
Academic Editors: Oscar Barambones,

Patxi Alkorta and Jose Antonio

Cortajarena

Received: 13 March 2025

Revised: 15 April 2025

Accepted: 16 April 2025

Published: 18 April 2025

Citation: Lu, Z.; Wu, Z.

High-Precision Control of Control

Moment Gyroscope Gimbal Servo

Systems via a Proportional–

Integral–Resonant Controller and

Noise Reduction Extended

Disturbance Observer. Actuators 2025,

14, 196. https://doi.org/10.3390/

act14040196

Copyright: © 2025 by the authors.

Licensee MDPI, Basel, Switzerland.

This article is an open access article

distributed under the terms and

conditions of the Creative Commons

Attribution (CC BY) license

(https://creativecommons.org/

licenses/by/4.0/).

Article

High-Precision Control of Control Moment Gyroscope Gimbal
Servo Systems via a Proportional–Integral–Resonant Controller
and Noise Reduction Extended Disturbance Observer
Zhihao Lu and Zhong Wu *

School of Instrumentation and Optoelectronic Engineering, Beihang University, Beijing 100191, China;
zhihaolu@buaa.edu.cn
* Correspondence: wuzhong@buaa.edu.cn

Abstract: Speed control accuracy of gimbal servo systems for control moment gyroscopes
(CMGs) is crucial for spacecraft attitude control. However, multiple disturbances from
internal and external factors severely degrade the speed control accuracy of gimbal servo
systems. To suppress the effects of these complex disturbances on speed control accuracy,
a control method based on a proportional–integral–resonant (PIR) controller and a noise
reduction extended disturbance observer (NREDO) is proposed in this paper. First, the
disturbance dynamic model of an (n + 1)th-order NREDO is derived. The integral of
the virtual measurement of the lumped disturbance is an augmented state in the model.
NREDO states are updated by using the estimation error of the augmented state. The
NREDO significantly enhances the measurement noise suppression performance compared
with an EDO. Second, a resonant controller is introduced to suppress the high-frequency
rotor dynamic imbalance torque. The PIR controller is composed of a resonant controller in
parallel with a PI controller. Numerical simulation and experimental results demonstrate
the effectiveness of the proposed method.

Keywords: gimbal servo systems; speed control; disturbance suppression; noise reduction;
disturbance observer

1. Introduction
High-precision control of gimbal servo systems is one of the core and critical issues

in control moment gyroscopes (CMGs) [1]. However, the gimbal servo system is severely
affected by multiple disturbances from both internal and external factors, such as friction
torque, cogging torque, gyroscopic torque caused by spacecraft motion, and rotor dynamic
imbalance torque [2]. From the perspective of disturbance frequency, multiple disturbances
can be classified into low-frequency disturbances and high-frequency disturbances. The
low-frequency disturbances are related to gimbal angular speed, gimbal angular position,
and spacecraft angular speed. The high-frequency disturbances are related to rotor angular
speed [3]. Complex multiple disturbances will degrade the speed control accuracy of gimbal
servo systems, and even affect the stability of the system. Therefore, it is crucial to suppress
multiple disturbances to improve the speed control accuracy of gimbal servo systems.

To suppress the influence of the aforementioned disturbances, researchers have carried
out extensive studies on a range of methods, including proportional–integral–derivative
(PID) control [4–7], robust control [8–10], adaptive control [11–14], and sliding mode
control [15–17]. Although feedback control methods can directly suppress multiple distur-
bances, their performance remains limited due to inadequate utilization of prior knowledge
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about disturbance characteristics. To enhance the disturbance suppression performance of
feedback control methods, a resonant controller can be introduced into the control forward
path. The resonant controller provides infinite open-loop gain at the resonant frequency,
effectively suppressing specific frequency harmonic disturbances [18]. To suppress the 6th-
and 12th-order harmonics on the d-axis and q-axis, two resonant controllers of correspond-
ing frequencies are connected in parallel with a conventional PI controller. Additionally,
resonant controllers are introduced into the speed controller to suppress harmonics caused
by current measurement errors and cogging torque. Based on the proposed cascade scheme,
speed fluctuations of permanent magnet synchronous motors (PMSMs) are obviously re-
duced [19]. The improved resonant controller can reduce the effects of sinusoidal voltage
disturbances on steady-state currents. Moreover, the step response of the q-axis current
exhibits better dynamic performance [20]. In [21], conventional resonant controllers have a
fixed resonant frequency, making them suitable for periodic disturbances with a known
frequency. Actually, the frequencies of disturbances in servo systems are uncertain. To
address this, the resonant frequency is obtained by using a frequency estimation method.
Thus, a PIR controller can be utilized to suppress high-frequency rotor dynamic imbalance
torque. However, a PIR controller has limited performance with regard to suppressing
other low-frequency disturbances, making it difficult to achieve high precision and stability
in gimbal servo systems.

