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Abstract: Satellite altimetry observations have provided a significant contribution to the understand-
ing of global sea surface processes, particularly allowing for advances in the accuracy of ocean tide
estimations. Currently, almost three decades of satellite altimetry are available which can be used to
improve the understanding of ocean tides by allowing for the estimation of an increased number of
minor tidal constituents. As ocean tide models continue to improve, especially in the coastal region,
these minor tides become increasingly important. Generally, admittance theory is used by most
global ocean tide models to infer several minor tides from the major tides when creating the tidal
correction for satellite altimetry. In this paper, regional studies are conducted to compare the use of
admittance theory to direct estimations of minor tides from the EOT20 model to identify which minor
tides should be directly estimated and which should be inferred. The results of these two approaches
are compared to two global tide models (TiME and FES2014) and in situ tide gauge observations. The
analysis showed that of the eight tidal constituents studied, half should be inferred (2N2, ε2, MSF
and T2), while the remaining four tides (J1, L2, µ2 and ν2) should be directly estimated to optimise
the ocean tidal correction. Furthermore, for certain minor tides, the other two tide models produced
better results than the EOT model, suggesting that improvements can be made to the tidal correction
made by EOT when incorporating tides from the two other tide models. Following on from this, a
new approach of merging tidal constituents from different tide models to produce the ocean tidal
correction for satellite altimetry that benefits from the strengths of the respective models is presented.
This analysis showed that the tidal correction created based on the recommendations of the tide
gauge analysis provided the highest reduction of sea-level variance. Additionally, the combination of
the EOT20 model with the minor tides of the TiME and FES2014 model did not significantly increase
the sea-level variance. As several additional minor tidal constituents are available from the TiME
model, this opens the door for further investigations into including these minor tides and optimising
the tidal correction for improved studies of the sea surface from satellite altimetry and in other
applications, such as gravity field modelling.

Keywords: ocean tides; minor tides; satellite altimetry; tide models

1. Introduction

Investigations of global sea level from satellite altimetry have been done for almost
three decades following the launch of the ERS-1 and TOPEX/Poseidon altimeters in the
early 1990s. Since then, several additional altimeter missions have followed, allowing for
the continued assessment of sea level trends both in the open ocean and in the coastal
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regions (e.g., [1–3]). However, errors resulting from ocean tide signals continue to affect
the studying of sea surface processes using along-track altimetry.

The launch of the TOPEX/Poseidon mission provided unprecedented global data that
was used to significantly advance the field of global ocean tide modelling (see [4–6]). In
the years that have followed, several empirical ocean tide models have been developed
based on the increased availability of altimeter observations, which has resulted in the
increased accuracy of tidal estimations in the open ocean and coastal regions [5,7]. However,
difficulties remain in the coastal region due to the land-contamination of signals, inaccurate
bathymetry information, and the complex nature of ocean tides closer to the coast. Recent
advances in coastal altimetry, such as the ALES retracker for improved retrieval of coastal
signals [8], has been influential in advancing the accuracy of tidal estimations in the coastal
region [9,10].

One such model that has recently shown significant improvements in the coastal
region resulting from these advances is the EOT20 model. EOT20 is the latest in a series
of global empirical ocean tide (EOT) models produced by residual tidal analysis of multi-
mission along-track satellite altimetry [10]. EOT20 produced an increased consistency with
tide gauges compared to other state-of-the-art ocean tide models, particularly in the coastal
region. EOT20 uses the FES2014 tide model [11] as the reference model for the residual
analysis and can, therefore, provide the full tidal signals of the 34 constituents provided
by FES. In fact, further tidal constituents can be inferred from EOT when assuming that
the reference tidal signals are close to zero. However, difficulties remain, such as the
computational load required to globally estimate tides based on the decades of altimetry,
tidal aliasing, as well as difficulties in accurately estimating very small tidal constituents.
These difficulties mean that providing additional global estimations of tidal constituents is
not as easy as it sounds. A total of seventeen tidal constituents are provided globally by
the EOT20 model [12], with additional minor constituents being inferred via admittance
theory in the creation of the tidal correction.

