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Abstract: To overcome the limitations of the normal logistic equation, we aimed to improve the logistic
model under hydrodynamic conditions for the examination of the responses of cyanobacterium,
coupled turbulence mixing, and growth of cyanobacterium in population dynamics models.
Selecting Microcystis aeruginosa and experimenting with the ideal conditions in a laboratory beaker,
the chlorophyll-a concentration reached the corresponding maximum under each turbulent condition
compared with the control. According to the experiment results, the theory of mass transfer,
turbulence mixing, and the logistic equation are organically combined. The improved logistic
growth model of Microcystis aeruginosa and competition growth model in the symbiont Scenedesmus
quadricauda under turbulent conditions were established. Using the MATLAB multi-parameter surface
fitting device, both models produced good fitting effects, with R > 0.95, proving that the results fit
the models, and demonstrating the relationship of the unity of nutrient transfer and algae growth
affected by turbulence mixing. With continuous increases in turbulent mixing, the fitted curve became
smoother and steadier. Algae stimulated by turbulence accelerate reproduction and fission to achieve
population dominance. The improved logistic model quantitatively explains the Microcystis aeruginosa
response to turbulence and provides a basis to represent ecological and biogeochemical processes in
enclosed eutrophic water bodies.

Keywords: Microcystis aeruginosa; logistic equation; max algal population; hydrodynamic;
mass transfer

1. Introduction

In hypertrophic freshwater lakes, turbulent mixing is increasingly thought to be a key factor in the
growth, blooms, and composition of the cyanobacterium Microcystis aeruginosa [1–4]. Turbulent mixing
preventing nuisance blooms of cyanobacterium has been reported at the population and ecosystem
levels in a few cases [5–7]. Bronnenmeier and Märkl [8] found that higher turbulence can result in algal
cell wall breakage, and Regel et al. [9] found that turbulence has little effect on the algae under low
turbulence intensity, whereas high shear turbulence can cause cell deformation or breakage, suggesting
an inhibitory effect of higher turbulence intensities on algae growth. However, due to the complex
interactions between algae physiology and behavior, nutrient dynamics, and the light environment,
many studies failed to accurately characterize these inhibitory effects in nature [10,11]. To qualitatively
describe algae dynamics and correlation with turbulent mixing, researchers have conducted series of
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laboratory tests or enclosed experiments to produce more controlled environments [12–14]. The velocity
factor has been proposed as the factor for determining the algal growth rate [15]. However, the growth
responses of cyanobacterium compared to the flow velocity and corresponding nutrient uptake
obtained from laboratory experiments are often contradictory [11]. These conflicting results are
not only due to many studies using qualitative analyses, but also due to the adopted flow velocity,
which can only represent the average algal environment rather than the environment surrounding
the cells.

Several studies have reported the algae physiological responses to small-scale fluid motion
and corresponding nutrients uptake at the cellular level. Grobbelaar [16] found that increased
turbulence, which increased exchange rates of nutrients and metabolites between algae cells and
their growth medium, together with increased light/dark frequencies, increased productivity and
photosynthetic efficiency. Arin et al. [17] suggested that small-scale turbulence may affect the
community response differently when nutrient conditions vary. Increased turbulence is relatively
important for phytoplankton when nutrients are plentiful, whereas in nutrient-poor conditions,
the effect of turbulence is negligible. A possible mechanism could be that small-scale turbulence
accelerates the flowing of ions toward the surface of the algae cells; hence, the nutrients can be
absorbed by algae under eutrophic conditions. However, Iversen et al. [18] found that small-scale
turbulence appeared to affect diatoms and primary production rates regardless of nutrient condition. In
terms of nutrient uptake of algae cells, turbulence may have a hysteresis effect on algae cell growth [19].
A reduction in turbulence affects the thickness of the cell laminar boundary layer, which increases the
ion flux to the cell with increasing turbulence intensity. Hondzo and Wuest [20] proposed a conceptual
model describing how to integrate fluid motion in Monod-type kinetics, accounting for the effect
of turbulence on microorganism growth and nutrients uptake. However, the responses of algae to
turbulence flow are species-specific. These conclusions from red tide algae, green algae, and diatoms
may not be useful in explaining the effect of turbulence on cyanobacterium, which have specific
physical characteristics. Xiao et al. [21] found that both Microcystis flos-aquae and Anabaena flos-aquae
adjust their growth rates in response to turbulence levels via the asynchronous cellular stoichiometry
of C, N, and P, and especially the phosphorus strategy, to improve the nutrient use efficiency. However,
the current understanding of the direct effects of small-scale turbulence on M. aeruginosa in eutrophic
water bodies remains limited. Missaghi et al. [22] quantified the influence of fluid motion on the
growth rate and vertical cell distribution of M. aeruginosa.

