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Abstract: Block copolymers forming glassy spheres in the matrix of rubbery chains can 

exhibit elastomeric properties. It is well known that the spherical microdomains are 

arranged in the body-center cubic (bcc) lattice. However, recently, we have found packing 

in the face-centered cubic (fcc) lattice, which is easily transformed into the bcc lattice upon 

uniaxial stretching. In the same time, the packing regularity of the spheres in the bcc lattice 

was found to be enhanced for samples completely recovered from the stretched state. This 

reminds us that a cycle of stretching-and-releasing plays an important role from analogy of 

densification of the packing in granules upon shaking. In the current paper, we quantify the 

enhancement of packing regularity of spherical microdomains in the bcc lattice upon 

uniaxial stretching of the same elastomeric triblock copolymer as used in our previous 

work by conducting small-angle X-ray scattering (SAXS) measurements using high 

brilliant synchrotron radiation. Isotropically circular rings of the lattice peaks observed for 

the unstretched sample turned into deformed ellipsoidal rings upon the uniaxial stretching, 

with sharpening of the peaks in the direction parallel to the stretching direction and almost 

disappearing of the peaks in the perpendicular direction. By quantitatively analyzing the 

SAXS results, it was found that the packing regularity of the spherical microdomains was 
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enhanced in the parallel direction while it was spoiled in the perpendicular direction under 

the stretched state. The enhanced regularity of packing was unchanged even if the 

stretching load was completely removed. 

Keywords: block copolymers; thermoplastic elastomer; small-angle X-ray scattering; 

synchrotron; spherical microdomain; uniaxial stretching; body-centered cubic lattice;  

face-centered cubic lattice; packing regularity; paracrystal model 

 

1. Introduction 

 

In block copolymers comprising rubbery and glassy chains with the glassy minor component, 

spherical microdomains are formed due to microphase separation, which are dispersed in the rubbery 

matrix. Such a microphase-separated structure imparts elastomeric properties to the material since the 

glassy spherical microdomains play the role of a crosslinker. Meanwhile, they can be melt-processed 

above the glass transition temperature of the glassy component. Thus, they are referred to as a 

thermoplastic elastomer [1]. The microphase-separated structures in block copolymers have been 

studied for many decades and much has been uncovered [2–10], such as that spherical microdomains 

regularly order in the body-centered cubic (bcc) lattice [6]. We also have studied why the block 

copolymers favor the bcc over the face-centered cubic (fcc) lattice, and have been able to demonstrate 

a very rare case of spherical microdomains exhibiting the fcc lattice [9]. In the course of the study, we 

have accidentally discovered the transition from fcc to bcc upon uniaxial stretching of the block 

copolymer sample. Furthermore, it seems that the resultant bcc lattice (after releasing the tensile force 

from the stretched state) achieved enhanced packing regularity in the direction parallel to the uniaxial 

stretching. This fact seems to imply that mechanical stretching can play the role of an external field. 

However, the ability to enhance the packing regularity of spherical microdomains is exclusive to  

the mechanical stretching, bearing in mind that other external fields are generally effective for  

alignment or orientation of microdomains [7,8,10]. It should be further mentioned that a cycle of 

stretching-and-releasing plays an important role from analogy of densification of packing in granules 

upon shaking. In the current paper, we quantify the enhancement of packing regularity of spherical 

microdomains in the bcc lattice upon uniaxial stretching of the same elastomeric triblock copolymer as 

used in our previous work [9] by conducting small-angle X-ray scattering (SAXS) measurements using 

high brilliant synchrotron radiation. 

