
Citation: Zhu, X.; Li, S.; Fan, J. An

Overall Linearized Modeling Method

and Associated Delay Time Model for

the PV System. Energies 2023, 16,

4202. https://doi.org/10.3390/

en16104202

Academic Editor: Philippe Leclère

Received: 10 April 2023

Revised: 14 May 2023

Accepted: 17 May 2023

Published: 19 May 2023

Copyright: © 2023 by the authors.

Licensee MDPI, Basel, Switzerland.

This article is an open access article

distributed under the terms and

conditions of the Creative Commons

Attribution (CC BY) license (https://

creativecommons.org/licenses/by/

4.0/).

energies

Article

An Overall Linearized Modeling Method and Associated Delay
Time Model for the PV System
Xianping Zhu , Shaowu Li * and Jingxun Fan

College of Intelligent Systems Science and Engineering, Hubei Minzu University, Enshi 445000, China;
zxp17873436515@163.com (X.Z.); jingxun_fan@163.com (J.F.)
* Correspondence: xidu_surfer@163.com; Tel.: +86-139-9779-9701

Abstract: There are some significant nonlinearity and delay issues in photovoltaic (PV) system
circuits. Therefore, it is very difficult for the existing classic linear control theories to be used
in PV systems; this hinders the design of the optimal energy dispatch by considering real-time
generation power forecasting methods. To solve this problem, an overall linearized model with
variable weather parameters (OLM-VWP) of the PV system is proposed on the basis of small-signal
modeling. Meanwhile, a corresponding simplified overall linearized model with variable weather
parameters (SOLM-VWP) is presented. The SOLM-VWP avoids analyzing delay characteristics of the
complex high-order PV system. Moreover, it can reduce hardware cost and computation time, which
makes analysis of the transient performance index of the PV system more convenient. In addition, on
the basis of the OLM-VWP and SOLM-VWP, a delay-time model with variable weather parameters
(DTM-VWP) of the PV system is also proposed. The delay time of the system can be accurately
calculated using the DTM-VWP, and it provides a preliminary theoretical basis for carrying out real-
time energy scheduling of the PV system. Finally, simulations are implemented using the MATLAB
tool, and experiments are conducted. The results verify that the proposed linearization model of
the PV system is accurate and reasonable under varying irradiance and temperature conditions.
Meanwhile, the results also verify that the proposed SOLM-VWP and DTM-VWP of the PV system
are feasible. Additionally, the results show that some transient performance indexes (delay time, rise
time, settling time, and peak time) can be solved by means of equations when the circuit parameters
and real-time weather parameters are given.

Keywords: photovoltaic system; small-signal modeling; overall linearization; delay-time model

1. Introduction

As the proportion of the PV system continues to increase, grid-connected PV systems
are expected to reduce the effective system inertia due to the lack of inertia inlarge-scale PV
generation [1,2]. In a reduced-inertia power system, the active balance is usually disrupted
by large and random weather changes following PV generation. To date, many research
efforts have been conducted in this area. The use of accurate PV power prediction for
dispatch control is considered an important means to effectively solve the above problem.
Therefore, it is crucial to accurately develop the DTM-VWP of the PV system to solve
problems related to grid dispatch. To obtain this model, however, it is necessary to build
a linear model of the overall association. The PV system is a strongly nonlinear system
that cannot be studied and analyzed using classic linear control theory. Therefore, the
proposed OLM-VWP must completely remove obstacles to using linear theory to ana-
lyze these systems. To date, much work has been reported in the literature on linearized
modeling, which mainly includes linearized modeling of DC/DC, DC/AC, and PV cells.
The current mainstream methods for modeling DC/DC include the description function
method, the switching network averaging modeling method, and the state–space aver-
aging method. To improve the accuracy of DC/DC stability analysis, Refs. [3,4] have
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proposed the description function method to model the linearization of the switching
process in DC/DC. The descriptive function method cannot linearize the modeling of
DC/DC containing nonlinear links. To address this limitation, Refs. [5–7] have proposed
the linearized modeling method for switching network averaging. In addition, the well-
known state-space averaging method has been proposed, which is simple and easy to use
for steady-state and small-signal analysis of DC/DC [8]. This state-space averaging method
provides important guidelines for DC/DC operation in low-frequency small-signal analysis.
The main DC/AC modeling methods are the D-Q small-signal method, the generalized
averaging method, and the traditional state-space averaging method [9]. In weak grid
conditions, changes in PLL bandwidth may cause the inverter system to lose stability. To
overcome this drawback, Refs. [9–11] have proposed the small-signal linearized circuit
model for the grid-connected inverter power stage in the system D-Q framework. The D-Q
small-signal linearization modeling methods have limitations such as low accuracy and
long simulation application time; in contrast, Refs. [12,13] have proposed a generalized
averaging linearization model for single-phase and three-phase pulse-width modulated
inverters. Modeling based on the generalized averaging method takes into account effects
of different parameters, such as amplitude modulation ratio, dead time, and switching
frequency. This method ensures accurate estimation of the fundamental components of
voltage and current and improves the computational efficiency of the inverter simulation.
However, the traditional state-space averaging method used in previous studies still has
irreplaceable advantages in low- and medium-frequency systems [14–16]. First, it can be
implemented simply and with clear physical meaning. Second, it can improve the stability
of the system by analyzing the eigenvalues of the state–space matrix. Finally, it can be
further simplified to a reduced-order model by removing states that are irrelevant to the
specific stability problem. A large number of contributions have been made by previous
researchers in modeling the linearization of DC/DC and DC/AC, but an important obstacle
to the overall linearization of the PV system is the linearization of PV cells. These cells
exhibit strong nonlinearity as affected by irradiance and temperature. The main methods
used to build the linearization model of PV cells are the segmental linearization method
and small-signal linearization method. In Ref. [17], a new, explicit mathematical model is
proposed using the segmented linearization method to represent the expression of the I−V
relationship for the conventional two-diode model of the PV cell. To improve the real-time
accuracy of PV MPPT under nonuniform conditions, a new segmented linear model is
proposed [18] for the fast and accurate real-time simulation of the PV cell. To simplify the
linearized model to a greater extent, Ref. [19] has derived the algebraic equation for the
PV cell model using the Taylor approximation in conjunction with traditionally segmented
linearization. However, the segmented linearization modeling method has limitations
such as computational complexity and MPP inaccuracy. Therefore, most researchers have
linearized the modeling of PV cells operating at the MPP. In Ref. [20], researchers proposed
equating the diode in the single-diode circuit model to a series connection of resistance and
capacitance at the MPP, and the original circuit is equated to Thevenin’s equivalent circuit.
On the other hand, Ref. [21] has established a linearized model of weather parameters and
the external equivalence of the PV cell, and the model included a functional relationship
between the MPPT control parameters and the weather, providing a convenient way to
implement MPPT. However, previous research has not linearized the overall PV system,
and, in particular, no explicit mathematical model is available for the study and analysis
of the overall PV system. This drawback prevents the use of classic linear control theory
to easily analyze the characteristics of PV systems. Moreover, it is not possible to find the
delay time of the system using classic control theory. The DC-side linearization model and
OLM-VWP of the PV system are first proposed by modeling the overall PV system with
a small signal under input-to-output conditions and control-to-output conditions. These
results provide a favorable theoretical basis for the analysis of delay characteristics, the
development of energy scheduling strategies, and the selection of control methods. One
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of the main objectives and contributions is to obtain DC-side linearization models and
OLM-VWP of the PV system.