For other low-frequency disturbances, disturbance observers provide another feasible
approach. Conventional disturbance observers have relatively low orders and large model
errors, making them unable to accurately estimate complex disturbances. The extended
disturbance observer (EDO) approximates complex disturbances by utilizing high-order
time series or polynomial models [22]. Based on more accurate disturbance models, the
estimation accuracy of complex multiple disturbances is significantly improved. To improve
the estimation accuracy of flexible vibration, ref. [23] adopts a high-order polynomial to
approximate disturbances in attitude dynamics of flexible spacecrafts. Notably, in order to
improve disturbance estimation accuracy, an EDO usually needs to have a relatively high
bandwidth. However, a high bandwidth makes it more sensitive to measurement noises,
decreasing disturbance estimation accuracy. To address this, an attitude controller based on
a noise reduction EDO (NREDO) has been utilized to improve the attitude control accuracy
of flexible spacecraft [24]. Furthermore, the NREDO has already been applied to the issue
of precise landing of quadrotors on moving platforms. The quadrotor landing experiment
demonstrated that high-frequency noises in the output of observers were significantly
reduced [25].

To further suppress complex multiple disturbances, a PIR-NREDO is designed for
the CMG gimbal servo system, directly driven by a PMSM, in this paper. The main
contributions of this paper are listed as follows.

(1) To address multiple disturbances affecting gimbal servo systems, this paper classifies
the disturbances into high-frequency periodic disturbance caused by rotor dynamic
imbalance and other low-frequency disturbances based on frequency characteristics.

(2) To minimize the disturbance estimation error caused by measurement noises, the
integral of the virtual measurement of the lumped disturbance is derived to establish
the disturbance dynamic model. Subsequently, an NREDO is designed based on the
model. Innovatively, the estimation error of the augmented state is utilized to drive
the convergence of NREDO error dynamics, thereby enhancing the suppression of
measurement noise.

(3) A resonant controller is utilized to reject rotor dynamic imbalance disturbance, instead
of using a disturbance observer to estimate it. The composite speed controller is
composed of a PIR controller and an NREDO. The proposed control scheme can



Actuators 2025, 14, 196 3 of 21

maximize the suppression of complex disturbances, improving the speed control
accuracy of gimbal servo systems.

The rest of this paper is organized as follows: A mathematical model of the gimbal
servo system and an analysis of multiple disturbances are presented in Section 2. The
PIR-NREDO is proposed in Section 3. Simulation and experimental results are presented in
Sections 4 and 5, respectively. The conclusion is given in Section 6.

2. Mathematical Model and Problem Statement
2.1. Mathematical Model of Gimbal Servo System

The gimbal servo system is directly driven by a PMSM, and the mechanical motion
equation of the PMSM is given by the following [26]:

J
.

ω + Dω = Te − Td (1)

where Te is the electromagnetic torque; J is the moment of inertia; D is the damping
coefficient; ω is the mechanical angular speed of the gimbal motor; Td is the equivalent
disturbance torque acting on the gimbal axis; and Td represents the sum of multiple
disturbance torques, such as friction torque Tf , cogging torque Tcog, gyroscopic torque
caused by spacecraft motion, rotor dynamic imbalance torque Tr, and the equivalent
disturbance introduced by model inaccuracies, denoted by Tu.

Assumption 1. The lumped disturbance Td is continuous and has bounded derivatives,
i.e.,

∥∥∥T(j)
d

∥∥∥ ≤ γ, j = 1, 2, . . . , n, n > 0, where γ is a positive constant.

The electromagnetic torque equation of the PMSM can be written as follows [26]:

Te = 1.5p
[
ψ f iq +

(
Ld − Lq

)
idiq
]

(2)

where id and iq are the d-axis and q-axis stator currents; Ld and Lq are the d-axis and q-axis
stator inductances; p is the number of pole pairs; and ψ f is the stator flux linkage.

This paper utilizes a surface-mounted PMSM, i.e., Ld = Lq, so (2) can be simplified
as follows:

Te = 1.5pψ f iq = Ktiq (3)

where Kt = 1.5pψ f is the torque coefficient.

2.2. Analysis of Multiple Disturbances

The gimbal servo system is affected by multiple disturbances from both internal
and external factors. Internal disturbances include friction torque, cogging torque, etc.,
while external disturbances include gyroscopic torque caused by spacecraft motion and
rotor dynamic imbalance torque. The following presents the mathematical model of the
disturbances in (1) and analyzes their effects on the speed control accuracy of the system.

In this paper, the Stribeck model is used to fit the friction torque. The Stribeck mathe-
matical model is expressed as follows [27]:

Tf = Fcsgn(ω) + (Fs − Fc)e−( ω
ωs )

2
sgn(ω) + Fvω (4)

where Fc is the Coulomb friction torque, Fs is the static friction torque, Fv is the viscous
friction torque, and ωs is the Stribeck speed. According to (4), the friction torque exhibits
strong nonlinear characteristics at low speeds, severely affecting the low-speed performance
of the gimbal servo system.
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The cogging torque is caused by the interaction between the rotor permanent magnets
and the stator slots, and it can be expressed as follows [28]:

Tcog =
∞

∑
k=1

Tksin(kNcog
θe

p
) (5)

where Tk is the amplitude of the k-th cogging torque; Ncog is the least common multiple of
the number of slots and pole pairs of the motor; and θe is the electrical angle of the motor.
According to (5), when the motor speed is fixed, the cogging torque will generate periodic
disturbances.