Shallow lakes are strongly influenced by wind-driven wave turbulence [23]. Microbial
communities are strongly influenced by wind waves, often resulting in the formation and persistence
of cyanobacterial blooms in the surface waters [24,25]. Nutrient supply is also regarded as a main
factor influencing algal mass propagation during bloom periods [26]. Although a number of studies
have investigated the impacts of turbulence and mixing on the growth of several cyanobacteria,
to date, the direct physical effect on the production of microcystins is still unclear [27]. In a six-day
mesocosm experiment in Lake Taihu that is situated in the Changjiang (Yangtze) delta, Zhou et al. [28]
demonstrated that turbulence promoted the growth of Microcystis spp., especially toxic Microcystis
spp., and increased the proportion of toxic Microcystis spp. In the short term (approx. three
days). Zhang [29] conducted a series of laboratory experiments in which nutrients were assumed
to be plentiful and light available was identical, and found that different turbulence intensities
(7.40 × 10−3 m2s−3 < energy dissipation rate ε < 1.50 m2s−3) promoted the growth of Microcystis
aeruginosa compared with the stationary condition, despite some differences in the degree of promotion.
Turbulent mixing increases diffusion rate on cell surface and enhances uptake of nutrients [20,28].
The corresponding largest algae biomass was also found in each experiments, and the algae growth
rate increased with decreased biological saturation as a result of the relationship between nutrition
and space for population growth [29]. Although all the trends of the growth of Microcystis aeruginosa
were in agreement with the logistic growth, existing logistic models cannot characterize the effects of
the different types of bloom outbreaks under different turbulence conditions.
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The aim of present study was to introduce turbulence mixing into the examination of the responses
of Microcystis aeruginosa to coupled turbulence flow and the growth of Microcystis aeruginosa in the
models of population dynamics. In this study, we found: (1) the hybrid hydraulics can increase the
space capacity of algae growth, and (2) the increased rate of algal population is directly proportional
to the space amount of population. On this basis, a beaker experiment with controlled variables was
conducted to study the influence of hydrodynamics on algae growth. Light, temperature, and nutrient
conditions were fixed and the average water mixing rate of the beaker hydrodynamics was used as the
variable in the experiments. An improved logistic model of Microcystis aeruginosa and a competition
growth model with the symbiont Scenedesmus quadricauda were established based on the experimental
results, among which the data for the competition model were obtained from our research team
member Zhang’s masters thesis [29].

2. Materials and Methods

2.1. Experimental Procedure

Microcystis aeruginosa (FACHB-905) and Scenedesmus quadricauda (FACHB-507) were purchased
from the Institute of Hydrobiology, Chinese Academy of Sciences (Wuhan, China). The algae were
cultivated in BG11 culture medium for 1 week until the logarithmic growth phase at 4000 lux light
intensity and a constant temperature of 26 ◦C. Experimental medium and utensils were all sterilized at
121 ◦C for 30 min and then cooled to room temperature before use. Glassware used in the experiments
was prepared by soaking in 0.1 M hydrochloric acid overnight and rinsed. The experiments were
conducted in an artificial climate chamber at constant temperature and light conditions. The specific
volume of the medium was added to a 2 L beaker and then the M. aeruginosa in the logarithmic growth
phase were added to 1800 mL of supplemented media. The date of inoculation was recorded, and algae
density and chlorophyll-a (Chl-a) concentrations were measured every day. Each experiment was
repeated 3 times. The experiment period was 20 days.

