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Abstract: Using density functional theory and the Hubbard U method, we investigated the geometric
structure, electronic structure, and optical property of Al/Ga-codoped ZnO. A 3 ˆ 3 ˆ 3 ZnO supercell
was used to construct Al- and Ga-monodoped ZnO structures and Al/Ga-codoped ZnO (AGZO)
structures. All three structures showed n-type conduction, and the optical band gaps were larger than
that of pure ZnO. For a given impurity concentration, Ga impurities contribute more free carriers
than Al impurities in AGZO. However, the presence of Al impurities improves the transmittance.
These results can theoretically explain the factors that influence the electrical and optical properties.

Keywords: first-principles calculations; AGZO; electronic structure; optical properties

1. Introduction

ZnO is an abundant, nontoxic material with a wide band gap (3.37 eV) and is transparent in
visible light [1]. Recently, ZnO-based materials have been used in numerous photoelectric devices.
However, the resistivity of pure ZnO is of the order of 10´2 Ω¨ cm, which is considerably greater
than that of indium tin oxide (of the order of 10´4 Ω¨ cm). An effective method for improving the
electrical properties of ZnO is doping with impurities such as Al, Ga, In, Co, and Mn [2]. Among these
impurities, Al and Ga are the most widely used n-type dopants.

The Al dopant is easily oxidized during film growth because of its high reactivity, whereas the Ga
dopant is more stable and resists oxidation [3]. In particular, the ionic and covalent radii of Ga are 0.62
and 1.26 Å, respectively, which are close to those of Zn (0.74 and 1.31 Å) [4]. Doping Ga in Al-doped
ZnO (AZO) could reduce crystal deformation, resulting in higher crystallinity and enhanced electron
transport [5]. Therefore, numerous researchers have successfully fabricated Al/Ga-codoped ZnO
(AGZO) thin films and observed that these thin films show excellent electrical and optical properties [6].
Shin et al. [7] fabricated AGZO thin films with different Al/Ga concentrations by using pulsed laser
deposition. They showed that doping 1.5 at % Al/Ga in AGZO thin films resulted in the lowest
electrical resistivity of 2.18 ˆ 10´4 Ω¨ cm and a transmittance of 85%. Liu et al. [8] demonstrated that
AGZO thin films had superior electrical properties compared to AZO and Ga-doped ZnO (GZO)
thin films and that the lowest resistivity of AGZO thin films was 8.12 ˆ 10´4 Ω¨ cm. In addition,
AGZO thin films have a higher average transmittance than the other two thin films in the wavelength
range 300–1000 nm. Zhang et al. [9] observed that high Al or Ga doping concentrations reduced the
number of oxygen vacancies in ZnO, resulting in a lower carrier concentration and higher resistivity.
The theoretical calculations of AZO and GZO have been used to evaluate and explain the photoelectric
properties of AZO and GZO. Bazzani et al. [10] proposed an explanation to the degradation of the
optoelectronic properties of AZO at high Al doping concentration. The localized occupied states due
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to the presence of interstitial Al defects were flat bands, which act as traps for the optical transitions.
Gabás et al. [11] indicated the decrease in the AZO film resistivity with Al doping is because of the
filling of the Al impurity states, which pins the Fermi level just below the conduction band maximum.
Palacios et al. [12] used density functional theory, including a Hubbard correlation term to correct
the band gap problem, to study the resistivity of Al-doped ZnO with/without O vacancy structures.
Their results showed that the Al donor states in the conduction band hybridize with the O-2p states,
which decreases the resistivity of these structures. Our previous studies [13] have also adopted density
functional theory and the Hubbard U method to explain the potential reasons for the shift in electrical
and optical properties of Ga-doped ZnO structures under varying O flow rates.

As discussed, AGZO thin films obtained using various deposition tools have been widely studied
and show excellent photoelectric properties. However, to the best of our knowledge, there is no
theoretical report on the electronic structure and optical properties of AGZO. Theoretical calculations
can provide information on materials at the microscopic scale. In this study, we used first-principles
calculations to study the geometric structure, charge density, electronic structure, and optical properties
of AGZO. The purpose of this study was to evaluate the roles of Al and Ga dopants in the AGZO
structure. In terms of the design of doped structures, we constructed three structure (AZO, GZO,
AGZO) at the same doping concentration in a 3 ˆ 3 ˆ 3 ZnO supercell, in which two Zn atoms were
substituted with two dopant atoms. Therefore, the roles of Al and Ga atoms in the AGZO could be
observed through comparing AGZO with GZO and AZO, respectively. Our results showed that the Ga
atoms supply more free carriers than Al atoms in AGZO; the presence of Al increases the transmittance.