 

2. Experimental Section 

 

The material used is a poly(1,3-cyclohexadiene)-block-poly(ethylene-co-but-1-ene)-block-poly(1,3-

cyclohexadiene) (PCHD-PEB-PCHD) triblock copolymer, having the volume fraction of PCHD 

(PCHD) of 0.293 (determined by 
1
H-NMR), Mn = 5.73 × 10

4
, and Mw/Mn = 1.09 (determined by gel 

permeation chromatography, GPC) where Mn and Mw are the number- and weight-average molecular 

weight, respectively. Note here that the GPC column was calibrated with the polystyrene standard 
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(Polymer Laboratories, Inc.) so that the molecular weight is polystyrene equivalent. It should be also 

noted that the glass transition temperatures (Tg), which were determined from peak positions of the 

mechanical tan for PCHD and PEB are 150 °C and −58 °C, respectively, indicating that the PCHD 

domains play a role of physical crosslinking points in the rubbery PEB matrix. We prepared a film of 

this sample by compression molding at 230 °C (as-mold sample).  

The SAXS measurements were performed at SAXS beamlines BL-10C and BL-15A in the Photon 

Factory of the High Energy Accelerator Research Organization, Tsukuba, Japan [11,12], and at SAXS 

beamline BL45XU of SPring-8 in the Japan Synchrotron Radiation Research Institute [13]. The 

wavelength of the X-rays was tuned to  = 0.149 nm for BL-10C,  = 0.150 nm for BL-15A, and  

 = 0.099 nm for BL45XU. Imaging plates of 250 × 200 mm size and 100 × 100 m resolution were 

used as detectors at BL-10C and BL-15A. The measured two-dimensional SAXS pattern was 

converted to the one-dimensional profile by conducting sector averaging in the direction where 

diffraction peaks were most prominent. The annealed film was trimmed into a rectangular shape  

(5 mm wide, 20 mm long with a thickness of 0.5 mm) and it was cramped with a pair of jaws on the 

homemade stretching device (see Figure 1 of [14] for the schematic illustration of the stretching 

device) with the gauge length of 15 mm, which enabled 2d-SAXS measurements under the stretched 

state at room temperature [14]. 

Transmission electron microscopy (TEM) was performed for ultrathin sections, each with a 

thickness of ca. 80 nm. The sample was sliced at 183 K using a Reichert-Jung Ultracut T with a  

cryo-sectioning system (Reichert-Nissei FC-S). The thin section was picked up on 400-mesh copper 

grids and exposed to ruthenium tetraoxide (RuO4) vapor for about 12 h to stain selectively the PCHD 

domain. TEM was performed at 100 kV on a JEM-2010 instrument (Nippon Denshi Co., Ltd.). 

 

3. Results and Discussion 

 

Before going into the details, we will mention our previous SAXS results, shown in Figure 1, where 

the logarithm of the scattering intensity, I(q), is plotted as a function of the magnitude of the scattering 

vector, q = (4/) sin (/2), with and  being the wavelength of X-ray and the scattering angle, 

respectively [9]. Here, the sample subjected to the measurement was prepared as follows. The as-mold 

sample was further treated by imposing the planar shear flow (flow-imposed sample)  

at 220 °C for two hours, followed by further annealing at 210 °C for two hours without the flow in 

order to eliminate any effects of the flow. The 1d-SAXS profiles shown in Figure 1 were obtained by 

conducting sector average in the direction parallel to the original stretching direction ( = 0° ± 5° 

where  is the azimuthal angle defined as increasing clockwise with respect to the meridional 

direction pointing upward (φ = 0°; parallel to the stretching direction). For the as-annealed sample, 

prior to being subjected to the uniaxial stretching, the scattering peaks were observed at the relative  

q-positions of 1:1.15 (√(4/3):1.63 (√(8/3)). This fact reminds us that the scattering originates from the 

fcc lattice [(111) and (200) reflections, respectively]. Therefore, we conducted the fcc model 

calculation of the scattering curve based on the same procedure [9]. See the Appendix for details of the 

formulation. The solid curve is the result of the model calculation, which shows a good agreement with 

the experimental result (open circles), although we found here that better fitting was attained with a 

new set of structural parameters as compared to those reported before [9]. The structural parameters 
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include d, the Bragg spacing of the (111) plane giving rise to the first-order peak, the g-factor, the  

so-called paracrystalline distortion factor, R, the average radius of spherical microdomains, R, the 

standard deviation in R, and tI, the characteristic thickness of the interfacial region of the spherical 

microdomains. The values of the structural parameters used for the model calculation are summarized 

in Table 1. Here, the values of the average radius of spheres R are considerably larger than observed by 