Minor tides have long been included in the estimation of tidal corrections [13] and play
an important role in the prediction of sea level from satellite altimetry. Their inference from
major tides allows additional constituents to be provided and, therefore, aids in reducing
errors in the tidal correction [14,15]. Furthermore, admittance theory is used in satellite
altimetry analysis to infer tides that cannot be estimated due to noise or tidal aliasing
problems [16]. In the International Earth Rotation and Reference Systems Service (IERS)
conventions [17], a list of tidal constituents are suggested for which linear admittance
of tides in the diurnal and semi-diurnal bands can be done. The concept of admittance,
the relation of the tidal height with respect to the amplitude of the corresponding tide
generating potential for a specific tidal wave [18], is assumed to be a smooth function of
frequency [19]. Based on these assumptions, minor tides can be linearly interpolated for
long-period, diurnal, and semi-diurnal tides [18] according to the formulations presented
in [17].

As stated in Foreman and Henry [14], knowing when to directly estimate minor tides
through least-squares analysis and when to infer them is not easily answered. Since then,
there have been several studies on minor tides comparing direct and inferred estimations
(e.g., [16,20]). However, questions still arise on whether the accuracy of these inferred
tides is sufficient in reducing errors in the altimetry correction. The Reference Ray [16]
showed how, for certain models, the inferred P1 tidal constituent produced better results
compared to the direct estimation, with the opposite being the case for the J1 tide. The
Reference Karbon et al. [20] compared different techniques of inferring minor tides with
the direct estimations of FES2012, and found an RMS difference of less than 0.75 cm, with
higher differences seen in the coastal regions. As we continue to improve the coastal
estimations of tides, these discrepancies between inferred and direct estimations become
increasingly valuable in understanding the errors in ocean tide estimations.

With this in mind, this paper aims to identify the tidal constituents that are required
to be directly estimated during the least-squares harmonic analysis performed on satellite
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altimetry by the EOT model. An evaluation of a new approach of producing the ocean
tidal correction for satellite altimetry by combining the major and minor tidal constituents
of two different tide models is also presented. To do so, the aliasing periods and Rayleigh
criteria for the satellite altimetry missions used are evaluated in Section 2 for all the tidal
constituents available from the FES2014 model.

In Section 3, three regional studies are done comparing the direct and inferred minor
tide estimations, as well as a purely hydrodynamic model and a data-constrained hydrody-
namic model with in situ tide gauge data. Following on from this, the use of these minor
tidal estimations are evaluated in the context of providing the tidal correction for satellite
altimetry. Finally, a summary and outlook are given in Section 4.

2. Data and Methodology

The global EOT20 model showed significant improvements in the estimation of ocean
tides in the coastal and open ocean region compared to other state-of-the-art global ocean
tide models [10]. The EOT20 model is a semi-empirical tide model that is derived from
residual tidal analysis of multi-mission satellite altimetry [21]. EOT20 relies on the FES2014
model [11] as a reference model for which residual analysis is performed to determine the
residual tidal signals. A regional version of the EOT model is compared to both the FES2014
and the TiME global ocean tide models. The FES2014 model is the latest in a series of finite
element solution (FES) global ocean tide atlases that have been produced to serve as a tidal
correction for along-track satellite altimetry [11]. FES2014 is considered to be one of the
leading ocean tide models and, therefore, the provided minor tides can serve as a good
reference point to compare the results of minor tide estimations made by other models
and techniques. The recently updated TiME model presented in Sulzbach et al. [22] is a
numerical tide model that provides a vast number of minor tidal constituents that, when
compared to inferred tides from data-constrained models, has been shown to improve
the accuracy of several minor tides. TiME solves the shallow water equations on a truly
global 1/12◦ grid under consideration of dynamic effects, that are known to exert a critical
influence on tidal oscillation systems. Further profiting from an upgraded bathymetric
map, the obtained open ocean accuracy for the main semi-diurnal lunar M2-tide was found
to be below 3.4 cm with respect to the FES2014 model [22]. Being independent of data
constraints, the model accuracy with respect to the tidal signal only drops moderately for
minor tides, rendering TiME useful for the continued evaluation of smaller tidal signals to
improve the understanding of the full tidal spectrum needed to produce the tidal correction
for satellite altimetry.