Another purpose of proposing the linearized mathematical model is to simplify the
complex higher-order model of the PV system by using the reduced-order method. It is
very difficult to directly study the transient characteristics of a PV system with inverters.
For this reason, previous studies have aimed to mathematically model the DC/DC or the
DC/AC of the PV system separately [22–24]. These studies have reduced the fourth-order
primal systems to second-order models by using functional approximation so that the
simplified systems retain the basic characteristics of the primal systems. These studies do
not focus on the overall PV system reduced-order model. On this basis, Ref. [25] has divided
the overall PV system into two simplified linearized models for research and analysis to
address the analysis of low-frequency oscillations. The research of [26] has concluded that
the reduced-order model of the DC-side microgeneration system is not applicable to the
AC system. In Ref. [27], a small-signal model for inverter-based microgrids with reduced
order is proposed, and the microgrid system is simplified using the singular ingestion
algorithm. The linearized mathematical models as proposed in Refs. [25–27] are still matrix
equations of higher order, which cannot be directly calculated using the classic linear
control theory to analyze the PV system. These models are still time-consuming and have
a large computational burden when using linear control theory in time-domain analysis.
Especially for applications related to real-time scheduling control by calculating delay
times and transient characteristics, the existing linearized models still lack engineering
practicality. Therefore, the OLM-VWP is further developed for simplified modeling. To
remedy this deficiency, this paper uses the simplified OLM-VWP based on the Routh
approximation reduced-order method. On the one hand, the transient characteristics of
the analyzed PV system are solved more easily using this model based on real-time values
of irradiance and temperature. On the other hand, it is easy to analyze the steady-state
performance of the PV system based on this model. The proposed SOLM-VWP of the
PV system is crucial in developing the DTM-VWP of the PV system and developing a
control strategy for real-time energy dispatch of the PV system. The SLOM can avoid
computational complexity in its scheduling controller, making the hardware (especially
the microprocessor) less expensive and the computation time shorter. This work plays an
important role in engineering applications for the PV system.

Delays in a PV system can affect system stability. For example, in Ref. [28], the
inverter delay was found to affect the harmonic characteristics of a grid-connected large
PV system; in Ref. [29], the introduction of a digital time delay increased the system
steady-state error; and in Ref. [30], the system time-lag limited the performance of the
active damping method. Researchers in [31] investigated the delay time of three different
DC/DC systems for a comparative analysis of the transient response due to lightning
strikes. Researchers in [32] studied MPPT under partial shading conditions, where delay
parameters affected PV system security and electrical faults, as well as output power and
operating point variations [33]. To ensure voltage stability of the distribution network, the
power compensation control of the PV system is based on the delay parameter. The delay-
tolerant predictive power compensation control for distribution feeder voltage regulation is
proposed in Ref. [34]. Moreover, Refs. [28,35] have performed small-signal modeling of the
PV system and discussed the effect of delay time on dynamic and steady-state performance.
The abovementioned studies generally have focused on delay time affecting the PV system
and have provided many methods to compensate for the associated impact. However, few
mathematical expressions for the DTM-VWP of PV systems have been reported. Therefore,
it is impossible to calculate the delay time of the PV system. These problems also hinder
the optimal control of these systems in real time. To solve this problem, the DTM-VWP for
the PV system is proposed based on the SOLM-VWP. The relationships between irradiance,
temperature, and circuit parameters have been proposed in some VWP methods [36–38].
These transient performances (delay time and output power) of the PV system can be
calculated using these methods in advance. This method provides the prior theoretical
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basis for implementing a real-time, predictive control energy scheduling method and
carrying out an active energy scheduling method. Obviously, using the linearized DTM-
VWP to solve the scheduling control problem is very different from other existing problems
that involve solving scheduling control strategies, which is one of the main contributions
and innovations of the present work.

The main innovations and contributions of this work can be illustrated as follows:

(1) A new method for modeling the overall linearization of the PV system is proposed.
(2) A first attempt is made to study the PV system DTM-VWP by solving for S and T.
(3) An SOLM-VWP of the PV system containing a reduced-order model is proposed.
(4) The td and output characteristic of the PV system can be solved directly using S and T.
(5) Through this work, vo of the PV system can be predicted using td of the PV system.

The paper is divided into the following sections. In Section 2.1, based on the small-
signal modeling of each unit of the PV system, it is proposed that from the input c(S, T)
or control d(S, T) to the DC-side output vo and OLM-VWP, respectively. In Section 2.2,
the OLM-VWP of the PV system is presented so that the system can be analyzed using
classic linear control theory. In Section 2.3, the proposed SOLM-VWP is based on the
OLM-VWP of the PV system. The main purpose is to improve the engineering practicality
of the OLM-VWP and to provide a theoretical basis for modeling the DTM-VWP of the
PV system. The OLM-VWP is reduced in order using the Routh approximation method to
derive its SOLM-VWP. In Section 2.4, the delay time td and output transient performance
of the system are investigated by linearizing the model using classic linear control theory,
and the DTM-VWP of the system is further proposed. In Section 3, the input c(S, T) to
output the vo small-signal linearization model and the control variable d(S, T) to output the
vo small-signal linearization model and its simplified model are simulated and validated
against actual circuits. The dynamic performance of the higher-order linearization model
and that of the simplified second-order model are compared and analyzed. In addition, the
proposed DTM-VWP is validated in conjunction with experiments to verify the accuracy
and validity of the model. In Sections 4 and 5, some important conclusions are separately
analyzed and summarized.

2. Materials and Methods
2.1. The Small-Signal Model for the PV System
2.1.1. Circuit Model of the PV System

Before modeling the PV system circuit, some assumptions are given. (1) The PV
system is always near the MPP at a steady state. (2) The sampled S and T values measured
using the sensors must be accurate and obtained in real time. The VWP-MPPT control
method [38] is applied for maximum power tracking, and the block diagram of the PV
system composition is displayed in Figure 1. The main circuit mainly consists of the PV
cell, DC/DC, DC/AC, digital controller, and grid connection or load. The digital controller
is mainly used to acquire the S and T of the PV cell and the voltage and current of the
inverter output, and to drive DC/DC for MPPT and DC/AC for grid-connected operation.
There are three main basic topologies of DC/DC in the PV system [39]: Buck circuit, Boost
circuit, and Buck–Boost circuit. Figure 2 is used as the object of study for the PV system.
The study establishes the OLM-VWP of the whole system, which is theoretically based
on the small-signal linearized mathematical model of the PV cell, DC/DC, DC/AC, and
digital controller.
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2.1.2. The dc-Side linearization Models of the PV System

The mathematical model of the PV cell is expressed using Equation (1) [37], which
is simulated using MATLAB simulation software (Version 2019), and the corresponding
I −V curves are shown in Figure 3.
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To establish the mathematical model of the PV system, it is necessary to linearize the
PV cell response. The PV system can be linearized when a tangent is applied to the I −V
curve at the MPP [37] to simplify the equivalent model into the Thevenin equivalent circuit
model. To ensure that the PV system operates under continuous current conditions, the
characteristic that the cell is capacitive on the generation side is also considered. Therefore,
an equivalent substitution is made by connecting a capacitor in parallel to the equivalent
circuit of the cell. The equivalent circuit model can be obtained as shown in Figure 4.
Equations (2) and (3) apply when the PV system is operating at the MPP; based on these,
the corresponding transfer function of the equivalent cell circuit is obtained as Equation (4).
The value of the parameter C(S, T) is related to the PV cell itself and to S and T of the
weather conditions in Equation (3).

Req = Ri =
VMPP

IMPP
(2)

VSM = 2VMPP = 2C(S, T) (3)

G1(s) =
Veq

VSM
=

Veq

2C(S, T)
=

1
ReqC1s + 1

(4)



Energies 2023, 16, 4202 6 of 37

Energies 2023, 16, x FOR PEER REVIEW 6 of 41 
 

 

SCI

MPPI

Z

)V(V

)A(I

MPPV OCV
 

Figure 3. Linear equivalence principle of PV cells. 

1CSMV
eqV

eqR

SMI

 

Figure 4. Linear equivalence circuit of the PV cell. 

MPP
eq i

MPP

V
R R

I
   (2)

PS M M P2 2 ( , )V V C S T   (3)

eq eq

1

SM eq 1

1

2 1)
( )

( ,

V V
G s

C S TV R sC
  


 (4)

The nonlinear components of DC/DC include power switching devices and diodes 

and are thus nonlinear circuits. When DC/DC runs near a certain steady-state operating 

point, the small-signal perturbations can be linearized using the state-space averaging 

method. Then, DC/DC can be described using the transfer function. When the system at 

the MPP is established as equal D  and 
m a x ( , )D S T , the maximum power is 

m axP  [38,40]. 

m a x ( , )D S T  can be expressed using curve fi�ing as a function of S  and T . The corre-

sponding mathematical models of 
m a x ( , )D S T  for the three basic DC/DC (Buck circuit, 

Boost circuit, and Buck–Boost circuit) are shown in Equations (5)–(7), respectively. Thus, 

the relationship between the duty cycles 
m ax ( , )D S T  , S  , and T   is established, where 

MD  is the abbreviated form of 
m a x ( , )D S T . 