2.2. Sample Analysis and Date Processing

Algae growth was quantified using the number of algae cells and Chl-a concentration. Algae
cells were counted using a hem cytometer under an optical microscope (Olympus CX21, Olympus
Corporation, Tokyo, Japan). The Chl-a concentration was determined by phytoplankton classification
using PHYTO-PAM fluorescence analyzer (Walz, Effeltrich, Germany). When the Chl-a concentration
in the sample was higher than 300 µg/L, fluorescence resorption from the chlorophyll molecule could
interfere with the results. To avoid this effect, when the measured Chl-a content was higher than
300 µg/L, the sample was diluted and re-measured.

A magnetic stirrer created circulation flow in the water to form a closed turbulent environment.
Turbulent intensity was controlled by adjusting the speed of the magnetic stirrer. The experiments
included one control and three turbulent conditions with speeds of 100 rpm, 150 rpm, and 200 rpm.
The relationship between water turbulent mixing capabilities and flow velocity were tested throughout
the experiments. A three-dimensional model was established using Pro Engineer wildfire 5.0
(Parametric Technology Corporation, Boston, MA, USA). The Mesh under Ansys14.0 software package
(ANSYS, America) was used to calculate the unstructured mesh. Numerical analysis was fitted using
the cure fitting tool in MATLAB R2013a (MathWorks, Natick, MA, USA). Image data were processed
using Origin Pro 8.0 (OriginLab, Northampton, MA, USA).

2.3. Test for Hydraulic Parameter Description

A high definition camera (Sony NEX-5N, Sony Corporation, Tokyo, Japan) with an EF S18–55 mm
lens that is not used for full frame was used to observe the water mixing characteristics in the beaker.
The parameter was set to 25 frames/s, shutter 1/40 s, and aperture F8. The camera focal plane was
parallel to the container axis. Algae were added to 2 L of water in the test vessel and then the speed of
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the magnetic stirrer was adjusted. The camera was turned on when the rotational speed was stable,
and 40 µL dye was added to the water on the surface in the center. The RGB color (Red-green-blue)
gradient was used to record the mixing of the dye. As shown in Figure 1, the dye was completely
mixed into the water. The central vortex flow path controlled the water mixture and resulted in an
exchange between the upper and lower water. For example, the RGB color gradient over time in the
beaker under 100 rpm stirring is shown in Figure 2.
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Polynomial was used for fitting discrete data to eliminate noise. The maximum value was taken
as the demarcation point, and the variation of the RGB color gradient over time was divided into
2 parts. The lowest point at the front of the RGB gradient was set as a starting point and the lowest
point at the tail of the RGB gradient value was set as the end point. The interval between the 2 points
was the mixed frame. The mixing time was determined by frame rate. For example, for the beaker
under 100 rpm stirring, the end data fitting is shown in Figure 3. According to the above numerical
method, the mixing time under different stirrer speeds was calculated and the reciprocal mixing time
was taken as the water mixing rate. Figure 4 shows the significant correlation (R2 = 0.9940) between
the mixing time and stirrer speed. So, the mixing disturbance capacity could be described by the
reciprocal mixing time in these beakers.
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3. Experimental Results and Model Constructing

