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Abstract: Accurate estimates of tropical cyclone (TC) intensity are important for improving forecasts
as well as studying ocean dynamics during such extreme events. Since most cyclone life occurs
over the open ocean, remote sensing techniques play an important role in obtaining the necessary
data. The possibility of using the configuration of spiral signatures of mature tropical cyclones (TCs)
observed in synthetic aperture radar (SAR) images to estimate the maximum wind speed of a TC is
considered. This study assessed the intensity of 14 TCs in the Atlantic and Pacific Oceans using radar
images obtained by the Radarsat Hurricane Application Project. TC intensity was estimated using the
hyperbolic-logarithmic approximation of TC spiral signatures (HLS approximation). Additionally,
the edges of the spiral signatures were partially fitted using a logarithmic spiral to improve the
reliability of the HLS approximation. For the first time, a physical model of changing the crossing
angle of the logarithmic portion of the edges was proposed and tested on SAR images of the TC.
HLS maximum wind speed estimates were compared with Best Track estimates. The results showed
the closeness of both estimates with a correlation of 0.95 and a standard deviation of 2.9 m s−1. The
results indicate the possibility of using the HLS approximation to estimate the intensity of mature
TCs from SAR data.

Keywords: TC intensity; synthetic aperture radar; hyperbolic-logarithmic approximation; crossing angle

1. Introduction

Ocean dynamics plays an important role in understanding the distribution of heat,
biological and chemical species in the ocean and the interaction of the water surface with
the atmosphere [1]. Tropical cyclones (TCs) are one of the natural strong and large-scale
factors that intensify this process due to their significant influence on disturbances of the
sea surface and atmosphere. The main dynamic parameter that determines the impact
of a cyclone on the environment is its intensity. Since most of the TC life cycle occurs
over the ocean, remote sensing of TC intensity is an important task in satellite remote
sensing. Spaceborne synthetic aperture radar (SAR) is considered a suitable remote sensing
tool for obtaining information on the intensity of TCs due to its sensitivity to sea surface
roughness, ability to partially penetrate the cloud-rain field (CRF) accompanying TCs, and
independence from solar radiation [2]. The key features of the SAR sounding follow from
the phenomenological model of the normalized radar cross-section (NRCS, σ0) of the TC
region, based on information provided in [3,4]:

σ0 = (σwind + σsrf) · L + Q
H∫

h

Ze(r) · L(r)dr, (1)

where σwind and σsrf are backscatter from the sea surface caused by wind-induced and
rain-induced perturbations, respectively; L(r) is the dimensionless integral attenuation coef-
ficient, h is the slant range from the sea surface to bottom layer of the CRF (h = h⊥ sec(θ), θ
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is the radar incidence angle), H is the slant height of CRF top layer (H = H0 sec(θ), H0 is the
altitude of CRF top layer); L = L(0); Q = 10−10 π5

λ4 |Kw|2, Kw = m2−1
m2+2 is a coefficient related

to the absorption properties of water, where m is the complex refractive index of water;
λ is the radar wavelength (cm); Ze is the effective reflectivity (mm6 m−3) of CRF. In this
model, SAR rainband signatures are a combination of bright and dark elements (compared
to the background image) organized in a spiral shape and caused by the following physical
mechanisms [5]:

1. Attenuation due to heavy rain;
2. Backscattering from raindrops in the air and ice particles;
3. Sea-surface capillary waves induced by rain;
4. Damping of sea surface waves by rain-induced turbulence;
5. Wind gusts.

Currently, most methods for determining wind speed from SAR data and estimating
the NRCS wind component (σwind) are based on the empirical relationship between sea
surface backscatter and near-surface wind [6]. A short review of these studies up to 2013
can be found in [5]. However, according to the model (Equation (1)), the backscatter from
the wind component is “contaminated” by backscatter due to the contribution of other
factors, in particular CRF, where precipitation makes the largest contribution. In addition,
for high winds over 20–25 m s−1, the 0.5–1.0 dB SAR calibration errors induce large wind
retrieval errors owing to the saturation of this SAR component [7]. To mitigate these
interfering factors, the contribution of precipitation was assessed using passive microwave
observations of rain in combination with geostationary IR images and SAR image features
of TC [4].

The SAR wind speed retrieval accuracy of backscattering measurements is also affected
by errors in the estimated wind directions and radar incidence angle. To mitigate this
contribution and extend the range of measurable speeds to high wind speeds during severe
storms, the cross-polarized NRCS should be measured [8]. Another method uses combined
airborne L-band passive microwave measurements from the Soil Moisture Active and
Passive Mission and Stepped Frequency Microwave Radiometer (SFMR) measurements,
which are less sensitive to precipitation [9]. Articles [9–12] demonstrated how combined
co- and cross-polarization C-band SAR measurements efficiently resolve TC inner-core
wind field characteristics based on specific empirical geophysical model functions (GMFs).
However, the physical relationship between the wind vector and its radar backscatter is
a complex nonlinear function that, in addition to (1), also includes the polarization and
relative azimuth between the radar viewing angle and the wind direction. To increase the
efficiency of solving the inverse GMF problems, reconstruct the entire TC structure, and
enhance the low-quality data, neural network technologies and machine learning methods
are used [13,14].