TEM (Figure 2), except for the values listed in Table 1(b) under the stretched state in the perpendicular 

direction, which are around 4.2 ~ 5 nm, showing good agreement with the TEM results. The fact that 

the radius is larger in the parallel direction than in the perpendicular direction does not represent 

deformation of the spheres, because the spheres are composed of PCHD, such that they were in the 

glassy state at room temperature where the in situ SAXS experiments were conducted. The 

overestimation of the radius might be an artifact, though the reason is not clear at present. There may 

be limitation of the applicability of the model calculation based on the isotropic orientation (random 

orientation) of the cubic lattice to the deformed cubic lattice, as well. For the purpose of the current 

work, we just recognize the structural values evaluated from the model calculation for the case of the 

in situ SAXS profiles as values equivalent to the undeformed cubic lattice.  

 

Figure 1. SAXS profiles measured at room temperature (a) in the unstretched state, and for 

the samples suffering the uniaxial stretching at room temperature up to the stretching ratio 

of (b) = 4.0, (c) = 7.5, and (d) = 8.0. Note that SAXS profiles (b–d) were obtained 

for the samples after complete removal of the mechanical stretching, i.e., under the state 

being relaxed from the stretched state. Here, the sample subjected to the measurement (a) 

was prepared as follows. The as-mold sample was further treated by imposing the planar 

shear flow (flow-imposed sample) at 220 °C for 2 h, followed by further annealing  

at 210 °C for 2 h. It should be also noted that all SAXS profiles were obtained by 

conducting sector average in the direction parallel to the original stretching direction  

(= 0° ± 5°). The solid curves are results of the calculated profiles based on the fcc and 

bcc models. 
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Table 1. Values of structural parameters used for the SAXS profiles based on the fcc and 

bcc paracrystalline models. 

 
Stretching 

Ratio 
Direction 

Type of 

Lattice 
g d (nm) R (nm) R (nm) tI (nm) 

(a) 

shown in 

Figure 1 

1.0 // fcc 0.085 28.0 8.8 2.5 1.5 

4.0 // 

bcc 

0.070 25.5 8.5 1.5 1.0 

7.5 // 0.060 25.5 8.5 1.5 1.0 

8.0 // 0.050 25.5 8.5 1.5 1.0 

(b) 

shown in 

Figures 5 

and 6 

1.0 
// 

bcc 

0.090 26.0 8.3 1.0 1.0 

⊥ 0.080 24.5 8.5 1.0 1.0 

4.5 
// 0.070 63.7 8.7 1.0 0.5 

⊥ 0.090 16.6 5.0 1.2 1.0 

5.4 
// 0.065 69.0 8.7 0.8 0.5 

⊥ 0.090 16.2 4.2 2.0 1.0 

6.8 
// 0.065 89.0 8.7 1.0 0.5 

⊥ 0.150 15.5 4.2 2.0 1.0 

7.9 
// 0.065 105 9.0 1.0 0.5 

⊥ 0.120 10.5 4.2 1.5 1.0 

after 

releasing the 

load 

// 0.067 31.0 8.7 1.0 1.0 

⊥ 0.080 22.5 8.0 1.0 1.0 

 

Figure 2. Transmission electron microscopic photographs for the as-mold sample and the 

sample further annealed at 210 °C for 1 h. The PCHD phase is selectively stained with 

RuO4 and appears dark. 

