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Abstract: The accurate measurement and modeling of ferromagnetic material losses are vital issues
during the design and analysis of electrical machines. Higher loss values can describe the man-
ufactured rotor and stator machine plates better than the catalog data obtained by standardized
measurements using the Epstein frame. In this paper, different temperature-dependent models
based on the loss-separation principle are introduced and compared with the measurements. The
model parameters are computed from customized laboratory and standardized measurements. The
customized measurements based on the stator part of an induction machine in the range of the
automotive industry standard, i.e., in [−40 ◦C, · · · , 180 ◦C]. The proposed model and measurement
process can be used in the post-processing stage of numerical field analysis to obtain electromagnetic
losses according to the agreement between measured and simulated results. During a numerically
expensive optimization process, this model can be used to consider the temperature dependence of
the losses more accurately. The study shows that more than 50% of loss increase can be measured,
compared with the catalog data, if we use the manufactured, stator-based, customized measurements
based on the estimation of the iron loss parameters.
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1. Introduction

Electrical machines are critical components of e-mobility applications, for which the
ferromagnetic cores are one of the primary sources of losses. Reducing the core losses and
increasing the power density of the machines is one of the main goals during the design
process. A novel trend in electrical machine manufacturing is to create a robust design that
will be insensitive to manufacturing intolerances [1–3]. The robust design optimization
procedure is numerically expensive, where the consideration of the tolerances on the main
parameters of the machine significantly increases the number of calculated design cases.
Moreover, the effect of small changes in the optimized parameters needs accurate numerical
predictions and considerably more numerical calculations [4,5].

In ferromagnetic materials, the magnetic loss is based on Joule heating, which is
generated by the motion of the magnetic domain walls [6,7]. Nowadays, most of the
electrical machine design process contains finite element calculations. The most advanced
calculation of the ferromagnetic losses can be made by those finite-element-based tools
that use integrated mathematical hysteresis models (Preisach or Jiles–Atherton models),
to directly estimate iron losses [8–12]. Despite the high accuracy of these methods, their
applicability for example, in the conceptual design optimization phase, is limited due to
their high numerical cost. Moreover, these methods need a relatively high knowledge of
the applied material, and the exact shape of the B–H hysteresis loop, which usually needs
measurement and can be affected by many factors [6]. These data are usually not available
at the early design stage, when not only the geometric data but many other quantitative
data are missing from the applied materials [13].
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Most of the FEM tools use post-processing-based techniques to calculate the losses.
These techniques contain measurement-based formulas, which approximate the loss as a
polynomial function of the magnetic flux density. Many FEM tools use the loss separation
model, which is based on the Steinmetz equation [14–17]:

P = C f αBβ, (1)

where P denotes the approximated losses, the frequency is denoted by f , and B means the
amplitude of the magnetic flux density. The C, α, and β are model parameters that can be
determined from the measured data. These model parameters should be calculated for
every considered frequency harmonics separately. This model assumes that the excitation
has a pure sinusoidal magnetic flux density waveform. During a FEM-based calculation, the
time-dependent magnetic flux density values should be considered for every finite element.
The losses are calculated element-wise by post-processing these time-dependent magnetic
flux densities using Equation (1). This is a very easily applicable methodology, which can
give accurate results when the magnetomotive force is sinusoidal. However, this condition
is not fit for most modern electrical machine topologies and drive systems [1,5,15].

Jordan modified and extended the Steinmetz equation (Equation (1)) to improve its
accuracy, with the consideration of the eddy current losses generated in laminated steel
sheets [18]. This model assumes that different physical processes generate losses. It assumes
that the sum of a static magnetic hysteresis and the eddy current loss of the laminations
can calculate the losses:

P = Physt + Pec = Ch f B2 + Ce f 2B2. (2)