2. Calculation Models and Methods

We used a 3 ˆ 3 ˆ 3 ZnO supercell with 108 atoms, and evaluated its geometric structure, charge
density, electronic structure, and optical properties. In Figure 1, the red, gray, and orange spheres
represent O, Zn, and doping atoms, respectively. On the basis of calculated values of the formation
energy, Saniz et al. [14] found that the substitution of Al or Ga atoms at Zn sites yielded the most
stable structure of AZO or GZO. Therefore, this study considered only AGZO structures in which
Al/Ga atoms were substituted at Zn sites. To determine whether Al and Ga atoms tend to disperse or
cluster in the AGZO structures, we calculated the total energies at three distances between Al and Ga
atoms. The total energies of the far, medium, and near distances are ´114,648.9, ´114,648.893, and
´114,648.793 eV, respectively. The total energy of the far distance is lower than those of the medium
(0.007 eV) and near (0.107 eV) distances, indicating that the farthest distance corresponds to the lowest
energy and that Al and Ga atoms tend to disperse. An AGZO model was constructed by substituting
two Zn atoms (Sites 1 and 2 in Figure 1) with Al and Ga atoms. For comparison, two monodoped
models, one each of AZO and GZO, were also constructed, in which two Zn atoms (Sites 1 and 2)
were substituted with two Al or Ga atoms. The doping concentrations of these three models were
approximately 3.7 at %.
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In this study, all models were developed using the Cambridge Serial Total Energy Package [15].
Each model was structurally optimized before calculating its properties. Electron–ion interactions were
modeled using ultrasoft pseudopotentials in the Vanderbilt form [15]. The valence configurations of the
Zn, O, Al, and Ga atoms were 4s23d10, 2s22p4, 3s23p1, and 4s23d104p1, respectively. A Monkhorst–Pack
k-point grid of 3 ˆ 3 ˆ 2 was used [16], and a cutoff energy of 400 eV was considered for a plane wave.
The parameters of the cutoff energy, and the Monkhorst–Pack grid were determined according to
the convergence test. In the structural optimization process, the maximum displacement tolerance,
maximum stress, maximum force, and energy change were set at 0.001 Å, 0.05 GPa, 0.03 eV/Å, and
10´5 eV/atom, respectively. The convergence threshold for self-consistent iterations was set at 10´6 eV.
In our previous study [17], we adopted the density functional theory and the Hubbard U (DFT + U)
method to successfully avoid underestimating the band gap. This study also used the DFT + U method
to analyze the model properties [1].

3. Results and Discussion

3.1. Geometric Structure

Table 1 presents the lattice constants and average bond lengths after the structural optimization
process. The optimized crystal parameters of pure ZnO were a = b = 3.281 Å and c = 5.296 Å, which are
in accordance with experimental values of a = b = 3.250 Å and c = 5.207 Å [18]. For the AZO and GZO
models, the Zn–O bonds were slightly longer than those in the pure ZnO model, and the Al–O (1.810)
and Ga–O (1.907) bonds were shorter than the Zn–O bonds because Al3+ and Ga3+ ions with smaller
radii (0.535 and 0.62 Å) replaced Zn ions, which had a larger ionic radius of 0.74 Å [19]. For the AGZO
model, the Zn–O, Al–O, and Ga–O bond lengths did not show any apparent difference relative to the
monodoped AZO and GZO models, and the bond length order was Al–O < Ga–O < Zn–O. In addition,
the c-axis of the AZO model was the shortest among the c-axes of all three doped models. The ZnO
(002) plane related to the ZnO c-axis, whereas the X-ray diffraction patterns ZnO (002) shifted to a
higher or lower degree, which can be regarded as variations of the c-axis. In this study, when an Al
atom in the AZO model was replaced with a Ga atom, the length of the c-axis increased from 5.301 to
5.306 Å, which is consistent with experimental results [20].

Table 1. Optimized lattice constants and bond lengths of Al/Ga-doped ZnO.

