of one of its short sides and measuring
the propagated P-waves through its length, corresponding to 1.95 m, on the opposite side
(Figure 8d); the second consisted of hitting the wall on one of its long sides to detect the
wave in a point placed in the opposite side, evaluating the propagation within its thickness,
corresponding to 25 cm in length (Figure 9d). In the second type of test, the hits were given
in the same points indicated in the right and left directions, while the accelerometers were
positioned precisely on the opposite side of the panel. Owing to the uncertainties of the
materials and of the test procedure, also in this case, as for the tests carried out on the
concrete walls, five hits were done in each position, to obtain more consistent samples.

The possibility of analyzing the waves propagation in different conditions, i.e., by
using both direct and indirect tests, allowed for the estimation of more elastic parameters
with respect to the case of concrete walls presented in the previous section. In fact, from
the first and third expressions of the system Equation (23), it is possible to estimate both
the elastic modulus E and the Poisson ratio ν of the equivalent isotropic elastic medium.
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4.2. Analysis of the Results

The results derived by the indirect tests are summarized in Table 2, in which, as for the
cases of concrete walls CLS1 and CLS2, the R-wave velocities obtained on several coupled
positions of the accelerometers are reported, together with the statistical elaborations. The
outcomes show values of the mean velocities that are quite stable for d ≥ 0.40 m owing to
the periodicity of the texture. In fact, for d = 0.20 m the high value of standard deviation
is due to the large range of measured velocities, characterized by lower values of about
300–400 m/s detected near the edges of the wall and maximum values higher than 900 m/s
related to a couple of accelerometers placed on the same brick. Figure 10 shows typical
signals recorded during the tests applied on the masonry panel. It should be noted as the
time interval detected by the two accelerometers in which the passage of the R-wave occurs
is greater in this type of material with respect to concrete.
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Table 2. Indirect impact tests results: distance between the measurement points d; number of suitable
samples used in the analysis; mean of R-waves velocity VR; standard deviation of R-waves velocity
σVR ; interval of R-waves velocity with a confidence level of 95%.

d [m] N Samples VR [m/s] σVR [m/s] Conf. Int. 95% [m/s]

0.20 35 626 295 ±101
0.40 20 540 99 ±46
0.60 11 548 60 ±40
0.80 3 521 23 ±43
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Figure 10. Typical values recorded by the accelerometers in the indirect tests on the masonry panel.

The second type of test investigated the P-waves propagation through the length/
thickness of the wall: as illustrated in Figure 9d, the impact points were fixed both in the
shorter faces of the panel and in each numbered station of the larger face, as indicated in
Figure 9c, with the related receiver accelerometer placed on the opposite side. The P-wave
is the faster wave propagated in a solid and therefore the first signal on the recorded curve
of the accelerometers gives information on this type of wave. In this test the distance of
travel of the waves was the same for all hits and it was equal to 1.95 m for the greater
side, and equal to 0.25 m for the test along the thickness. Figure 11 shows typical signals
recorded during the tests, where the red circle indicates the instances in which the impact
and the arrival of the P-wave were detected. Table 3 summarizes the results in terms of
mean velocity of P-waves, standard deviation and range of velocities with a confidence
interval of 95%. The results show consistent values of the mean velocity, but smaller
distances determine a higher value of standard deviation, due to the heterogeneity and the
uncertainties of the material.
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Table 3. Direct impact tests results: distance between the measurement points d; number of suitable
samples used in the analysis; mean of P-waves velocity VP; standard deviation of P-waves velocity
σVP ; interval of P-waves velocity with a confidence level of 95%.

d [m] N Samples VP [m/s] σVP [m/s] Conf. Int. 95% [m/s]

0.25 50 2072 515 ±146
1.95 5 2074 45 ±52

As previously asserted, the knowledge of the values of velocity of R- and P-waves
gives more information on the elastic parameters of the medium, through which they were
propagated. On the assumption that the horizontal plane of the masonry panel analyzed
behaves as an elastic, homogeneous and isotropic medium, it was possible to make a first
estimation of the masonry elastic parameters, as reported in Table 4. It should be noted that
such value is in a good agreement with the range values indicated by the Italian Standard
Code for brickwork masonry in poor conditions, stated as 1200–1800 MPa [48].