Here, the first term represents the hysteresis losses (Physt), and the second term consid-
ers the newly introduced eddy current losses (Pec). The model contains two parameters
that must be fitted into measured loss data. These are Ch and Ce. These iron-loss separation
models assume that the hysteresis losses are proportional to the time-dependent magnetic
flux density. This assumption is a weakness of this approach because the value of the
hysteresis loss is not zero after a magnetization process at zero flux density. It can be
seen that, in these cases, hysteresis-loss-approximation-based formulae generally over- or
underestimates the momentary value of this term. Bramerdorfer proposed an improve-
ment, a radial basis function-based nonlinear modeling technique, which uses the magnetic
flux and its first-time derivative to consider the previous state of magnetization for the
hysteresis loss estimation [15]. The eddy current loss term can be derived from Maxwell’s
equations, and it can be written in the following form:

Pec =
σd2

12ρ

(
dB(t)

dt

)2

, (3)

where B(t) is the time-dependent value of the magnetic flux density, d is the thickness of the
steel sheet, ρ represents its specific mass, and the σ represents the specific conductivity of
the steel sheet. The Jordan model (Equation (2)) works well on a wide variety of nickel–iron
alloys [6,7]. However, it is not accurate in the case of SiFE alloys, where a significant amount
of excess loss was generated. These additional losses are usually described by a third term:

P = Ch f Bn + Ce f 2B2 + Ca f 1.5B1.5, (4)

where the last term represents these additional excess losses. Bertotti introduced a statistic-
based measure and a theory to calculate these excess losses [19]. He interpreted this excess
loss factor (Ca) with the grain size of the magnetic domains and their wall motion:

Ca =
√

SV0σG, (5)
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where σ is the electric conductivity, S is the cross-sectional area of the lamination, V0 takes
the grain size and the local forces into account, and G is a material constant whose value is
about 0.136 [7,20].

However, rotational losses affect iron losses in electrical machines. Many papers
consider how these losses can be considered with the modified version of this formula
(Equation (4)) [21–23]. The cutting and punching processes of the iron sheets significantly
influence the material properties and create inhomogeneous stress in a narrow region of
the core material. The thickness of this region is estimated using electron microscopy, and
it is around 100–150 µm, where the magnetic properties change significantly. Moreover,
stacking and welding the iron sheets during machine core assembly also increases iron
loss. All of these manufacturing processes increase iron loss, which must be considered
in modeling and design [6,7,24]. This most commonly used iron-loss separation model
(Equation (4)), or its modifications, is integrated into many commercial FEM tools. These
tools usually use additional steps during the processing. For example, they use different
frequency separation approaches to determine the losses. Nevertheless, these tools allow
the users to define these material parameters for loss separation models using Equation (4).

There are two possible ways to calculate these model parameters. First, we can use the
technical datasheet of the electrical steel, typically obtained by using a standard Epstein
frame, and provide some maximum guaranteed values and typical average values of
magnetic properties [6,7,16,17]. The main problem with iron loss measurement is that
the catalog data can only partially estimate iron losses. The factory and standardized
measurements are taken with a standard Epstein frame on relatively large lamination
sheets with regular shapes cut from a stack of plates produced by rolling, regardless of the
use of iron plates.

By contrast, stator elements usually contain many slots that are cut from iron plates.
The impact of mechanical influences (e.g., cutting, joining) all modify the ferromagnetic ma-
terial’s hysteresis characteristics and significantly affect the losses. Therefore, customized
laboratory measurements will undoubtedly result in higher and more accurate loss calcula-
tions than standardized measurement-based calculations. Different methods can be used
for these customized laboratory measurements; it can be used as an Epstein frame [16,17,25]
or a toroidal-shaped core transformer [26], which can accurately take these extra losses into
account during the design process.

The previously proposed models have their best performance at a constant temper-
ature. Some recent research examined the temperature dependence of these iron loss
parameters. The first group of the temperature-dependent iron-loss separation models
assumed that the temperature affects the eddy current of the iron-loss model due to the
temperature dependency of the electric resistivity [27]. In [22,28], the authors examined
the temperature dependence of non-oriented silicon steel laminations till 100 °C. Their
model assumed that the magnetic permeability of the examined steel depends on the
temperature. Therefore, not only the eddy currents but also the hysteresis losses change
by the temperature. The authors showed that both the hysteresis and eddy current losses
change linearly as a function of the temperature.

