
Citation: Ansari, G.; Keypour, R.

Optimizing the Performance of

Commercial Demand Response

Aggregator Using the Risk-Averse

Function of Information-Gap

Decision Theory. Sustainability 2023,

15, 6243. https://doi.org/10.3390/

su15076243

Academic Editor: Gurkan

Kumbaroglu

Received: 24 February 2023

Revised: 2 April 2023

Accepted: 3 April 2023

Published: 5 April 2023

Copyright: © 2023 by the authors.

Licensee MDPI, Basel, Switzerland.

This article is an open access article

distributed under the terms and

conditions of the Creative Commons

Attribution (CC BY) license (https://

creativecommons.org/licenses/by/

4.0/).

sustainability

Article

Optimizing the Performance of Commercial Demand Response
Aggregator Using the Risk-Averse Function of Information-Gap
Decision Theory
Ghasem Ansari and Reza Keypour *

Faculty of Electrical and Computer Engineering, Semnan-University, Semnan 35131-19111, Iran;
ghasem.ans@gmail.com
* Correspondence: rkeypour@semnan.ac.ir

Abstract: Power systems face challenges with regard to handling the high penetration of renewable
energies, including energy intermittency and fluctuations, which are not present in conventional
electricity systems. Various flexibility models have been developed to address these fluctuations,
including demand-side flexibility, which offers a practical solution with which to overcome these
challenges in all demand sectors, including the commercial sector. This paper proposes a new struc-
ture for the participation of the commercial sector in the electricity market to integrate and coordinate
the consumption of the commercial sector. Unlike previous studies that had commercial consumers
participate in the electricity market individually and sometimes fail to meet the requirements for
flexibility programs, this study adopts a commercial aggregator to enhance the responsiveness of
commercial systems. The proposed structure includes a mathematical model for commercial systems,
e.g., shopping centers, with responsive ventilation systems to achieve demand flexibility. The study
also uses the information-gap decision theory to address time-based commercial demand response
planning from 24 h ahead to near real time. Moreover, a multi-layered structure is proposed to
integrate the flexibility of shopping centers from the demand side to the supply side through a newly
invented commercial demand response aggregator. The proposed approach was implemented in the
New York electricity market, and the results show that it provides demand flexibility for up to 18%
of the nominal level of electricity consumption compared to the traditional system. The paper aims
to present a responsive structure for commercial systems, addressing the challenges of integrating
renewable energies with the electricity system.

Keywords: renewable energy; demand response; flexibility; demand response aggregator;
information-gap decision theory

1. Introduction

How to safeguard power systems against renewable energy fluctuations and inter-
mittency constitutes the main issue raised by the increased penetration of renewable
energies [1]. The development of more adaptable resources to facilitate the integration
of renewable energy into power systems is still considered a crucial need, even though
recent studies have suggested numerous methods with which to coordinate the operation
of renewable resources with battery storage [2] and pumped hydraulic storage [3] systems.
Future power systems could be in grave danger if strategic reserves are insufficient. If the
potential for demand-side flexibility is sufficiently integrated and coordinated such that all
types of residential, commercial, and industrial consumers are included, the supply-side
stability of a power system during a renewable electricity shortage can be guaranteed.
A demand response aggregator (DRA) efficiently combines the electricity flexibility of
commercial and residential consumers into a single power system. Therefore, the main
challenge is giving DRAs a workable structure to hedge against the intermittent nature of
renewable energy.
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Electricity demand has risen globally in developed and developing nations over the
last few decades [4]. Remote communities and places without electricity are among the
main concerns in some poor developing countries [5]. Uncertainty on the supply side has
grown to be one of the major challenges in developed nations with a high penetration rate
of renewable energy [6]. Due to the growth of distributed resources based on renewable
energy sources, traditional electric power systems are undergoing a transitional period.
Power systems have experienced issues due to the recent enormous increase in the number
of renewable resources available [7]. On the other hand, consumers’ demand profiles for
electricity are drastically changing. Additionally, as social welfare rises, the rate of global
electricity consumption (kWh per capita) is increasing [8].

Due to the increase in intermittency and fluctuation on the supply side and the rise in
electricity consumption on the demand side, new types of flexibility are required to maintain
the current power systems. Therefore, the demand side must be flexible to ensure a power
system’s flexibility [9]. Actors on both the production and consumption sides can exploit
power systems as load-responsive applications grow. One of the apparent requirements
is reviewing and changing the operation and scheduling models of power systems due
to the growing involvement of consumers in exploitation and scheduling [10]. Shopping
center buildings are of particular interest to the commercial sector because they have HVAC
(heating, ventilation, and air conditioning) systems that are flexible enough to implement
the demand response (DR) process [11]. Commercial building HVAC systems operating
as DR sources offer several significant benefits. HVAC systems use about 37% of all the
electricity used in commercial buildings. This amount met more than 13% of the country’s
electricity demand in 2017 [12]. Advances in building energy management systems (BEMS)
and variable speed drives (VSDs), in particular, have enhanced HVAC systems’ control
technology [13]. The direct HVAC control approach was used in [13,14]. The direct
control method changes the reference power input to keep the indoor temperature within
a reasonable range. The reference power input of the VSD is roughly equal to the power
input of the HVAC system, which accounts for its quick response time. Additionally,
HVAC systems are necessary for commercial buildings and do not require the installation
of additional hardware. The DR of HVAC systems has been the subject of some studies. DR
studies can be categorized as (1) studies on the control of DR resources as price receivers
and (2) studies on optimal pricing for implementing DR. For instance, the cost of electricity
was predetermined in [14,15]. The building operator scheduled the HVAC systems’ ideal
power consumption profiles [15] to reduce the overall cost of operation. Ref. [16] proposed
a pricing strategy to help Electric Utility Companies (EUCs) and building operators achieve
an optimal DR of price-elastic HVAC systems while considering peak load reduction. Retail
prices for distribution network operations were best determined [17] with respect to DR
services in HVAC systems. Ref. [18] discussed the optimal operation and scheduling of
commercial air-conditioning systems by considering the DR required for maximum benefit.
The paper collected the operating data of chiller units used by commercial users, calculated
the cooling load of each unit, and derived the relationship between the cooling loads
and power consumption of each unit. Ref. [19] proposed a DR framework to plan the
daily operation of an air-conditioning system to minimize energy costs and guarantee
thermal comfort. The framework included an electrically analogous thermal model and
the formulation of an energy optimization problem with thermal and electrical constraints.
Ref. [20] presented a complete model of a commercial building HVAC system consisting of a
chiller, a water pump, and multiple AHUs (Air Handling Units) and developed a two-level
control system to follow five-minute energy market signals and four-second frequency
regulation signals. The first-level coarse control system provided commands for both water
and air loop variables. The second-level fine control system adjusted the fan commands
while maintaining the water loop inputs within the five-minute control period. As a result,
the water loop power served as a basis for tracking energy market signals, and the air loop
fan control system could be adjusted flexibly for frequency regulation. The authors of [21]
focused on aggregating and scheduling multi-chiller HVAC systems in terms of continuous
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time stochastic unit commitment. The continuous time modeling method was utilized to
handle the sub-hourly variability of wind power and the intra-hour flexibility of the HVAC
systems. A cooling model was formulated based on a chiller load-sharing strategy and
linearization method to describe the electricity consumption characteristics of an HVAC
system with multiple chillers. Ref [22] proposed a novel reinforcement learning (RL)
architecture for efficiently scheduling and controlling an HVAC system in a commercial
building while harnessing its DR potentials.

Some recent studies have discussed the modeling of DR aggregators and their difficul-
ties in electricity markets. The difficulties DR aggregators face in electricity markets were
highlighted in some studies [23]. Ref. [24] presented a smart contract based on an optimal
proposal strategy for an aggregator that considers customer acceptance. First, it attempted
to determine the customer’s acceptance of various incentives, where the Home Energy
Management System (HEMS) introduced load regulation for electrical appliances. Second,
the integrator adopted a rational approach to applying the optimal proposed strategy and
program for energy storage systems (ESS) to generate economic benefits. Using stochastic
programming and robust optimization, the authors of [25] suggested a new approach for
DR aggregators in day-ahead markets. According to the authors of [26], market participants
can use demand response exchange markets to negotiate with one another, but balancing
markets are not included in the market model under consideration. As established in [27],
DR is essentially an optional contract allowing the aggregator to sell their DR on electricity
markets while ignoring demand-side uncertainty. The formulation of DR using the coexis-
tence of elastic and inelastic loads was presented [28] as a two-level model. Additionally,
numerous studies have accounted for both the supply and demand sides concurrently. For
instance, ISO and DR aggregators were implemented in a hierarchical market [29] through
household interaction analysis. An ideal strategy was proposed for a sizable consumer
who is price-sensitive [30]. The wind power and market price variables were uncertain in
this approach.