In general, all modern methods for obtaining information about wind in TCs from
space-based SAR are based on the dependence of backscatter on the modification of the sea
surface caused by the surface wind. This dependence is described, as noted above, using
GMFs adapted to a specific radar sensing mode. The most confounding factors in these
methods are the effect of rain on backscatter, inaccuracy in estimating wind direction, and
“saturation” of the backscatter in high winds, which are mitigated by the use of additional
information from other sensors or by the use of dual-polarized SAR.

This study proposes a method for estimating maximum wind speed (MWS) in TCs
from SAR images that does not use the backscatter magnitude as a measure of wind speed.
The method is based on measuring the characteristics of the configuration of spiral (arc)
bands, which are one of the most pertinent features of SAR images of TCs. These bands
are caused by spiral cloud-rain bands (SCRBs) and near-surface winds disturbing the
sea surface. SCRB spiral signatures and their individual elements in SAR images can be
brighter or darker than the reflection from the surrounding sea surface, depending on
the ratio of the components in Equation (1). The orientation of SCRB, which is revealed
in the radar and satellite images of TCs, occurs predominantly along streamlines in a
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hurricane [15,16]. Using the known distribution of forces in a cyclone and representing
the cyclone as a Rankine vortex, the analytical expression for the streamline configuration
is in the form of the Hyperbolic-Logarithmic spiral (HLS) [17,18], where its parameters
depend on maximum wind speed. Articles [19,20] also showed, by providing several
examples of satellite and radar images of TCs, that the spiral signatures are satisfactorily
approximated by the HLS. The intensities of several cyclones have been estimated using
calculated HLS parameters. These estimates were close to the results of both aircraft
measurements and Best Track data, including the estimates of the most common empirical
method of Dvorac [21,22]. In the current study, further improvement of the method was
achieved by measuring and using the crossing angle (more precisely, its tangent) of the
logarithmic portion of the trailing and leading edges of the spiral signatures.

In contrast to the empirical SAR backscatter methods mentioned above, this work
aims to develop a method for estimating TC intensity based on a physical streamline model
(HLS). This method exploits the configuration parameters of cloud-rain spiral signatures in
SAR images as a source of information on the MWS. In contrast to backscatter methods, the
rain factor delineating the configuration of spiral signatures is favorable for determining TC
intensity in the HLS approach. The difference between the surface wind direction and the
SAR sounding does not affect the HLS estimate of the MWS. Therefore, this study applies
the HLS approximation to the spiral SAR signature to estimate the TC intensity.

Descriptions of the Data acquisition and processing, including the dataset and the
essence of the HLS assessment method, are presented in Section 2. Section 3 presents the
results of the HLS approximation of spiral signatures and a comparison of the obtained
maximum wind speeds with the best Track data. Discussion and conclusions are presented
in Sections 4 and 5, respectively.

2. Data Acquisition and Processing
2.1. Composition of the Dataset

The RadarSAT-1 data set provided by the Center for Advanced Remote Sensing for the
Southeast Tropical Regions (CSTARS) under the Radarsat Hurricane Application Project
(RHAP) for the years 2002–2007 was examined. Only SAR images with a clearly defined
spiral structure are suitable for the HLS approximation. Due to these requirements, 14
images from the 144 available hurricanes within the RHAP dataset were selected for
processing. All of them were acquired by the Radarsat-1 satellite over the Atlantic Ocean,
as well as the western and eastern parts of the Pacific Ocean. Table 1 lists these TCs. The
analyzed spiral bands belonged predominantly to the inner region of the cyclones at a
distance of no more than 250 km from the center of the TC.

Thumbnails of SAR images of the TCs listed in Table 1 are shown in Figure 1.

Table 1. List of TCs processed using the HLS approximation in this study.

# TC Name
TC Index

(YYYYMMDD
hhmmss)

Cat.
SAR Scene Center

Lat (◦N) Long (◦E/−◦W)

Western Pacific

1 MEARI 20040928092545 I 29.69 128.55

2 XANGSANE 20060930223832 II 16.00 108.99

3 KIROGI 20051015210400 III 24.77 132.17

4 MAWAR 20050822203846 III 24.81 138.48

5 EWINIAR 20060703205345 III 14.80 133.50

6 YAGI 20060921201753 V 23.70 143.60
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Table 1. Cont.

# TC Name
TC Index

(YYYYMMDD
hhmmss)

Cat.
SAR Scene Center

Lat (◦N) Long (◦E/−◦W)

Eastern Pacific

7 FLOSSIE 20010830133745 I 21.64 −116.16

8 ALMA 20020530014925 II 14.71 –114.93

9 JAVIER 20040917012033 III 21.04 –108.91

10 JOVA 20050919152220 III 15.47 –143.68

11 KENNETH 20050925032031 I 16.69 –138.41

Atlantic

12 FRANKLIN 20050728221603 TS 38.20 –65.43

13 KATRINA 20050828234840 V 26.89 –87.18

14 DEAN 20070819231634 IV 14.18 –61.04
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Figure 1. SAR images of tropical cyclones used in the study.