M

max 1

max

( , )
( , )

( , )
D

S T
S

P R
D

C
T

S T
   (5)

M max

max 1

( , )
( , 1)

( , )

C
D

S T
S T

S
D

P RT
    (6)

Figure 4. Linear equivalence circuit of the PV cell.

The nonlinear components of DC/DC include power switching devices and diodes
and are thus nonlinear circuits. When DC/DC runs near a certain steady-state operating
point, the small-signal perturbations can be linearized using the state-space averaging
method. Then, DC/DC can be described using the transfer function. When the system
at the MPP is established as equal D and Dmax(S, T), the maximum power is Pmax [38,40].
Dmax(S, T) can be expressed using curve fitting as a function of S and T. The corresponding
mathematical models of Dmax(S, T) for the three basic DC/DC (Buck circuit, Boost circuit,
and Buck–Boost circuit) are shown in Equations (5)–(7), respectively. Thus, the relationship
between the duty cycles Dmax(S, T), S, and T is established, where DM is the abbreviated
form of Dmax(S, T).

DM = Dmax(S, T) =
√

Pmax(S, T)R1

C(S, T)
(5)

DM = Dmax(S, T) = 1− C(S, T)√
Pmax(S, T)R1

(6)

DM = Dmax(S, T) = 1− C(S, T)
C(S, T) +

√
Pmax(S, T)R1

(7)

The DC-side linearization model of the PV system from input-to-output for the PV-
Buck circuit, PV-Boost circuit, and PV-Buck–Boost circuit structures can be represented
using Equations (8)–(10), respectively. These equations are derived from the small-signal
model of DC/DC and Equation (4) in conjunction with Equations (5)–(7).

G2(s) =
vd(s)

c(S, T)(s)

∣∣∣∣
d(S,T)(s)=0

=
2DM(

L1C2s2 + L1
R1

s + 1
)(

ReqC1s + 1
) (8)

G3(s) =
vd(s)

c(S, T)(s)

∣∣∣∣
d(S,T)(s)=0

=
2(1− DM)(

L1C2s2 + L1
R1

s + (1− DM)2
)(

ReqC1s + 1
) (9)

G4(s) =
vd(s)

c(S, T)(s)

∣∣∣∣
d(S,T)(s)=0

=
−2DM(1− DM)(

L1C2s2 + L1
R1

s + (1− DM)2
)(

ReqC1s + 1
) (10)

Similarly, the DC-side linearization model of the PV system from control to output
for the PV-Buck circuit, PV-Boost circuit, and PV-Buck–Boost circuit structures can be
represented using Equations (11)–(13), respectively. These equations are derived from the
small-signal model of the DC/DC and Equation (4) in conjunction with Equations (5)–(7).

G5(s) =
vd(s)

d(S, T)(s)

∣∣∣
c(S,T)(s)=0

=
2C(S, T)(

L1C2s2 + L1
R1

s + 1
)(

ReqC1s+1
) (11)

G6(s) =
vd(s)

d(S, T)(s)

∣∣∣
c(S,T)(s)=0

=

2C(S, T)
(

1− L1
(1−DM)2R1

s
)

(
L1C2s2 + L1

R1
s + (1− DM)2

)(
ReqC1s+1

) (12)
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G7(s) =
vd(s)

d(S, T)(s)

∣∣∣c(S,T)(s)=0 =

2C(S, T)
(

L1DM
(1−DM)2R1

s− 1
)

(
L1C2s2 + L1

R1
s + (1− DM)2

)(
ReqC1s+1

) (13)

2.1.3. The Linearization Model of the DC/AC

When analyzing DC/AC, the state-space averaging method used in this paper is the
linear model. The switching states are not continuous during the DC/AC circuit operation.
The topology diagram of the single-phase full-bridge inverter is shown in Figure 2. The
transfer function G8 is shown in Equation (14). In the DC/AC system using the SPWM
control method [41], Vtri is usually set as 1, and Vm is equal to the proportionality factor
Kpwm so that the modulation ratio M in the SPWM control method is equal to Kpwm. This
mathematical relationship is expressed in Equation (15).

G8(s) =
Vo

Vd
=

Kpwm

L2C3s2 +
(

L2
RL

+ rC3

)
s + 1 + r

RL

(14)

When the equivalent series inductor r during filtering is ignored, Equations (14) and (15) can
be reduced to Equation (16).

Kpwm = M =
Vo(s)
Vd(s)

=
Vm

Vtri
(15)

G9(s) =
Vo

Vd
=

M
L2C3s2 + L2

RL
s + 1

(16)

2.1.4. Linearized Modeling for the PV System Controller’s Delay Time

In PV power control systems, different structures of digital controllers operate dis-
cretely, which increases the control system delay time [42,43]. The total delay time comprises
the delay time in the sampling period of the microcontroller, the delay time in the calcu-
lation cycle of the A/D converter, and the delay time in PWM control. The mathematical
expression of these delay times is shown using Equation (17). This equation can also be
reduced to Equation (18), where Ts refers to the sampling period.

G10(s) =
eTss(1− eTss)

Tss
(17)

G10 ≈ G11(s) =
1

Tds + 1
(18)

In the PV control system, the delay time Td of the controller is set to 1.5 times the
sampling period Ts. Therefore, the transfer function of the delay link can be expressed as in
Equation (19).

G12(s) = e−Tds (19)

2.2. The OLM-VWP of the PV System

According to the theory of PV cell linearization in Section 2.1.2, the PV cell can be
linearized only when the PV system operates at the MPP. However, the necessary condition
is that Req equals Ri to make the PV system MPPT. In the actual PV system, the DC/DC is
controlled using the digital signal controller. In this way, these converters perform MPPT
by changing the final Ri to Req [37]. Before analyzing the OLM-VWP of the PV system, the
following assumptions are made about the circuit structure of Figure 2:

(1) All circuit components in the circuit are ideal components.
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(2) The capacity values of the inductor and capacitor of the DC/DC are set to larger
values to ensure that the DC/DC operates in continuous mode.

(3) The PV system is always controlled at the MPP.

First, according to Figure 2, Equations (20)–(23) are established based on the power
balance relationship and the circuit theorem.

Veq Ieq = Vd Id = Vo Io (20)

Ri =
Veq

Ieq
(21)

R1 =
Vd
Id

(22)

RL =
Vo

Io
(23)

In a PV cell equivalent circuit, three different DC/DCs, DC/ACs, and digital con-
trollers constitute the PV system. These circuit parameters are shown in Table 1. The
OLM-VWP of the PV system can be derived from Equations (24)–(26) and Table 1.

Vo =
MVeq√

2
(24)

R1 =
2RL

M2 (25)

PM =

√
Pmax(S, T)

2RL

M2 (26)

DM is the duty cycle at the MPP, and Pmax(S, T) is the maximum power. The mathe-
matical relationship between Pmax(S, T) and S, T can be expressed using Equation (27). The
mathematical relationship between C(S, T) and S, T can be expressed using Equation (28).

Pmax(S, T) =


11.772× 10−8S3 − 11.968× 10−5S2

+0.5986S + 10.656− 0.18T 0 6 T 6 40
11.772× 10−8S3 − 11.968× 10−5S2

+0.5988S + 10.656 − 20 6 T 6 0

(27)

C(S, T) = 18.48× 10−6 × (S− 638.25)2 + 69.148
+(25− T)× 2.064

(28)

Table 1. Circuit parameters of differently structured PV systems.