2.1. Estimation of Minor Tides Using the EOT Approach

EOT applies the least-squares approach to the harmonic formula to derive the residual
amplitude and phase of single tidal constituents from the observations of the sea-level
anomaly obtained from multi-mission satellite altimetry [10]. Due to the approach being a
data-intensive approach which relies on the input of several decades of satellite altimetry
data in order to make estimations, only 17 tidal constituents are estimated in the global
EOT20 configuration, while FES2014 provides global maps of 34 tidal constituents. The
estimation of additional tidal constituents may be important in improving the accuracy of
the model particularly in the creation of the tidal correction. Therefore, based on the same
residual harmonic analysis performed by the global EOT20 model, the model has been run
to include the same 34 tidal constituents as presented in FES2014 in three different regions;
henceforth, this (R)egional version of the model will be referred to as EOT-R. Regional
studies are preferred over a global study due to the high computational load required
from running a global configuration. The three regions chosen are: the Yellow Sea and
the surrounding ocean, which includes the Japan Sea and East China Sea (henceforth, this
region is referred to as the Yellow Sea); Australia; and New Zealand, which were all chosen
based on their complex coastlines, relatively high minor tide signals, and high variability
between tide models for the major tides [7].
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2.2. Inference of Minor Tides Using Admittance Theory

The concept of admittance, the relation of the tidal height with respect to the amplitude
of the corresponding tide generating potential for a specific tidal wave [18], is assumed to
be a smooth function of frequency [19]. Therefore, several unknown minor tides can be
inferred from the major tides given in global tide models [18].

This inference is valuable, particularly when providing predictions that require the full
tidal spectrum [16,23]. This has resulted in the continued development of techniques and
softwares (examples given in [18] and https://github.com/tsutterley/pyTMD (accessed
on 22 June 2021)) that have been designed to optimise the estimation of these minor
tides. The IERS conventions provide a list of 71 minor tides that can be inferred from the
linear admittance theory [17]. To provide an example of a tide that can be inferred using
admittance theory, the L2 tidal constituent is presented in Figure 1 which is inferred from
the K2 and M2 tidal constituents.

Differences can be noted between the estimations with the modelled amplitudes
matching the amplitudes of the observations for most of the tide gauges, particularly
in the Cook Strait between the two islands. For the relatively complex coastline of the
northern island of New Zealand, however, the amplitude of the inferred L2 tide shows a
clear underestimation compared to the observed L2 tide, while the modelled tides provide
a better estimation. The in-phase (A) and quadrature (B) component of the L2 tide is
inferred as the following:

AL2 =
( fM2 − fL2)

( fM2 − fK2)

HL2

HK2
AK2 +

( fL2 − fK2)

( fM2 − fK2)

HL2

HM2
AM2 (1)

BL2 =
( fM2 − fL2)

( fM2 − fK2)

HL2

HK2
BK2 +

( fL2 − fK2)

( fM2 − fK2)

HL2

HM2
BM2, (2)

with f being the frequency of the tide expressed in cycles per day, while H is the known
tide-generating potential of the constituent.

Using this approach, eight additional tidal constituents were inferred from the EOT20
model based on the ability to be inferred via admittance, as well as the availability of these
tide maps from the respective ocean tide models and the availability of in situ tide gauges
needed to validate the tidal solutions. These constituents are: T2, ε2, J1, L2, µ2, MSF, ν2 and
2N2. For more information about these tidal constituents, please refer to Chapter 6 of Petit
and Luzum [17]. In practice, admittance theory is used to improve the estimation of the
full tidal height [16] and in this application, we apply the admittance theory to validate
the accuracy of this inference compared to in situ tide gauge observations and with direct
estimations from the ocean tide models presented above.