The authors of [31] suggested an approach based on game theory to obtain the best bid-
ding strategy for DR aggregators in the electricity market. The proposed scheme employed
an economically responsive load model for a DR approach based on customer benefit func-
tion and price elasticity. The authors of [32] suggested that combining DR and CHP genera-
tion is the best approach. The corresponding model employed the IGDT (Information-gap
decision theory) technique but only considered the day-ahead market prices as an uncertain
parameter and ignored how DR would be implemented on the demand side. Using thermo-
statically controlled loads, the authors of [33] presented a bottom-up strategy for convincing
DR aggregators to participate in reserve markets. Ref. [34] proposed a two-stage structure
for trading in the day-ahead and balancing markets, focusing on the DR load incurred by
thermal heating. Ref. [35] suggested a game-theory-based bidding strategy. The aggregator
aimed to lessen consumer annoyance and load through load-shedding applications. To
overcome the risks of various uncertain factors in electricity markets and realize the eco-
nomic benefits of DR, the authors of [36] proposed a dynamic bidding strategy that allowed
demand-side resources to be incorporated in the frequency regulation market via a DRA.
Ref. [37] presented a market-based mechanism that allowed DR resources to be integrated
in a day-ahead wholesale electricity market. A DR exchange (DRX) market was developed
to allow a DRA to trade DR resources with DR providers, wherein the DRA could bid strate-
gically and compete with other participants in the wholesale electricity market. Ref. [9]
used a multi-stage model to simulate industrial and residential DRAs while considering
the volatility of electricity market prices. The stochastic programming method employed
eliminated uncertainty in the proposed model. A DR aggregator model was presented to
achieve flexibility in the agricultural sector of the electricity market while accounting for
price uncertainty in day-ahead and equilibrium markets [38]. In the commercial sector,
various consumers, such as shopping centers equipped with HVAC systems, can enable
flexibility in terms of electricity system operation through the use of DR programs. The
main feature of demand-side management for the commercial consumer is that if the DR
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programs are not well coordinated and cannot provide the minimum comfort required, the
owners and users of the services of different commercial sectors may become dissatisfied.
Implementing DR programs in different parts of a commercial sector may result in user
dissatisfaction and financial loss for commercial sector owners. Commercial consumers can
individually participate in DR programs to reduce peaks; however, the lack of coordination
between commercial consumers when participating in an electricity market is an existing
problem. Therefore, it is necessary to present a model for the participation of commercial
consumers due to the penetration of intermittent renewable resources in power systems.

To model the aggregator of the commercial sector, we first examine and categorize
different types of commercial consumers and evaluate the potential and ability of DR in
different sectors. This structure considers the “consumer of the commercial sector” as
the most important participant in the DR program. After the consumers of the commer-
cial sector are identified, they are mathematically modeled. In the next step, different
commercial consumption sectors are presented as a single aggregator, and the conditions
of their presence in implementing the DR plan are checked. In the following step, the
capacity provided by the DR aggregator is purchased by the operator and other market
participants in accordance with “ancillary services, reservation, or balancing services.”
Therefore, DRAs provide a capacity for the power system that is absent in the electricity
market. A multi-stage electricity market is used to settle the market for commercial DRAs
participating in the electricity market. In addition, it is assumed that the power share of
the electricity market is small compared to the whole market and that it cannot change the
price of electricity. As a result, the electricity market price is determined based on forecasts.
This paper presents a multi-stage framework and mathematical modeling concerning the
DR of the commercial sector’s aggregator, thus strengthening consumers’ participation in
the electricity market. The suggested model can consider the uncertainties precipitated
by electricity market prices. IGDT is used in the scheduling process, which guarantees a
predetermined profit by the aggregator and reduces the computational burden caused by
employing scenario-based methods such as stochastic scheduling.

In general, the main contributions of this study can be expressed as follows:

(1) This study proposes mathematical models for both commercial demand response
aggregators and consumers;

(2) This study aims to integrate commercial demand flexibility into dynamic electric-
ity markets;

(3) An electrical energy storage system is utilized to attain real-time commercial de-
mand response;

(4) This study proposes a multi-layered structure to integrate the flexibility of the com-
mercial sector utilizing a commercial demand response aggregator (CDRA);

(5) The study addresses information-gap decision theory (IGDT) in the scheduling process
of the commercial aggregator.

The rest of the paper is organized as follows. Section 2 presents the general framework
of the MAS (multi-agent system). The structure of the first layer is explained in Section 3. In
addition, the second- and third-layer agents are introduced in Sections 4 and 5, respectively.
In Section 6, the operational mechanism of the multilayer structure is presented. The
simulation results and discussion are presented in Section 7. Finally, the conclusions of the
paper are presented in Section 8.

2. The Multi-Agent Structure of CDRA

The components of the network in this paper consist of several market-based agents,
including CDRAs, large/small consumers (such as shopping centers), and electrical energy
storage systems. Due to the increase in the size and number of actors in our network,
we use a Multi-Agent System (MAS) to categorize and solve large problems more easily.
This technique divides large problems into smaller ones, making it much easier to model
participants in the market. In the multi-stage structure, new entities are formed by aggre-
gating several previous characters. Additionally, commercial consumers are simulated as
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aggregators representing a set of commercial subscribers. For this reason, a multi-stage
model named the MAS structure is herein proposed to adjust the complexity of the problem
and simulate problems with a large number of characters. The remarkable advantage
of this structure is its ability to facilitate the modeling of mutual interactions between
market-based entities and the classification of different characters into sub-layers. The
main components of the MAS structure are market agents and a simulation platform with
a graphical user interface. Each level represents some market players, including CDRAs
and large or small consumers. Market actors are divided into different factors and are
categorized into three layers to simulate the MAS. All characters that have the same behav-
ioral profile are placed in one layer. Figure 1 shows a schematic of the suggested structure.
The structure presented in Figure 1 reduces the number of actors and uses aggregators to
bridge commercial subscribers and the electricity market based on contracts concluded
with subscribers and access to DR plan suppliers.
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Figure 1. The multi-layered structure of different commercial sectors.

In this section, the factors of each layer are examined separately to attain a better
understanding of the main components of the presented model’s layers. There is an
electricity market structure in the first layer, in which the CDRA participates on behalf
of the shopping centers in two consecutive markets, i.e., the balancing market and the
day-ahead market, to supply energy to the consumers of the contracting parties. CDRAs
act as an intermediary between the electricity market and responsive consumers, collecting
the demand proposals of shopping centers and participating in the electricity market
on their behalf. Therefore, the CDRAs collect data related to operational restrictions,
such as the minimum amount of cooling required, and regulate the demand proposals of
contracting parties for energy supply. On the one hand, the DRAs regulate the demand-side
offers to send energy to the market; on the other hand, they optimize the performance of
consumers based on the concluded contract. Subsequently, different segments of consumers
are examined to obtain maximum profits. DRAs are for-profit entities that participate
in the DR plan based on their demand proposals. Some percentages of the profit are
predetermined as a commission fee for the DRAs. This profit is allocated to them in
exchange for implementing the DR plan. The DRAs’ revenue is assumed to be equal to a
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predetermined percentage of the consumers’ profit. Therefore, the DRAs and responsive
consumers benefit from the DR plans by obtaining maximum profit and minimum cost.

The commercial, responsive consumers embedded in the third layer of the structure are
the same shopping centers. Small consumers of power systems cannot participate directly
in an electricity market. As a result, a set of consumers exhibiting similar behaviors is
connected and assigned to the DRA. Therefore, the DRA directly finalizes a specific contract
for energy supply with the commercial consumers and enables flexible operation in the
power system. For example, commercial consumers, i.e., shopping centers, consume vast
amounts of energy and can participate in this structure. Accordingly, different consumers
of these shopping centers are examined to evaluate the DR opportunities compatible with
long-, medium-, and short-term plans.

Figure 2 describes the transfer of information from one agent to another to show
the interaction between different agents sending data. Based on the figure, the electricity
market is located on the supply side, and the responsive consumers, i.e., shopping centers,
are situated on the demand side. The DRAs, including CDRAs, are intermediaries between
supply and demand. Firstly, on the demand side, the DRAs receive energy consumption
data from the contracted consumers. The main duty of the DRAs is to optimize the
operation of the consumers to achieve two main aims: (1) provide power flexibility to
the power system through DR programs and (2) optimize the energy consumption of
the consumers.

Sustainability 2023, 15, x FOR PEER REVIEW 6 of 32 
 

 

DR plan based on their demand proposals. Some percentages of the profit are predeter-

mined as a commission fee for the DRAs. This profit is allocated to them in exchange for 

implementing the DR plan. The DRAs’ revenue is assumed to be equal to a predetermined 

percentage of the consumers’ profit. Therefore, the DRAs and responsive consumers ben-

efit from the DR plans by obtaining maximum profit and minimum cost. 

The commercial, responsive consumers embedded in the third layer of the structure 

are the same shopping centers. Small consumers of power systems cannot participate di-

rectly in an electricity market. As a result, a set of consumers exhibiting similar behaviors 

is connected and assigned to the DRA. Therefore, the DRA directly finalizes a specific 

contract for energy supply with the commercial consumers and enables flexible operation 

in the power system. For example, commercial consumers, i.e., shopping centers, consume 

vast amounts of energy and can participate in this structure. Accordingly, different con-

sumers of these shopping centers are examined to evaluate the DR opportunities compat-

ible with long-, medium-, and short-term plans. 

Figure 2 describes the transfer of information from one agent to another to show the 

interaction between different agents sending data. Based on the figure, the electricity mar-

ket is located on the supply side, and the responsive consumers, i.e., shopping centers, are 

situated on the demand side. The DRAs, including CDRAs, are intermediaries between 

supply and demand. Firstly, on the demand side, the DRAs receive energy consumption 

data from the contracted consumers. The main duty of the DRAs is to optimize the oper-

ation of the consumers to achieve two main aims: (1) provide power flexibility to the 

power system through DR programs and (2) optimize the energy consumption of the con-

sumers. 