Structure a (Å) c (Å) c/a
Bond Length (Å)

Zn–O Al–O Ga–O

Pure ZnO 3.281 5.296 1.614 2.002 – –
AZO 3.277 5.301 1.618 2.009 1.810 –
GZO 3.284 5.312 1.618 2.009 – 1.908

AGZO 3.281 5.306 1.617 2.009 1.811 1.907

3.2. Charge Density

Table 2 presents the average Mulliken atomic and bond populations of the Al/Ga-doped ZnO
models. Mulliken charges and bond populations are calculated in ONETEP according to Mulliken’s
formalism [21]. The calculated Mulliken population could explain the charge transfer and bond type
after bonding. A positive value for the atomic population indicates the degree of atoms losing an
electron, whereas a negative value reflects the amount of atoms gaining an electron. In addition, a bond
with a larger bond population has stronger covalent characteristics.

Figure 2 presents contour plots of the difference in charge density in the AGZO model. To present
the highest amount of atoms in the charge density difference, we chose the plane along the Z-axis in
the AGZO model. For the pure ZnO model, the average population values of the Zn and O atoms were
0.94 and ´0.94, suggesting that Zn atoms tend to lose electrons and O atoms tend to gain electrons.
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For the AZO and GZO models, the atomic populations of Al (1.61|e|) and Ga (1.37|e|) were larger
than that of Zn (0.94|e|) because the valence of Al and Ga is higher than that of Zn. The atomic
population of Al is larger than that of Ga, which should be the difference in electronegativity between
Al (1.61) and Ga (1.81) [19]. For the AGZO model, the atomic populations of Al and Ga atoms were
slightly smaller than those in the monodoped models, and the atomic population of Al was larger
than that of Ga. This is consistent with Figure 2, in which more electrons tend to remain on a Ga
atom (red color) compared to an Al atom. Furthermore, the bond populations of Al–O (0.498 |e|) and
Ga–O (0.473 |e|) were larger than that of Zn–O (0.385 |e|), implying that Al–O and Ga–O bonds have
stronger covalent characteristics than Zn–O has.

Table 2. Mulliken atomic and bond populations of Al/Ga-doped ZnO.

Structure Atomic Population (|e|) Bond Population

Zn O Al Ga Zn–O Al–O Ga–O

Pure ZnO 0.940 ´0.940 – – 0.400 – –
AZO 0.921 ´0.944 1.610 – 0.384 0.498 –
GZO 0.919 ´0.932 – 1.370 0.386 – 0.475

AGZO 0.920 ´0.938 1.600 1.360 0.385 0.498 0.473
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3.3. Electronic Structure

Figure 3 shows the calculated band structures for pure and various Al/Ga-doped ZnO models.
The Fermi level was set to zero and is represented by a dotted line. All the doped models (including the
monodoped and codoped models) showed n-type conduction and shallow donor states at the bottom
of the conduction band (CB), which is widely known as the Burstein–Moss effect [5]. Compared to
the pure ZnO model, the AZO and GZO models showed larger optical band gaps of 4.61 and 4.52 eV,
respectively. The optical band gap of the AZO model was larger than that of the GZO model, which is
consistent with experimental results [8]. The optical band gap of the AGZO model was also larger
than the band gap of the ZnO model [14], and its value was between those of the AZO and GZO
models. One of the factors that affect the electronic mobility is the effective mass, which is related to
the curvatures of the impurity band. Therefore, the band structures of Al/Ga-doped and codoped
ZnO show that the curvatures of the impurity band are similar, meaning that the mobility of AZO,
GZO, and AGZO are quite close.
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Figure 4 shows the density of states (DOS) for various Al/Ga-doped ZnO models. The CB mainly
consists of s and p orbitals of Zn, O, Al, and Ga atoms, and the donor states are contributed by the
s and p orbitals of the constituent Zn and O atoms and the Al-3s and Ga-4s states. To evaluate the
contribution of each dopant atom to the carrier concentration, the shallow donor states for all atoms
and each dopant were integrated. The calculated carrier concentrations are presented in Table 3.
The total carrier concentration of the GZO model (1.753 ˆ 1021 #/cm3) is higher than that of the
AZO model (1.733 ˆ 1021 #/cm3) for a given doping concentration. It can also be seen that Ga atoms
contribute more free carriers than Al atoms. Experimentally, similar results have been obtained in
other studies [8,22]. For the AGZO model, the carrier concentrations of Al, Ga, and all atoms are
8.557 ˆ 1018, 7.505 ˆ 1019, and 1.734 ˆ 1021 #/cm3, respectively. Therefore, it can be concluded that
Ga atoms contribute more free carriers than Al atoms in the monodoped and codoped models, which
benefit conductive ability. In other words, more free carriers participate in the electrical transport
process when Ga is incorporated in ZnO or AZO. It should be noted that the contribution of carrier
concentration from an Al dopant in the AGZO structure is less than that from an Al dopant in the
AZO structure; the contribution of carrier concentration from a Ga dopant in the AGZO structure is
more than that from a Ga dopant in the GZO structure. In addition, that the electronegativity of Al
is smaller than that of Ga is consistent with the calculated results of the atomic population (Al > Ga)
mentioned in Section 3.2. However, Al atoms contribute less free carriers than Ga atoms. In Table 2 or
Figure 2, the Al–O bonds have stronger covalent characteristics than does Ga–O. Therefore, this may
be because more electrons lost from Al atoms participated to form covalent bonds.
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Table 3. Calculated carrier concentration for Al/Ga-doped ZnO.