Structure of Different PV Systems PV-Buck PV-Boost PV-Buck–Boost

DM
PM

C(S,T) 1− C(S,T)
PM

1− C(S,T)
C(S,T)+PM

Ri
1

D2
2RL
M2 (1− D)2 2RL

M2
(1−D)2

D2
2RL
M2

Vd DVeq
Veq

1−D
DVeq
1−D

Then, when the Buck circuit is used as the DC/DC of the PV system, the struc-
ture of the PV system is the PV-Buck circuit. The OLM-VWP of the PV-Buck structure
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from input-to-output can be represented using Equation (29), derived by combining
Equations (4), (8), (16), (19), (27) and (28).

G13(s) =
vo(s)

c(S, T)(s)

∣∣∣∣
d(S,T)(s)=0

=
2DMG12G9(

2C1RL
M2(DM)2 s + 1

)(
L1C2s2 + M2L1

2RL
s + 1

) (29)

Similarly, when the Boost circuit is used as the DC/DC of the PV system, the structure
of the PV system is the PV-Boost circuit. The OLM-VWP of the PV-Boost circuit struc-
ture from input-to-output can be represented using Equation (30), derived by combining
Equations (4), (9), (16), (19), (27) and (28).

G14(s) =
vo(s)

c(S, T)(s)

∣∣∣d(S,T)(s)=0 =
−2DM(1− DM)G12G9(

2RL(1−DM)2C1

M2(DM)2 s + 1
)(

L1C2s2 + M2L1
2RL

s + (1− DM)2
) (30)

Similarly, when the Buck–Boost circuit is used as the DC/DC of the PV system, the
structure of the PV system is the PV-Buck–Boost circuit. The OLM-VWP of the PV-Buck–
Boost circuit structure from input-to-output can be represented using Equation (31), derived
by combining Equations (4), (10), (16), (19), (27) and (28).

G15(s) =
vo(s)

c(S, T)(s)

∣∣∣d(S,T)(s)=0 =
−2DM(1− DM)G12G9(

2RL(1−DM)2C1

M2(DM)2 s + 1
)(

L1C2s2 + M2L1
2RL

s + (1− DM)2
) (31)

Similarly, the OLM-VWP of the PV-Buck circuit structure from control-to-output can be
represented using Equation (32), derived by combining Equations (4), (11), (16), (19), (27) and (28).

G16(s) =
vo(s)

d(S, T)(s)

∣∣∣
c(S,T)(s)=0

=
2C(S, T)G12G9(

2C1RL
M2(DM)2 s + 1

)(
L1C2s2 + M2L1

2RL
s + 1

) (32)

Similarly, the OLM-VWP of the PV-Boost circuit structure from control-to-output can be
represented using Equation (33), derived by combining Equations (4), (12), (16), (19), (27) and (28).

G17(s) =
vo(s)

d(S, T)(s)

∣∣∣c(S,T)(s)=0 =

2C(S, T)
(

1− M2L1
2(1−DM)2RL

s
)

G12G9(
2(1−DM)2C1RL

M2 s + 1
)(

L1C2s2 + M2L1
2RL

s + (1− DM)2
) (33)

Finally, the OLM-VWP of the PV-Buck–Boost circuit structure from control-to-output can be
represented using Equation (34), derived by combining Equations (4), (13), (16), (19), (27) and (28).

G18(s) =
vo(s)

d(S, T)(s)

∣∣∣c(S,T)(s)=0 =

2C(S, T)
(

DM M2L1
2(1−DM)2RL

s− 1
)

G12G9(
2(1−DM)2C1RL

M2(DM)2 s + 1
)(

L1C2s2 + M2L1
2RL

s + (1− DM)2
) (34)

2.3. The OLM-VWP of Order Reduction

The SOLM-VWP of the PV system is proposed by reducing the higher-order system of
Equations (29)–(34) to the second-order system. The first reason is that the SOLM-VWP is
proposed as a prerequisite to subsequently solving the DTM-VWP. The second reason is
to reduce the analysis complexity of the output transient characteristics of the PV system.
The third reason is to augment the practicality and effectiveness of the OLM-VWP for
the PV systems in engineering practice. Note that the complex higher-order OLM-VWP
can be simplified using the proposed improved Routh approximation method [43]. This
method can fill the gap in many higher-order systems where the traditional dominant
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pole method is not applicable. There is no dominant pole in the unit negative feedback
system of the OLM-VWP of the PV system. For example, the unit negative feedback of
Equation (29) is shown in Figure 5. The SOLM-VWP of the PV system is proposed using
the Routh approximation, which requires solving two parameter tables, namely, the alpha
table (α-table) and the beta table (β-table). In these tables, the process of computing the
parameters in the α-table is as easy as computing the parameters of the Routh–Hurwitz
table [44]. However, the process of solving for the parameters in the β-table is much
more complicated than that of the α-table. To avoid the complicated computer procedure
associated with the α and β-tables, a mathematical model based on the Routh approximation
is proposed to reduce the sixth-order transfer function of Equation (35) to the second-order
Equation (43). This model retains the low- and medium-frequency characteristics when
e−Tds in Equation (29) is replaced by Equation (18) to better carry out the higher-order
model simplified calculation. Similarly, the OLM-VWP of the PV system in Equations
(29)–(34) constitutes the degraded reduction of this method, and the SOLM-VWP does
not lose the important control characteristics of the original higher-order system. After
successful order reduction, the typical second-order system provides more convenience for
studying the DTM-VWP theory of the PV system. Equations (35)–(43) provide the reduced-
order model for the OLM of the PV-Buck circuit structure. For additional structures of the
oversized linear models, the reduced-order methods are calculated accordingly.

G(s) =
vo(s)

c(S, T)(s)

∣∣∣d(S,T)(s)=0 =
B0s + B1

A0s6 + A1s5 + A2s4 + A3s3 + A4s2 + A5s + A6
(35)

A0 =
2C1C2C3L1L2RLTd

(DM)2M2
(36)

A1 =

L1L2

(
C2C3Td(DM)2M2 + C1C3TdM2

+2C1C2Td + 2C1C2C3RL

)
(DM)2M2

(37)

A2 =


4C1C2L1RL

2Td + 4C1C3L2RL
2Td+

2C1L1L2M4Td + 4C1C2L1L2RL+

2C1C3L1L2M2RL + 2C2(DM)2

L1L2M2Td + C3(DM)2L1L2M4Td+

2C2C3(DM)2L1L2M2RL


2(DM)2M2RL

(38)

A3 =


4C1C2L1RL

2Td + 4C1C3L2RL
2Td+

2C1L1L2M4Td + 4C1C2L1L2RL+

2C1C3L1L2M2RL + 2C2(DM)2

L1L2M2Td + C3(DM)2L1L2M4Td

+2C2C3(DM)2L1L2M2RL


2(DM)2M2RL

(39)

A4 =


(

L2
RL

+ L1 M2

2RL
+ 2C1RL

(DM)2 M2

)
Td

+ C1L1
(DM)2 +

2C1L2
(DM)2 M2 +

L1L2 M2

2RL
2

+C2L1 + C3L2

 (40)

A5 = Td +
L2

RL
+

L1M2

2RL
+

2C1RL

(DM)2M2
(41)


A6 = 1
B0 = 0
B1 = 2(DM)M

(42)



Energies 2023, 16, 4202 11 of 37


G(s) =

B0
F s+ B1

F

s2+
A5
F s+ A6F

A5

F =
(

A4 − A6 × A3
A5

) (43)
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2.4. The DTM-VWP of the PV System

The OLM-VWP and SOLM-VWP of the PV system are proposed in the preceding
section. These results provide the theoretical basis for solving the DTM-VWP of the PV
system. The DTM-VWP is used to analyze the relationship between the output and the
delay time of the system, as well as its transient characteristics. The algorithm that solves
the DTM-VWP of the PV system is shown below. First, the small-disturbance signal inputs
for the OLM-VWP are c(S, T) or d(S, T). The OLM-VWP of the PV-Buck circuit, PV-Boost
circuit, and PV-Buck–Boost circuit structures are represented using Equations (29)–(34),
respectively. Based on this, the SOLM-VWP is derived by reducing the order of the OLM-
VWP. Then, based on the SOLM-VWP, the functional relationship between the output of
the PV system and the delay time can be derived from the theoretical method of classic
control theory. Finally, the classic linear control theory is used to solve for the delay time
of the system with overdamping. The delay time of the PV system is equal to the time
that it takes for the system to reach half of its steady-state value for the first time, and
its functional relationship is expressed using Equation (44). To derive the time required
for vt, the SOLM-VWP is fitted to the curve function, which solves for the delay time td
corresponding to the output of the PV system. The values of c(S, T) and d(S, T) of the
SOLM-VWP can be measured, and the circuit parameters and circuit structure are known.
The delay time can be calculated directly from Equations (45)–(50).