Therefore, on the supply side, the DRAs receive electricity prices and DR program 

data from the electricity market. The DRAs construct demand bids by aggregating the 

data from the electricity market with the received consumption data from consumers. 

Therefore, the DRAs participate in the electricity market on behalf of the consumers. After 

clearing the electricity market, the DRAs determine the final operation schedule for the 

contracted consumers during the next 24 h. Note that the DRAs are considered to prevent 

many consumers from participating in the electricity market individually. The DR aggre-

gates the demand bids of the consumers to participate in the electricity market on their 

behalf. 

 

Figure 2. Flow diagram of the interactions between different agents. 

3. The First Layer: Dynamic Electricity Market 

The dynamic electricity market is modeled in the first layer of the newly introduced 

multilayer structure. This study aims to understand the short-term and 24 h in advance to 

nearly real-time flexibility of commercial shopping centers in a power system with a high 

level of renewable energy penetration. An electricity market with multiple classes is con-

sidered to safeguard the system from the fluctuation of renewable energy. Two trading 

classes, day-ahead and balancing markets, are available in the electricity market. CDRAs 

embedded in the second layer are the first-layer participants. One of the most efficient 

energy markets, the day-ahead market, settles 24 h before the delivery of electricity. 

Figure 2. Flow diagram of the interactions between different agents.

Therefore, on the supply side, the DRAs receive electricity prices and DR program
data from the electricity market. The DRAs construct demand bids by aggregating the data
from the electricity market with the received consumption data from consumers. Therefore,
the DRAs participate in the electricity market on behalf of the consumers. After clearing
the electricity market, the DRAs determine the final operation schedule for the contracted
consumers during the next 24 h. Note that the DRAs are considered to prevent many
consumers from participating in the electricity market individually. The DR aggregates the
demand bids of the consumers to participate in the electricity market on their behalf.

3. The First Layer: Dynamic Electricity Market

The dynamic electricity market is modeled in the first layer of the newly introduced
multilayer structure. This study aims to understand the short-term and 24 h in advance
to nearly real-time flexibility of commercial shopping centers in a power system with a
high level of renewable energy penetration. An electricity market with multiple classes
is considered to safeguard the system from the fluctuation of renewable energy. Two
trading classes, day-ahead and balancing markets, are available in the electricity market.
CDRAs embedded in the second layer are the first-layer participants. One of the most
efficient energy markets, the day-ahead market, settles 24 h before the delivery of electricity.
Participants in the market, such as CDRAs, trade in this class of contracts based on the
anticipated intermittent capacity of renewable resources for the next 24 h. At this stage,
CDRAs expend the majority of their energy on planning. As the moment of the delivery of
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electricity draws near, uncertainties relating to renewable energies become progressively
less significant.

As a result, CDRAs participate in the balancing market to offer ancillary services to the
power system to guarantee renewable energy availability in trading strategies. A CDRA
can purchase or sell energy in deficit or surplus from or to shopping centers. At this point,
it should be clear that the participating shopping centers can switch their electricity on or
off and alter its usage. Finally, a CDRA engages in the balancing market to meet the high or
low regulations for the electricity system. The balancing market reaches its final settlement
a few seconds before the time at which electricity is delivered. In a short time, CDRAs can
offer the flexibility of the centers to the power market. Shopping centers reacting to DR
signals in seconds can compete in this market.

4. The Second Layer: CDRA

As mentioned earlier, CDRAs are in the second layer. A CDRA is defined as an inter-
mediary entity between the electricity market and the network’s commercial consumers
that informs the contracting parties about the flexibility of their demand. In addition,
integrating flexibility potentials accumulated in the power system facilitates the purchasing
and selling of electrical energy in the first layer, i.e., the electricity market. By participating
in the electricity market, a CDRA determines trading strategies 24 h in advance while con-
sidering the uncertainties associated with electricity prices in two trading classes, including
day-ahead and balancing markets. To optimize trading strategies influenced by severe
uncertainties, an uncertainty-based scheduling approach is used, which incorporates the
IGDT method. This method guarantees the profit predetermined by the aggregator, while
also adjusting the calculations produced by scenario-based methods such as stochastic pro-
gramming. The performance of a CDRA under electricity-market-related price uncertainty
will be described in the next sections.

4.1. Information-Gap Decision Theory (IGDT)

To provide a clearer understanding of how IGDT is applied in power system schedul-
ing, this section broadly defines the concept of IGDT. The three main components of IGDT
are the system model, the performance requirements, and uncertainty modeling. The
system model describes how inputs and outputs are related. The system model can be
written as y (q; l) based on IGDT, where q is the decision variable and l is the uncertainty
parameter. For instance, the system model for an economic problem, including cost (an
objective function) and market price (an uncertainty parameter), can be represented as C (q;
l), where C (q; l) is the system model’s cost function. Furthermore, q and l denote the market
price and the choice variable, respectively. Robustness and opportunity functions are two
immunity functions included in information gap decision theory. Since the operator’s
decisions depend on these functions, these functions are major and significant components
of IGDT.

The robustness function (risk-averse) is used to mitigate the drawbacks of uncertainty.
α is the parameter that models this function. This function [39] determines the maximum
level of uncertainty that the adopted techniques can manage.

α = Maxα{α : greatest total cos t is less than a specified limit.} (1)

Opportunity function (risk-seeker): This risk-averse function models the advantages
and positive results that can be achieved through uncertainty. β is the parameter that
models this function:

β = Minβ{β : least total cost is less than a specified limit.} (2)

IGDT uses the uncertainty set to increase the value of objective function versus the
uncertainty of the input parameters. The displayed uncertainty model X (α, χ̃) can be
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developed using several methods via IGDT. One of the common functions used to present
an uncertainty model is the fractional uncertainty model, as shown below:

X(α, χ̃ ) = {χ : |χ− χ̃

χ̃
| ≤ α}, α ≥ 0 (3)

where X(α, χ̃) represents the gap between predicted values (χ) and known values ( χ̃).
The horizon of the uncertain parameter is defined by α. For higher α values, the range of
possible alterations of the uncertain parameter increases. The gap information uncertainty
model has a nested and contractive nature. Its contractive nature means that X (0, χ̃) is the
unit set {χ̃}. Its nested nature shows that the relation X

(
α 1, χ̃

)
⊆ X

(
α2, χ̃

)
if α 1 ⊆ α2

holds. In addition, due to the nature of the variable α, it should find the lower and upper
limits of the uncertainty horizon. This definition of the uncertainty model states that
the length of the uncertainty horizon depends on the uncertain parameter values. The
multi-level model based on IGDT is formulated as follows [39,40]:

MAX
x F upper level(ρ, ς∗), (4)

s.t

hupper level(ρ, ς∗) ≤ 0 (5)

ς∗ = arg
{

Min
ρ f upper level(ρ, ς∗) (6)

s.t
zl0w level(ρ, ς) ≤ 0

(7)

Rl0w level(ρ, ς) = 0 (8)

4.2. Commercial Aggregator Modeling

The analysis considers both the day-ahead and balancing (real-time) power markets.
It is necessary for all market participants to exchange any energy they generate or require
in the power pool. Participants in the market should plan their consumption based on
the day’s market. If the actor requests a different quantity than scheduled, the difference
is determined using the balancing market method. If the market’s power exceeds the
aggregator’s level of power consumption under this process, the surplus power is settled
at the cost of a positive imbalance. The excess imbalance price is lower than or equal to the
day-ahead settled price in the energy market. If the amount of electricity purchased on the
previous day is less than the commercial aggregator’s predetermined quantity, the surplus
power is resolved at a negative imbalance price. The negative imbalance price is larger than
or equal to the day-ahead energy-market-settled price. The negative (positive) imbalance
price is equal to the day-ahead settlement market price when the total system’s purchased
power exceeds (declines) the demand. As a result, the day-ahead settlement price is equal to
one of the positive and negative imbalance prices. Figure 3 reflects the suggested diagram
for commercial aggregators, including shopping centers. As shown in the figure below,
by receiving the demand of commercial consumers, the commercial aggregator provides
the conditions for their presence in the electricity market. Subsequently, the commercial
aggregator applies the DR process to the consumers. In this model, the electrical storage
system plays a balancing role.
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Figure 3. Diagram for commercial aggregator.

4.3. Commercial Aggregator Modeling without Considering Uncertainty

Initially, the IGDT model should be solved with definite data and without considering
uncertainty. Then, the outputs of the deterministic problem can be considered as the input
of the IGDT model. Predictive values (average values) are used instead of uncertainty
values for deterministic modeling. Considering that this study considers day-ahead and
balance market prices as uncertainty variables, these variables are considered as the input
of the problem based on the predicted values (average values) of the electricity market.