This paper proposes a novel measurement setup that can examine the temperature
dependence of an induction machine in a wider range, up to 200 °C, than discussed in
previous studies, and a temperature-dependent model is given based on the loss separa-
tion principle and validated by the measurements. Moreover, this paper compares the
losses calculated based on standardized Epstein frame measurements (catalog data) with
the results from customized laboratory tests. It is shown that the loss in the examined
stator is much higher due to the effects of manufacturing, and the customized laboratory-
measurement-based calculations give a significantly better estimation for the losses. This
paper aims to show a step-by-step approach to making a customized, ferromagnetic loss
model that can handle temperature dependency for further optimization of the machine.
The resulting ferromagnetic model can take the temperature dependency of a material
during a 2D FEM-based optimization of the machine. The proposed model can be used in
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the post-processing stage of finite-element-method-based modeling to obtain losses in the
core material.

2. Methodology
2.1. The Applied Iron-Loss Model

The electromagnetic loss of the ferromagnetic material (P) can be approximated as the
sum of three main components: the hysteresis loss (Ph), the eddy current loss (Pe), and the
anomalous loss (Pa) according to Bertotti’s loss separation model [6,29–33] :

P = Ph + Pe + Pa. (6)

This model supposes that all of the separated losses can be expressed as a function
of the exciting alternating magnetic flux density frequency f , and the amplitude of the
magnetic flux density in the tested material B. In this paper, we use a modified formula to
approximate the material-dependent coefficients. The previously shown equation can be
expressed in the following way:

P = P( f , B) = kh f Bα(B) + ke(B) f 2B2 + ka(B) f 1.5B1.5, (7)

where kh = kh(B), ke = ke(B), ka = ka(B), and α = α(B) represent the a priori empirical
measurement-based coefficients of the hysteresis, eddy current, and anomalous losses.
These coefficients are magnetic flux density-dependent functions in the proposed model.
Using different modeling assumptions, these coefficients can be calculated from the mea-
sured data.

First of all, the coefficients are not supposed to be constant, and they are a function of
the magnetic flux density amplitude. In our paper, two models were built [29–32]. The first
approach contains all three components (Ph, Pe, and Pa), while in the second model, the last
term (Pa) is skipped to achieve a simple representation. The first approach is an extended
Bertotti-like model, while the latter is an extension of the Jordan model. Temperature
dependency is taken into account only in the eddy current loss. The details are shown in
Section 4.

As presented in [22,34], in order to take temperature dependence into consideration,
one method is to consider the temperature dependency of eddy current loss only, thus
assuming hysteresis loss and excess loss to be temperature-independent. The eddy current
loss coefficient is related to the electrical resistivity as follows:

ρ(T) = ρ(20)[1 + ϑ(T − 20)], (8)

where T is the temperature, ρ(20) is the resistivity at room temperature, T = 20 ◦C, and
finally, ϑ denotes the temperature coefficient. The insertion of this kind of model will be
detailed in Section 4.

2.2. Finite-Element-Method-Based Design of the Measurements

After the numerical analysis-based design, the studied specimen was made of stator
core material with feeding coils. The model for the two-dimensional analysis can also be
seen in Figure 1. The inner diameter of the depicted stator core was 157 mm, the tooth
height was 157 mm, and the outer diameter of the stator core was 245 mm.

Fourteen laminae from the stator part of the electric machine were removed to prepare
a sample for the measurements. Measurement uncertainty can be reduced by measuring
several plates stacked together, and the sample in this paper consisted of fourteen plates.
The thickness of one lamination was 0.35 mm.
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Figure 1. The specimen for laboratory tests and its analysis model used for FEM calculations.