2.3. Aliasing Periods

As the EOT methodology relies on satellite altimetry which only samples the same
locations at varying times based on their orbits (i.e., Jason altimeters sampling the same
position every 9.9156 days and Envisat altimeters every 35 days), the aliasing period of
the tidal constituents should be taken into account to determine whether the empirical
model can provide an appropriate estimation of tidal constituents. The aliasing periods
have been estimated for the Jason-series and the Envisat-series based on the research
conducted by Wang [24], and are presented in Figure 2. When considering the length of
data available from the Jason-series (more than 9000 days) and the Envisat-series (more
than 6500 days), for 32 of the 34 tidal constituents considered the aliasing period does not
have an influence on the determination of these tidal constituents. However, a known
problem in the Envisat-series can be seen for the S1 and S2 tidal constituents in Figure 2.
The altimetry missions that follow the orbit of the Envisat mission are all sun-synchronous,
which means the aliasing period of these two solar tides becomes infinite and cannot be
resolved by these missions alone. However, by incorporating the Jason-series of data that
follow a different orbit, EOT can still provide an estimation of these two tidal constituents.

https://github.com/tsutterley/pyTMD
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Figure 1. The L2 tidal amplitude for (a) EOT-R, (b) Inferred from EOT20, (c) TiME and (d) FES2014 compared to the L2
amplitudes from the tide gauge observations (circles).

Figure 2. The alias period (in days) for all the tidal constituents available from FES2014, with the blue bars indicating the
Jason orbit missions and the red bars representing Envisat orbit missions. The S1 and S2 tidal constituents of the Envisat
orbit have an aliasing period of infinity due to their sun-synchronous orbit.
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Also important in the estimation of ocean tides from satellite altimetry, is the Rayleigh
criteria which provides information on the length of time-series required to separate tidal
constituents of similar angular frequencies [25]. Again, this varies based on the orbits and
repeat cycles of the altimetry missions used, and with that in mind, the Rayleigh criteria
are presented in Figure 3.

In this figure, the lower-left triangle represents the Rayleigh criteria (in days) of the
Jason-series, while the upper-right triangle is that of the Envisat-series. For the Jason-series
of data, the Rayleigh criteria is satisfied for all of the tidal constituents but this is not the
case for the Envisat-series. Focusing on the minor tides that will be investigated later in
this study, the Rayleigh criteria indicates difficulties in estimating the semi-diurnal solar
T2 tidal constituents, as well as the ε2 and MSF tidal constituents. It can, therefore, be
suggested that these tidal constituents may benefit from their inferences from their major
tidal constituents, but inaccuracies in these tides may be compensated by the Jason-series,
for which this is not an issue.

Figure 3. Rayleigh coefficient in days of the Jason orbit (lower-left corner) and the Envisat orbit (upper-right corner)
missions. The maximum time in days seen in the colourbar is chosen to be the temporal extent of the Envisat orbit used in
the EOT model.



Remote Sens. 2021, 13, 3310 7 of 15

3. Results and Discussion
3.1. Tide Gauge Analysis

Three regional studies were conducted to assess the accuracy and importance of
minor tidal constituents. For each of these regions, the EOT-R, FES2014, and TiME tide
models, as well as tides inferred from the EOT20 model (EOT-I), were compared to tide
gauges obtained from the TICON dataset [26]. TICON is a global tide gauge dataset
derived from the Global Extreme Sea Level Analysis (GESLA) project which provides tidal
constants for individual tide gauges that have been estimated through least-squares-based
harmonic analysis.

The TICON data have been extensively quality controlled and provide all the tidal
constituents available from the FES2014 tide model [26]. Therefore, this tide gauge dataset
is used due to the availability of the appropriate minor tides for which comparisons should
take place between the four tide models. The models are compared to the tide gauges
using root-mean-square differences (RMS) and the root-sum-square (RSS) as presented
in Hart-Davis et al. [10] with the tidal signal estimated following Stammer et al. [7], with
the RMS, RSS, and tidal signal being presented in Figure 4.

For all of the tide gauges presented, EOT-R shows a lower root-square-sum (RSS)
compared to all of the tide models, but there are several constituents where the RMS is
higher than that of the other models (Figure 4d). For the Australia and New Zealand
regions, EOT-R shows a lower RSS compared to all of the tide models and shows relatively
low RMS results for all of the constituents. In the Yellow Sea (Figure 4b), however, EOT-R
shows a relatively poor RMS for the MSF tide, which results in the RSS in this region being
slightly higher than the FES2014 model. Additionally, this is also the only region where
EOT-R shows a higher RMS for the T2 tide compared to both EOT-I and FES2014.