F =
Min

(P D
t , PB+

t , PB−
t

) .
τ

∑
t=1
{ňD

t PD
t + ň

B+
t PB+

t − ň
B−
t PB−

t } (9)

0 ≤ PD
t ≤

(
Ni

∑
i=i

Nc

∑
c=1

Nh

∑
h=1

Pi,c
t,h

)
(10)

PB+
t ≤

(
Ni

∑
i=i

Nc

∑
c=1

Nh

∑
h=1

Pi,c
t,Pc

)
(11)

PB−
t ≥ −

(
Ni

∑
i=i

Nc

∑
c=1

Nh

∑
h=1

Pi,c
t,pd

)
(12)

PD
t +PB+

t − PB−
t =

Ni

∑
i=1

Pi
t+Pi,c

t,pc − Pi,c
t,pd (13)

Based on the variables used in the decision-making process for the traded power
value of the two electricity markets, Equation (9) represents the objective function used to
minimize costs, i.e., for the day-ahead and balancing markets

{
PD

t , PB+
t , PB−

t

}
, considering

the certainty of the electricity market price,
{

ň
D
t , ň

B+
t , ň

B−
t

}
. The minimum and maximum

limits of the power acquired in the day-ahead market are specified by Constraint (10). The
maximum power purchased in the day-ahead market is limited to the contracting party’s

total nominal power produced by its shopping centers,
Ni
∑
i=i

Nc
∑

c=1

Nh
∑

h=1
Pi,c

t,h. This variable has

a minimum value of zero, indicating that the commercial aggregator is not permitted to
sell power in the day-ahead market. Constraints (11) and (12) demonstrate that energy
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storage devices can be integrated in the market for balancing purposes. These storage
devices can drastically reduce power consumption in a short amount of time (within a few
seconds). It is recommended that HVAC systems are used for electrical energy storage
in shopping centers to attain high and low regulation in the balancing market. Pi,c

t,pc and

Pi,c
t,pd reflect the aggregator’s charging and discharging states in phases of excess or deficit

power consumption, respectively. The power balance in the electricity market is shown
in Constraint (13). In the electrical market, the power acquired must be equivalent to the
electricity offered in trading classes plus the electricity utilized by the contracting party’s
shopping centers.

In this study, three distinct states can occur for the power traded from the electricity
market. The balancing electricity market price adheres to the following rules:

Case 1: If the imbalance of the power system is negative (i.e., there is an energy
shortage in the electrical market), the balancing price is as follows:

PD
t <

Ni

∑
i=1

Pi
t (14)

ň
B+
t = ň

D
t (15)

ň
B−
t ≥ ň

D
t (16)

Case 2: If the power system imbalance is positive (i.e., there is surplus energy in the
electrical market), the balancing price is as follows:

PD
t >

Ni

∑
i=1

Pi
t (17)

ň
B−
t = ň

D
t (18)

ň
B+
t ≤ ň

D
t (19)

Case 3: If the power system balance is zero, i.e., there is neither an energy surplus nor
a deficit in the electrical market, the balancing price is as follows:

PD
t =

Ni

∑
i=1

Pi
t (20)

ň
B−,+
t = 0 (21)

Ni
∑

i=1
Pi

t represents the total power of the commercial consumer.

4.4. Modeling Using IGDT Considering Uncertainty (Robust Function)

The considered uncertainty parameters include the day-ahead electricity market price
(ňD

t ) and balancing market price (ňB−
t and ňB+

t ). Therefore, according to the IGDT model,
the uncertainty parameters for t time intervals can be represented as Ut =

{
ňD

t , ňB+
t , ňB−

t

}
.

The decision variable is the amount of power that should be offered to the day-ahead
market pD

t . It is assumed that the predicted values (average values) of the uncertainty
parameters are available. The predicted values for the uncertainty parameters are the
day-ahead electricity market price ň

D
t , the positive balancing price ň

B+
t , and the negative

equilibrium price ň
B−
t . The set of predicted values of the uncertainty parameters can be

shown in the form of the following set: Ut =
[
ň

D
t , ň

B+
t , ň

B−
t

]
. The decision variables include
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day-ahead power, surplus power, and deficit power, which are shown in the following set:
q =

[
PD

t , PB+
t , PB−

t

]
. The public form of the robust function in the IGDT-based method is

presented in (1). The robust scheduling of the commercial aggregator can be modeled using
the following equations.

Obj func : α = maxα (22)

s.t : ∆ ∆ Cr = (1− σ)×Fb (23)

0 ≤ PD
t ≤ PD(max)

t ∀t (24)

∆ =
Max(

ňD
t , ňB+

t , ňB−
t

) τ

∑
t=1

{
ňD

t PD
t + ňB+

t PB+
t − ňB−

t PB−
t

}
(25)

PD
t +PB−

t +Pi,c
t,pd =

Ni

∑
i=1

Pi
t+PB+

t +Pi,c
t,pc (26)

PD
t = PD

t,Buy−PD
t,sold (27)

0 ≤ PD
t ≤

Ni

∑
i=i

Nh

∑
h=1

Nj

∑
j=1

Pi,h
t,j

 (28)

∣∣∣PB+
t

∣∣∣ ≤ (
Ni

∑
i=i

Nc

∑
c=1

Nh

∑
h=1

Pi,c
t,pc

)
(29)

∣∣∣PB−
t

∣∣∣ ≥ −(Ni

∑
i=i

Nc

∑
c=1

Nh

∑
h=1

Pi,c
t,pd

)
(30)

ňB+
t ≤ ňD

t (31)

ňB−
t ≥ ňD

t (32)

PB−
t × PB+

t = 0 (33)

(1− α) ň
D
t ≤ ňD

t ≤ (1 + α)ňD
t (34)

(1− α)ňB+
t ≤ ňB+

t ≤ (1 + α)ňB+
t (35)

(1− α)ňB−
t ≤ ňB−

t ≤ (1 + α)ňB−
t (36)

The robust scheduling function based on IGDT in a two-level problem is given in the
above equation. The maximum possible cost (at the low level) depends on the uncertainty
interval. This uncertainty interval is solved through the high-level model. Equations (22)
to (24) express the high-level formula determining the maximum possible value of the
uncertainty horizon (α) such that the cost is less than the critical cost Cr. As shown in
(23), Cr represents the critical cost, which is a percentage of the deterministic cost Fb. Fb
is determined by solving the deterministic problem described in the previous section. In
addition, the deviation coefficient σ determines the risk aversion of the DR aggregator,
which is set by the operator. Equations (25) to (36) express the low-level formulas used to
determine the maximum cost in a certain range of uncertainty. The objective function shown
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is a robust function representing the worst-case scenario. Therefore, Equation (25) provides
the maximum commercial aggregator for the supplied power PD

t and the uncertainty
interval (α). The first term of this equation represents the cost of purchasing power in
the day-ahead market. The sales revenue or the cost of purchasing surplus and shortage
power in the balancing market are shown in the second and third terms, respectively.
Equations (26) to (30) were described in the previous section of the deterministic model.
The logical limits of the uncertain parameters are expressed in Equations (31) to (32).
Equations (34) to (36) show the information gap model for non-deterministic variables and
express the upper and lower limits of uncertain parameters according to the uncertainty
interval and predicted values of these variables.

4.5. One-Level Equivalent Model of IGDT

The model that was described in the preceding section has two levels. Equations (22)
and (25) need to be maximized at the upper and lower levels, respectively. The higher
level defines uncertainty. The lower-level model is transformed into a single-level model
utilizing conventional techniques such as the Kuhn–Tucker method [41]. Additionally,
Constraint (33) renders the issue non-convex. It is illogical to reduce the two-level model
to a one-level problem using first-order optimum conditions. Therefore, we employ the
approach suggested in [42] as follows. The low-level problem’s goal is to ascertain the
planned value of PD

t as well as the values of uncertain parameters such as market prices that
generate important costs for particular values of the uncertainty horizon. Consequently, for
each hour, the following two conditions are considered:

(a) Surplus conditions Surplus conditions occur when the power supply in the day-ahead
market is greater than the power requested by the commercial aggregator in the

electricity market. PD
t >

Ni
∑

i=1
Pi

t.

∆+
t = Max

(ňD
t ,ňB+

t )
.

τ

∑
t=1

{
ňD

t PD
t + ňB+

t [PD
t −

Ni

∑
i=1

Pi
t]

}
(37)

Equation (37) yields the maximum cost of commercial aggregators in surplus condi-
tions. To achieve the worst possible scenario, i.e., the maximum cost, the day-ahead market
price and the imbalance price should be equal to their maximum value. Therefore, the
uncertainty parameters in the surplus case are as follows:

(1 + α)ňD
t = ňD

t (38)

(1 + α)ňB+
t = ňB+

t (39)

(b) Deficit conditions

This situation occurs when the power supplied in the day-ahead market is less than

the power requested by the commercial aggregator in the electricity market. PD
t <

Ni
∑

i=1
Pi

t.

∆−t = Max
(ňD

t ,ňB−
t )

.
τ

∑
t=1

{
ňD

t PD
t − ňB−

t [
Ni

∑
i=1

Pi
t − (P D

t )]

}
(40)

Equation (40) yields the greatest profit of the commercial aggregator in deficit condi-
tions. To achieve the worst possible scenario, i.e., the maximum cost, the day-ahead market
price and the imbalance price should be equal to their maximum and minimum values,
respectively. Therefore, the uncertainty parameters in the deficit case are as follows:

(1 + α)ňD
t = ňD

t (41)
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(1− α)ňB−
t = ňB−

t (42)

According to the mentioned conditions, surplus and deficit situations are possible if
the amount of power required by the commercial consumer is greater or less than the power
supplied in the day-ahead market. To specify the deficit (φt = 0) and surplus (φt = 1)
conditions, a binary variable φt is used in each period. As a result, the equivalent single-
level formula is presented in Equations (43) to (52). In this approach, Equation (25) in the
lower level of the two-level model is replaced by two new equations. These two equations
reflect surplus and deficit conditions. Thus, this equation (maximum total cost) is replaced
by Equations (37) to (39) (maximum cost in surplus conditions) and Equations (40) to (42)
(maximum cost in deficit conditions).

obj f unc : α = maxα (43)

s.t : ∆ ≤ Cr = (1− σ)×Fb (44)

0 ≤ pD
t ≤ pmax∀t (45)

∆∗ =
τ

∑
t=1

{
∆+

t ×φt + ∆−t × (1 −φt
)}
∀t (46)

∆+
t = ňD

t PD
t + ňB+

t [ P D
t −

Ni

∑
i=1

Pi
t] (47)

∆−t = ňD
t PD

t − ňB−
t [

Ni

∑
i=1

Pi
t − (P D

t )] (48)

PD
t ≤

Ni

∑
i=1

Pi
t + (1−φt)×H (49)

PD
t ≥

Ni

∑
i=1

(P i
t −φt)×H (50)

(1 + α)ňD
t = ňD

t (51)

(1 + α)ňB+
t = ňB+

t (52)

(1− α)ňB−
t = ňB−

t (53)

In the above equations, a large constant coefficient PD
t ≤ H is considered. In addition,

the binary coefficient φt for surplus and deficit is considered equal to 1 and 0, respectively.