The gyroscopic torque is caused by spacecraft motion, and it can be expressed as
follows [29]:

Ts = Ωs IRmΩ (6)

where Ωs is the angular speed of the spacecraft, equivalent to the CMG torque output axis;
IRm is the rotor moment of inertia; and Ω is the rotor angular speed. In most cases, Ωs is
relatively small. Thereby, Ts can be approximated as a constant or slowly varying value.

The rotor dynamic imbalance torque can be expressed as follows [30]:

Tr = udΩ2sin(Ωt + φd) (7)

where ud is the amplitude of the rotor dynamic imbalance torque, and φd is the initial phase
of the imbalance torque. According to (7), the amplitude of Tr is proportional to the square
of the rotor angular speed. Compared to other disturbances, it has the characteristics of a
large amplitude and high frequency, leading to vibrations in gimbal angular speed at the
same frequency.

Based on the above analysis, the lumped disturbance Td can be separated into high-
frequency disturbance Tr and low-frequency disturbance Tm, as follows:

Td = Tr + Tm (8)

where Tm = Tf + Tcog + Ts + Tu.

2.3. Problem Statement

The speed control accuracy of the CMG gimbal servo system is severely affected by
complex multiple disturbances from both internal and external factors. However, feedback
control methods have limited disturbance suppression performance. In addition, a single
disturbance observer cannot accurately estimate the lumped disturbance Td. The objectives
of this paper are as follows: first, to design a disturbance observer to accurately estimate
the Tm, improving the suppression of measurement noises; second, to design a controller to
enhance the suppression of Tr. By utilizing the proposed method, the gimbal speed error
can be confined within a bounded region as time approaches infinity.

3. PIR-NREDO Controller
To suppress multiple disturbances in the gimbal servo system, the PIR-NREDO is

proposed in this section. The structure of the system under the proposed method is shown
in Figure 1. The speed controller consists of two parts: an NREDO and a PIR controller. The
NREDO is utilized to estimate the low-frequency disturbance Tm, and the NREDO has a
stronger noise suppression ability than an EDO of the same bandwidth. The PIR controller
is composed of a PI controller and a resonant controller in parallel, where the resonant
controller is adopted to suppress the high-frequency rotor dynamic imbalance torque Tr.
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3.1. Design of NREDO

In this section, an NREDO is designed to address the sensitivity of the EDO to measure-
ment noise. By introducing the integral of the virtual measurement of Td as an augmented
state, the disturbance dynamic model is derived. This model then serves as the basis for the
design of the NREDO. Afterward, the frequency domain performance is analyzed, while
the selection of observer gain is discussed.

According to (1), the virtual measurement of Td is expressed as follows:

Tdm = Te − J
.

ωm − Dωm (9)

where Tdm is the virtual measurement of Td, and ωm is the measured angular speed.
To reduce the effects of measurement noise on the observer, an integration operation

is performed on Tdm, yielding the following:

TdmI =
∫ t

0
Tedτ − Jωm − Dθm (10)

where θm is the measured angular position.
According to (1), the actual integral value of Td is expressed as follows:

TdI =
∫ t

0
Tedτ − Jω − Dθ (11)

The measurement error between TdI and TdmI can be derived from (10) and (11)
as follows:

TdI − TdmI = −D
∼
θ − J

∼
ω (12)

where
∼
θ = θ − θm,

∼
ω = ω − ωm.

According to Assumption 1, by taking TdmI as an augmented state, and defining the
state variables x0 = TdmI , x1 = Td, x2 =

.
Td, . . ., xn = T(n−1)

d , the (n + 1)th-order dynamic
model of Td can be expressed as follows:

.
x0 = x1 + D

∼
ω + J

.
∼
ω

.
xi = xi+1, i = 1, . . . , n − 1
.
xn = T(n)

d

(13)

Taking TdmI as the output, the state-space equation can be derived from (13) as follows:
.
x = Ax + BT(n)

d + E
(

D
∼
ω + J

.
∼
ω

)
TdmI = Cx

(14)
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where A =

[
On×1 In

O1×1 O1×n

]
, B =

[
On×1

1

]
, E =

[
1

On×1

]
, C =

[
1 O1×n

]
, x =[

x0 x1 · · · xn

]T
, and On×n denotes the n × n zero matrix.

Since rank
[
C CA · · · CAn

]T
= n + 1, (14) is observable, the (n + 1)th-order

NREDO is designed as follows:{ .
x̂ = Ax̂ + L

(
TdmI − T̂dmI

)
T̂dmI = Cx̂

(15)

where x̂ =
[

x̂0 x̂1 · · · x̂n

]T
is the estimated value of the state variable x; L =[

l0 l1 · · · ln
]T

, lm > 0, m = 0, 1, . . . , n, and L is the observer gain matrix; and T̂dmI is
the estimated value of TdmI .

Equation (15) can be used to determine whether the observer states are updated by
using the estimation error of TdmI instead of the estimation error of Tdm. Consequently, the
NREDO can filter a significant amount of measurement noise compared with the EDO.