Table 4. Estimation of elastic parameters of masonry panel.

VR [m/s] VP [m/s] ν [−] E [MPa]

544 ± 43 2073 ± 100 0.47 ÷ 0.48 880 ÷ 1290

5. Final Remarks

The aim of testing two materials of different properties, concrete and masonry material,
was to show how the propagation of waves was influenced by the nature of the material
crossed and clearly detected by means of impact tests. For the concrete a mean value of the
propagation velocity four times bigger than the value of masonry was obtained.

When analyzing the results of the indirect tests carried out on the concrete walls, it
was observed that the propagation velocity can be affected by several factors, due to the
presence of surface irregularities and other kinds of uncertainties that characterize the
superficial layer, and also related to the weathering of the material. In this context, the
comparison between the results derived from two concrete walls characterized by different
states of the external layer has highlighted the possibility of detecting the degradation state
of concrete walls in poor conditions, as concerning the external layer.



Appl. Sci. 2021, 11, 9091 16 of 18

In the case of the masonry panel, the values obtained are more consistent with the
variation of the propagation direction, consisting of smaller values of standard deviations.
With respect to the results obtained on concrete, this aspect is probably related to the good
condition of the masonry material, both because of the quality of the constituents and their
arrangement, and because of the absence of weathering effects. Moreover, the presence of
a greater number of joints in some measurements did not significantly affect the results:
as expected, due to the periodicity conditions, apart from in the case of distances lower
than the length of a single block, the measured velocities were almost constant with the
increase of the test window size. Finally, in this case, the possibility of carrying out direct
and indirect tests allowed to estimate both the velocity of the P- and R-waves in different
propagation directions, achieving a more accurate description of the masonry panel with
respect to the case of concrete. In particular, it was possible to estimate both the Young
modulus and the Poisson ratio directly from the experimental observations.

6. Conclusions

In the present work the problem of estimating the elastic properties of existing ma-
terials for the structural and/or architectural restoration of historic buildings has been
addressed. In particular, the work is focused on the effectiveness of estimating the elastic
properties of a masonry panel through the propagation study of elastic waves, considering
impact tests as promising techniques for the characterization of masonry material, among
the non-destructive methods widely used in the cultural heritage.

In the first part of the paper, considering a linear elastic, isotropic and homogeneous
medium, the dynamic stress-deformation state of a generic point during the propagation
of compression, transverse and surface waves, more commonly known as Rayleigh waves,
was deepened, supported by a physical interpretation of the phenomenon.

In the second part, experimental tests were carried out on different materials in order to
verify the effectiveness of impact tests in estimating the elastic parameters in heterogeneous
materials, also in the presence of evident degradation processes. In particular, the tests
were performed on two concrete walls, which can be considered as a quite homogeneous
material, and on a masonry panel, a heterogeneous complex material. The results have
shown that in the case of concrete walls, where only indirect tests were carried out, the
irregularities and the weathering of the external layer significantly affected the results,
giving potential information also on the degradation state of concrete on the base of the
elastic modulus derived. In the case of the masonry panel, both the elastic modulus and
Poisson ratio were estimated thanks to the possibility of performing direct and indirect
tests. The applied methodology has led to extremely satisfactory results, in agreement with
the values indicated in the scientific literature and standard codes. Further developments
of the research will be devoted also to the comparison between the results obtained on
undamaged and damaged states of the material, in order to quantify, where possible,
the degradation state of a structural element or the strengthening level obtained after a
restoration work.

Finally, it should be noted that the interesting results given by the impact tests allows
to consider such a methodology as an efficient technique for the on-site investigation of
even complex heterogeneous materials and, at the same time, as a practical application of
the well-known homogenization techniques developed in the field random materials.
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