5. The Third Layer: Responsive Shopping Centers

The commercial consumer considered in this research is a collection of responsive
shopping centers, which are the components of the commercial aggregator. HVAC systems
are among the major consumers of electrical energy in the commercial sector, especially in
shopping centers. An HVAC system is a simple heating and cooling converter using water
or a direct expansion system as a cooling method. HVAC systems’ pumps transfer hot or
cold water to converters. Then, fans transfer the hot or cool air created in the converters to
the desired building. In this section, we examine an HVAC system as a major consumer
in a shopping center and model its main components mathematically. An HVAC system
consists of three main parts: (1) pumps, (2) a cooling tower, and (3) an electric chiller system.
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The attached pumps are of the VFD (Variable Frequency Drive) type in this model. Figure 4
shows an example of an HVAC system.

Sustainability 2023, 15, x FOR PEER REVIEW 14 of 32 
 

electric chiller system. The attached pumps are of the VFD (Variable Frequency Drive) 
type in this model. Figure 4 shows an example of an HVAC system. 

 
Figure 4. Heating, ventilation, and air-conditioning (HVAC) system. 

In this research, the HVAC system of the central building facilitates the flexibility of 
the power system as follows: 
• By using an electric energy storage system; 
• By shutting down chiller units to provide minimum cooling. 

The mathematical formulation of the HVAC system of the shopping center is defined 
as follows. 

Pt 
i =�Pt

i,c
I

i=1

 (54) 

Pt
i,c =�Pt,h

i,c
C

c=1

 (55) 

Pt,h 
i,c =�Pt,e

i,c
E

e=1

+�Pt,p
i,c

P

p=1

+�Pt,ct
i,c

Ct

ct=1

+�Pt,l
i,c

L

l=1

 (56) 

Pt,l
i,c=al+bl×Ωl+cl×Ω2 +dl×Ωl

3 (57) 

Pt,ct1
i,c = Pt,ct

i,c
×Θt,ct

i,c  (58) 

Pt,ct2
i,c = Pt,ct2

i,c
×ϖt,ct

i,c  (59) 

Pt,ct
i,c = Pt,ct2

i,c +Pt,ct1
i,c  (60) 

Pt,p
i,c = Pt,p

h,c
(υ)×ϖt,p

h,c(υ) (61) 

The commercial aggregator i includes shopping centers c = {1, 2, 3, … , C}. Shopping 
centers, denoted as C, include a set of HVAC systems H = {1, 2, 3, … , H}, and these HVAC 

Figure 4. Heating, ventilation, and air-conditioning (HVAC) system.

In this research, the HVAC system of the central building facilitates the flexibility of
the power system as follows:

• By using an electric energy storage system;
• By shutting down chiller units to provide minimum cooling.

The mathematical formulation of the HVAC system of the shopping center is defined
as follows.

Pi
t =

I

∑
i=1

Pi,c
t (54)

Pi,c
t =

C

∑
c=1

Pi,c
t,h (55)

Pi,c
t,h =

E

∑
e=1

Pi,c
t,e +

P

∑
p=1

Pi,c
t,p +

Ct

∑
ct=1

Pi,c
t,ct +

L

∑
l=1

Pi,c
t,l (56)

Pi,c
t,l= al+bl×Ωl+cl×Ω2+dl×Ωl

3 (57)

Pi,c
t,ct1 = Pi,c

t,ct×Θi,c
t,ct (58)

Pi,c
t,ct2 = P i,c

t,ct2 ×$
i,c
t,ct (59)

Pi,c
t,ct= Pi,c

t,ct2+Pi,c
t,ct1 (60)

Pi,c
t,p = Ph,c

t,p (υ)×$h,c
t,p (υ) (61)

The commercial aggregator i includes shopping centers c = {1, 2, 3, . . . , C}. Shop-
ping centers, denoted as C, include a set of HVAC systems H = {1, 2, 3, . . . , H}, and these
HVAC systems also consist of a set of chiller sub-systems l = {1, 2, 3, . . . , L}, pumps P = {1,
2, 3, . . . , P}, cooling towers CT = {1, 2, 3, . . . , Ct}, and an electrical energy storage system e
= {1,2,3, . . . , E}.

The parameter pi
t in Equation (54) denotes the total power consumption of shopping

center C. In Equation (55), Pi,c
t is the total power consumption of shopping center ventilation
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systems h = {1, 2, 3, . . . , H}. In Equation (56), Pi,c
t,h denotes the total power consumption

of the main parts of the ventilation system (chillers, pumps, cooling tower, and electrical
energy storage system). In Equation (57), taken from reference [38], Pi,c

t,l represents the
power consumption of the chiller system, which is proportional to the load cooling capacity
Ql. The regression coefficients (al, bl, cl, dl) constitute a function of load cooling capacity
and chiller consumed power. In Equation (58), Pi,c

t,ct1 is the consumed power of the cooling

tower and is a function of the rated power of the cooling tower pump Pi,c
t,ct and the air

flow rate Θi,c
t,ct. In Equation (59), Pi,c

t,ct2 represents the consumed power of the cooling tower,

which is a function of the rated power of the cooling tower fan Pi,c
t,ct2 and the water flow rate

$i,c
t,ct. Equation (60) provides the total power consumption of the cooling tower. In Equation

(61), Pi,c
t,p denotes the pumps’ power consumption, which is a function of the pumps’ rated

power consumption Ph,c
t,p (f) and the water flow rate $h,c

t,p (f), which are dependent on the
frequency of the motors.

Θi,c
t,ctmin ≤ Θi,c

t,ct ≤ Θi,c
t,ctmax (62)

$i,c
t,ctmin ≤ $i,c

t,ct ≤ $i,c
t,ctmax (63)

$h,c
t,pmin(υ) ≤ $h,c

t,p (υ) ≤ $h,c
t,pmin(υ) (64)

Pi,c
t,p(υ2)

Pi,c
t,p(υ1)

= (
υ2

υ1
)3 (65)

νlo ≤ ν ≤ νup (66)

L

∑
l=1

Ql(t)×Ul(t) ≥ CLt (67)

Ω =
(Q L)

(Q nL)
(68)

0.3 ≤ Ωl ≤ 1 (69)

Ul(t) = [0, 1] (70)

L

∑
l=1

Qn(l)× δ(t) = CLt (71)

Equation (62) shows the maximum and minimum bounds of the air flow rate from
the cooling tower. The maximum and minimum bounds of the water flow rate from the
cooling tower are given in Equation (63). Equation (64) states the maximum and minimum
bounds of the pumps’ water flow rate. Equation (65) describes the adjustable level of
power consumption based on the third power of the frequency. In addition, Equation (66)
expresses the upper and lower bounds of the set frequency. Finally, the cooling load
balance at time t is stated in Equation (67). The total cooling capacity provided by the
ventilation systems must be greater than the total cooling load of the system at time t.
CLt is determined according to the ventilation system’s temperature and rated capacity.
Equation (68) yields the chiller’s part load ratio (Ω). According to the manufacturer’s
recommendation, the lower limit of the chillers in operating mode should not be less than
30% (Equation (69)). Equation (70) shows the chillers’ binary coefficient for minimum
cooling, representing the on and off states as 1 and 0, respectively. Equation (71) denotes
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the total cooling load adjusted based on a coefficient of the nominal cooling capacity of the
chillers and proportional to the temperature and electricity prices.

- An Electric Energy Storage System

soci(t)= soci(t− 1)+pch(t)ξst
ch −

pdch(t)

ξst
dch

(72)

soci(t) = soci(T) (73)

soci,min(t) ≤ soci(t) ≤ soci,max(t) (74)

0 ≤ pch(t) ≤ ϑch ×∅×soci,max(t) (75)

0 ≤ pdch(t) ≤ ϑdch ×∅×soci,max(t) (76)

ϑch + ϑdch ≤ 1 (77)

For each HVAC system, an electric storage system’s charging and discharging states
are considered to respond during an accident or when the electricity market price increases.
soc(t) is the state of charge at time t. In addition, ξst

ch and ξst
dch represent the charge and

discharge efficiency, respectively. pch(t) and pdch(t) represent the charge and discharge
power, respectively. The parameters soc(t)max and soc(t)min reflect the minimum and
maximum capacity of the ESS. In Equation (72), the parameter soc(t) is determined every
hour by considering the ESS’s charging and discharging values. According to Equation (73),
the value of soc(t) must be equivalent at the beginning and end of the process. Value of
soc(t) is bounded under its limit in Equation (74). The amount of charge or discharge is
limited to the maximum capacity of the ESS in (75) and (76). According to Equation (77),
the discharging and charging of the storage system cannot occur simultaneously.