Before the measurements were carried out, the finite element method (FEM [35])
was used to perform simulations and map out what to expect qualitatively from the
measurements. FEM simulations were carried out using COMSOL Multiphysics 3.5a [36].
A turns model was used for the coil supplying the magnetic field with a circular shape of a
diameter equal to 5 mm. The eddy currents inside the ferromagnetic plate were neglected,
and the two-dimensional magnetic field problem was solved using the magnetic vector
potential formula [35]. The nonlinearity of the ferromagnetic plate was taken into account
using the soft iron model of COMSOL Multiphysics 3.5a.

The idea was to round a coil on the stator yoke as if it were a toroid. An arrangement
is a toroid if there are no teeth and slots (see Figure 2; left). It was not the goal to seal the
teeth off to avoid mechanical impact. If there were teeth, the homogeneous magnetic field
was slightly modified, as shown in Figure 2; right. It can be seen that the character was
unchanged over most of the lamination pack, but some inhomogeneity developed near
the teeth. FEM simulation was applicable to study the deviation according to the stator
teeth. Figure 3 shows a typical variation in the magnetic flux density B along the red line of
Figure 2. The difference between the magnetic flux density curves was a maximum of 2%.

After the comprehensive numerical field analysis, it can be stated that the stator
teeth did not affect the measured magnetic field quantities, hysteresis curves, and finally,
iron losses.

Figure 2. The qualitative plot of the magnetic vector potential contour lines and magnetic flux density
surface plot when the stator teeth area is filled with air and with iron core material.
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Figure 3. Magnetic flux density along the horizontal line of Figure 2 when the stator teeth area is
filled with air and iron core material.

3. Measurement Results
3.1. Measurement System

The specimen with the primary excitation coil consisting of 720 turns is shown in
Figure 1. The exciting current can determine the magnetic field intensity H = H(t). One
slot contains a secondary coil with 20 turns made of thin wire. This secondary coil measures
the magnetic flux density B = B(t). Finally, the magnetic hysteresis characteristics of the
ferromagnetic material can be drawn, from which the magnetic loss can be determined [26].

The details of the measurement system including the block diagram of the realized
measurement arrangement and the photo of the measurements are shown in Figure 4.
During the measurement of the iron loss characteristics, the turns (Np in Figure 4) of
the primary winding can be excited with a predefined time function i(t). This excitation
induces an open-circuit voltage u(t) in the open secondary winding of the transformer (Ns).
The time function of the current and the induced voltage in the measurement setup can
be measured using a National Instruments Data Acquisition (NI-DAQ) card. The signal
waveform of the current can be sent to the generator via the same card. The measurement
software developed in a LabVIEW environment runs on a computer, controls the entire
measurement, regulates the current generator, measures and processes the incoming signals,
and displays the measurement results.

The magnetic field intensity H(t), the magnetic flux density B(t), and the total electro-
magnetic loss P can be calculated as follows [37]:

H(t) =
Npi(t)

l
, B(t) =

1
SNs

∫ t

0
u(τ)dτ, P =

1
Tρ

∫ T

0
H

dB
dt

dt, (9)

where l is the mean length, which is l = 684.5 mm in the examined case, and S is the
cross-section of the stator core. The mass density of the stator core material is denoted by
ρ, and in the examined stator core plate ρ = 7600 kg/m3, and T represents the examined
time period.

The measurements were performed by setting the different amplitudes and frequen-
cies of the magnetic flux density waveform. A chamber was set up with the desired
core temperature.
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Figure 4. The block diagram of the measurement setup and a photo of the laboratory test.

3.2. The Examined Material and the Measurement Results

The stator plate was made of the ferromagnetic material M250-35A. In the first part
of the notation, the letter M refers to magnetic steel, while 250 means that 2.5 W/kg is the
maximum measured loss at 1.5 T magnetic flux density at a 50 Hz frequency. In the second
part, 35 refers to the thickness of the plate, which was 0.35 mm in our case. The letter A at
the end of the mark means applied rolling and fabrication type. The examined material was
a cold-rolled, non-oriented electrical steel sheet without a specific magnetization direction.