vt =
vo

2
(44)

Equation (45) can be derived from the SOLM-VWP model of Equations (43) and (44).
It is the DTM-VWP of the PV-Buck circuit in the condition of input perturbation.

t(vt) =
a1vt

2 + a2vt + a3

vt3 + b1vt2 + b2vt + b3
(45)

Equation (46) can be derived from the SOLM-VWP model of Equations (43) and (44).
It is the DTM-VWP of the PV-Boost circuit in the condition of input perturbation.

t(vt) =
a1vt

2 + a2vt + a3

vt3 + b1vt2 + b2vt + b3
(46)
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Equation (47) can be derived from the SOLM-VWP model of Equations (43) and (44).
It is the DTM-VWP of the PV-Buck–Boost circuit in the condition of input perturbation.

t(vt) =
a1vt

3 + a2vt
2 + a3vt + a4

vt5 + b1vt4 + b2vt3 + b3vt2 + b4vt + b5
(47)

Equation (48) can be derived from the SOLM-VWP model of Equations (43) and (44).
It is the DTM-VWP of the PV-Buck circuit in the condition of control perturbation.

t(vt) =
a1vt

3 + a2vt
2 + a3vt + a4

b1vt4 + b2vt3 + b3vt2 + b4vt + b5
(48)

Equation (49) can be derived from the SOLM-VWP model of Equations (43) and (44).
It is the DTM-VWP of the PV-Boost circuit in the condition of control perturbation.

t(vt) =
a1vt

4 + a2vt
3 + a3vt

2 + a4vt + a5

vt5 + b1vt4 + b2vt3 + b3vt2 + b4vt + b5
(49)

Equation (50) can be derived from the SOLM-VWP model of Equations (43) and (44).
It is the DTM-VWP of the PV-Buck–Boost circuit in the condition of control perturbation.

t(vt) =
a1vt

4 + a2vt
3 + a3vt

2 + a4vt + a5

vt5 + b1vt4 + b2vt3 + b3vt2 + b4vt + b5
(50)

Equations (45) and (46) are the DTM-VWP for PV-Buck and PV-Boost under the
input perturbation condition, respectively. From the expressions, it can be seen that the
functional expressions of Equations (45) and (46) are similar. Similarly, the expressions
of Equations (49) and (50) are similar. Although the function expressions are similar, the
parameters in their expressions are not the same. This result can also be seen in Section 3.1.4
regarding DTM-VWP.

3. Results
3.1. Simulation Experiments
3.1.1. The OLM-VWP Verification on the DC Side of the PV System

The linearized model for the DC side of the PV system at the MPP is given by
Equations (8)–(13). These results provide the theoretical basis for proposing the OLM
of the PV system with inverters under the MPP conditions. For this purpose, six sets of
simulation experiments are carried out using MATLAB software. The proposed DC-side
linearization model is verified by experiments. In these experiments, the PV system is
assumed to operate at maximum power at constant irradiance and temperature for the
following conditions. For the simulation experiments, the parameters of the PV cell and the
circuit are given in Tables 2 and 3, respectively. The DC/DC of the PV system is selected as
the Buck circuit, Boost circuit, and Buck–Boost circuit structures for simulation verification.

Table 2. Parameters of the PV cell.

Quantity Notation Value

Maximal output power Pmax/(W) 150.15
Open-circuit voltage VOC/(V) 22
Short-circuit current ISC/(A) 9.19

Reference temperature Tref/(◦C) 25
Reference irradiance Sref/(W/m 2) 1000

Output voltage at maximum power VMPP/(V) 17.5
Output current at maximum power IMPP/(A) 8.58

Number of PV cells 4
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Table 3. Circuit parameters in the simulation.

Quantity Notation Value

Filter capacitors for PV cells C1/(uF) 4.7 × 10−3

Filter capacitors for DC/DC C2/(uF) 4.7 × 10−3

Filter capacitor for DC/AC C3/(uF) 2.2× 10−7

Power inductors for DC/DC L1/(mH) 4.7 × 10−3

Filter inductor for DC/AC L2/(mH) 5 × 10−5

Load resistance RL/(Ω) 500
Switching frequency fPWM/(kHz) 20

Modulation ratio M 0.5
MOSFET Internal resistance/(mΩ) 1
MOSFET Buffer resistance/(kΩ) 500

Diode Internal resistance/(mΩ) 1
Diode Buffer resistance/(Ω) 500

Input small disturbance c(S, T)
Control small disturbances d(S, T)

To verify whether the OLM-VWP is of greater engineering utility, the experimental
data are simulated by choosing data from the actual PV power stations, and these data
characteristics are given in Figure 6. The simulation experiment was conducted by select-
ing three sets of representative data from the one-day operation of the PV system. The
experimental results are given in Tables 4 and 5. The experimental results are shown in
Figures 7–12.

According to Figures 7–12, in the simulation experiments, the PV system at S and T
(400 W/m2, 10 ◦C) is operating at the steady state. S and T (1000 W/m2, 25 ◦C) represent
the perturbed signal inputs. These experiments verify that the DC-side linearization model
is feasible and usable. On the one hand, an intuitive analysis of Figures 7–9 indicates that
the response characteristics of the DC-side linearization models and the simulated circuit
are approximately the same when the VWP is used as an input perturbation. Alternately,
Figures 10–12 indicate that the response characteristics of the DC-side linearization model
and the simulated circuit are approximately the same when the control variable is used as
an input perturbation.
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Figure 6. Trend diagram of weather parameters of the PV system.
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Table 4. Transient performance indexes of the DC/DC input-to-output for the linearized models.

Difference
Structure
DC/DC

Initial Value
Status

(S,T)/(W/m2,◦C)

Perturbation Value
Status

(S,T)/(W/m2,◦C)
c(S,T) Dmax(S,T) td/(s) tp/(s) tr/(s) ts/(s)

Buck
400,10 1000,40 4.74 0.425 0.242 0.837 0.483 0.552
800,30 1000,40 0.78 0.627 0.109 0.449 0.219 0.301

1000,40 800,10 4.19 0.722 0.071 0.194 0.142 0.155

Boost
400,10 1000,40 4.74 0.256 0.176 0.393 0.351 1.073
800,30 1000,40 0.78 0.496 0.071 0.214 0.141 1.418

1000,40 800,10 4.19 0.562 0.074 0.232 0.147 1.586

Buck–Boost
400,10 1000,40 4.74 0.573 0.112 0.288 0.223 1.299
800,30 1000,40 0.78 0.665 0.099 0.306 0.199 1.597

1000,40 800,10 4.19 0.695 0.102 0.322 0.203 1.518

Table 5. Transient performance indexes of the DC/DC control-to-output for the linearized models.

Difference
Structure
DC/DC

Initial Value
Status

(S,T)/(W/m2,◦C)

Perturbation Value
Status

(S,T)/(W/m2,◦C)
C(S,T) d(S,T) td/(s) tp/(s) tr/(s) ts/(s)

Buck
400,10 1000,40 73.26 0.297 0.207 0.836 0.414 0.537
800,30 1000,40 70.72 0.070 0.100 0.449 0.200 0.273

1000,40 800,10 68.52 0.104 0.071 0.194 0.142 0.159

Boost
400,10 1000,40 73.26 0.306 0.181 0.393 0.361 1.083
800,30 1000,40 70.72 0.053 0.078 0.224 0.156 1.433

1000,40 800,10 68.52 0.074 0.081 0.246 0.162 1.614

Buck–Boost
400,10 1000,40 73.26 0.122 0.112 0.298 0.224 1.311
800,30 1000,40 70.72 0.024 0.107 0.326 0.214 1.621

1000,40 800,10 68.52 0.033 0.113 0.344 0.225 1.544

In addition, the linearized model dynamic performance index values in Figures 7–12 are
approximately equal to the dynamic performance index values computed in Tables 4 and 5. The
above findings further verify that the linearized model of the DC side has good practicality
and feasibility.
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Figure 7. Response plots of the PV-Buck circuit structure input-to-output.
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3.1.2. SOLM-VWP Verification of the PV System

The OLM-VWP of the PV system with the VWP is given by Equations (29)–(34). To
completely eliminate the complexity of modeling a PV system and to improve the utility
and convenience of the associated linearized models, based on the Routh approximation
SOLM-VWP is proposed. Equations (35)–(42) to the second-order model Equation (43) by
reducing the order of the sixth-order transfer function model, which can still retain low-
and medium-frequency characteristics.