2.2. The Essence of the HLS Assessment
2.2.1. Dependence of the Maximum Wind Speed on HLS Parameters

The essence of the HLS assessment of the MWS is as follows. The assessment used the
hyperbolic distribution of the tangential velocity in the outer part of the Rankine vortex.

V(R) = Vm

(
Rm

1
R

)n
, Rm ≤ R < ∞ (2)

where R is the polar radius in the center of the cyclone, Rm is the radius of the maximum
wind (MWR) relative to which the vortex region is divided into internal and outer parts,
Vm is the maximum wind speed (MWS), V(R) is the wind speed at a distance R from the
center of the cyclone, n is the hyperbolic index. It is shown in [17,18] that a streamline
forming the rainband for the outer section of the Rankine vortex is described by the HLS in
polar coordinates, originating at the center of the TC:

φ = A
(

1
yn+1 − 1

)
− B ln y ≡ A

[
e−(n+1) ln y − 1

]
− B ln y,

ym ≤ y ≤ 1, ln ym ≤ ln y ≤ 0
, (3)

where φ is the polar angle, y = R/R0 is the polar radius normalized to R0 that is the
conditional range of the beginning of a streamline that coincides with the range of the
accepted reference point of the polar angle of the spiral (a point within a spiral signature),
ym = Rm/R0 is the relative radius of maximum wind speed. Since lny ≤ 0 over the entire
range of the changes in the polar angle, it is reasonable to represent the Equation (3) as a
function of the module of the natural logarithm of the relative polar radius (i.e., |lny|):

φ = A
[
e(n+1)|ln y| − 1

]
+ B|ln y|. (4)

This form of notation allows omitting the minus sign for lny and thereby simpli-
fying the graphical representation of the spiral in convenient positive semi-logarithmic
coordinates. Coefficients A and B are determined by the following relationships:

A =
Rn

m

k(n + 1)Rn+1
0

Vm =
B

f (n + 1)
yn

m
Vm

R0
=

B
n + 1

yn
m

Vm

VC
, (5)
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and
B =

f
k

, (6)

where k is the friction coefficient and f is the Coriolis parameter, VC = R0 f can be
called the Coriolis velocity. Thus, as follows from the definitions of the HLS coefficients
(Equations (4) and (5)), the MWS can be determined for given n, f, Rm, and R0 as a function

of approximate estimates of the coefficients
⌢
A and

⌢
B as follows:

Vm =

⌢
A
⌢
B
(n + 1)y−n

m VC. (7)

2.2.2. Logarithmic Component of the HLS and the Crossing Angle

This work also draws attention to the distinct features of the spiral band, which
are its edges, in order to find their contribution to improving the HLS estimate of TC
intensity. When approximating SAR spiral bands, it was determined that some portions
of trailing (closest to the center) and leading (farthest from the center) edges of the SAR
signature, located outside the TC core, are well approximated by a logarithmic spiral:
R = R0 · exp(−φ · tan α), where α is the crossing angle. According to [23–25], the crossing
angle is the angle between the longitudinal axis of the band and the tangent to a circle
whose radius is the distance from the band to the storm center. In the logarithmic form, the
equation of the logarithmic spiral is

φL = − ln y/ tan α = |ln y|/ tan α. (8)

Logarithmic approximation is well known from studies of spiral bands of cloud and
rain visible in radar and satellite images and is widely presented in the literature sources,
summarized in several reviews [26,27]. The studies were focused on the investigation of
the behavior of the crossing angle as an indicator of the degree of twisting of the spiral
band. Since the logarithmic spiral is an equiangular spiral, the crossing angle should be
a constant. However, based on the results of these studies, it was found that the crossing
angle decreases as the intensity of the TC increases, and the observation point on the
spiral approaches the center of the TC. Since these observed features indirectly indicate
the dependence of the crossing angle on TC intensity, several possible explanations for
the behavior of the crossing angle, as well as modifications of the logarithmic spiral, have
been presented in these reviews and some recent studies [28–30]. However, the physical
mechanisms behind these features still remain uncertain.

Taking into account the above, below is an analysis of the logarithmic portion of the
edges of a spiral signature within the framework of the hyperbolic–logarithmic model used.