The catalog data measured on a standard Epstein frame are given in Table 1 [38],
where loss values for different amplitudes and frequencies of the sinusoidal magnetic flux
density are listed. The second column also contains the value of the magnetic field intensity.
The first magnetization curve, which shows the losses at 50 Hz, is plotted in Figure 5 with
the red curve. The image contains our laboratory measurements at the same frequency
at room temperature (20 °C), denoted by the blue color. It can be seen from the image
that the red line fits well in the middle of the hysteresis loop; this indicates that there are
no significant differences that can be measured in the magnetic permeability. In our case,
the hysteresis loop area increased compared with the standardized measurements. This
difference resulted in increased loss values.

Table 1. The standardized, Epstein-apparatus-based catalog data for the examined ferromagnetic
material M250-35A at all of the examined frequencies.

B [T] H at 50 Hz
(A/m)

P at 50 Hz
(W/kg)

P at 100 Hz
(W/kg)

P at 200 Hz
(W/kg)

P at 400 Hz
(W/kg)

P at 1000 Hz
(W/kg)

P at 2500 Hz
(W/kg)

0.2 35.7 0.06 0.14 0.33 0.90 3.65 14.8
0.4 47.5 0.21 0.51 1.23 3.24 12.7 51.7
0.6 60.0 0.41 1.01 2.49 6.69 26.3 113
0.8 77.5 0.66 1.64 4.12 11.2 45.7 208
1.0 107 0.98 2.41 6.14 17.1 72.6 352
1.2 179 1.37 3.4 8.69 24.6 - -
1.4 642 2.00 4.83 12.4 35.1 - -
1.6 4030 2.65 - - - - -
1.8 11,700 3.06 - - - - -

Laboratory measurements were taken at the temperatures of −40 ◦C, 20 ◦C,
100 ◦C, 140 ◦C, 180 ◦C, and the following frequencies: 50 Hz, 100 Hz, and 200 Hz. This
arrangement was because 200 Hz was the limit of the available current source generator.
Table 2 presents the loss values measured at room temperature at different frequencies
from 0.2 T to 1.2 T. The relative values of the catalog data are presented in parentheses after
every measurement. Figure 6 plots the measured core loss parameters in the given layout
compared to the standardized measurement-based catalog data. The laboratory-measured
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loss values and the standardized measurement-based catalog data were compared. It can
be seen from the values that the stator plate measurement base loss values are significantly
higher, at least 15%, due to manufacturing errors. Table 3 presents the temperature depen-
dency of the loss at 50 Hz under different temperatures. The catalog highlights two typical
values at 50 Hz: the loss at 1.5 T is a maximum of 2.35 W/kg, and at 1.0 T, the loss is a
maximum of 0.98 W/kg. The measured data are 3.42 W/kg, and 1.44 W/kg, respectively.
We will use these values at the end of the paper for further characterization of the steel.

Figure 5. B–H loops measured by the laboratory equipment compared with the first magnetization
curve obtained from catalog data ( f = 50 Hz).

Table 2. Measured loss values at room temperature.

B (T) P at 50 Hz (W/kg) P at 100 Hz (W/kg) P at 200 Hz (W/kg)

0.2 0.11 (83%) 0.26 (85%) 0.71 (115%)
0.4 0.37 (76%) 0.91 (78%) 2.36 (92%)
0.6 0.66 (61%) 1.79 (77%) 4.65 (87%)
0.8 1.09 (65%) 2.91 (77%) 7.68 (86%)
1.0 1.44 (47%) 4.24 (76%) 11.28 (84%)
1.2 2.12 (55%) 5.79 (70%) 14.70 (69%)

Table 3. Measured loss values at 50 Hz and different temperatures.