The MSF and T2 tides, as shown in Figure 3, were constituents where the Rayleigh
coefficient for the Envisat missions was not satisfied. In fact, as seen in Figure 4, MSF is
one of two tides where an overall improvement was not seen compared to the reference
tide model, FES2014, indicating that this tidal constituent cannot be accurately determined
via the least-squares analysis done by EOT. This is further confirmed by the RMS results
of the EOT-I for the MSF and T2 tides, where the mean results are lower than that of the
EOT-R model.

The tidal signal of MSF is the lowest of all the tides, indicating known difficulties in
direct estimation of smaller tides from satellite altimetry. The tides used to infer the MSF
tide are the MM and MF tides, while T2 is inferred from the M2 and K2 constituents [17],
which are already processed in the creation of the global EOT20 model and it is, therefore,
recommended that these tides be inferred in order to reduce the influence of any errors
forming from the failure to meet the Rayleigh criteria for Envisat-orbit missions.

The estimation of the 2N2 constituent is the only other tide where EOT-R shows a
higher RMS compared to both EOT-I and FES2014. This tide is provided in the global EOT20
tide model and used in the inference of the ε2 constituent [17] and, therefore, requires
special consideration regarding whether it should or should not be directly estimated via
harmonic analysis. Overall, the RMS of the 2N2 tide from EOT-R is very similar to the
results of both FES2014 and EOT-I, while for the ε2 tide, EOT-R shows slightly improved
results. Based on the relatively high tidal signal of the 2N2 tide, all models do well in
estimating this tide compared to the tide gauges, while for ε2, the models show a relatively
high RMS compared to the signal itself. When inferring ε2 from the inferred 2N2 tide
(not shown), the RMS of the ε2 tide compared to tide gauges is reduced by 0.1 mm and
becomes in line with the RMS of EOT-R and FES2014. This means that the 2N2 and the ε2
tide can be inferred by the EOT model and do not need to be directly estimated through
harmonic analysis.
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Figure 4. The RMS, in cm, of the minor tides from all three regions for the EOT-R, EOT-I, FES2014, and TiME tide models.
The RMS is overlaid above the tidal signals (blue axis) of each individual constituent in each of the regions. The number of
tide gauges for each region is 27 for Australia, 65 for the Yellow Sea, and 12 for New Zealand, with the mean being of all
104 tide gauges.

For the remaining constituents, EOT-I shows significantly larger RMS values compared
to EOT-R. The results for µ2, ν2 and J1 tides are consistent for all of the regions, implying
the inference does not provide an accurate estimation of these tides. These results are
in line with what has previously been shown for the J1 tide in Ray [16]. For the L2 tide,
however, the picture is not as clear. In the Yellow Sea, EOT-I outperforms EOT-R, while
in New Zealand and Australia, the results are vice versa. However, the inferred L2 tide
shows an RMS that is more than double that of the EOT-R in Australia. With this high
RMS, coupled with the overall larger RMS for EOT-I, it is recommended that the L2, as well
as the remaining three tides, be directly estimated by the EOT model. When considering
that EOT-R and FES2014 are optimised for the estimation of tides in the coastal region,
the performance of TiME compared to the tide gauge observations exceeds expectations.
TiME shows the lowest overall RMS for the MSF tidal constituent and is within 2 mm of
the overall RSS estimations of the EOT-I and FES2014 models.

Furthermore, the higher RSS of the TiME model is strongly influenced by poorer
estimations of the L2 and µ2 tidal constituents, while for the remaining constituents, the
RMS of TiME is closer to those of the other models. The high RMS in the µ2 is driven
by larger errors seen in the Australian region, with relatively high errors also seen in the
FES2014 and EOT-I results. For L2, TiME shows consistency in having the highest RMS
value, with this influencing the RSS differences between EOT-I and TiME. With this tide
removed from the analysis, the overall RSS of TiME reduces to be within 0.1 mm of EOT-I.
This suggests that TiME provides valuable minor tide estimations that can potentially be
used to improve the understanding of minor tides, as well as improve tidal corrections.