At first glance, the logarithmic component of the spiral is described only by the second
term of Equation (4). However, the dependence of the crossing angle

(
α = tan−1(1/B)

)
only on the B-factor, which, in turn, is determined by the friction coefficient (k) and the
Coriolis parameter (f ), does not explain the observed changes in the crossing angle listed
above. In order to understand this issue, let us represent the exponential in the first term of
Equation (4) in the form of a Maclaurin series:

exp(. . .) =
∞

∑
p=0

[(n + 1)|ln y|]p

p!
= 1 + [(n + 1)|ln y|] +

∞

∑
p=2

[(n + 1)|ln y|]p

p!
. (9)

As follows from this expansion, there is a term as a function of the first power of
the logarithm of the relative radius (lny). Substituting the resulting expansion (9) into the
original Equation (4) leads to the following:

φ = A
∞

∑
p=2

[(n + 1)|ln y|]p

p!
+ GHLS|ln y|, (10)
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where GHLS = [A(n + 1) + B]. Therefore, GHLS = 1/tan(α) is the full logarithmic compo-
nent of the HLS, and its crossing angle is α = tan−1(1/GHLS). Using an alternative form of
coefficient A from (5), we obtain

GHLS = B
(

1 + yn
m

Vm

VC

)
. (11)

From Expression (11), it follows that the crossing angle (more precisely, its tangent)
of the logarithmic component of the hyperbolic–logarithmic spiral depends on several
parameters, including the MWS. As follows from (11), the G-factor (and, consequently, the
crossing angle or its tangent) can exhibit a dependence on the MWS only if the remaining
parameters (B, n, ym, and VC) are constant, which can be expected during monitoring of an
individual cyclone for a limited time. Changes in GHLS values can be caused by changes in
cyclone intensity, as well as changes in MWR and hyperbolic index. The components B, n,
and ym are found during the HLS approximation, and the Coriolis velocity is calculated
from the known latitude of the TC center and the distance (R0) between the TC center and
the position of the starting point of the spiral signature. The Vm-GHLS correlation is even less
likely when comparing different cyclones (in this study) due to the non-synchronization of
changes in the parameters included in (11). However, even in our case, checking the HLS
estimates of parameters for compliance of their complex (11) with the G-factor turns out to
be useful for the correct selection of their optimal values.

To illustrate the influence of MWS on the HLS configuration, Figure 2 shows two
logarithmic spirals representing logarithmic components of the HLSs φL = GHLS|ln y| and
two hyperbolic-logarithmic spirals corresponding to TCs with intensities 60 and 30 m s−1 at
n = 0.6, f = 3.7735 × 10−5 s−1 (Latitude = 15◦N), Rm = 2 × 104 m, R0 = 2 × 105 m, (ym = 0.1)
and k = 2.3 × 10−5 s−1.

As follows from the presented graphs in the polar coordinate system, from a qualitative
point of view, an increase in the intensity of the TC leads to a “rounding” of the HLS, which
corresponds to the experimental data [11,15].

The plot in rectangular coordinates (middle panel) illustrates the greater contribution
of the logarithmic component to the HLS (the minimal difference between the polar radii
at a fixed polar angle) at the initial part of the curves within a sector of approximately
0◦–90◦ and at higher Vm. For example, as follows from this graph, the difference in polar
radii between the logarithmic component and the HLS at a polar angle of 90◦ is 5.3% for
Vm = 60 m s−1 and 7.5% for Vm = 30 m s−1. For a polar angle of 180◦, the difference is 14.5%
for Vm = 60 m s−1 and 25.5% for Vm = 30 m s−1.

Logarithmic spiral plots in semi-logarithmic coordinates (bottom panel), represented
by dashed straight lines, illustrate the dependence of logarithmic components on MWS.
These components have an angle coefficient (tangent of the slope angle), which is the
G-Factor. Higher wind speed increases the G-Factor (red dashed line), which, in turn,
corresponds to a smaller crossing angle, and vice versa (black dashed line). This behavior
is consistent with the experimental data presented in reviews [26,27]. In the model used
as an example, GHLS = 3.28 and 4.92 for Vm = 30 m s−1 and 60 m s−1, respectively. This
can be easily verified by making appropriate estimates of the tangent of the slope angle
of the corresponding dashed lines at |lny| = 1.2. The corresponding crossing angles are
17◦ and 11.5◦.
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Figure 2. Plots of model HLS and its logarithmic component (LS) for Vm = 30 m s−1 (black curves)
and Vm = 60 m s−1 (red curves) in polar, rectangular, and semi-logarithmic coordinates (top, middle,
and bottom panels, respectively); other information is in the text.

2.3. Data Processing (HLS Approximation)

The following is a brief description of the previously developed procedure for the
assimilation approximation of the spiral band of a TC with a finite width [18,20]. The
assimilation approximation is based on the assumption that cloudy rain particles trace
wind streamlines and that their real trajectories can be replaced (assimilated) by hyperbolic-
logarithmic spirals. The approximation consists of determining the spirals that “fit” into
the geometric boundaries (edges) of the spiral band and calculating the “mean HLS” from
their set. The fit spirals are defined as “signature” spirals. Coefficients A and B of signature
spirals are determined by different combinations of Vm, k, and n. Therefore, by varying
the intervals of variation of the three physical parameters, we can obtain the resulting
histogram of the MWS distribution of the signature spirals close to this or, in any case,
a single-mode distribution with a histogram value close to zero at the boundaries of the
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selected speed range. This procedure assumes that the wind speed in the band is distributed
according to a single-mode law that is close to the normal distribution law. With a selected
range of speeds, the distribution histogram was reduced to this shape as close as possible,
mainly by varying the range of the friction coefficient and the value of Rm. The average
values of the parameters <Vm>, <n>, and <k> are considered to be estimates of the physical
characteristics of the analyzed signature to which the mean spiral corresponds. The above
procedure of such a special approximation is referred to as the “HLS estimation”, and
the results of data processing using this procedure are referred to as the “HLS estimates”.
The average speed of the resulting distribution histogram was used as the HLS estimate
for MWS. As an illustration, Figure 3, based on data from TC Alma, shows a family of
signature spirals and a histogram of the corresponding speeds, in which the “average” HLS
corresponds to an “optimal” MWR of 30 km and a mean MWS of 50.3 ms−1.
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shown as solid curves along with the original marking points on the right panel (see Sec-
tion 3.2 for details). An example of logarithmic approximation of edges is shown in Figure 4. 