B (T) P at −40 ◦C
(W/kg)

P at 20 ◦C
(W/kg)

P at 100 ◦C
(W/kg)

P at 140 ◦C
(W/kg)

P at 180 ◦C
(W/kg)

0.2 0.12 0.11 0.09 0.09 0.09
0.4 0.39 0.37 0.36 0.32 0.30
0.6 0.72 0.66 0.68 0.65 0.65
0.8 1.12 1.09 1.09 1.09 1.05
1.0 1.67 1.44 1.64 1.49 1.43
1.2 2.19 2.12 2.02 2.01 1.97

Figure 7 presents the measured losses (P) as a function of the magnetic flux density
and the frequency, i.e., P = P(B, f ).

The loss slightly decreases by increasing the temperature. This result can be seen in
Figure 8 with the values from Table 3. Ultimately, loss is a function of the magnetic flux
density, the frequency, and the temperature, i.e., P = P(B, f , T).
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Figure 6. Measured loss value parameters compared with catalog data at room temperature.

It is noted that measured loss values at very low frequencies are necessary for ap-
propriate model fitting. Otherwise, the non-physical behavior of the model, i.e., negative
loss values, may appear. This is why the loss was measured at 1 Hz (see Table 4), and
these values were assumed to be independent of the temperature because the values were
very small.

Table 4. The loss at 1 Hz.

B (T) 0.2 0.4 0.6 0.8 1.0 1.2

P (W/kg) 1.9 × 10−3 5.8 × 10−3 10 × 10−3 15 × 10−3 21 × 10−3 30 × 10−3

Figure 7. Measured loss as a function of frequency and magnetic flux density amplitude at
room temperature.
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Figure 8. Loss slightly decreases by increasing the temperature ( f = 50 Hz).

4. Analysis of Characteristics in the Applied Ferromagnetic Loss Models
4.1. Characteristics of the First Analytical Approach

Because every measurement was performed on a fixed frequency, the model expression
in (Equation (7)) can be simplified by dividing both sides of (Equation (7)) by the frequency
f . Model identification becomes much easier through this reformulation.

The following formula is given:

P
f
= khBα + ke f B2 + ka

√
f B1.5, (10)

which can be rewritten as the second-order polynomial formula

P
f
= p0 + p1

√
f + p2

(√
f
)2

, (11)

i.e.,
kh =

p0

Bα
, ke =

p2

B2 , ka =
p1

B1.5 . (12)

First, the polynomial coefficients p0, p1, and p2 of (11) are fitted, from which the model
parameters are obtained according to (12).

The measured loss P is plotted as the function of frequency, and P/ f is the root
function of the frequency in Figure 8. The curves present P and P/ f values for different
magnetic flux density amplitudes. The function P/ f is used to obtain the coefficients p0,
p1, and p2 for the highlighted magnetic flux density amplitudes, i.e., the coefficients are
the functions of magnetic flux density amplitude: p0 = p0(B), p1 = p1(B) and p2 = p2(B).
The polynomial coefficients shown in Table 5 were fitted to approximate the measured
data. A comparison between the P/ f function from the measurements according to the
approximation can be seen in Figure 9.
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Figure 9. Loss P as a function of frequency, and the expression of P/ f as a function of
√

f .

Table 5. Polinomial coefficients of p0, p1, and p2 for the measured magnetic flux density amplitudes.

B (T) p2 (W/kg/Hz) p1 (W/kg/Hz3/2) p0 (W/kg/Hz2)

0.2 0.109 × 10−4 −0.4 × 10−4 19.053 × 10−4

0.4 0.253 × 10−4 0.707 × 10−4 57.853 × 10−4

0.6 0.577 × 10−4 1.433 × 10−4 99.072 × 10−4

0.8 0.839 × 10−4 4.937 × 10−4 148.973 × 10−4

1.0 1.602 × 10−4 3.123 × 10−4 206.887 × 10−4

1.2 1.468 × 10−4 10.823 × 10−4 296.635 × 10−4

Coefficients ke and ka can be calculated from p2 and p1, according to (12). The values
are listed in Table 6 as a function of B. A polynomial fit was chosen to approximate the
coefficients, as it is depicted in Figure 10. Figure 10 is similar to Figure 11, which plots
the P/ f parameter in the function of the frequency. The only difference between the two
figures is that the values in Figure 10 values correspond to the values in Table 4. They start
from f = 1 Hz.