Then, simulation comparison experiments between the higher-order model and the
reduced-order (second-order) model are conducted using MATLAB software to verify
the model’s accuracy. In these experiments, Equations (35)–(43) are verified under the
condition that the PV system is subjected to small perturbation signals of irradiance and
temperature as step signals. The results of these experiments are shown in Figures 13–18.
These dynamic characteristics of the linearized model can be analyzed via the figures. In
the case where the weather variables and control variables are the inputs, these analyzed
linearized models include the PV system with the PV-Buck circuit, PV-Boost circuit, and
PV-Buck–Boost circuit structures. Figures 13 and 16 show that the dynamic performance of
the higher-order system and the second-order system with the PV-Buck circuit structure
is basically the same. This result indicates that the second-order model established using
Equation (43) can successfully analyze the dynamic performance of the higher-order system.
Figures 14, 15, 17 and 18 show that the dynamic performance of the PV-Boost circuit and
PV-Buck–Boost circuit high-order systems and second-order systems are basically the same.
Although some errors remain, they are within the allowed range of the system, indicating
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that the dynamic performance of the high-order system can also be effectively analyzed
using the reduced-order model.
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3.1.3. Linearized Modeling of the PV System for Verification

To verify the OLM-VWP of the PV system and its simplified model proposed in
Section 2.3, the following simulation experiments are conducted to analyze the feasibility
and usability of the model. The experiments are carried out by building the PV system
circuit model in MATLAB/Simulink, as well as the linearized mathematical model of the
system, to simulate the dynamic response characteristics. The simulation experiments
are carried out in two aspects. On the one hand, the simulation is intended to verify the
OLM-VWP of the PV system from the small input perturbation to the output. On the other
hand, the dynamic response characteristics of the model are verified by simulating the
OLM-VWP of the PV system from a small control disturbance to the output. In this case,
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the SOLM-VWP is represented by a second-order model in the simulation experiment. The
simulation experiment is based on the circuit structure of the PV system in Figure 2, in
which the DC/DC is chosen as a Buck circuit, Boost circuit, or Buck–Boost circuit structure,
and the DC/AC is chosen as a full-bridge inverter circuit. These constitute the PV-Buck
circuit, PV-Boost circuit, and PV-Buck–Boost circuit structures of the PV system.

To better analyze the dynamic characteristics of the OLM-VWP, the simulated circuit is
verified under the situation in which the S and T steady-state values are 400 W/m2, 10 ◦C
and the perturbation is 1000 W/m2, 25 ◦C. The OLM-VWP of the PV system is verified
using a simulation with ideal and nonideal circuit components. In the nonideal case, the
parameters of the simulated circuit are as given in Table 3. For the experimental conditions
in Section 3.1.1, three classic data sets are chosen to characterize the operation of the system
over one day. In addition, the small perturbations are experimentally verified for three
cases: varying S with constant T, constant S with varying T, and varying S with varying T.

(1) Validation of the OLM-VWP from input-to-output

Figures 19 and 20 show the case of a perturbation signal that has been fed to the
simulation at 0.5 s; the simulated circuit and the linearized mathematical model in both
figures stabilize after 0.98 s. Moreover, the experimental results of the circuit simulation
and the OLM-VWP for the small signal are approximately equal in the ideal and nonideal
cases. Figure 19 indicates that the linearized model of the PV system can be stable at the
steady-state point of 1.02 s.
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The circuit simulation already reaches the steady-state point at only 0.87 s, and the
error in reaching the steady-state point is approximately 2%. Simulation experiments
are performed to analyze the accuracy of OLM-VWP and SOLM-VWP, and the results
are shown in Table 6, where c(S, T), Dmax(S, T), td, tp, tr, and ts can be calculated using
Equations (28) and (29) and Table 1 to evaluate the dynamic performance index of the
PV-Buck circuit structure.

Table 6. Simulation results of the PV-Buck system with different inputs c(S, T).

Initial Value Status
(S,T)/(W/m2,◦C)

Perturbation Value
Status (S,T)/(W/m2,◦C) c(S,T) Dmax(S,T) td/(s) tp/(s) tr/(s) ts/(s)

1000,25 800,25 1.95 0.702 0.077 0.3582 0.14 0.155
800,25 600,25 0.35 0.633 0.142 0.4405 0.239 0.283
600,25 400,25 1.02 0.539 0.153 0.416 0.282 0.305

1000,10 1000,40 6.14 0.684 0.105 0.305 0.166 0.209
800,10 600,40 6.15 0.618 0.141 0.462 0.224 0.281
400,10 400,40 6.09 0.425 0.293 0.836 0.500 0.597
400,10 1000,40 4.74 0.425 0.265 0.836 0.447 0.529
800,20 1000,25 0.78 0.627 0.134 0.449 0.209 0.279

1000,40 800,10 4.19 0.722 0.076 0.193 0.14 0.152

The dynamic characteristic indexes calculated in Table 6 are exactly consistent with
the simulation results in Figure 19, but the rise and delay times still have an error of
approximately 2%. These results reveal the feasibility, usability, and rationality of the
OLM-VWP and SOLM-VWP for different c(S, T) conditions.

Figures 21 and 22 show a case in which a perturbation signal has been fed to the
simulation experiment at 1 s; the simulated circuit and the linearized mathematical model
in both figures stabilize after 2.14 s. Moreover, the experimental results of the circuit
simulation and the OLM-VWP for the small signal are approximately equal in the ideal
and nonideal cases. Figure 21 indicates that the linearized model of the PV system can be
stable at the steady-state point of 2.07 s.
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Figure 21. Simulation diagram of the PV-Boost system under ideal conditions.

The circuit simulation already reaches the steady-state point at only 1.81 s, and the
error in reaching the steady-state point is approximately 4%. Simulation experiments
are performed to analyze the accuracy of OLM-VWP and SOLM-VWP, and the results
are shown in Table 7, where c(S, T), Dmax(S, T), td, tp, tr, and ts can be calculated using
Equations (28) and (30) and Table 1 to evaluate the dynamic performance index of the
PV-Boost circuit structure. The dynamic characteristic indexes calculated in Table 7 are
exactly consistent with the simulation results in Figure 21, but the rise time and delay time
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still have an error of approximately 1%. These results reveal the feasibility, usability, and
rationality of the OLM-VWP and SOLM-VWP for different c(S, T) conditions.
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Table 7. Simulation results of the PV-Boost system with different inputs c(S, T).

Initial Value Status
(S,T)/(W/m2,◦C)

Perturbation Value
Status (S,T)/(W/m2,◦C) c(S,T) Dmax(S,T) td/(s) tp/(s) tr/(s) ts/(s)

1000,25 800,25 1.95 0.549 0.073 0.226 0.144 1.557
800,25 600,25 0.35 0.500 0.071 0.215 0.143 1.429
600,25 400,25 1.02 0.414 0.070 0.198 0.449 1.357

1000,10 1000,40 6.14 0.537 0.071 0.222 0.144 1.525
800,10 600,40 6.15 0.488 0.070 0.211 0.141 1.398
400,10 400,40 6.094 0.256 0.175 0.293 0.351 1.072
400,10 1000,40 4.74 0.256 0.174 0.393 0.351 1.072
800,20 1000,25 0.78 0.496 0.069 0.214 0.141 1.418

1000,40 800,10 4.19 0.562 0.073 0.232 0.147 1.586

Figures 23 and 24 show the case in which a perturbation signal has been fed to the
simulation experiment at 1.5 s; the simulated circuit and the linearized mathematical model
in both figures stabilize after 3.12 s. Moreover, the experimental results of the circuit
simulation and the OLM-VWP for the small signal are approximately equal in the ideal and
nonideal cases. Figure 23 indicates that the linearized model of the PV system can be stable
at the steady-state point of 3.03 s. The circuit simulation already reaches the steady-state
point at only 2.48 s, and the error in reaching the steady-state point is approximately 2%.