Substituting (10) into (15), we can obtain the following:

.
x̂ = (A − LC)x̂ + L

(∫ t

0
Tedτ − Dθm − Jωm

)
(16)

By defining the state estimation error variable
∼
x = x − x̂, the error dynamic equation

of the NREDO can be derived from (14) and (15) as follows:

.
∼
x = (A − LC)

∼
x + BT(n)

d + E
(

D
∼
ω + J

.
∼
ω

)
(17)

Then, the frequency domain performance of the NREDO can be analyzed. Since
x1 = Td, the Laplace transform of (17) under zero initial conditions can be expressed
as follows:

∼
Td(s) =

sn(s + l0)
λ(s)

Td(s)−
(
l1sn−1 + · · ·+ ln

)
(Js + D)

λ(s)
∼
ω(s) (18)

where λ(s) = sn+1 + l0sn + l1sn−1 + · · ·+ ln.
Equation (18) can be expressed as follows:

∼
Td(s) = G∼

Td/Td
(s)Td(s) + G∼

Td/nω
(s)nω(s) (19)

where nω(s) = (Js + D)
∼
ω(s) is the measurement noise, G∼

Td/Td
(s) represents the effects of

Td(s) on the disturbance estimation accuracy, and G∼
Td/nω

(s) represents the effects of the

measurement noise nω(s) on the disturbance estimation accuracy.
The transfer functions G∼

Td/Td
(s) and G∼

Td/nω
(s) are expressed as follows:

G∼
Td/Td

(s) =
sn(s + l0)

λ(s)
(20)

G∼
Td/nω

(s) =
(
l1sn−1 + · · ·+ ln

)
λ(s)

(21)
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To facilitate frequency domain performance analysis, ωo is defined as the bandwidth
of the NREDO. By configuring the poles of (20) and (21) as (n + 1)-times multiple roots of
−ωo, the system characteristic polynomial λ(s) can be rewritten as follows:

λ(s) =
(

s + ωo)
n+1 (22)

The observer gain can be obtained using the method of undetermined coefficients,
as follows:

lm = Cm+1
n+1 ωm+1

o , m = 0, 1, . . . , n (23)

where Cm
n = n!/(m!(n − m)!).

Then, G∼
Td/Td

(s) and G∼
Td/nω

(s) can be expressed as follows:

G∼
Td/Td

(s) =
sn[s + (n + 1)ωo]

(s + ωo)n+1 (24)

G∼
Td/nω

(s) =
∑n

m=1 Cm+1
n+1 ωm+1

o sn−m

(s + ωo)n+1 (25)

According to (24) and (25), amplitude–frequency characteristic curves can be plotted.
To evaluate the performance of the NREDO, the EDO and NREDO use the same bandwidth
and parameter conditions. The amplitude–frequency characteristic curves of G∼

Td/Td
(s) and

G∼
Td/nω

(s) are shown in Figure 2a,b, respectively.
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(a) disturbance estimation ability; (b) noise suppression ability.

As shown in Figure 2a, the disturbance estimation ability of the NREDO is decreased
compared with the EDO of the same order. As the order increases, the disturbance es-
timation abilities of both improve. As shown in Figure 2b, the NREDO exhibits lower
sensitivity to measurement noise and demonstrates enhanced robustness against noises
compared with the EDO of the same order. As the order increases, both observers show
a slightly decrease in noise attenuation capability. Although the NREDO sacrifices some
disturbance rejection performance, it achieves a marked improvement in noise reduction.
In practical applications, the bandwidth ωo needs to be tuned. Then, the gain matrix is
obtained according to (23). Since the frequency of Tm is relatively low, a large value of ωo is
not required.
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3.2. Design of PIR Controller

The NREDO cannot accurately estimate the rotor dynamic imbalance torque Tr, be-
cause Tr has a much higher frequency compared with other disturbances, according to
(7). Actually, the bandwidth of the NREDO is much smaller than Tr. Therefore, a resonant
controller with phase compensation is utilized to suppress Tr. The PIR controller consists
of a resonant controller in parallel with a PI controller. The transfer function of the PIR
controller is designed as follows:

GPIR(s) = GPI(s) + GR(s) (26)

where the PI controller GPI(s) = Kp + Ki/s and the resonant controller GR(s) can be
expressed as follows [19]:

GR(s) = Kr
scos ϕr − ωrsin ϕr

s2 + ω2
r

(27)

where Kr is the resonant gain, ϕr is the compensation phase, and ωr is the resonant frequency.
According to (27), the resonant controller has a sufficiently large gain at the resonant

frequency. Therefore, the resonant controller can be utilized to suppress the high-frequency
periodic disturbance. In addition, the system’s stability margin at the resonant frequency
can be improved by introducing the compensation phase ϕr.

The parameters of the PIR controller can be tuned as follows: First, the PI part is tuned.
Letting Kr = 0, Kp is tuned to improve dynamic response of the gimbal servo system. Then,
Ki is gradually increased to eliminate steady-state error. Second, the resonant part is tuned.
Keeping the PI part unchanged, and letting ωr be the frequency to be suppressed, the
compensation phase ϕr has a relatively high value. Based on this, the resonant gain Kr is
gradually increased until the rotor imbalance disturbance is effectively suppressed. The
tuned parameters are shown in Table 1.