 

Figure 1 also contains the SAXS results of the samples suffering the uniaxial stretching at room 

temperature up to the stretching ratio of (b)  = 4.0, (c)  = 7.5, and (d)  = 8.0. The stretching ratio  

is defined by  = ℓ/ℓ0 with ℓ0 and ℓ being the original length of the sample before stretching and the 

length of the sample at the stretched state, respectively. Note that these SAXS profiles were obtained 

for the samples after complete removal of the mechanical stretching, i.e., under the state being relaxed 

from the stretched state. It was found that all SAXS profiles other than that for the unstretched sample 

show the scattering peaks at the relative q-positions of 1:√2:√3 which are ascribed to the bcc lattice, 

clearly demonstrating that the mechanical stretching induces transformation of the packing manner 

from fcc to bcc. It can be further recognized that the peaks are sharper for the sample suffering the 
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higher extent of uniaxial stretching. The peak sharpness correlates with regularity of the packing of 

spherical microdomains. To quantify the degree of the packing regularity, we calculated the model 

scattering function based on the bcc lattice by following a similar procedure [6,15,16]. The solid 

curves are the results of the calculation by appropriately adjusting the structural parameters as 

mentioned above where d denotes, in this particular case for the bcc lattice, the Bragg spacing of the 

(110) plane giving rise to the first-order peak of the bcc lattice. Among them, the g-factor rationalizes 

the degree of the packing regularity as g = a/a where a and a denote, respectively, the standard 

deviation in a due to the paracrystalline distortion and the edge length of the unit cell. Note that the 

smaller value of the g-factor indicates better packing regularity. As expected, the g-factor exhibits 

decreasing tendency (i.e., the packing regularity is being enhanced) as a function  of the sample 

suffering prior to the SAXS measurement (see Figure 3). Thus, it is quantitatively confirmed that the 

regularity of the bcc lattice is better when the sample suffers a higher extent of uniaxial stretching. 

This result, furthermore, reminds us that a cycle of stretching-and-releasing plays an important role 

from analogy of densification of packing in granules upon shaking. 

 

Figure 3. Variation of the g-factor as a function of the stretching ratio (), evaluated from 

the model fitting of the SAXS profiles shown in Figure 1. 
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Now, we confirm whether the enhancement of packing regularity of spherical microdomains in the 

bcc lattice takes place in the sample under the stretched state or not. For this purpose, we conducted  

in situ 2d-SAXS measurements of the sample under the uniaxial stretching using the homemade 

stretching device [14] with the initial gauge length of 15 mm and the initial thickness and width of the 

film being 0.5 mm and 5 mm, respectively. Here, the sample subjected to the measurement was 

prepared as follows. The as-mold sample was further annealed at 210 °C for one hour, without 

imposing the planar shear flow. Figure 2 shows TEM photographs for the as-mold sample and the 

sample further annealed at 210 °C for one hour. The PCHD phase is selectively stained with RuO4 and 

appears dark. Although for both samples, PCHD spheres were identified, the packing regularity is very 

different; the regularity is much better for the annealed sample. This annealed sample was used for the 

in situ 2d-SAXS measurements. It is noticed here that the average radius was found to be 

approximately 5 nm from the TEM photos for both samples.  

Figure 4 displays 2d-SAXS patterns as a function of the stretching ratio. From the isotropic circular 

peaks observed for the unstretched state to the elliptic patterns under stretched states, the 2d-SAXS 
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pattern changed. In the direction parallel to the stretching direction, the peaks moved towards the 

smaller q-position while the peaks moved towards the higher q-positions in the direction perpendicular 

to the stretching direction, both of which give rise qualitatively to the elliptic shape of the 2d-SAXS 

pattern. Furthermore, the scattering peaks appeared much clearer for the samples under higher 

stretching in the direction parallel to the stretching direction. These results qualitatively remind us that 

the bcc regularity already becomes better even in the samples under the stretched state. To quantify the 

enhancement of the packing regularity, the model SAXS function was calculated and was fitted to the 

experimental results in the direction parallel to the stretching direction. 