Carrier Concentration (#/cm3)

Structure PDOS-Al PDOS-Ga TDOS

AZO 1.779 ˆ 1019 – 1.733 ˆ 1021

GZO – 1.347 ˆ 1020 1.753 ˆ 1021

AGZO 8.557 ˆ 1018 7.505 ˆ 1019 1.734 ˆ 1021

3.4. Optical Properties

The optical properties can be described using the dielectric function. Figure 5 shows the imaginary
part ε2(ω) of the dielectric function and a magnified view of the Al/Ga-doped ZnO models. In this
study, the transmittance was calculated from the absorption coefficient, reflection coefficient, and film
thickness; the calculation has been explained in our previous paper [23]. We adopted polycrystalline
to analyze the optical properties; no directions must be specified because the electric field vectors are
adopted as a fully isotropic average. Moreover, the smearing is set at 0.2 eV in every model.
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Figure 5. Imaginary part of the dielectric function of Al/Ga-doped ZnO.

As shown in Figure 5, no absorption was observed for the pure ZnO model in the visible light
region because of the wide band gap of 3.29 eV. For the AZO, GZO, and AGZO models, the peaks
in the range from 0 to 2 eV were due primarily to the shallow donor state mentioned in Section 3.3.
The shallow donor state results in increased absorption in the long-wavelength range of the visible
light and infrared regions compared to the pure ZnO model. From the calculated band structure,
the optical band gaps of the AZO, GZO, and AGZO models were 4.61, 4.52, and 4.57 eV, respectively.
The large optical band gaps of these three doped models caused the blue shift of the absorption edge [7],
resulting in a decrease in absorption in the visible light and ultraviolet (UV) regions compared to the
pure ZnO model. In addition, the degree of blue shift (AZO > AGZO > GZO) followed the trend in the
optical band gap.

Table 4 shows the average transmittance in the visible light region (400–800 nm) and UV region
(200–400 nm). For the pure ZnO model, the transmittance was 88.4% in the visible light region and
64.9% in the UV region. For all doped models, the transmittances in both visible light and UV regions
were higher than that of the pure ZnO model. In the visible light and UV regions, the AZO model
showed the highest transmittance, followed by the AGZO and GZO models, in this order. Therefore,
Al dopants could play a role in improving transmittance in AGZO model.

Table 4. Average transmittance of Al/Ga-doped ZnO in the UV and visible light regions.

Structure 200–400 nm (%) 400–800 nm (%)

Pure 64.9 88.4
AZO 73.4 90.9
GZO 71.2 90.6

AGZO 72.8 90.8

4. Conclusions

This study used the DFT + U method to investigate the electronic structure and optical properties
of AGZO. The results showed that Al–O and Ga–O bonds were shorter than Zn–O bonds and showed
stronger covalent characteristics. Doping Al, Ga, or both these elements in ZnO resulted in this
compound exhibiting n-type conduction, larger band gap, and blue shift of the intrinsic absorption
edge. For identical concentrations of Ga and Al dopants, Ga atoms supply more free carriers than Al
atoms in AGZO; thus, the Ga atoms enhance the electrical conductivity. The average transmittance
of AZO in the visible light and UV regions were 90.9% and 73.4%, respectively. These values were
the highest among those of all the models constructed in this study. The presence of Al increases
the transmittance.
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