Figure 10. Parameters ke and ka and their approximation in the function of the magnetic flux density.
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Table 6. Value of coefficients ke and ka as the function of magnetic flux density amplitude.

B ke (W/kg/Hz2/T2) ka (W/kg/Hz3/2/T3/2)

0.2 2.732 × 10−4 −4.474 × 10−4

0.4 1.579 × 10−4 2.794 × 10−4

0.6 1.603 × 10−4 3.083 × 10−4

0.8 1.311 × 10−4 6.899 × 10−4

1.0 1.602 × 10−4 3.123 × 10−4

1.2 1.020 × 10−4 8.233 × 10−4

Figure 11. The measured P/ f function and its approximation using the polinomial p0 + p1
√

f +

p2
(√

f
)2.

From kh = p0
Bα in (Equation (12)), p0 = khBα is expressed. By taking the logarithm of

this equation, the following formula can be obtained:

ln p0 = ln kh + α ln B.

After approximating α using the polynomial α0 + α1B + α2B2 + α3B3 and the notation
A = ln kh, the following equation can be obtained with five unknowns:

ln p0 = [1 ln B B ln B B2 ln B B3 ln B] [A α0 α1 α2 α3]
T. (13)

By substituting the measured values into this equation, N equations can be written as
ln p(1)0

ln p(2)0
...

ln p(N)
0


︸ ︷︷ ︸

Y

=


1 ln B(1) B(1) ln B(1) B(1)2

ln B(1) B(1)3
ln B(1)

1 ln B(2) B(2) ln B(2) B(2)2
ln B(2) B(2)3

ln B(2)

...
...

...
...

...

1 ln B(N) B(N) ln B(N) B(N)2
ln B(N) B(N)3

ln B(N)


︸ ︷︷ ︸

F


A
α0
α1
α2
α3


︸ ︷︷ ︸

p

,

where N is the number of measured data (here N = 6). This equation system was solved
by the well-known least square method, i.e.,

p =
(

FTF
)−1

FTY. (14)
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All in all, the following approximation is obtained:

kh = 0.0208, α = 1.7124 − 1.5421B + 2.1569B2 − 0.5988B3,

ke = 0.000252 − 0.0001255B,

ka = −0.0019 + 0.0094B − 0.0124B2 + 0.0053B3.

(15)

Figure 12 shows the comparison of measured and approximated loss values with
very good agreement. The function of P = P(B, f ) is also presented, highlighting the
extrapolation capabilities of the presented model.

Figure 12. Measured loss parameters compared with the loss parameters resulted from using the
introduced approximation of (12).

To illustrate the proposed model’s applicability, we compared the original form of the
Jordan-model-based loss approximations in Figure 13 with our measurements. The original
form of the Jordan model contains only two magnetic-flux-density-independent parameter
values, which describe the hysteric and eddy current components (Equation (2)). These two
parameters can be identified by the linear approximation of the P/ f = ChB2 + Ce f B2 curve
according to the measurements at 1 T: Ch = 0.021313, Ce = 0.0001809. It can be seen from
the results in Figure 13 that the original form of the Jordan model with constant parameters
significantly overestimates the measured data. It can be concluded from this illustration
that any of the models that use magnetic-flux-density-independent, constant parameters
do not have satisfactory accuracy.

Figure 13. Approximation by the Jordan model of (2) with the constant, magnetic-flux-density-
independent parameter values.
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Figure 10 presents the linear approximation and the cubic approximation of ke. The
linear approximation gave better extrapolation capabilities; this is why it was chosen. For
ka, the cubic fit gave valuable results.

4.2. Simplified Material Model

A simpler model can be set up for the examined material since the P/ f function is
close to a linear behavior, as can be seen in Figure 8.