 

Figure 4. 2d-SAXS patterns obtained from in situ measurements of the sample under the 

uniaxial stretching using the homemade stretching device. The stretching direction is vertical. 

 

 

 

Figure 5 displays the fitting, where the open circles denote the experimental result and the solid 

curve the result of the model calculation. Meanwhile, for the direction perpendicular to the stretching 

direction, similar plots are shown in Figure 6. The evaluated g-factor is shown in Figure 7 as a function 

of . It is clearly found that the plots exhibit a monotonic decrease in the g-factor with an increase in 

. To compare with the previous results plotted in Figure 3, the approximated line for these data is 

included in Figure 7. The fact that the line expresses firmly the tendency of data points indicates 

definitely that the enhancement of the packing regularity is already attained in the course of the 

uniaxial stretching and the better regularity attained is not spoiled in the following releasing process. In 

other words, the releasing process after the stretching is not necessarily required for the enhancement 

of the packing regularity. As for the g-factor in the direction perpendicular to the stretching direction, 

the results are shown together in Figure 7, and the g-factor is observed to considerably increase with an 

increase in . Thus, in the perpendicular direction, the packing regularity becomes worse in the course 

of the uniaxial stretching. Although this result seems to be reasonable because it compensates the 
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enhancement of the regularity in the parallel direction, the regularity in the perpendicular direction is 

much worse! In other words, the better regularity in the parallel direction is a bit independent. Another 

important aspect is that the enhanced regularity in the parallel direction attained in the course of the 

uniaxial stretching was able to be maintained after releasing of the tensile load, as shown in Figure 7.  

These two facts imply there is a special mechanism behind. To uncover the mechanism, it is 

worthwhile examining the change in the domain spacing d along with the uniaxial stretching as shown 

in Figure 8. The solid curves indicate behaviors when assuming that the affine deformation takes place. 

Note that the affine deformation stands for the fact that macroscopic deformation can be transmitted to 

the microscopic level, and for the particular case of the block copolymers the degree of deformation in 

the microdomain repeating distance can be identical to the macroscopic deformation ratio. The solid 

curves shown in Figure 8 are based on the following equations: 

d// () = d// (1)  (1) 

d⊥ () = d⊥(1)  
−0.5

 (2) 

where d// () and d⊥ () are the d spacing as a function of  in the direction parallel and perpendicular 

to the stretching direction, respectively. And d// (1) and d⊥(1) are the values of the d spacing in the 

unstretched state for the samples used for the SAXS measurements along with the uniaxial stretching 

in the direction parallel and perpendicular to the stretching direction, respectively. In Equation (2), it is 

assumed that the total volume of the sample does not change during the stretching.  

 

Figure 5. 1d-SAXS profiles parallel to the stretching direction converted from the  

2d-SAXS patterns shown in Figure 4 by conducting the sector averaging over the 

azimuthal angle range with  = 0° ± 1°. The solid curves are the results of the calculated 

profiles based on the bcc model. 
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Figure 6. 1d-SAXS profiles perpendicular to the stretching direction converted from  

2d-SAXS patterns shown in Figure 4 by conducting the sector averaging over the 

azimuthal angle range with  = 270° ± 1°. The solid curves are results of the calculated 

profiles based on the bcc model. 

 

Figure 7. Variation of the g-factor as a function of the stretching ratio (), evaluated from 

the model fitting of the SAXS profiles shown in Figures 5 and 6. To compare with the 

previous results plotted in Figure 3, the approximated line for those data is shown by the 

dotted line. 
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Figure 8. Change in the domain spacing d along with the uniaxial stretching. The solid 

curves indicate behaviors by assuming the affine deformation and that the total volume of 

the sample does not change during the stretching, based on Equations (1) and (2). The 

dotted curves are the best fits to the data expressed by Equations (3) and (4), the modified 

affine with k = 0.43. 