Table 1. The parameters of the PIR controller.

Parameters Kp Ki Kr ϕr(◦/s) ωr(rad/s)

Values 5 50 430 220 200π

According to the tuned parameters in Table 1, the bode diagram of the closed-loop
system in Figure 1 is shown in Figure 3. It can be observed that PIR controller retains
the performance of the PI controller, while improving the suppression of the periodic
disturbance at the resonant frequency.
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3.3. Stability Proof

According to (17), the error dynamic equation of the NREDO can be expressed
as follows: .

∼
x = Ao

∼
x + BT(n)

d + Enω (28)

where Ao = A − LC.

The error variable is defined as
∼
ωm = ωd − ωm,

∼
θ m = θd − θm, where ωd is the desired

gimbal angular speed, and θd is the desired gimbal angular position. According to (9), the
system state equation can be expressed as follows:

.
∼
θ m =

∼
ωm.

∼
ωm = − T∗

e
J − D

J
∼
ωm + Tdm

J + D
J ωd +

.
ωd

(29)

where T∗
e is the desired electromagnetic torque.

T∗
e is designed as follows:

T∗
e = uPI + uR + T̂d (30)

where uPI is the output of the PI controller, and uR is the output of the resonant controller.
uPI can be expressed as follows:

uPI = Kp
∼
ωm + Ki

∼
θ m (31)

According to (27), the state-space equation of the resonant controller can be expressed
as follows: 

[ .
xr1
.
xr2

]
=

[
0 1

−ω2
r 0

][
xr1

xr2

]
+

[
0
1

]
∼
ωm

uR =
[
−Krωrsin ϕr Krcos ϕr

][xr1

xr2

] (32)

where xr1 and xr2 are the states of the resonant controller.
Substituting (30) and (31) into the second equation of (29), we can obtain the following:

.
∼
ωm = − 1

J
(
uPI + uR + T̂d

)
− D

J
∼
ωm + Tdm

J + D
J ωd +

.
ωd

= −Ki
J

∼
θ m − Kp+D

J
∼
ωm − uR

J +
∼
Td
J + D

J ωd +
.

ωd +
nω
J

(33)

In addition,
∼
x1 =

∼
Td. Substituting (32) into (33) and simplifying,

.
∼
ωm is expressed

as follows:

.
∼
ωm = −Ki

J

∼
θ m −

Kp + D
J

∼
ωm +

Krωrsin ϕr
J

xr1 −
Krcos ϕr

J
xr2 +

∼
x1

J
+

D
J

ωd +
.

ωd +
nω

J
(34)

According to (28), (29), and (34), the closed-loop system can be expressed as follows:

.
∼
θ m.
∼
ωm
.
xr1
.
xr2

.
∼
x


=

[
As AJ

O(n+1)×4 Ao

]


∼
θ m
∼
ωm

xr1

xr2
∼
x


+


0 0 0
1 1

J 0
0 0 0
0 0 0

O(n+1)×1 E B




Dωd
J +

.
ωd

nω

T(n)
d

 (35)
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where As =


0 1 0 0

−Ki
J −Kp+D

J
Krωrsin ϕr

J −Krcos ϕr
J

0 0 0 1
0 1 −ω2

r 0

, AJ =


0 0 0 · · · 0
0 1

J 0 · · · 0
0 0 0 · · · 0
0 0 0 · · · 0

.

The eigenvalues of the system can be derived according to (36). It can be observed
that the eigenvalues depend on As and Ao. Notably, the eigenvalues of Ao are all equal to
−ωo, according to (22). Similarly, the eigenvalues of As can also be placed in the left plane.
Therefore, system stability can be ensured.

λ

([
As AJ

O(n+1)×4 Ao

])
= λ(As) ∪ λ(Ao) (36)

where λ(·) denotes eigenvalues of the matrix (·).

3.4. Stability Margin

To evaluate the system stability margins, the block diagram of the control system in
Figure 1 can be simplified as shown in Figure 4. The current loop has a relatively high
bandwidth compared with the speed loop, and its transfer function can be approximated
as 1.
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Figure 4. A simplified block diagram of the control system.

In Figure 4, the controlled object GP(s) = 1/(Js + D). The speed measurement value
ωm is obtained from the RDC output value θm through backward differentiation. For
convenience, the transfer function Gm(s) is expressed as follows:

Gm(s) =
1

1 + bTss
(37)

where Ts is the sampling period, and b is the ratio of the differential time interval to the
sampling period.