P = P( f , B) = kh f Bα + ke f 2B2, (16)

This means that the anomalous loss component is skipped, or in other words, the
anomalous loss component is added to the other two parts. This model is similar to the
previously approximated Jordan model (Equation (2)). However, the main difference
between this and the previously shown approximation is that the material-dependent
parameters of this model depend on the magnetic flux density.

In this case, the function P/ f is approximated using a linear polynomial as follows:

P
f
= khBα + ke f B2 = p0 + p1 f , (17)

and the following approximation is obtained using the method mentioned in the previous
subsection:

kh = 0.0225, α = 1.7971 − 1.0242B − 0.0332B2 + 1.0321B3,

ke = 0.0002235 − 0.0000642B.
(18)

The approximation and extrapolation capabilities of this and the previously shown
Bertotti-model-like model are close to each other. However, this model is significantly
better than the previously shown original Jordan-model-like approximation. This shows
that the main difference between this and the original Jordan-model-like estimations is
caused by ignoring the magnetic flux density dependence of the parameters.

4.3. Temperature-Dependent Model

The temperature dependence is only considered in the second term as a temperature-
dependent electrical loss component:

P = P( f , B, T) = kh f Bα +
ke f 2B2

1 + ϑ(T − 20)
+ ka f 1.5B1.5, (19)

where ϑ = 0.0008 1/◦C is an additional parameter identified by the measured temperature-
dependent loss data, and T is the temperature in degrees Celsius. Hysteresis loss does not
depend on temperature, but eddy current loss decreases with increasing temperature [27].
It was assumed that in the examined case, the excess loss term did not depend significantly
on the temperature.

The value of ϑ is small because the loss just slightly decreases with increased tempera-
ture (Figure 8). The model reveals this behavior.

However, losses are indeed higher in the tooth, so an extension of this temperature-
dependent model is needed to take the mechanical effects into account. This could be
a future problem. Moreover, the trajectory of the magnetic induction at the tooth-coral
boundary is not pulsating but polarized, which cannot be described using the scalar model.
This requires a vectorial hysteresis model, i.e., the loss components induced by the rotating
magnetic field need to be measured and modeled. The method presented in this paper is
only suitable to describe the loss induced by a pulsating magnetic field.
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5. Conclusions

Most industrial and scientific applications use post-processing analysis to make an
accurate ferromagnetic loss calculation. This methodology usually underestimates or
overestimates the losses due to neglecting the exact shape of the hysteresis curve. In this
paper, we described the analysis and identification of an analytical iron loss formulation.
Furthermore, a comparison of simulated and measured data was presented. Laboratory
measurements are necessary for different temperatures and frequencies to determine the
exact hysteresis characteristics. A measurement system was set up to study the electromag-
netic loss inside the stator core material of an electrical machine, which was assumed to be
a function of magnetic flux density, source frequency, and temperature. These data were
used to approximate and extrapolate the loss values more precisely.

The proposed measurement differs from Epstein-apparatus-based measurements, for
which the manufacturers measure the losses on a standardized material sample. Nev-
ertheless, during the assembly of an electrical machine, many thermal, mechanical, and
chemical stress affect the applied materials, and these effects can significantly increase
core losses. Our laboratory tests aimed to make a more accurate loss calculation inside
the ferromagnetic core, which increased by more than 50% based on our measurements in
comparison to the catalog data. A further study needs to be carried out in order to calculate
iron losses in the case of an existing electrical machine and compare the resulting losses
with the standardized measurement-based calculations to show the overall performance of
these numerical models on an existing machine. The resulting scalar hysteresis model takes
into account the applied material’s temperature dependency. The measured and simulated
data showed good agreement. The proposed model can be used directly for post-processing
iron losses in the FEM solver. These models can accurately estimate losses in electrical
machines that have non-sinusoidal excitation. However, the proposed methodology can
be only applied for further design optimization or fine-tuning of the machine when we
have a preconceived design and a manufactured prototype, based on which we can make
customized measurements.
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