The results of the tide gauge analysis provide important insight for the estimation of
tides from the current availability of satellite altimetry and, therefore, the EOT ocean tide
model. Coupled with Figure 3, it can be recommended that of the constituents presented,
2N2, ε2, MSF, and T2 tides do not need to be directly estimated during the harmonic
analysis of satellite altimetry. For the remaining J1, L2, µ2 and ν2 tides, it is recommended
to directly estimate these tides when using the approach combining both Envisat- and
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Jason-orbit altimetry missions. For the most part, the results of TiME and FES2014 are
outperformed by the EOT-R model, however, when compared to the inferred constituents,
both models show encouraging results. Therefore, instead of using linear admittance to
infer minor tidal constituents for use in the tidal correction, models such as FES2014 and
TiME could be coupled with the EOT major tides to provide an accurate tidal correction.

3.2. Regional Sea Level Variance Analysis

In this section, the above-mentioned tide models are used to create tidal correc-
tions for satellite altimetry observations. To evaluate the accuracy of the tidal correc-
tions, regional sea-level variance analysis is presented within the three regions described
above. For this, the sea level anomaly (SLA) is estimated for the Jason-2 altimeter follow-
ing the same technique used in Andersen and Scharroo [27] and Hart-Davis et al. [10]:
SLA = H − R − hgeo − MSS, where H is the orbital height, R the range, MSS the mean sea
surface, and hgeo is the geophysical corrections, with the same parameters and corrections
being used as in Table 2 of Hart-Davis et al. [10].

Here, the only variable that is changed is the ocean tidal correction for which four
different tidal corrections were computed. For all of these corrections, the eight minor
tides as presented in Figure 4 are used from the tide models and are combined with the
major tides of the EOT-R model. The use of the major tides from the EOT-R model is kept
consistent so that the SLA variance is only influenced by the minor tides. These major
tides are M2, K2, K1, S2, N2, O1, P1, and Q1, as well as the long-period tides MM, MF,
SA, and SSA. Several additional constituents are available from each model, but these are
chosen based on consistency between models and the ability to infer via linear admittance.
It should also be made clear that there will potentially be small errors resulting from
inconsistencies between model-defined coastlines, as well as variable spatial resolutions.

For each cycle of Jason-2, the SLA was gridded onto a 3-degree grid and, finally, this
was then used to calculate the SLA variance for each of the scenarios created. The SLA
variance differences are then presented for Australia (Figure 5), New Zealand (Figure 6),
and the Yellow Sea (Figure 7) with the mean differences being presented in Table 1.

Figure 5. The sea-level variance differences between the scenarios presented for the Jason-2 altimeter in the Australia region.
The subplots of sea-level variance differences are as follows: (a) modTiME–EOT-R; (b) modTiME–EOT-I; (c) modTiME–
modFES; (d) modFES–EOT-R; (e) modFES–EOT-I; and (f) EOT-R–EOT-I. The figures are designed so that when the colours
are blue, the first model has a lower variance, while when the regions are red, the first model has a higher variance compared
to the second model.
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Figure 6. The same as in Figure 5, but for the New Zealand region.

Figure 7. The same as in Figure 5, but for the Yellow Sea region.
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Table 1. The mean sea-level variance difference (in cm2) estimated for each of the listed scenarios.

Scenario Australia New Zealand Yellow Sea Mean Difference

modTiME–EOT-R 0.081089 0.110182 0.058563 0.083278
modTiME–EOT-I 0.046603 0.075467 0.022314 0.048128
modTiME–modFES 0.010556 0.062240 0.026581 0.033126
modFES–EOT-R 0.076972 0.047942 0.031982 0.052299
modFES–EOT-I 0.036719 0.013227 −0.004267 0.015226
EOT-R–EOT-I −0.040252 −0.034715 −0.037577 −0.037515
EOT-H–EOT-R 0.000348 −0.001323 −0.005408 −0.002128

The results of the regions of New Zealand and Australia show that the inferred minor
tides reduce the variance compared to both TiME and FES2014 ’hybrid’ tidal corrections
(henceforth referred to as modTiME and modFES, respectively), with modFES showing
a reduction compared to modTiME. For the most part, the variance differences are small,
rarely exceeding 0.1 cm2; however, in the coastal region, the modTiME model shows rela-
tively high variances compared to the other model estimations. This is somewhat expected,
due to the FES and EOT models being optimised for the coastal regions. The differences
between modFES and EOT-I are also largely in the coastal regions, with variances being
very similar further away from the coast.