3.1. Effect of Turbulence Mixing on Growth of Microcystis aeruginosa

Figure 5a,b show the growth of Cyanobacteria (Microcystis aeruginosa) under different
turbulence intensities. Compared to the control condition, turbulence promoted the growth of
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Microcystis aeruginosa. The Chl-a concentration change in Microcystis aeruginosa and the change
in the number of algae cells under different turbulent mixing conditions were significantly related
(r > 0.96). As the curves show, the growth trend between different turbulence conditions were
approximately same: the lag phase occurs, then the logarithmic phase is entered, and finally stability
is achieved, in agreement with the logistic growth model. Under the same light intensity and nutrient
level conditions, this kind of algae is assumed to have the same r value (maximum growth rate).
At the beginning of cultivation, M. aeruginosa was in the adaptive phase, in which the synthesis rate
and concentration of Chl-a were lower than during the other phases. After six days, the growth in
Microcystis aeruginosa entered into the logarithmic phase, in which the concentration of Chl-a increased
logarithmically and differences between groups appeared. Based on the microscopic examination of
the blood plate count to determine the cell damage rate, there was no algal cell damage. Under low
hydraulic shear strengths, the hydraulic shear effect does not destroy the algae cell.
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Figure 5. (a) Cell number density and(b) Chl-a concentration changes in Microcystis aeruginosa under
different turbulence conditions.

3.2. Construction of Logistic Model under Water Disturbance

3.2.1. Hypothesis

The maximum biomass or maximum abundance (M) is related to the combined homogenization
effects between the nutrients and harmful substances in the water. The homogenization effect
of the concentration field is based on the turbulent mixing. Based on the linear relationship
between the maximum concentrations and turbulence mixing, and combining the maximum space
capacity of algae growth under turbulent conditions, the logistic model can be optimized in terms of
hydrodynamic force.

3.2.2. Modified Equation Deduction Based on Active M

Due to the continuous nutrient consumption and the waste discharge of the cell, the size of the
biological growth space in the surroundings was affected by the mass transfer efficiency between the
tiny water body (the laminar boundary layer) around the cell and the large water body (diffusion rate
of nutrient and self-produced waste of the cell). This mass transfer efficiency was directly proportional
to the concentration gradient between tiny water body (laminar boundary layer) and the large water
body around the cell. Under eutrophication conditions, the beaker can be regarded as a large water
body. Turbulent water mixing can prevent hazardous substances around the cell from accumulating
and replenish nutrients around the tiny water body (Figure 6).
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As described above, the material transport capacity can be characterized by the fluid replacement
rate to which nutrient transport by microfluidics is related. Assuming that infinity concentration is c,
complete mixture is represented as the speed at which infinite distance fluid replaces the fluid block of
nutrient depletion and water stacking in the laminar boundary layer.

vreplace =
V
T

(1)

where V is the volume of reactor, T is the complete mixture time, and vreplace is the mixing rate.
The biochemical reaction equation is assumed to be A + B→ C + D. Then the growth limitation

has the following relationship:

K(ABCD) ≈ c(A)c(B)
c(C)c(D)

(2)

where K(ABCD) is reaction rate, A and B are the nutrients, and C and D are the metabolites.
This relationship reflects the effect of the concentration of substances surrounding the cell on

the growth of the cell in the period of balance or dynamic balance. Mass transfer is the key to a
well-distributed concentration field and the limitation on increasing algae density. Under ideal growth
conditions, the concentration of extracellular substances has a significant influence on the growth of
algae. In the impounded body, concentration gradients can reach an equilibrium state within infinite
time. However, cell biological processes are dynamic equilibrium processes, and waste accumulation
and nutrient decrease lead to cell death. So, delayed extracellular diffusion of substances A, B, C, and D
influence the maximum biomass, whereas the hydraulic condition decreases C and D and increases
A and B by homogeneous mixing, which pushes the reaction toward the right, that is, promotes the
growth of algae.

The fluid replacement ratio affects the concentration of the laminar boundary layer material,
which is directly proportional to the nutrient concentration with which the cell is in contact. The fluid
replacement ratio is directly proportional to the concentration of the substances in the area surrounding
of the cell; therefore, the fluid replacement ratio is directly proportional to the mass of cell growth
(maximum biomass or abundance).