 

 

As clearly seen in Figure 8, the data points do not follow the affine deformation, which suggests 

slip during the stretching. To quantify the apparent efficiency of the stretching, the above equation is 

modified by introducing a parameter k in the degree of elongation (-1), giving the modified affine 

deformation as: 

d// () = d// (1) × {1 + k (− 1)} (3) 

d⊥() = d⊥(1) × {1 + k (− 1)} 
−0.5

 (4) 

By adjusting the parameter k, good agreement between the data points and the modified affine 

behaviors can be confirmed in Figure 8, where the broken curves in Figure 8 show the modified affine 

with k = 0.43. Macroscopic slippage of the film sample at the jaws of the stretching device cannot 

explain such a tremendous deficiency of the mechanical stretching. 

Then the possible explanation for the deviation from the affine deformation exists in the sample, 

which is referred to as inner slippage, and void formation during the stretching may be responsible. 

Inoue et al. reported a peculiar light scattering pattern (so-called butterfly pattern) for sphere-forming 

elastomeric block copolymer samples (comprising polystyrene and polyisoprene blocks) under 

stretched state at room temperature [17]. They ascribed the results to microvoid formation for which 

such a mechanism as that shown schematically in Figure 9 was also incorporated [17]. This model can 

be explained as follows: In the initial stage before stretching, there is some extent of number density 

fluctuation of the hard spheres, which might be due to paracrystalline distortion, and the fluctuation is 

enhanced upon the stretching. The resultant regions where the number density is lower turn into 

microvoids due to stress concentration. Interestingly, such microvoid regions are elongated in the 
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direction perpendicular to the stretching direction. This two-region model can explain the failure  

of the affine deformation. Namely, the microvoid regions are heavily deformed while the other 

(microdomain) regions are less deformed than the macroscopic deformation. It is needless to note that 

the microdomain regions are also deformed, but what we like to say here is that the degree of the 

deformation is less than the macroscopic one. Due to the heavy deformation in the microvoid regions, 

the effective strain in the microdomain regions is 43% of the macroscopic one, considering k = 0.43 

evaluated above. 

Figure 9. Schematic illustration of the two-region model with microvoids. The stretching 

direction is vertical. 

 

 

The microvoid formation results in non-recovery eternal strain after releasing the tensile load, 

which is so-called remaining strain. Using the values of the d spacing, the remaining strain can be 

estimated. 

//,off = d//,off / d// (1) (5) 

⊥,off = { d⊥,off / d⊥(1) } 
−0.5

 (6) 

where //,off and ⊥,off denote, respectively, the remaining strain calculated independently from the 

values of d//,off and d⊥,off which are, respectively, values of the d spacing for the samples used for the 

SAXS measurements in the direction parallel and perpendicular to the stretching direction after 

releasing the tensile load. Substituting d//,off = 31.0 nm, d// (1) = 26.0 nm, d⊥,off = 22.5 nm, and  

d⊥,off (1) = 24.5 nm from the d values tabulated in Table 1, //,off = ⊥,off = 0.19 are evaluated. It is 

quite reasonable to obtain the identical values even if the apparently independent dual Equations (5) 

and (6) were used. Such a small value of the remaining strain ensures almost complete recovery of the 

deformation in the microdomain lattice upon the release of the tensile load. 

At a first glance, the two-region model proposed in Figure 9 cannot explain our result of the small 

remaining strain. However, if we consider that the microvoid region does not really contain voids  

but is filled with heavily stretched rubbery chains, then this region also can exhibit complete  

recovery upon removal of the stretching load. Therefore, such an elastic region, which is heavily 

deformed under the stretched state, is responsible for both the non-affine deformation and the small 

remaining strain. 
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Finally, it is worth mentioning that the g factor did not change upon the release of the stretching 

load for the direction parallel to the stretching direction, which is recognized when comparing the 

values of the g factor for  = 7.9 and the unstretched states in Table 1. In other words, not only the 

enhancement of the regularity in the stretching direction remained as it was upon the release of the 

stretching load. It is characteristic of block copolymers that the anisotropy of the degree of the packing 

regularity of the spherical microdomains remains in the sample recovered from the stretched state 

without being homogenized. 