In Hart-Davis et al. [10], improvements were seen in the estimation of tides in EOT20
compared to FES2014 in the coastal region based on the incorporation of the ALES retracker
and the improved coastal representation, while in the open ocean regions, the models
showed similar results for the estimation of tides. Although those results were for major
tides, similar results can be seen here for the minor tides.

For the Yellow Sea region (Figure 7), the mean SLA variance differences between the
models generally decreases, with modFES slightly outperforming EOT-I. Like in the other
two regions, the general strong point for EOT-I is in the coastal region, with the model
differences decreasing further away from the coast. However, in the Yellow Sea, there are,
in fact, certain coastal points where EOT-I, as well as EOT-R, perform relatively poorly. For
example, the grid points at 40◦N and 125◦E, as well as 35◦N and 135◦E show high sea-level
variance for EOT-R and EOT-I and relatively low variances for modTiME and modFES.
This region was where EOT-R was outperformed by FES2014 in the tide gauge analysis
and where EOT-R had the highest RMS for the MSF tide. This suggests that EOT-R is not
providing a good estimation of the minor tides in the sub-regions identified in Figure 7,
which could be caused by either the complexity of these two regions (being areas of several
islands) or the size of the grids used in this analysis. With these two sub-regions removed,
the mean differences between the models of the Yellow Sea show similar results to what
was seen in the Australia and New Zealand regions.

Despite the tide gauge analysis suggesting problematic tides, such as the MSF tide,
it was somewhat anticipated that the minor tides of the EOT-R model would provide an
improved tidal correction, and this has proved to be the case. Compared to the other con-
figurations in every region (Table 1), EOT-R shows a mean reduction in sea-level variance,
although the mean differences only exceed 0.1 cm2 for the modTiME model in the New
Zealand region. There are sub-regions where EOT-R shows a large reduction exceeding
0.2 cm2 compared to both modTiME and modFES; however, overall, the differences remain
small. Furthermore, EOT-R shows a reduction for all of the regions except two grid cells
compared to EOT-I but, again, the differences are minimal. Although EOT-R shows better
results compared to the other models overall, the mean differences between the models
are small, which is driven by smaller variance differences between the models away from
the coasts.

In the coastal regions, EOT-R shows a large reduction in variances compared to the
other models, as well as the inferred tides. These differences could potentially decrease
when larger errors in individual tides, for example in the L2 tide (Figure 4), are addressed
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in the other minor tide estimations. However, this further highlights the importance of
either investigating different techniques to infer the minor tides, or directly estimating
them to provide a better tidal correction in the coastal region for use in sea-level studies
using satellite altimetry.

A final comparison between two tidal corrections is presented in Figure 8. In this
comparison, a tidal correction is created based on the recommendations produced in the
tide gauge analysis on which tides to infer and which tides to directly estimate in the
EOT model, to produce a ’(H)ybrid’ ocean tidal correction called EOT-H. To reiterate, the
tides recommended to infer were 2N2, ε2, MSF, and T2 tides, and those recommended to
directly estimate were J1, L2, µ2, and ν2 tides. The overall mean differences show a reduced
variance for EOT-H compared to EOT-R in both Australia and the Yellow Sea, while EOT-R
showed a reduced variance in the New Zealand region. The variance differences remain
very low and never exceed 0.01 cm2, with the average difference being 0.002 cm2 in favour
of EOT-H (Table 1).

Figure 8. The sea-level variance differences between EOT-R and EOT-H for (a) New Zealand, (b) the Yellow Sea and
(c) Australia. Please note the adjusted color bar compared to Figures 5–7. Here, when the regions are colored red, EOT-R
shows a reduction in SLA variance, while the opposite is the case in blue regions.

Generally, the differences in the coastal region favour EOT-R; however, there are
certain regions where the EOT-H shows a reduction in variance, particularly around 140◦E
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and 15◦S in Australia. The region where there is the highest improvement from EOT-
H is in the eastern coast of Australia, near a western boundary current known as the
East Australian Current. Generally, a higher SLA variance is seen in western boundary
currents [28] resulting from difficulties, among other things, to accurately estimate the
ocean tides in regions of high non-tidal variability [29].