The differential form of the logistic function is described as the following: growth speed k is
directly proportional to the residual biomass (M – P):

dP
dt

= kP = r(M− P)P (3)
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where P is biomass or abundance, t is time, k is growth rate of the algae, and M is maximum biomass
or maximum abundance.

The influence of mass transfer efficiency on maximum biomass (abundance) results in M being
optimized into a linear relationship as follows:

M = M0 + KMvreplace (4)

where M0 is the maximum biomass (abundance) in static moment and KM is constant.
Then, the integral form of the logistic function is:

P(t) =
M

1 + e−rM(t−t∗)
(5)

where r is proportional constant of growth rate and space, and t* is the time to reach half of maximum
biomass (abundance).

The relationship between mass transfer efficiency and M is substituted into an integral form of
the logistic function:

P
(

t, U
)
= M0 + KMvreplace1 + e− (M0 + KMvreplace)(t− t∗) (6)

As such, two-dimensional fitting target formula was achieved. The parameter optimized
hydrodynamic force logistic function can be achieved using the N-t-P relational formula for
parameter fitting.

3.2.3. Model Verification

Multi-parameter estimation adopts least squares estimation based on the regional optimization
idea. In the initial value area, the best function matching of data is found by minimizing the sum
of squared errors. Parameter c is selected to minimize the weighted sum of squares of residuals (or
deviations) between fitting data and actual observed values at each point. The curve is the fitting
curve of data under the meaning of weighted least square. There are many methods that have been
successfully used to solve fitting curves. For linear models, parameters can generally be calculated by
establishing and solving equations and then a fitted curve can be obtained.

The largest iteration number was 400. The calculated cutoff point is the change of residual sum of
squares between fitting data and measured data on the former and latter iteration, which is less than
10-6. The calculated cutoff point is the change of the sum of squared residuals of parameters on the
former and latter iteration was less than 10−6.

3.2.4. Optimized Parameter Estimation of M

The Curve Fitting Tool in MATLAB was used for fitting data. Using a nonlinear least squares
method, Robust is Bisqure and the Levenberg-Marquardt was used. Since the larger sensitivity of
surface fitting to initial value of parameter, the numerical values are estimated.

For the maximum Chl-a concentration, M0 was estimated at 6000 µg/mL and kM was estimated
at 8000. The specific growth rate constant was estimated to be 1.0 × 10−5 at 1

2 Mmax of 10 days.
The parameter estimation of the abundance of the maximum algae cells number and the calculated
fitting results are shown in the online Supplementary Materials.

3.2.5. Calculation Fitting Results

For the maximum Chl-a concentration, Table 1 shows the parameter estimation based on a 95%
confidence interval and Table 2 shows the fitting evaluation.
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Table 1. The parameter estimation based on 95% confidence intervals (CIs) for the maximum
chlorophyll-a (Chl-a) concentration.

Parameter Calculated Value Estimated Lower Limit Estimated Higher Limit

M0 (µg/mL) 9471 8192 1.075 × 104

km 9779 7527 1.203 × 104

r 2.899 × 10−5 2.059 × 10−5 3.738 × 10−5

t* (d) 11.53 10.72 12.33

Table 2. The fitting evaluation parameters for the maximum Chl-a concentration.