The flow of information between different participants is depicted in Figure 5. By
collecting the abovementioned information, the CDRA determines the optimized operation
for the contracted industries during the next 24 h. The coordination mechanism between the
CDRA and the commercial agent is described sequentially in Figure 6 to clarify the problem.
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6. The Operating Mechanism of The Suggested Model for The Commercial Aggregator

The steps of the operational optimization method of the commercial DRA based on
the suggested IGDT method are shown in Figure 6. In the first step, the commercial
aggregator’s power is determined using shopping center data and is proportional to both
the cooling capacity (according to Equations (54) to (71)) and the storage power (according
to Equations (72) to (77)). In the next step, the final cost fb of the aggregators is calculated
using the predicted inputs

[
ň

D
t , ň

B+
t , ň

B−
t

]
and the values obtained from the previous step.

Then, the critical cost of the aggregators ∆ is calculated using fb and σ. As explained earlier,
∆ is equivalent to the highest possible cost for the DRA. The output of the prior step is used
to implement IGDT-based scheduling in the day-ahead energy market while considering
all uncertainties.

7. Simulations and Discussion

This paper’s study horizon is a single day (24 h). The suggested approach is imple-
mented during this period to supply the responsive consumers on one side and provide
power flexibility to the power system on the other side.

7.1. Case Study and Problem Data

The commercial DR aggregator includes two shopping centers, each with an HVAC
system. These HVAC systems are multi-chiller systems and are considered major electricity
consumers in these shopping centers. The HVAC systems include six chillers (two sets of
chillers with a nominal cooling capacity of RT550 and four sets of chillers with a nominal
cooling capacity of RT1000), two primary and secondary pumps with the ability to change
their speed, and a cooling tower system. The cooling capacity for each RT is 13,910 KJ/h.
The air-conditioning system works in two (ON or OFF) functional modes (depending on
whether it is day or night) and has a minimum cooling capacity. Table 1 shows the ON/OFF
performance curve coefficients for chillers 1 to 6.
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Table 1. Curve coefficients of chillers’ performance [43].

Chiller a b c d

chiller1 1.249 × 10−9 1.3707 × 10−8 0.1961 65.7772

chiller2 −2.628 × 10−8 1.139 × 10−4 0.0449 128.7969

chiller3 −7.599 × 10−9 4.13921 × 10−5 0.1418 68.2033

chiller4 −1.467 × 10−9 1.87115 × 10−5 0.1181 107.7250

chiller5 −2.660 × 10−8 0.000228205 −0.4555 623.2087

chiller6 −1.141 × 10−8 6.87455 × 10−5 0.0851 101.5365

Table 2 shows the nominal cooling capacity of chillers 1–6 in the air-conditioning
systems of the studied shopping centers. The nominal cooling capacity for chillers 1 and 2
and 1 to 4 are RT550 and RT1000, respectively (according to Tables 2–4).

Table 2. The nominal cooling capacity of chillers.

Chiller Number Chiller1 Chiller2 Chiller3 Chiller4 Chiller5 Chiller6

nominal cooling
capacity (RT) 1000 1000 1000 1000 550 550

Table 3. Specifications of electric storage system.

ESS soc(t)max soc(t)min ηst
ch ηst

dch

value 400 100 0.95 0.9

Table 4. The upper and lower bounds of variables and parameters of the uncertainty model.

Parameter B+up
t /B−up

t B+lo
t /B−lo

t σ

value 50,000 0 0–0.7

The water flow output rate ranges from 50 to 500 cubic meters per hour. As the cooling
towers are equipped with air fans, the level of power consumption is proportional to the
rate of air input and output, which varies between 60 and 600 cubic meters per hour. The
technical specifications of the energy storage systems (ESSs) of the shopping centers are
presented in Table 3. The bounds of the charging mode, charging, and discharging rates of
the ESSs considered in this research are presented in Table 3.

The maximum and minimum bounds of the variables and parameters of the IGDT
uncertainty model are presented in Table 4. In addition, B+up

t and B+lo
t are the maximum

and minimum bounds of the aggregator’s profit when surplus conditions occur. B−up
t and

B−lo
t are the upper and lower bounds of the aggregator’s profit, respectively, when deficit

conditions occur. The profit deviation coefficient σ indicates the risk aversion level of the
aggregator. The higher the value of σ, the more risk-averse the aggregator.

This research considers the market price in the day-ahead electricity and balancing
markets as uncertainty variables. The IGDT robust scheduling model considers the average
or predicted values of the uncertainty variables. Therefore, as shown in Figure 7, the
average day-ahead values were extracted from the New York electricity market [44] for a
24 h period. In this article, the New York electricity market was considered an exemplary
electricity market due to the increasing penetration of renewable sources and because of
its well-known and comprehensive nature. The surplus and deficit balancing electricity
market prices are considered 0.9 and 1.1 of the day-ahead price, respectively. Under the
deficit of the network, the balancing market price is higher than the day-ahead market price.
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Figure 7. Average day-ahead electricity market price.

The total cooling load required by the shopping centers is adjusted based on the
multiple of δ(t) according to the temperature and electricity price in the suggested model,
and the nominal cooling capacity of the chillers is obtained. δ(t) is a number between zero
and one. This parameter is closer to 1 during peak hours when the temperature of the
shopping centers is high. The considered values for δ(t) are shown in Figure 8 for different
hours of the day. As shown, the hourly value of this parameter is between zero and one.
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Figure 8. Cooling load capacity coefficient δ(t).

7.2. Analysis of Simulation Results

In this section, we apply our model, developed in the GAMS 24.1.2 software envi-
ronment, to a commercial, responsive aggregator to determine its effectiveness and the
efficiency of uncertainty modeling based on IGDT. The presented problem is processed
using an integer nonlinear programming (MINLP) model implemented using the DICOPT
solver for optimization in the GAMS software environment. The simulation process was
executed on a PC with 4 GB of RAM and a 2 GHz processor.

In shopping centers, responsive HVAC systems must provide the minimum cooling
capacity necessary for the comfort of owners and users. They should also respond to
the operational plans applied by the aggregator according to the electricity market price.
Accordingly, the minimum cooling load required for the shopping centers is shown in
Figure 9. As shown in the figure, the maximum cooling load of the shopping centers
occurs between 12–16 h. The HVAC systems of the shopping centers should provide this
cooling load such that the DR schedule is realized. Since HVAC systems are considered
multi-chiller systems, the chillers of the HVAC system work according to their power
consumption in on and off schedules.
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Figure 9. The total cooling capacity of the shopping center.

Figure 10 shows the cooling load ratio of the chillers to the nominal part load ratio
(PLR). The figure shows that the PLR coefficient for the working chillers varies between 0.3
and 1.
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Figure 10. PLR value for working chillers over 24 h.

Table 5 shows the results of the application of the HVAC system schedule over a 24 h
period. According to the minimum cooling load of the shopping centers and the price
of electricity, the chillers are programmed to provide minimum cooling and implement
DR scheduling in the form of on and off modes. In Table 5, the numbers 1 and 0 indicate
whether the chillers are on or off, respectively. According to Table 5, at time 1, chillers 4, 1,
and 6 are turned off according to their cooling capacity, and chillers 3, 2, and 5 are turned
on so that the required cooling capacity is met at time 1, as shown in Figure 10.

Additionally, based on the hourly DR schedule, the most optimal and least expensive
chiller is turned on according to its regression coefficients and cooling capacity. The last
column shows the power consumption of the HVAC systems’ chillers. The maximum
power is consumed from 12–16.

According to the data presented in Table 5, the power consumption of the HVAC
system over 24 h is shown in Figure 11.

Figure 12 shows the cooling capacity of the chillers. As shown, the brown line repre-
sents the minimum cooling load required for shopping centers, which must be provided
by the HVAC systems’ chillers so that the HVAC system consumes the minimum amount
of power.
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Table 5. Schedule of turning chillers off and on.

hour Chiller1 Chiller2 Chiller3 Chiller4 Chiller5 Chiller6 (MWH)

1 0 1 1 0 1 0 1078.696

2 1 1 1 0 1 0 1037.604

3 0 0 1 0 1 0 800.2

4 0 0 0 0 1 1 800.2

5 0 1 0 0 1 1 1078.696

6 0 0 1 0 1 1 1062.392

7 0 1 1 0 1 1 1327.317

8 1 0 1 0 1 1 1322.781

9 1 1 1 0 1 1 1595.656

10 1 1 1 1 1 1 1884.176

11 1 1 1 1 1 1 1884.176

12 1 1 1 1 1 1 2279.53
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Figure 11. Power consumed by the HVAC system.

Figure 13 shows the price of the day-ahead electricity market and the balancing market,
for which the uncertainty in the deviation coefficient of σ = 0.05 is considered. For a given
uncertainty horizon, achieving the worst possible scenario, i.e., the maximum cost, is
possible only if the day-ahead market price and the imbalance price are equal to their
maximum value. As shown in Figure 13, the day-ahead electricity market and balancing
market prices are obtained as uncertainty parameters in the worst possible scenario in the
IGDT model. This figure shows the process of changing the values of these variables in the
direction of robust optimization in the worst scenario. Based on these figures, the market
price in the power deficit state has decreased after optimization (a decrease in the radius
(1− α)), but the price of the day-ahead market and the surplus market has increased (an
increase in the radius (1 + α)).