4. Conclusions 

We conducted in situ 2d-SAXS measurements at room temperature during the uniaxial stretching of 

the elastomeric sphere-forming triblock copolymer (PCHD-PEB-PCHD) using synchrotron radiation 

as an X-ray source. Isotropically circular rings of the lattice peaks observed for the unstretched sample 

turned into deformed elliptic rings upon the uniaxial stretching, with sharpening of the peaks in the 

direction parallel to the stretching direction and an almost disappearing of the peaks in the 

perpendicular direction. By quantitatively analyzing the SAXS results, it was found that the packing 

regularity of the spherical microdomains was enhanced in the parallel direction while it was spoiled in 

the perpendicular direction under the stretched state. The enhanced regularity of packing was 

unchanged even if the stretching load was completely removed. 

Although our result seems to indicate that the packing regularity in the parallel direction is 

enhanced by extensional deformation, it is unclear whether compression in the perpendicular direction 

plays a role or not. 2d-SAXS studies on the sample under simple compression or simultaneous biaxial 

stretching deserves future work. Another interesting aspect is that the state attained in the stretched 

state can be maintained even after the complete removal of the stretching load. Why does 

homogenization not take place? Considering that this result is obtained right after the release of  

the stretching, gradual homogenization may occur. In this case, how fast the decay rate is and  

what determines the decay rate deserves also future work. It is needless to say that future work should 

be carried out to reveal the mechanism of the enhancement of the packing regularity upon the  

uniaxial stretching. 
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Appendix 

Here we present the model calculation of the SAXS profiles for spheres ordered in bcc and fcc 

lattices based on the Hosemann’s paracrystal theory. According to the Hosemann’s paracrystal theory, 
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the scattering intensity I(q) from microphase-separated block copolymers can be formulated as  

follows [15,16]: 

    (A1) 

where f(q) and Z(q) denote the scattering amplitude due to the intraparticle interference and the 

scattering intensity due to the interparticle interference, respectively. Hereafter, f(q) and Z(q) are 

referred to as the particle and the lattice factor, respectively. In Equation A1, < x > is the average of the 

quantity of x. f(q) for a spherical particle with its radius, R, can be given by the Fourier tranformation 

of the variation of the electron density in the real space and reads  

   (A2) 

where Ae is the scattering amplitude of Thomson scattering,  is the difference in the electron density 

between sphere and matrix, V is the volume of the spheres, and s is a parameter characterizing the 

variation of the (electron) density in the interfacial region (s determines the characteristic interfacial 

thickness tI, which is mentioned in the text, through the relationship tI = (2)
1/2s ). We use the 

Gaussian distribution for the radius of sphere upon averaging with R being the standard deviation for 

the distribution of the sphere radius. On the other hand, the lattice factor Z(q) is given by  

Equation A3 with Eulerian angles,  and which define orientation of the unit cell of a given grain 

with respect to the experimental Cartesian coordinates: 

(A3) 

with 

    (A4) 

in which 

 = sin  cos + sin sin  + cos      (A5) 

 = −sin cos − sin sin + cos    (A6) 

 = −sin cos + sin sin − cos    (A7) 

for the bcc lattice, and 

sinsincos     

sincoscos     

sincos sinsin    

for the fcc lattice. In Equations A3 and A4, d denotes the Bragg spacing, which gives rise to the  

first-order peak and corresponds to the spacing for {110} and {111} planes for the bcc and fcc lattices, 



Polymers 2011, 3  

 

 

50 

respectively. For randomly oriented polygrains in actual samples, the scattering is isotropic. Therefore, 

Z(q ) is averaged with respect to  and to obtain isotropic Z(q): 

   (A11) 
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