Parameter Value

SSE (sum of squares due to error) 9.682 × 107

R2 0.9411
Adjusted R2 0.9386

RMSE (Root mean square error) 1160

Considering the universality of the function, the Vreplace-t-P relation was employed for drawing
to better show the relationships among turbulent mixing, time, and Chl-a concentration calculated by
the fitting function (Figure 7).
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3.3. Deduction of Improved Logistic Function Facing Population Competition

Assuming that there are n kinds of hydrobiontic algae in water, due to the fixed biological capacity
of water body, the corresponding cell differential equation is:

dPi
dt

= kiPi = ri(M− P1 − P2 · · · − Pi · · · − Pn)Pi (7)
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The equation set of logistic function is:

P1(t) =
M−P2−P3···−Pn

1+e−r1(M−P2−P3···−Pn)(t−t∗1)
P2(t) =

M−P1−P3···−Pn
1+e−r2(M−P1−P3···−Pn)(t−t∗2)

...
Pi(t) =

M−P1−P2···−Pi−1−Pi+1···−Pn

1+e−ri(M−P1−P2···−Pi−1−Pi+1···−Pn

)
(t−t∗i )

...
Pn(t) =

M−P1−P2···−Pn−1
1+e−rn(M−P1−P2···−Pn−1)(t−t∗n)

(8)

where M is the maximum total biomass or maximum total abundance, ri is the specific growth rate of i
algae, and t∗i is the time that i algae requires to reach half of maximum biomass (abundance).

Combined with N-t-P relationship, the known biomass of Microcystis aeruginosa and the
competition growth formula based on the logistic function in the symbiosis with Microcystis aeruginosa
and Scenedesmus quadricauda is:

P1(t) =
M0 + kMVreplace − kk1P2

1 + e−r1(M0+kMVreplace−kk1P2)(t−t∗1)
(9)

where P1 reflects Scenedesmus quadricauda, in µg/mL, P2 reflects Microcystis aeruginosa in µg/mL,
and kk1 is the biological plot ratio.

According to the experimental results, the average Chl-a concentration of Scenedesmus quadricauda
was 33.91 µg/104 ind (individual) and the average Chl-a concentration of Microcystis aeruginosa was
2.40 µg/104 ind. Under a flow rate of 100 rpm, the maximum biomass and specific growth rate are
listed in Table 3. The adjusted R2 was greater than 0.6.

Table 3. The maximum biomass and specific growth rate under 100 rpm stirring.

Rotation
Rate (rpm)

Maximum
Biomass
(µg/mL)

Hybrid Effect
Coefficient

Biological Plot Ratio
(Microcystis aeruginosa

Is Unit 1)

Specific
Growth

Rate

Half-Saturation
Time (d)

100 2620 –2586 0.9205 1.025 ×
10−4 21.21

The analysis of the fitted parameters suggested that the competition of different species causes a
decrease in maximum biomass. The transportation and transfer due to water disturbance promotes
growth space competition among cells. For instance, increasing diffusion of Microcystis aeruginosa
toxins further reduces the growth space. Algae stimulated by external factors accelerate reproduction
and fission to achieve population dominance. However, the results showed that algae in the same
ecological niche (Microcystis aeruginosa and Scenedesmus quadricauda have similar biological plot ratios:
Microcystis aeruginosa:Scenedesmus quadricauda = 1:0.9205) compete with each other and slow down the
maximum growth rate. The results obtained from the model agree with observed results.

4. Discussion

Without considering the velocity of mechanical damage, small-scale turbulence strongly influences
the growth of Microcystis aeruginosa. Many studies found that turbulence through water mixing affects
the physico-chemical properties of the water column, increases the diffusion rate on the cell surface,
and enhances the uptake of nutrients [20,30–32], which then promotes the growth of Microcystis
spp., especially the toxic Microcystis spp. In controlled laboratory experiments, where nutrients are
plentiful and available light is identical, different turbulent conditions have promoted the growth
of Microcystis aeruginosa. Compared with the control condition, the Chl-a concentration reached the
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corresponding maximum under each turbulence condition. The growth rate of Microcystis aeruginosa
decreased with increasing biological saturation in the limited beaker space, reflecting the restriction of
nutrition and space on algal population growth. The population dynamics was consistent with the
logistic function under each turbulence condition. The improved logistic growth model of M aeruginosa
and the competition growth model with the symbiont S. quadricauda under turbulent conditions
were established based these experimental results. We introduced turbulence for the examination
of physiological responses of Microcystis aeruginosa, coupled turbulence, and growth of Microcystis
aeruginosa in the models of population dynamics. The R value of the fitting curve was greater than
0.9, confirming the results fit the model and the unity of the nutrient and algae growth relationship
affected by hydrodynamic force. With the increase in turbulence intensity, turbulence has a limited
influence on algal growth space.