Figure 3. HLS-approximation of the spiral band on SAR image of TC Alma at Rm = 30 km; left panel:
family of signature spirals (green band); center panel: histogram of the distribution of maximum
speeds; right panel: mean HLS (blue curve) of the spiral band; left and right panels: trailing (yellow
curve) and leading (red curve) edges approximated with a logarithmic spiral; approximation interval
0–43 points.

Normalized to 1 the normal distribution with the same standard deviation and with
the same average value is shown (green dotted) in the histogram for comparison. Portions
of the trailing and leading edges of the band, approximated by a logarithmic spiral, are
shown as solid curves along with the original marking points on the right panel (see
Section 3.2 for details). An example of logarithmic approximation of edges is shown in
Figure 4.
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shows a plot of successive AreaFactor estimates for TC Flossie, which has no visible eye. 

Figure 4. Logarithmic approximation of the leading (left panel) and trailing (right panel) edges
of the spiral band of TC Alma. The ordinate and abscissa of a semi-logarithmic coordinate system
are the polar angle (Fi) and the absolute value of the logarithm of the relative polar radius (|lny|),
respectively. The G-factors for the leading and trailing edges are 3.07 and 2.79, respectively.
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The same data as in Figures 3 and 4 are given in Supplementary Material for all 14 TCs.
In a number of cases, when the contour of the band is uneven and non-smooth, the

HLS approximation was carried out within “logarithmic” boundaries.

2.4. Estimation of the Radius of Maximum Wind Speed

The radius of maximum wind speed (MWR) is not a critical parameter for the HLS
approximation because Vm is proportional to R−n

m where n < 1 (Equation (2)). Nevertheless,
its value is needed for the HLS approximation. The criterion of closest proximity of the Vm
histogram to a normal distribution was used to estimate “optimal” MWR. The choice of the
normal distribution as a criterion for the adequacy of the calculated velocity histogram is
due to the assumption regarding the features of the observed pattern of spiral bands as a
cloud-rain mass lining up and concentrating along and, apparently, due to the prevailing
wind streamline. The fact that the spiral bands have a limited width indicates the limited
involvement of cloud mass in the area of the wind streamline, the influence of which
decreases with distance from the wind streamline, probably due to a decrease in wind
strength and, as a consequence, its speed. Therefore, it is logical to assume, as a first
approximation, that the distribution of wind speeds in the spiral band is unimodal, the
simplest model of which with the standard deviation parameter is the normalized normal
distribution.

This MWR is obtained from several runs of the HLS approximation with different
radii (at 5 or 10 km intervals), where the optimal estimate of MWR corresponds to the
best similarity of the histogram to the normal distribution. After many experiments, it
was found that, along with calculating skewness and kurtosis, the most plausible MWR
estimate is obtained if the similarity is estimated using the so-called area factor (AreaFactor).
This indicator shows the difference between the normalized area of the MWS histogram
H(Vm) within plus/minus a standard deviation (from the mean value) and the same area of
a normal distribution. Since, with a normal distribution, this area is 68% of the total area,
the indicator is equal to

AreaFactor , % =


⟨Vm⟩+Stdev(Vm)

∑
⟨Vm⟩−Stdev(Vm)

H(Vm)

Vm ,end
∑

Vm ,start
H(Vm)

− 0.68

 · 100 (12)

The denominator in (12) is the total area of the MWS histogram. To illustrate, Figure 5
shows a plot of successive AreaFactor estimates for TC Flossie, which has no visible eye.
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Figure 5. AreaFactor estimates for different maximum wind radii of TC Flossie.
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As follows from the graph, the minimum difference between the HLS Vm-histogram
and the normal distribution in this case is achieved at MWR = 40 km.

It should also be noted that the MWR, as applied to SAR data, is not, strictly speaking,
fully defined. This is because it is not known exactly what altitude this radius refers to,
since the SAR data do not have altitude resolution. One can only speculate that the MWR
determined in the HLS approximation probably refers to the spiral cloud-rain system that
is the main contributor to the spiral SAR signature.