In this paper, AD2S1210 (Analog Devices, Wilmington, MA, USA) is utilized as the
RDC, and its transfer function is expressed as follows [31]:

GRDC(s) =
kat1s + ka

t2s3 + s2 + kat1s + ka
(38)

where ka, t1, and t2 are constant parameters set according to the user manual.
The control system is equivalent to a unit negative feedback system. The open-loop

transfer function Go(s) of the system is expressed as follows:

Go(s) = GPIR(s)GP(s)GRDC(s)Gm(s) (39)

Then, the characteristic polynomial of (39) is derived as follows:

λo(s) = s
(

s2 + ω2
r

)
(Js + D)

(
t2s3 + s2 + kat1s + ka

)
(1 + bTss) (40)

The parameters of the RDC are set according to the user manual, as follows:
ka = 92.7 × 103, t1 = 8 × 10−3, t2 = 728 × 10−6. Plant parameters are set according
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to the experimental system, as follows: J = 0.6821 kg·m2, D = 0.008 Nm/
(
rad·s−1). The

parameters of the PIR controller are shown in Table 1. Below, a Nyquist diagram of the
open-loop transfer function Go(s) is shown in Figure 5.
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Figure 5. The Nyquist diagram of the open-loop transfer function Go(s).

As shown in Figure 5, the gain margin is 6.94 and the phase margin is 39◦. While
ensuring system stability, the controller parameters should be tuned to move the Nyquist
diagram away from the point (−1, j0) to improve stability margins.

4. Simulation Results
To validate the effectiveness of the proposed method, numerical simulation was

conducted using four different control methods, i.e., PI, PIR, PIR-EDO, and PIR-NREDO.
The gimbal servo system was set to track two different desired speeds: a fixed speed and a
sinusoidal speed. A simulation model was built in MATLAB(R2023b)/Simulink according
to Figure 1. The parameters of the gimbal servo system used in the model are shown in
Table 2. The disturbance parameters were set as shown in Table 3. Additionally, Gaussian
white noise with an average amplitude of 5 × 10−4◦/s was added to the gimbal angular
speed. The current controllers of the d-axis and q-axis were both PI controllers. The transfer
function of current controllers can be expressed as follows:

Ud(s) = Kpd +
Kid
s

(41)

Uq(s) = Kpq +
Kiq

s
(42)

where Kpd and Kpq are the proportional coefficients of the d-axis and q-axis current con-
trollers, respectively; and Kid and Kiq are the integral coefficients of the d-axis and q-axis
current controllers, respectively.

Table 2. The parameters of the gimbal servo system.

Parameters Values

Moment of inertia 0.6821 kg·m2

Damping coefficient 0.008 Nm/(rad·s−1)
Torque coefficient 5 Nm/A

Back EMF coefficient 5 V(rad/s)
Pole pairs 6

Phase inductance 14.5 mH
Phase resistance 2.5 Ω
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Table 3. Disturbance parameters in simulation.

Parameters Values Parameters Values

Fc (Nm) 0.01 T1 (Nm) 0.08
Fs (Nm) 0.04 Ncog 24
Fv (Nm) 0.05 ud (g·cm2) 5.066

ωs (rad/s) 0.01 Ω (rpm) 6000

To facilitate the comparison of the EDO and NREDO, the (n + 1)th-order EDO can be
expressed as follows: { .

ẑ = AEẑ + LE
(
Tdm − T̂dm

)
T̂dm = CEẑ

(43)

where the observer states are ẑ =
[

T̂d
.̂
Td · · · T̂(n+1)

d

]T
, AE =

[
On×1 In

O1×1 O1×n

]
, and

CE =
[
1 O1×n

]
; the observer gain matrix is LE =

[
lE,1 lE,2 · · · lE,n+1

]T
; and T̂dm is

the estimated value of Tdm.
It can be observed from (43) that the observer states of the EDO are updated by utilizing

the estimation error of Tdm. Consequently, the measurement noise will be significantly
amplified by the observer gain matrix LE compared with the NREDO.

The parameters of the PIR controller are shown in Table 1. The bandwidth of the
NREDO is set as ωo = 10πrad/s. Notably, the bandwidth ωo and the gain matrices of
the third-order EDO and the third-order NREDO are set to be the same. The parameters
of the current loop PI controllers of the d-axis and q-axis are set as Kpd = Kpq = 20 and
Kid = Kiq = 0.2.

Case 1: Fixed Speed: The gimbal angular speed is set as ωd = 1◦/s; the numerical
simulation curves at fixed speed are presented in Figures 6–9. The lumped disturbance
Td is shown in Figure 6. Td consists of the 100 Hz high-frequency disturbance Tr and the
low-frequency disturbance Tm. As shown in Figure 6, Tr has a large amplitude.

The low-frequency disturbance Tm is shown in Figure 7a. Tm is estimated utilizing the
EDO and NREDO, respectively, as shown in Figure 7b. The disturbance estimation result
of the EDO is severely affected by measurement noise, whereas the NREDO obviously
improves the signal-to-noise ratio. This indicates that the NREDO has an improved noise
attenuation ability compared to the EDO of the same bandwidth. The simulation results
are consistent with the frequency-domain performance analysis in Section 3.1.
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The electromagnetic torque and q-axis current under the PIR-EDO and PIR-NREDO
are shown in Figure 8. During the control process, the disturbance estimation result T̂d is
directly fed forward to the desired electromagnetic torque T∗

e . Consequently, the PIR-EDO
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has a higher distortion in the electromagnetic torque, as shown in Figure 8a, because the
estimation noise of the EDO is much higher than that of the NREDO. In addition, due to
the high bandwidth of the current loop, the noise in T̂d will also be amplified, causing a
high-frequency current ripple, as shown in Figure 8b.