Simulation experiments are performed to analyze the accuracy of OLM-VWP and
SOLM-VWP, and the results are shown in Table 8 where c(S, T), Dmax(S, T), td, tp, tr, and
ts can be calculated using Equations (28) and (31) and Table 1 to evaluate the dynamic
performance index of the PV-Buck–Boost circuit structure. The dynamic characteristic
indexes calculated in Table 8 are exactly consistent with the simulation results in Figure 23,
but the rise time and delay time still have an error of approximately 3%. These results reveal
the feasibility, usability, and rationality of the OLM-VWP and SOLM-VWP for different
c(S, T) conditions.
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Figure 24. Simulation diagram of the PV-Buck–Boost system under nonideal conditions.

Table 8. Simulation results of the PV-Buck–Boost system with different inputs c(S, T).

Initial Value Status
(S,T)/(W/m2,◦C)

Perturbation Value
Status (S,T)/(W/m2,◦C) c(S,T) Dmax(S,T) td/(s) tp/(s) tr/(s) ts/(s)

1000,25 800,25 1.95 0.689 0.118 0.388 0.249 1.515
800,25 600,25 0.35 0.666 0.115 0.383 0.249 1.515
600,25 400,25 1.02 0.630 0.119 0.383 0.246 1.516

1000,10 1000,40 6.14 0.683 0.119 0.383 0.249 1.514
800,10 600,40 6.15 0.661 0.117 0.383 0.247 1.515
400,10 400,40 6.09 0.573 0.123 0.386 0.248 1.536
400,10 1000,40 4.74 0.573 0.112 0.386 0.224 1.536
800,20 1000,25 0.78 0.665 0.118 0.383 0.249 1.516

1000,40 800,10 4.19 0.695 0.117 0.383 0.230 1.516

(2) Validation of the OLM-VWP from Control-to-Output

As above, Figures 25 and 26 show that a perturbation signal is fed to the simulation
experiment at 2 s, and the simulated circuit and the linearized mathematical model in both
figures stabilize after 2.53 s. Moreover, the experimental results of the circuit simulation
and the OLM-VWP for the small signal are approximately equal in ideal and nonideal cases.
Additionally, from the analysis in Figure 25, it can be concluded that the linearized model of



Energies 2023, 16, 4202 23 of 37

the PV system can be stable at the steady-state point of 2.53 s. The circuit simulation already
reaches the steady-state point at only 2.47 s, and the error in reaching the steady-state point
is approximately 4%.
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On the other hand, some simulation experiments were performed to analyze the
accuracy of OLM-VWP and SOLM-VWP, and the results are shown in Table 9 where
C(S, T), d(S, T), td, tp, tr, and ts can be calculated using Equations (28) and (32) and Table 1
to evaluate the dynamic performance index of the PV-Buck circuit structure. Among them,
the dynamic characteristic indexes calculated in Table 9 are exactly consistent with the
simulation results in Figure 25, but the rise time and delay time still have an error of
approximately 5%. Clearly, these results reveal the feasibility, usability, and rationality of
the OLM-VWP and SOLM-VWP for different d(S, T) conditions.
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As above, Figures 27 and 28 show that a perturbation signal is fed to the simulation
experiment at 1 s, and the simulated circuit and the linearized mathematical model in both
figures stabilize after 2.1 s. Moreover, the experimental results of the circuit simulation
and the OLM-VWP for the small signal are approximately equal in the ideal and nonideal
cases. Additionally, from the analysis in Figure 27, it can be concluded that the linearized
model of the PV system can be stable at the steady-state point of 2.08 s. However, the circuit
simulation already reaches the steady-state point at only 1.88 s, and the error in reaching
the steady-state point is approximately 3%.
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Table 9. Simulation results of the PV-Buck system at different inputs d(S, T).

Initial Value Status
(S,T)/(W/m2,◦C)

Perturbation Value
Status (S,T)/(W/m2,◦C) C(S,T) d(S,T) td/(s) tp/(s) tr/(s) ts/(s)

1000,25 800,25 71.50 0.049 0.079 0.242 0.160 1.576
800,25 600,25 69.55 0.086 0.076 0.225 0.154 1.444
600,25 400,25 69.20 0.157 0.075 0.204 0.152 1.370

1000,10 1000,40 74.66 0.025 0.081 0.239 0.160 1.546
800,10 600,40 72.71 0.065 0.076 0.221 0.155 1.413
400,10 400,40 73.26 0.001 0.176 0.393 0.361 1.083
400,10 1000,40 73.26 0.306 0.175 0.393 0.361 1.083
800,20 1000,25 70.72 0.053 0.076 0.224 0.156 1.433

1000,40 800,10 68.52 0.074 0.081 0.246 0.162 1.614
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Figure 28. Simulation diagram of the PV-Boost system under nonideal conditions.

On the other hand, some simulation experiments were performed to analyze the
accuracy of OLM-VWP and SOLM-VWP, and the results are shown in Table 10 where
C(S, T), d(S, T), td, tp, tr, and ts can be calculated using Equations (28) and (33) and Table 1
to evaluate the dynamic performance index of the PV-Boost circuit structure. Among
them, the dynamic characteristic indexes calculated in Table 10 are exactly consistent with
the simulation results in Figure 27, but the rise time and delay time still have an error of
approximately 2%. Clearly, these results reveal the feasibility, usability, and rationality of
the OLM-VWP and SOLM-VWP for different d(S, T) conditions.
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Table 10. Simulation results of the PV-Boost system at different inputs d(S, T).

Initial Value Status
(S,T)/(W/m2,◦C)

Perturbation Value
Status (S,T)/(W/m2,◦C) C(S,T) d(S,T) td/(s) tp/(s) tr/(s) ts/(s)

1000,25 800,25 71.50 0.049 0.079 0.242 0.160 1.576
800,25 600,25 69.55 0.086 0.076 0.225 0.154 1.444
600,25 400,25 69.20 0.157 0.075 0.204 0.152 1.370

1000,10 1000,40 74.66 0.025 0.081 0.239 0.160 1.546
800,10 600,40 72.71 0.065 0.076 0.221 0.155 1.413
400,10 400,40 73.26 0.001 0.176 0.393 0.361 1.083
400,10 1000,40 73.26 0.306 0.175 0.393 0.361 1.083
800,20 1000,25 70.72 0.053 0.076 0.224 0.156 1.433

1000,40 800,10 68.52 0.074 0.081 0.246 0.162 1.614

Figures 29 and 30 show the case of a perturbation signal fed to the simulation ex-
periment at 1.5 s; the simulated circuit and the linearized mathematical model in both
figures stabilize after 2.86 s. Moreover, the experimental results of the circuit simulation
and the OLM-VWP for the small signal are approximately equal in the ideal and nonideal
cases. Figure 29 indicates that the linearized model of the PV system can be stable at the
steady-state point of 2.81 s. The circuit simulation already reaches the steady-state point at
only 2.67 s, and the error in reaching the steady-state point is approximately 2%. Simulation
experiments are performed to analyze the accuracy of OLM-VWP and SOLM-VWP, and
the results are shown in Table 11 where C(S, T), d(S, T), td, tp, tr, and ts can be calculated
using Equations (28) and (34) and Table 1 to evaluate the dynamic performance index of the
PV-Buck–Boost circuit structure. The dynamic characteristic indexes calculated in Table 11
are exactly consistent with the simulation results in Figure 29, but the rise time and delay
time still have an error of approximately 2%. These results reveal the feasibility, usability,
and rationality of the OLM-VWP and SOLM-VWP for different d(S, T) conditions.
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Table 11. Simulation results of the PV-Buck–Boost system at different inputs d(S, T).