3. Results
3.1. Results of the HLS Approximation

The results of the HLS approximation for all 14 considered TCs, similar to those
presented in Figure 3 for TC Alma, and the logarithmic approximation of the edges of
the spiral signatures (e.g., Figure 4), are presented in Supplementary Material along with
the original best track data. The obtained estimates of MWS are presented in Table 2 and
Figure 6, together with the best track data. Best track data were taken primarily from
the corresponding graphs of “Best track maximum sustained surface speed curve” of
Tropical Cyclone Reports from the National Hurricane Center and other sources, reflecting
the scattering of speed measurements using different methods. The TCs are listed in
alphabetical order in the tables and figures provided below.

Table 2. Comparison of MWS derived from the HLS approximation with Best Track data.

TC Name

HLS Vm Estimates,
m s−1

Best Tack Vm Estimates,
m s−1 Difference between HLS

and BT Estimates of Vm,
m s−1

Optimal Rm, km
Mean
<Vm>

Stdev
(Vm) Vm

∆Vm

+ −
1 2 3 4 5 6 7 8

Alma 50.3 20.4 46.3 6.2 0.0 4.0 30

Dean 61.9 20.0 64.3 5.1 15.4 −2.4 40

Ewiniar 50.2 19.8 51.4 7.7 7.7 −1.2 40

Flossie 40.6 19.6 36.0 3.6 2.6 4.6 40

Franklin 27.7 13.5 25.7 2.6 2.6 2 30

Javier 45.9 20.3 51.4 0.0 0.0 −5.5 30

Jova 49.8 20.6 51.4 0.0 5.1 −1.6 35

Katrina 74.9 27.5 72.0 7.7 14.4 2.9 30

Kenneth 30.6 11.9 33.4 6.2 10.3 −2.8 15

Kirogi 62.8 19.8 51.4 8.7 3.6 11.4 * 30

Mawar 50.9 20.1 51.4 7.7 7.7 −0.5 45

Meary 42.5 20.1 39.6 6.7 11.3 2.9 50

Xangsane 57.7 18.6 46.3 12.9 2.6 1.4 30

Yagi 73.3 19.1 72.0 0.0 15.4 1.3 80

* significant outliner.

The root-mean-square-deviation (RMSD) calculated from all difference data and the
same excluding the significant outliner data of TC Kirogi in column 7 of Table 2 (11.4 m s−1)
were 4.04 and 2.9 m s−1, respectively. It should be noted that the MWS deviation for TC
Kirogi was close to the upper limit of the scattering range of the Best Track data. Another
reason for this deviation may be the significant contribution to the formation of SAR spiral
signature by the cloud-rain field at the level of maximum wind (i.e., a higher altitude of
10 m above sea level, for which the Best Track data were compiled, e.g., https://library.

https://library.wmo.int/records/68695-guide-to-instruments-and-methods-of-observation
https://library.wmo.int/records/68695-guide-to-instruments-and-methods-of-observation
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wmo.int/records/68695-guide-to-instruments-and-methods-of-observation, accessed on
10 May 2024). To adjust the HLS data with the Best Track data, in this case, the HLS (SAR)
Vm value must be reduced by approximately 20%, which corresponds to the 80% reduction
factor used to match the aircraft data to the standard level (10 m) [31–33] (see also Best Track
data for TC Dean at https://www.nhc.noaa.gov/data/tcr/AL042007_Dean.pdf, accessed
on 10 May 2024 for an example).
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Figure 6. Comparison of the mean MWS estimated from the HLS approximation of the spiral
signatures of SAR images with the corresponding Best Track data. Error bars indicate the scattering
of MWS measured by the different methods used to compile the Best Track profiles.

A scatter plot of these estimates with the calculated coefficient of determination (R2) is
shown in Figure 7.
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Figure 7. Scatter plot of HLS estimates of mean MWS and Best Track data.

As shown in the graphs, the agreement between the HLS estimates and Best Track data
can be considered satisfactory. The Pearson correlation coefficient between HLS estimates
of mean MWS and Best Track data was about 0.95 (R2 ≈ 0.91). The significance values
of R and R2 at the significance level of 0.05 and 12 degrees of freedom (df = n − 2) were
confirmed (t-Student critical criteria for R (0.05, 12) = 2.18 < calculated t = 10.95 for R, and
for R2 (0.05, 12) = 2.18< calculated t = 121). The confidence intervals for the correlation
coefficient calculated through Fisher’s Z-transformation [34] were 0.85 ≤ R ≤ 0.985 (at the
same significance level).

https://library.wmo.int/records/68695-guide-to-instruments-and-methods-of-observation
https://library.wmo.int/records/68695-guide-to-instruments-and-methods-of-observation
https://library.wmo.int/records/68695-guide-to-instruments-and-methods-of-observation
https://www.nhc.noaa.gov/data/tcr/AL042007_Dean.pdf
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3.2. Logarithmic Approximation of the Edges of Spiral Signatures