The speed control results of the gimbal angular speed are shown in Figure 9. As shown
in Figure 9a, the gimbal angular speed for the PIR controller has a smaller high-frequency
fluctuation compared with the PI controller. This indicates that the resonant controller can
effectively suppress Tr. However, the PIR controller has limited rejection ability for Tm.
Consequently, the speed still includes low-frequency fluctuation. Subsequently, the EDO is
added to the PIR controller to enhance the estimation of Tm. Then, the low-frequency speed
fluctuation is obviously suppressed. Furthermore, the NREDO can mitigate the influence of
measurement noises compared with the EDO. It can be observed from Figure 9a that the PIR-
NREDO has the smallest angular speed fluctuation under multiple disturbances. As shown
in Figure 9b, the FFT results demonstrate that the resonant controller can significantly
suppress the 100 Hz high-frequency periodic disturbance. Moreover, the suppression of
low-frequency disturbances is improved with the inclusion of both the EDO and NREDO.
Notably, the NREDO has better noise attenuation performance compared with the EDO, as
can also be observed in Figure 9a.

Case 2: Sinusoidal Speed: The gimbal angular speed is set as ωd = sin(πt/10)◦/s.
Numerical simulation curves at sinusoidal speed are presented in Figures 10–14. Figure 10
shows the lumped disturbance at sinusoidal speed. Due to the nonlinearity of the friction
torque Tf , there is a sudden change when the speed crosses zero. Figure 11 shows that
measurement noise is obviously reduced by the NREDO. In addition, the PIR-NREDO
significantly decreases the high-frequency ripple caused by the measurement noise in T∗

e
and iq, as shown in Figure 12.

As shown in Figure 13, the PIR-NREDO has higher speed accuracy than other methods.
Figure 14 also demonstrates that the 100 Hz periodic disturbance and the 0~3 Hz low-
frequency disturbance are effectively rejected by utilizing the PIR-NREDO. Based on the
simulation data, the root mean square error (RMSE) is calculated as shown in Table 4.

Table 4. Gimbal angular speed RMSE in simulation.

Methods PI PIR PIR-EDO PIR-NREDO

RMSE (◦/s)
Case1 0.0216 0.0101 0.0077 0.0068

Case2 0.0241 0.0157 0.0097 0.0085
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5. Experimental Results
In order to further verify the effectiveness of the proposed method, a semi-physical

experiment was conducted. As shown in Figure 15, the experiment platform included a
CMG gimbal simulator, a power supply, an upper computer, and a drive and control board.

Actuators 2025, 14, x FOR PEER REVIEW 16 of 22 
 

 

Table 4. Gimbal angular speed RMSE in simulation. 

Methods PI PIR PIR-EDO PIR-NREDO 

RMSE (° s⁄ ) 
Case1 0.0216 0.0101 0.0077 0.0068 

Case2 0.0241 0.0157 0.0097 0.0085 

5. Experimental Results 

In order to further verify the effectiveness of the proposed method, a semi-physical 

experiment was conducted. As shown in Figure 15, the experiment platform included a 

CMG gimbal simulator, a power supply, an upper computer, and a drive and control 

board. 

The CMG gimbal simulator mainly has two advantages. First, the simulator can be 

utilized to simulate the mechanical and electrical characteristics of the real gimbal motor. 

Second, it is convenient to obtain the actual values of the disturbances and state parame-

ters of the gimbal servo system compared with the real gimbal motor. Therefore, the per-

formance of the proposed method could be conveniently evaluated by adopting the CMG 

gimbal simulator. Additionally, disturbance parameters could be directly set in real time 

via the upper computer during the experiment. Notably, the parameters of the gimbal 

servo system were the same as those in Table 2. 

 

Figure 15. Experiment platform. 

The digital signal processor used in the drive and control circuit was 

TMS320F28377D, with an execution period of 50 μs. As shown in Figure 1, an FOC-based 

control structure with the proposed method was adopted. The control period of the speed 

loop was 1 ms, and the control period of the current loop was 100μs. The disturbance 

parameters were set as shown in Table 3. The parameters of the speed controller in the 

experiment are as shown in Table 5. The desired speeds were the same as those in the 

simulation. 

Table 5. The parameters of the speed controller in the experiment. 

Parameters 𝑲𝒑 𝑲𝒊 𝑲𝒓 𝝓𝒓 (° 𝐬⁄ ) 𝝎𝒓 (𝐫𝐚𝐝/𝐬) 𝝎𝒐 (𝐫𝐚𝐝/𝐬) 

Values 10 10 200 250 200π 10π 

Case 1: Fixed Speed: The experiment curves at fixed speed are shown in Figures 16–

18. Figure 16 shows the estimation of 𝑇𝑚  by the EDO and NREDO. The disturbance 

Figure 15. Experiment platform.