Phytoplankton population dynamics are controlled by the relative rather than absolute timescales
of mixing [33]. Zhou et al. [28] found the short-term (approx. three days’) turbulence favored the
growth of toxic Microcystis species. In an ideal environment, they assumed that same algae species
have similar r values. The initial algae biomass and the r value dominate the beginning of the growth
curve. The well-fitted algae curves and similar growth rates support the former hypothesis. At the
end of the growth period, the algal population limit influences the size of the algal population. Algal
population has a maximum biomass that can change with the turbulence conditions, which proves
the feasibility of our conjecture. In the improved logistic growth model of M. aeruginosa, compared
with the static conditions, water turbulence can promote the growth of M. aeruginosa and increase
the concentration of chl-a under certain turbulence intensity. This conclusion fits the experiment
data that showed that algae growth curves are similar to each other under the conditions of high
rotational speed. Water turbulence may provide an advantage for M. aeruginosa in allowing access to
more nutrients and preventing the accumulation of hazardous material around cell by changing the
thickness of the extracellular laminar boundary layer. The same phenomenon has also been observed
in other studies [34,35].

Under competition conditions, the fitted results confirm the maximum biomass conjecture that
similar maximum biomasses occur under different hydraulic conditions and the influence of the
flow rate on maximum algae biomass is similar to a linear relationship. The growth rates of algae
under competition compared from single algae is larger, which conforms to the explanation that
Microcystis aeruginosa toxin has a carcinogenic mechanism. Cancer due to biotoxicity leads to a
decrease in total biomass but improved multiplication capacity and increased death rates. Moreover,
high intensity turbulence mixing plays an important role in Scenedesmus quadricauda becoming
a dominant species, in agreement with other observed data that showed that potentially toxic
cyanobacteria predominate under low turbulence, whereas diatoms and green algae dominate growth
under high turbulence [10]. Compared with other phytoplankton, many previous studies have
suggested that Cyanobacteria can adjust their position in the water by changing their buoyancy
to obtain more nutrients, causing Cyanobacteria blooms. When the turbulence intensity increases,
the absorption and photosynthetic efficiency of Scenedesmus quadricauda increases in the growth space,
and the competitive advantage of Microcystis aeruginosa decreases. Cyanobacteria are more sensitive
to small-scale turbulence than green algae, resulting in inhibition of growth under high intensity
mixing [36].

5. Conclusions

(1) According to the experimental results, the timing of the lag and logarithmic growth phases were
similar between turbulence treatments. The process starts from the lag phase, then enters a logarithmic
phase, and finally reaches a stable phase, which fits the logistic growth curve. However, the abundance
differed between treatments, showing that increases in turbulence can increase growth rate.
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(2) Based on the logistic basic function, a planktonic algae model under hydrodynamic conditions
was established. When R > 0.95, well-fitted results were obtained, in which the algae growth better
matched an s-shaped curved surface growth.

(3) Under the same conditions of adequate nutrients and light, the same type of planktonic algae
have a logistic growth rate ratio constant r. Water changes the extracellular environment of planktonic
algae through the mass transfer effect and then changes the growth limitation of algae, thus affecting
the algal group size. However, water flow enhances the algae biomass. With a continuous increase in
flow speed, the fitted curved surface becomes smoother and steadier.

Supplementary Materials: The following are available online at http://www.mdpi.com/2073-4441/11/4/669/s1.
Table 1. The parameters estimation based on 95% confidence interval for maximum cell number of abundance.
Table 2. The fitting evaluation parameters for maximum cell number of abundance.
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