In the surplus condition of the network, the ESSs of the shopping centers are charged.
Subsequently, in deficit conditions, the ESS load is discharged to compensate for the deficit
in the network. By participating in the electricity market, the ESSs help balance the energy
supply and demand, thus preventing energy shortages. Figure 14 shows the process of
charging the electric energy storage device connected to the HVAC systems under surplus
conditions of the network. As shown in the figure, the electric energy storage system is
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charged at hours 24, 19, 18, 16, 12, 4, and 3 when the network is under surplus conditions
and the price of electricity is decreased.
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Figure 12. Cooling capacity provided by chillers.
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Figure 13. Day-ahead electricity market price and balancing market price while considering the
uncertainty in the deviation coefficient σ = 0.05.

Figure 15 shows the optimal performance of the electric energy storage system for
participation in the equilibrium market under deficit conditions. According to Figure 15,
at hours 21, 20, 13, 11, 10, and 1, the ESS’s power is provided to the network when the
network is in a deficit state and the price of electricity increases.

The power supplied by the commercial aggregator in the balancing electricity market
under surplus and deficit conditions is shown in Figure 16. According to Figure 16, the
stored power is sold in the electricity market under deficit conditions. In the case of excess
supply, the stored charge is purchased from the electricity market.
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Figure 14. The process of charging the energy storage system in surplus conditions.
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Figure 15. The process of discharging the energy storage system under deficit conditions.
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Figure 17 shows the power purchased by the CDRA in the electricity market. The
HVAC systems’ chillers participate in the DR scheduling of commercial aggregators ac-
cording to the minimum cooling load they must provide for shopping centers to satisfy
the users and owners. Chillers can be turned off or on to respond to the DR schedule.
In different situations of deficit or surplus, the ESS balances the network via successive
charging and discharging. As shown in the figure, at hours 21, 20, 13, 11, 10, and 1, the
deficit has been compensated by the energy storage system. In the same way, at hours 24,
19, 18, 16, 12, 4, and 3, the surplus production has charged the energy storage system.
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Figure 17. Power provided by CDRA.

Figure 18 compares the CDRA profiles between two modes: (1) a responsive system
and (2) a non-responsive system (conventional). A responsive system refers to our sug-
gested approach: the use of an electric storage system and chillers that can be turned on
and off. On the other hand, the traditional model contains conventional systems without
an electric storage system and chillers that can be turned on and off. As shown in the plot,
when the temperature rises, the traditional HVAC system consumes the required electricity
regardless of the consumption power of the chillers. Consumption increases again in the
midday hours, i.e., at the peak of heat. The demand profile of the prevalent system follows
the temperature rise pattern regardless of the electricity price. In such a system, there
is no flexibility in terms of demand. Unlike the previous case, the suggested responsive
aggregator can match the dynamic electricity market and achieve demand flexibility ac-
cording to the electricity price. The numerical results show that the commercial aggregator
can reduce power consumption by 18% by participating in DR scheduling compared to
non-participation.

Table 6 displays the outcomes of the IGDT variables. The deviation coefficient (σ) is
defined to model the highest cost of the DRA, as demonstrated in the problem formulation
section. Different deviation coefficient (σ) values are displayed in the first column, ranging
from 0.00 to 0.09 with 0.01-point increments. Since the cost of executing the suggested
approach (the robust cost) is greater than the aggregator’s total revenue for values greater
than 0.09, the robust ideal value of IGDT is unsatisfactory. The critical cost is equal to USD
441,710 for the deviation coefficient σ = 0.02, and the definite cost determined from the
IGDT certain model was determined to be (1− 0.2) fb = USD 396, 620. Table 6 shows that
a given deviation coefficient’s critical cost can only be realized if the participants’ errors in
the power market are less than 0.081. Additionally, the DRA tends to transform into a risk-
free actor when the deviation coefficient is close to zero. For instance, the crucial cost for
σ = 0.01 is around USD 400,660, which is quite close to the cost of the risk-free aggregator.
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Figure 18. Comparison of power consumption between responsive and non-responsive aggrega-
tor modes.

Table 6. Optimal robustness function value and schedule.

(σ) Critical Cost (USD) Robust Optimal Value (α)

0.00 404,710 0.103

0.01 400,660 0.092

0.02 398,640 0.081

0.03 392,570 0.070

0.04 388,520 0.059

0.05 384,470 0.048

0.06 380,430 0.037

0.07 376,380 0.026

0.08 372,330 0.015

0.085 370,310 0.009

0.090 368,290 0.004

Higher values facilitate the creation of a more reliable self-scheduling strategy for
the deviation coefficient (σ), and the calculated critical cost applies to a larger range of
uncertain variables. In light of the maximum tolerable cost, an aggregator can modify the
robustness level of the suggested method. One of the main benefits of the proposed strategy
is that it requires less information compared to previous non-deterministic techniques such
as stochastic programming, fuzzy optimization, and resilient optimization. Consequently,
it is easy to adopt the suggested IGDT-based method. After employing the suggested
strategy, σ performs the function of an adjustment operator. Depending on its preferences,
the aggregator can be adjusted to obtain the optimal trade-off between the allowable
uncertainty range and the crucial cost. The best resilient function (α) against various
important costs is depicted in Figure 19. The value of the ideal robust function (α) increases
linearly as the critical cost increases, as depicted in the image. When the aggregator
anticipates a lower cost, the optimal robust function’s lower values (α) are reached. The
worst-case scenario is the set of values for the day-ahead market prices, that is, the positive
and negative equilibrium prices, which are the highest and lowest, respectively. Aggregator
expenses are decreased due to the scheduler implementing the IGDT robust function. It
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should be noted that there are no errors in the projected uncertain parameters. Therefore,
the resulting unknown parameters are close to the anticipated values. In this case, the cost
acquired from the risk-free aggregator is higher than that from the risk-averse aggregator if
the IGDT robust model is used.
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Figure 19. Robust optimal function versus critical cost.

Rugged cost is the distinction between the risk-free aggregator cost and the risk-averse
aggregator cost (RC). Figure 20 displays the robust cost for various robust function (α)
values. As shown in the figure, the decrease in α leads to an increase in the robust cost.
Self-scheduling incurs more expenses and raises the aggregator’s cost as they approach the
projected levels.
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Figure 20. Robust cost versus robust optimal function.

The robust self-scheduling function based on IGDT is a two-level problem because
the maximum required cost (at the lower level) depends on the uncertainty interval. The
minimum conceivable value for the uncertainty horizon (α) equals 0.004. In addition,
the predetermined cost ∆ is equal to USD 368,290 dollars. ∆ is the critical cost, which is
considered a percentage of the fixed cost, i.e., Fb. Fb is determined based on solving the
deterministic problem described in the previous sections, whose solution is USD 404,710.
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The objective function shown is robust and represents the worst-case scenario. Figure 21
shows the optimal scheduled day-ahead power for σ = 0.05 and α = 0.048. In this case, the
certain and critical costs are equal to USD 404,710 and USD 384,470, respectively.
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Figure 21. Optimal scheduled power with σ = 0.05.

Table 7 shows the surplus and deficit conditions for σ = 0.05 and α = 0.048. As shown
in the table, after implementing the demand response scheduling for the commercial aggre-
gator, for which uncertainty and optimization based on the IGDT model were accounted
for, surplus conditions have occurred at hours 21, 20, 19, 11, 10, 4, and 3. In addition, deficit
conditions occurred for the remaining hours of the day. It should be noted that βt is a
binary number and indicates surplus and deficit states. This parameter equals 1 and 0 for
surplus and deficit conditions, respectively.

Table 7. Surplus and deficit (shortage) conditions for σ = 0.05 and α = 0.048.

hour βt Condition

1 0 Shortage
2 0 Shortage
3 1 Surplus
4 1 Surplus
5 0 Shortage
6 0 Shortage
7 0 Shortage
8 0 Shortage
9 0 Shortage
10 1 Surplus
11 1 Surplus
12 0 Shortage
13 0 Shortage
14 0 Shortage
15 0 Shortage
16 0 Shortage
17 0 Shortage
18 0 Shortage
19 1 Surplus
20 1 Surplus
21 1 Surplus
22 0 Shortage
23 0 Shortage
24 0 Shortage
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8. Conclusions

This study addressed the flexibility potentials of the commercial demand sector, consid-
ering electricity markets with highly penetrable renewable power. A responsive shopping
center system was mathematically modeled. In addition, a non-profit organization known
as a CDRA was suggested to facilitate the integration of shopping centers’ flexibility into
the electricity market. A three-layer framework was proposed to incorporate shopping
centers’ flexibility in a hierarchical DR scheduling program from 24 h ahead until near real-
time under severe uncertainty. A short-term self-scheduling model based on IGDT for DR
aggregators was developed, which considers market price uncertainty when creating DR
schedules. In the self-scheduling approach, the day-ahead and balancing markets, which
are the most active, were also adequately considered. The IGDT-based robust function is
designed to ensure the highest predetermined critical cost. The simulation results indicate
that a significant amount of the required energy is purchased from the day-ahead market
during periods with low electricity costs. The balancing market enables the CDRA to
incorporate the predictability of renewable electricity generation into its trading strategies.