By determining which tides can accurately be inferred and directly estimated, EOT-H
allows for maintenance of the higher accuracy tidal estimations, but also utilises admittance
theory to infer tides where satellite altimetry struggles to do so. The recommendation of
tides to infer and directly estimate, therefore, produces results that are suitable for use in
an ocean tidal correction of satellite altimetry.

4. Summary and Outlook

This paper presented an evaluation of the accuracy of the estimation of minor tidal
constituents and the implications this has on the estimation of the sea level from along-
track satellite altimetry. Furthermore, a new technique of merging constituents calculated
from different models to utilise strengths of individual models was presented. The use
of minor tides is valuable for the estimation of the sea level from along-track satellite
altimetry [13]. For the EOT tide model, estimating minor tides is made difficult due to tidal
aliasing and due to the small signals of these tides which are challenging to detect from
satellite altimetry. Four different tide models were compared to one another: EOT-R which
is a regional model created following the exact configuration of EOT20 [10] simply with
additional constituents; EOT-I which is the minor tides that are inferred from the EOT20
model using linear admittance theory; and FES2014 [11] and TiME [22].

The tide gauge analysis provides valuable insight for the EOT model on which tidal
constituents need to be directly estimated during the harmonic analysis and which tides
can be inferred via admittance theory. Based on these results, it is recommended that the
J1, L2, µ2 and ν2 tides be directly estimated and that the 2N2, ε2, MSF and T2 be inferred.
This will reduce the computational load while still providing an accurate tidal correction
for satellite altimetry. On average, EOT-R outperforms all of the other models, but there
are regions and constituents for which the other models show better results. The results
of the SLA variance analysis showed that the minor tide correction created based on the
recommendations of the tide gauge analysis provided the best results in terms of the tidal
correction. However, the differences between the four different minor tide estimations
are relatively low. Although TiME produced relatively large errors for certain tides, the
results are rather encouraging compared to the FES2014, EOT-R and EOT-I minor tide
estimations, despite being a purely hydrodynamic model and not being optimised for the
estimation of tides in the coastal region. As stated by Sulzbach et al. [22], the accuracy of
the TiME model is lower than that of data-constrained models for major tidal constituents,
but improvements can be seen in certain minor tides, with this being confirmed by the tide
gauge analysis in Figure 4, particularly for the MSF constituent.

Additional factors limit the ability of the estimation of minor tides in the EOT model,
such as errors resulting from the failure to satisfy the Rayleigh criteria for certain tidal
constituents based on the altimetry used. This is somewhat accounted for by combining
multiple satellite altimetry missions, however, certain tides are still challenging to estimate,
as seen in Figures 3 and 4. Furthermore, as EOT is a purely empirical model that relies
on decades of altimetry observations, computational limitations restrict the ability of the
model to globally estimate a large number of constituents. This means that the inference
of tides from major constituents is still used to help reduce these errors. However, the
inference of certain tides is still imperfect compared to direct estimations.

Therefore, EOT may still benefit from the use of the minor tides obtained from the
purely hydrodynamic TiME model, which could increase the number of constituents
available to provide a more complete estimation of ocean tides. However, care should be
taken in developing a technique to merge these two models to optimise the estimation
of the ocean tides and to take into account things such as the different spatial resolutions
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and gridding techniques of the models. Additionally, the numerical models may have
constraints for certain tidal constituents based on their relationships to other tides and,
therefore, the combination of these tides with EOT may result in inconsistencies creeping
into the tidal corrections. Furthermore, the development and implementation of improved
techniques to infer the minor tides from the major tides may also provide better estimations
for minor tides in the coastal regions. These avenues for the improvement of minor tide
estimations will be the subject of future studies alongside the continued development of
the EOT and TiME ocean tide models.

This work additionally serves as a framework to expand into additional regions
and to study more complex tidal constituents. As more satellite altimetry missions are
launched and the current orbits are being continued, for example, via missions such as
Sentinel-6, the number of constituents able to be directly estimated continues to rise. The
Reference Ray [30] demonstrated the ability of satellite altimetry to directly estimate third-
degree ocean tides and showed the importance of these signals for the prediction of ocean
tides. As the coastal altimetry field continues to grow, these smaller tidal constituents
become vital in helping to accurately monitor the changes in the global sea level.
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