The CMG gimbal simulator mainly has two advantages. First, the simulator can
be utilized to simulate the mechanical and electrical characteristics of the real gimbal
motor. Second, it is convenient to obtain the actual values of the disturbances and state
parameters of the gimbal servo system compared with the real gimbal motor. Therefore,
the performance of the proposed method could be conveniently evaluated by adopting the
CMG gimbal simulator. Additionally, disturbance parameters could be directly set in real
time via the upper computer during the experiment. Notably, the parameters of the gimbal
servo system were the same as those in Table 2.

The digital signal processor used in the drive and control circuit was TMS320F28377D,
with an execution period of 50 µs. As shown in Figure 1, an FOC-based control structure
with the proposed method was adopted. The control period of the speed loop was 1 ms,
and the control period of the current loop was 100µs. The disturbance parameters were set
as shown in Table 3. The parameters of the speed controller in the experiment are as shown
in Table 5. The desired speeds were the same as those in the simulation.
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Table 5. The parameters of the speed controller in the experiment.

Parameters Kp Ki Kr ϕr(◦/s) ωr(rad/s) ωo(rad/s)

Values 10 10 200 250 200π 10π

Case 1: Fixed Speed: The experiment curves at fixed speed are shown in Figures 16–18.
Figure 16 shows the estimation of Tm by the EDO and NREDO. The disturbance estimation
output of the EDO contains a significant amount of measurement noise. The measured
gimbal angular speed used as the input to the observers contains significant measurement
noise. However, the EDO does not take specific approaches to address this issue, resulting
in decreased estimation accuracy. In contrast, the NREDO filters out most of the high-
frequency noise through integral operations.
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Figure 17. Experiment curves of desired electromagnetic torque T∗
e and q-axis current iq under

PIR-EDO and PIR-NREDO at fixed speed: (a) T∗
e ; (b) iq.

It can be observed from Figure 17a that the 100 Hz harmonic component in T∗
e based on

the PIR-NREDO maintains a better sinusoidal characteristic compared with the PIR-EDO.
Due to the lower noise level in the NREDO, the waveform distortion in the q-axis current
is also obviously reduced, as shown in Figure 17b.
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As shown in Figure 18, the gimbal angular speed obtained when utilizing different
control methods is presented. Obviously, the output of the speed controller based on the
PIR-NREDO can maximize the suppression of multiple disturbances. Thus, the speed con-
trol performance is improved. The experimental results indicate that the PIR-NREDO can
effectively suppress the effects of multiple disturbances and measurement noise. Therefore,
the PIR-NREDO substantially improves the gimbal angular speed control accuracy.

Case 2: Sinusoidal Speed: The experiment curves at sinusoidal speed are presented
in Figures 19–22. As shown in Figure 19, the NREDO obviously decreases measurement
noise in disturbance estimation. Thus, the torque ripple and current ripple are significantly
reduced, as shown in Figure 20. This is substantially beneficial for the long-term opera-
tion of the gimbal motor. It can be observed from Figure 21 that the proposed method
has superior speed control performance compared to other methods. In addition, the
speed accuracy at the zero-crossing point is improved by utilizing the proposed method.
The FFT results in Figure 22 indicate that the proposed method can suppress multiple
disturbances simultaneously.
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The gimbal angular speed RMSE in experiment is shown in Table 6. Due to non-
ideal factors, such as current sampling errors and resolver measurement inaccuracies in the
experiment, there is a certain amount of deviation between the accuracy of the experimental
results and the simulation results. Compared with the PI controller, PIR controller, and PIR-
EDO, the speed control accuracy based on the PIR-NREDO is improved by 68.05%, 60.73%,
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and 20% at fixed speed, respectively. At sinusoidal speed, the RMSE of the PIR-NREDO is
reduced by 69.98%, 66.76%, and 13.29% in comparison with the PI controller, PIR controller,
and PIR-EDO, respectively.

Table 6. Gimbal angular speed RMSE in experiment.

Methods PI PIR PIR-EDO PIR-NREDO

RMSE (◦/s)
Case1 0.0338 0.0275 0.0135 0.0108

Case2 0.0413 0.0373 0.0143 0.0124

The numerical results in Section 4 and the experimental results in Section 5 indicate
that the NREDO is superior to the EDO in measurement noise suppression, and the
resonant controller can obviously reduce the high-frequency speed fluctuation caused by
Tr. This demonstrates that the proposed method has significant application potential in
practical scenarios.

6. Conclusions
To achieve high-precision speed control of CMG gimbal servo systems under multiple

disturbances, a PIR-NREDO is proposed in this paper. Multiple disturbances are separated
into the high-frequency periodic disturbance caused by rotor dynamic imbalance torque
and other low-frequency disturbances. The NREDO is designed to estimate low-frequency
disturbances. Notably, the NREDO more effectively balances disturbance estimation
ability and measurement noise suppression ability, compared with an EDO. Subsequently,
a resonant controller was utilized to suppress the high-frequency periodic disturbance.
Compared with the PI controller, the PIR controller substantially enhanced the suppression
of the 100 Hz periodic disturbance. The numerical simulation and experimental results
demonstrate that the proposed method can significantly improve the speed control accuracy
of CMG gimbal servo systems.
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