Logarithmic approximation of the trailing and leading edges of the signature was
carried out using the least squares method within the lny-linear parts of the spiral bands
(e.g., see Figure 4) and provided for all TCs in Supplementary Material. As a result,
G-factors were determined for the corresponding edges. Comparison of the HLS-derived
complex (11) of parameters B, ym, n, Vm and calculated Coriolis velocity (VC), with the
measured G-factor for each edge, helped to increase the reliability of the HLS results. The
determined values of the G-factor and the crossing angles from the logarithmic approach,
along with the parameters determined from the HLS approximation, are presented in
Table 3. Scatterplots of the G-factor_LS obtained in the logarithmic approximation, in
comparison with the estimate GHLS (11) for both edges based on the data in Table 3 are
shown in Figure 8. The error bars of estimation of G-factor (shown in Table 3, σ) and
GHLS, which for most cases do not exceed 5%, are not shown in the graphs due to their
insignificance. A satisfactory correlation was observed for both edges. The coefficient of
determination R2 is approximately 0.93 (coefficient of correlation R ≈ 0.96) for the trailing
edge and 0.77 (R ≈ 0.88) for the leading edge. This confirmed (validated) the results of the
HLS approximation since only consistent values of the parameters in (11) can give such
significant correlations. On the other hand, as calculations show, the GHLS did not correlate
separately with MWS and with each other parameter in (11) due to reasons noted earlier in
Section 2.2.2. This is illustrated by the following example. The range of calculated crossing
angles of the trailing edge was from 11◦ (TC Kenneth, Vm = 30.6 m s−1) to 36◦ (TC Kirogi,
Vm = 62.8 m s−1). Given these figures, it may seem surprising that a large crossing angle
corresponds to a lower maximum wind speed and vice versa. This would seem to be
completely contrary to the expected behavior of the crossing angle. Of course, this is not so
since the given angles refer to different cyclones, for which not only the wind speed but
also other parameters included in Formula (11) do not coincide.

Table 3. Comparison of the G-factor and the crossing angle (α) obtained based on the least squares
approximation of the logarithmic portion of the trailing and leading edges of the SAR spiral signatures
(GLS) with its estimate based on the results of the HLS approximation of the entire spiral signature
(GHLS, Equation (11)). Data from columns 7 to 11 are placed in two rows for each TC; the upper row
relates to the trailing edge, and the lower row relates to the leading edge.

# TC

HLS Parameters

ym
VC,

m s−1

HLS
Equation (11)

Logarithmic
Approximation

<Vm>, m s−1 <n> <B>
GHLS GLS σ α◦

1 2 3 4 5 6 7 8 9 10 11

1 Alma 50.3 0.59 0.66
0.169 6.52 2.46 2.79 0.04 19.7

0.143 7.7 2.04 3.07 0.09 18.0

2 Dean 61.9 0.56 0.53
0.162 10.73 1.64 1.99 0.04 26.7

0.149 11.71 1.50 2.82 0.03 19.5

3 Ewiniar 50.2 0.57 0.57
0.216 6.99 2.28 2.62 0.09 20.9

0.191 7.91 1.98 3.2 0.07 17.4

4 Flossie 40.6 0.59 1.73
0.212 10.45 4.41 4.32 0.09 13.0

0.179 12.34 3.78 4.68 0.07 12.1

5 Franklin 27.7 0.59 1.3
0.163 16.41 2.05 2.15 0.04 24.9

0.144 18.55 1.92 2.69 0.07 20.4

6 Javier 45.9 0.56 0.54
0.141 10.9 1.30 1.46 0.06 34.4

0.132 11.68 1.22 1.73 0.07 30.0

7 Jova 49.8 0.56 0.56
0.197 6.82 2.19 2.52 0.02 22.4

0.177 7.60 1.94 3.35 0.06 17.7
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Table 3. Cont.

# TC

HLS Parameters

ym
VC,

m s−1

HLS
Equation (11)

Logarithmic
Approximation

<Vm>, m s−1 <n> <B>
GHLS GLS σ α◦

8 Katrina 74.9 0.64 0.95
0.169 10.2 3.17 2.52 0.02 21.6

0.148 11.66 2.73 3.35 0.06 16.6

9 Kenneth 30.6 0.59 0.45
0.378 1.63 5.20 5.14 0.23 11.0

0.278 2.22 3.36 6.68 0.45 8.5

10 Kirogi 62.8 0.46 0.47
0.124 14.48 1.25 1.36 0.04 36.3

0.111 16.10 1.14 1.72 0.01 30.2

11 Mawar 50.9 0.57 0.7
0.244 11.47 2.09 2.6 0.04 21.0

0.188 14.75 1.63 3.06 0.03 18.1

12 Meari 42.5 0.58 0.77
0.246 14.60 1.77 1.79 0.05 29.2

0.215 16.71 1.58 2.47 0.07 22.0

13 Xangsane 47.7 0.58 0.58
0.285 4.23 3.72 3.26 0.06 17.1

0.287 4.69 3.25 4.7 0.05 12.0

14 Yagi 73.3 0.57 0.79
0.290 15.68 2.62 2.75 0.04 20.0

0.266 17.09 2.39 4.07 0.08 13.8
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Figure 8. G-factor (LS) scatterplots obtained in the logarithmic approach using the least squares
method in comparison with the HLS estimate (GHLS, Equation (11)) based on the results of the HLS
approximation for the trailing edge (top panel) and leading edge (bottom panel).
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The significance of the Pearson correlation coefficient (R) and the coefficient of deter-
mination (R2) between G-factors at the 0.05 significance level was confirmed for both the
trailing and leading edges. (t-Student critical criteria for R (0.05, 12) = 2.18 < calculated
t = 12.53 for trailing edge and t = 6.34 for leading edge; the same for R2 were 159 and 40.2,
respectively). Confidence intervals for the correlation coefficient calculated using Fisher’s
Z-transformation [34] were 0.875 ≤ R ≤ 0.987 for the trailing edge and 0.66 ≤ R ≤ 0.96 for
the leading edge (at the same significance level).