The CDRA utilizes the electrical storage system to balance a power system when there
is excess electricity or a shortfall in the electricity market. Finally, the balancing market
offers real-time high or low-regulation supply conditions for the power system. According
to a comparison of electricity usage between the traditional and responsive systems, the
responsive system can provide demand flexibility to the power system at up to 18% of the
nominal electricity consumption level. The integration of commercial flexibility with the
electricity system was the main focus of this study, and it has been regarded as a significant
challenge for energy policymakers. Further research is needed in this area.
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Nomenclature

A. Index and sets
t Index of time t
i Index of CDRAs
c Index of the shopping center
h Index of HVAC system
B. Parameters
ň

D
t Expected day-ahead market price (USD/MWh)

ň
B−
t / ň

B+
t Deficit (excess) imbalance prices (USD/MWh)

Cr Critical cost (USD)
σ Cost deviation coefficient
∆ The minimum cost obtained from the deterministic state (USD)
al, bl, cl, dl, The regression coefficient of chillers
P i,c

t,ct Rated power of the cooling tower pump (MW)
Θi,c

t,ct Air flow rate of the cooling tower fan
$i,c

t,ct Water flow rate of cooling tower pumps
P h,c

t,p (υ) Rated power of water circulation pump (MW)
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$h,c
t,p (υ) Water flow rate of water circulation pumps (m3/h)

Θi,c
t,ctmax Maximum air flow rate of the cooling tower fan (m3/h)

Θi,c
t,ctmin The minimum air flow rate of the cooling tower fan (m3/h)

$i,c
t,ctmin The minimum water flow rate of cooling tower pumps (m3/h)

$i,c
t,ctmax Maximum water flow rate of cooling tower pumps (m3/h)

$h,c
t,pmin(υ) Maximum water flow rate of water circulation pumps (m3/h)

$h,c
t,pmin(υ) Minimum water flow rate of water circulation pumps (m3/h)

H A sufficiently large constant
∆+

t /∆−t The maximum cost of the aggregator under deficit (excess) conditions (USD)
ξst

dch, ξst
ch Charging/discharging efficiency of ESS

Qn(l) Chiller’s nominal cooling capacity (RT)
δ(t) Total cooling capacity determination factor
C. Variables
PD

t Power trade with day-ahead energy market at time t (MWh).
PB−

t /PB+
t Power trade in the electricity market with negative (positive) balance (KW)

Pi,c
t,pd Discharge power of ESS (KW)

Pi,c
t,pc Charging power of ESS (KW)
α The optimal robustness function value
α The horizon of the uncertain parameter
ňD

t Day-ahead market price (USD/MWh)
ňB−

t /ňB+
t Deficit (Excess) imbalance price (USD/MWh)

φt A binary variable that determines imbalance conditions
Pi,c

t Power consumption of the shopping center (MW)
Pi,c

t,h Power consumption of the HVAC system (MW)
Pi,c

t,p Power consumption of pumps (MW)
Pi,c

t,ct Power consumption of the cooling tower (MW)
Pi,c

t,l Chiller power consumption (MW)
Ω The ratio between the cooling capacity of chiller L to the nominal capacity of chiller L
Ul(t) A binary variable indicating whether the chiller is on or off
CLt The total cooling capacity of the mall (RT)
Ql(t) Chiller’s cooling capacity (RT)
soc(t) State of charge (SOC) (kWh)
pch(t), pdch(t) Charging/discharging power of the ESS (kW)
ϑch/ϑdch. Binary variable indicating the state of charging/discharging
D. Acronyms
ADRA Agricultural Demand Response Aggregator
CDRA mmercial Demand Response Aggregator
IDRA Industrial Demand Response Aggregator
RDRA Residential Demand Response Aggregator
DRA Demand Response Aggregator
ESS Energy Storage System
MAS Multi-agent System
DR Demand Response
HVAC Heating, Ventilation, and Air Conditioning
IGDT Information-Gap Decision Theory

References
1. Pinson, P.; Mitridati, L.; Ordoudis, C.; Ostergaard, J. Towards fully renewable energy systems: Experience and trends in Denmark.

CSEE J. Power Energy Syst. 2017, 3, 26–35. [CrossRef]
2. Tan, J.; Zhang, Y. Coordinated control strategy of a battery energy storage system to support a wind power plant providing

multi-timescale frequency ancillary services. IEEE Trans. Sustain. Energy 2017, 8, 1140–1153. [CrossRef]
3. Dawn, S.; Tiwari, P.K.; Goswami, A.K. Efficient approach for establishing the economic and operating reliability via optimal

coordination of wind–PSH–solar-storage hybrid plant in highly uncertain double auction competitive power market. IET Renew.
Power Gener. 2018, 12, 1189–1202. [CrossRef]

http://doi.org/10.17775/CSEEJPES.2017.0005
http://doi.org/10.1109/TSTE.2017.2663334
http://doi.org/10.1049/iet-rpg.2016.0897


Sustainability 2023, 15, 6243 30 of 31

4. Al-Sumaiti, A.S.; Salama, M.; El-Moursi, M. Enabling electricity access in developing countries: A probabilistic weather driven
house based approach. Appl. Energy 2017, 191, 531–548. [CrossRef]

5. Al-Sumaiti, A.S.; Salama, M.; El-Moursi, M.; Alsumaiti, T.S.; Marzband, M. Enabling electricity access: Revisiting load models for
AC-grid operation—Part I. IET Gener. Transm. Distrib. 2019, 13, 2563–2571. [CrossRef]

6. Golmohamadi, H.; Keypour, R.; Hassanpour, A.; Davoudi, M. Optimization of green energy portfolio in retail market using stochastic
programming. In Proceedings of the North American Power Symposium (NAPS), Charlotte, NC, USA, 4–6 October 2015.

7. Golmohamadi, H. Demand-Side Flexibility in Power Systems: A Survey of Residential, Industrial, Commercial, and Agricultural
Sectors. Sustainability 2022, 14, 7916. [CrossRef]

8. Klaus, S.; Amalia, P.; Kenneth, B.K. Use of electric vehicles or hydrogen in the Danish transport sector. In Proceedings of the
International Conference on Energy, Environment and Climate Change, Shenzhen, China, 25–26 September 2015.

9. Golmohamadi, H.; Keypour, R.; Bak-Jensenb, B.; Pillaib, J.R. A multi-agent based optimization of residential and industrial
demand response aggregator. Electr.Power Energy Syst. 2019, 107, 472–485. [CrossRef]

10. Ghasemi, S.; Moshtagh, J. A novel codification and modified heuristic approaches for optimal reconfiguration of distribution
networks considering losses cost and cost benefit from voltage profile improvement. Appl. Soft Comput. 2014, 25, 360–368.
[CrossRef]

11. Doostizadeh, M.; Ghasemi, H. A day-ahead electricity pricing model based on smart metering and demand-side management.
Energy 2012, 46, 221–230. [CrossRef]

12. US Energy Information Administration. Annual Energy Outlook 2016 (DOE/EIA-0383). Available online: www.eia.gov/
outlooks/aeo/pdf/0383.pdf (accessed on 7 November 2019).

13. Kim, Y.J.; Wang, J. Power Hardware-in-the-Loop Simulation Study on Frequency Regulation through Direct Load Control of
Thermal and Electrical Energy Storage Resources. IEEE Trans. Smart Grid 2018, 9, 2786–2796. [CrossRef]

14. Kim, Y.; Norford, L.K. Optimal use of thermal energy storage resources in commercial buildings through price-based demand
response considering distribution network operation. Appl. Energy 2017, 193, 308–324. [CrossRef]

15. Vasudevan, J.; Swarup, K.S. Price based demand response strategy considering load priorities. In Proceedings of the IEEE 6th
International Conference on Power Systems (ICPS), New Delhi, India, 4–6 March 2016.

16. Yoon, A.Y.; Kang, H.K.; Moon, S.I. Optimal Price Based Demand Response of HVAC Systems in Commercial Buildings Considering
Peak Load Reduction. Energies 2020, 13, 862. [CrossRef]

17. Hanif, S.; Gooi, H.B.; Massier, T. Distributed Congestion Management of Distribution Grids under Robust Flexible Buildings
Operations. IEEE Trans. Power Syst. 2017, 32, 4600–4613. [CrossRef]

18. Tien, C.J.; Yang, C.Y.; Tsai, M.T.; Chung, C.Y. The Optimal Operation and Dispatch of Commerce Air-Conditioning System by
Considering Demand Response Strategies. Inventions 2022, 7, 69. [CrossRef]

19. Bragagnolo, S.N.; Schierloh, R.M.; Vega, J.R.; Vaschetti, J.C. Demand response strategy applied to planning the operation of an air
conditioning system. Application to a medical center. Build. Eng. 2022, 57, 104927. [CrossRef]

20. Wang, W.; Tian, G.; Sun, Q.Z.; Liu, H. A Control Framework to Enable a Commercial Building HVAC System for Energy and
Regulation Market Signal Tracking. IEEE Trans. Power Syst. 2023, 38, 290–301. [CrossRef]

21. Le, L.; Fang, J.; Ai, X.; Cui, S.; Wen, J. Aggregation and Scheduling of Multi-Chiller HVAC Systems in Continuous-Time Stochastic
Unit Commitment for Flexibility Enhancement. IEEE Trans. Smart Grid 2022. early access. [CrossRef]

22. Azuatalam, D.; Lee, W.L.; de Nijs, F.; Liebman, A. Reinforcement learning for whole-building HVAC control and demand
response. Energy AI 2020, 2, 100020. [CrossRef]
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