4. Discussion

The maximum wind speeds in TCs were estimated using the assimilation approx-
imation from the spiral signatures of SAR images of 14 TCs in the Atlantic Ocean and
western and eastern parts of the Pacific Ocean from 2002–2007. The spiral signatures were
approximated by using the hyperbolic-logarithmic spiral (HLS), which has been previously
used to approximate visible, infrared, and radar images of the TC cloud-rain field.

In addition to our previous studies on the topic of HLS, this work used data from
logarithmic approximations of the trailing and leading edges of spiral signatures to improve
the HLS approximation procedure and increase the reliability of its results. This serves as
a self-validation method for HLS estimates. A physical model of changes in the crossing
angle of the logarithmic portion of the edges of the spiral band is proposed and tested on
SAR images of the TC. The predicted dependence of the crossing angle on the intensity
of the cyclone is consistent with published observational data (assuming the remaining
parameters included in (11) are constant). However, it is impossible to determine the
intensity of a cyclone only by the crossing angle.

To increase the reliability of the assessment of the radius of the maximum wind speed,
along with the standard skewness and kurtosis coefficients, the integral index (Area Factor)
was used. This allows us to assess the closeness of the calculated histogram of maximum
wind speed to the normalized normal distribution, which was chosen as a criterion for the
adequacy of the calculated Vm-histogram.

The results of the MWS estimation using the HLS approximation show satisfactory
agreement with the Best Track data for most of the cases considered. The root-mean-square
deviation calculated from all difference data and the same excluding the significant outliner
data were 4.04 and 2.9 m s−1, respectively. The range of measured maximum wind speeds
in cyclones in this study using the HLS approximation method was 27–75 m s−1. Although
there is no doubt that these estimates require further testing using more extensive statistical
data, these results provide a promising basis for doing so. The collection of SAR data related
to different cyclones and different acquisition times presented in this work demonstrated
the potential to increase the statistical significance of the HLS method by continuing to
accumulate similar data from existing and future remote sensing means. In addition to the
methodological conclusion about the possibility of using the HLS approximation to estimate
the intensity of TCs based on SAR data, this study indicated that the spiral signatures in
SAR images are caused predominantly by the cloud–rain field of the TC. However, there
was also a case where the signature was formed by a combination of arcing surface waves
and showers. In general, observations near coastlines and islands are useful for studying
the nature of SAR spiral signatures in more detail. In this study, MWS estimates based on
SAR data were close to Best Track data in most cases. That is, the reflectivity of the spiral
signatures changes mainly because of the second term in Equation (1). The advantage
of the HLS method over other SAR methods mentioned in the Introduction is its ability
to estimate TC intensity based only on SAR data without data from other sensors. SAR
images of TCs contain two types of mutually complementary information caused by the
wind field. The first type is sea surface reflectivity, which is shown in the literature to
be driven by surface wind (σwind) and shows a correlation with surface wind speeds up
to moderate speeds (~20–25 m s−1). The second type is the configuration of spiral SAR
signatures, which was close to the configuration of the cloud-rain field of mature TCs, the
parameters of which were also determined by the intensity of the cyclone. Thus, it appears
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that the combined processing of SAR images with an estimate of wind speed based on both
sea surface reflectivity and the configuration of spiral signatures allows the tracking of TC
intensity over the wide range of maximum speeds (categories). It also appears that deep
learning methods have good potential to improve such a combination method, including
recovering spiral signatures in regions with low-observable bands.

5. Conclusions

This study proposes a method based on the HLS approximation technique of TC spiral
signatures in SAR images to determine the maximum sea surface wind speed. Despite
some uncertainty about the main agents involved in the formation of spiral signatures,
preliminary results showed satisfactory agreement with the Best Track data. To improve the
reliability of the results, the logarithmic approximation of the part of spiral band edges was
used. For the first time, a physical model of changing the crossing angle of the logarithmic
portion of the edges was proposed and tested on SAR images of the TCs.

Compared with existing backscatter methods, the proposed method is not distorted by
rain, which instead favors the detection of the spiral band. The results show that the HLS
method can measure a wide range of maximum wind speeds. This is especially important
for mature cyclones where continuous and accurate wind information is needed.

Overall, the application of HLS processing of SAR information from existing and
future satellites promises to be an important source of TC data for a better understanding
of the physics of this phenomenon, as well as for better forecasting it.
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