Initial Value Status
(S,T)/(W/m2,◦C)

Perturbation Value
Status (S,T)/(W/m2,◦C) C(S,T) d(S,T) td/(s) tp/(s) tr/(s) ts/(s)

1000,25 800,25 71.50 0.023 0.111 0.340 0.223 1.520
800,25 600,25 69.55 0.036 0.106 0.326 0.219 1.621
600,25 400,25 69.20 0.056 0.106 0.305 0.217 1.487

1000,10 1000,40 74.66 0.012 0.111 0.335 0.219 1.496
800,10 600,40 72.71 0.02 0.107 0.321 0.215 1.609
400,10 400,40 73.26 0.001 0.111 0.298 0.223 1.310
400,10 1000,40 73.26 0.122 0.114 0.298 0.223 1.310
800,20 1000,25 70.72 0.024 0.111 0.326 0.219 1.621

1000,40 800,10 68.52 0.033 0.115 0.343 0.225 1.545

3.1.4. Theoretical Verification of Small-Signal Delay in the PV System

The proposed DTM-VWP for the PV system is validated by using the validation
method in Figure 31. MATLAB simulation software is used to analyze and compare the
time delay of SOLM-VWP and DTM-VWP. In Figures 32–37, the solid line shows the
simulation data of the OLM-VWP, and the dashed line represents the DTM-VWP derived
from the curve fitting. Three circuits, the Buck circuit, Boost circuit, and Buck–Boost circuit,
are simulated under the conditions of small-disturbance signals with inputs c(S, T) and
d(S, T).

t(vt) =
−134.6vt

2 − 31.12vt + 2161
vt3 + 3006vt2 − 2.554× 104vt + 5.38× 104 (51)

t(vt) =
−0.7795 vt

2+9.597vt − 1.558
vt3 − 24.28vt2 + 129.7 vt + 214.4

(52)

t(vt) =
3.707vt

3 − 95.08 vt
2+607.9vt − 2.958

vt5 − 45.41vt4 + 795.8vt3 − 6409vt2+2.004× 104 vt − 95.25
(53)

Similarly, the DTM-VWP of the PV-Buck circuit, PV-Boost circuit, and PV-Buck–Boost
circuit structure systems can be represented by Equations (54)–(56) under the condition of
a small perturbation signal of the input d(S, T) to the output vo, as shown in Figures 35–37.
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Similarly, the DTM-VWP of the PV-Buck circuit, PV-Boost circuit, and PV-Buck–

Boost circuit structure systems can be represented by Equations (54)–(56) under the con-

dition of a small perturbation signal of the input ( , )d S T  to the output 
ov , as shown in 

Figures 35–37. 
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t(vt) =
3.399vt

3 − 179.8vt
2+2311 vt − 932.8

vt4 − 23.09vt3 − 208.7vt2+1689vt+7.562× 104 (54)

t(vt) =
−0.33vt

4 − 52.04vt
3 + 2452vt

2+1624vt + 128.8
vt5 − 71.87vt4 + 1094vt3 + 2207vt2+1.952× 105vt + 1.091× 105 (55)

t(vt) =
−0.6571vt

4 − 68.01vt
3 + 4395vt

2+9326vt + 4179
vt5 − 84.09vt4 + 1240vt3 + 1.737× 104vt2+2.873× 105vt + 1.792× 105 (56)

The above equations show that the delay time of the system can be calculated using
Equations (51)–(56) for small disturbances of the PV system. In addition, the simulation
results of DTM-VWP and SOLM-VWP have small errors, and the error analysis of the DTM-
VWP results is shown in Table 12. This result is acceptable for engineering applications.
Therefore, it can be concluded that DTM-VWP is very accurate under different c(S, T) and
d(S, T) conditions.

Table 12. DTM-VWP error result analysis.

Different Conditions of Input Different Circuit Structures SEE RMSR (%)

Inputted disturbance
Buck 1.598 1.264%
Boost 0.969 0.984%

Buck–Boost 1.716 1.196%

Controlled disturbance
Buck 3.071 1.615%
Boost 4.065 1.842%

Buck–Boost 5.029 2.041%

3.2. Experimental Validation

To validate the linearized modeling method and DTM-VWP, the PV system shown
in Figure 2 is simulated in Simulink software and prototyped for physical verification
in the laboratory. The experimental platform for the PV-Buck and the PV-Boost systems
is illustrated in Figure 38. The circuit parameters used for the experiments are given
in Table 12, where the DC/DC is selected as the bidirectional DC/DC circuit for the
experiments, the DC/AC is used as the full-bridge inverter, the STM32 is selected as the
digital controller, and the load is a purely resistive load. These components can be used to
verify both PV-Buck circuit structure and PV-Boost structure systems.
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ance and temperature changes (800,20 to 1000,40). It can be seen from these figures that 

when the PV system reaches steady state and is suddenly disturbed by the input, it can be 
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Figure 38. The PV system physical verification circuit.

Figures 39 and 40 show the experimental plots of the DC-side linearization model of the
PV-Buck system. Figure 39 is the experimental waveform with sudden irradiance change
and constant temperature (400,25 to 1000,25). Figure 40 shows the experimental waveform
for both irradiance and temperature changes (600,10 to 1000,45). Figures 41 and 42 show
the experimental plots of the DC-side linearization model of the PV-Boost system. Figure 41
is the experimental waveform with sudden irradiance change and constant temperature
(1000,25 to 400,25). Figure 42 shows the experimental waveform for both irradiance and
temperature changes (800,20 to 1000,40). It can be seen from these figures that when the PV
system reaches steady state and is suddenly disturbed by the input, it can be seen that the
output voltage on the DC side will change, and there will be a certain delay time before
reaching the next steady state. From Figure 39, it can be seen that the system DC-side
output voltage reaches steady state at 0.43 V at 400,25, and when disturbed by 1000,25
the system DC-side output voltage changes by 0.26 V, generating a delay time of 12.82 ms
before reaching the next steady state. Similarly, the analysis results of Figures 40–42 are
similar to those of Figure 39, and the details are shown in Table 13, which indicates that the
results are basically consistent with the previous theoretical simulation results. The validity
of the DC-side linearization model of the PV system is further verified.
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Table 13. Circuit parameters of the experiment.

PV-Buck Generation System Circuit Parameters

Initial value status
(S, T)/(W/m2, ◦C)

Perturbation value
status

(S, T)/(W/m2, ◦C)
Modulation ratio M RL C1 C2 C3 L1 L2

400,10 1000,40 0.95 5Ω 470 uF 1000 uF 1 uF 500 uH 3 mH
PV-Boost generation system circuit parameters

Initial value status
(S, T)/(W/m2, ◦C)

Perturbation value
status

(S, T)/(W/m2, ◦C)
Modulation ratio M RL C1 C2 C3 L1 L2

400,10 1000,40 0.95 53.3Ω 1000 uF 470 uF 1 uH 500 uF 3 mH

To validate the effectiveness of VWP-OLM for PV systems, the following physical
experiments are conducted. Two common circuit structures (PV-Buck and PV-Boost) are
selected for the experiments, respectively. The PV-Buck system is evaluated with an
equivalent voltage of 51.2 V of the steady-state PV cell input. Figure 43 shows that the
PV-Buck system operates at the MPP with a duty cycle DM of 0.423. For input perturbation
of the PV cell at a voltage of 34.7 V, the dynamic characteristics are shown in Figure 44. In
addition, the dynamic response of the settling time and output voltage of its PV system can
be analyzed from the figure.
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The PV-Boost system experiment is conducted with a PV cell equivalent input steady-
state voltage of 13.13 V. From the analysis in Figure 45, the PV system operates at the
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MPP when the duty cycle DM is 0.256. When the input disturbance voltage is 18.32 V,
the dynamic characteristics are as shown in Figure 46, which also shows the dynamic
response of the settling time and the output voltage of the system. In summary, the results
of this experiment are consistent with the simulation results in Section 3.1.3. However,
there are still some errors in the results, as can be seen in the experimental results shown
in Tables 14 and 15, which may be caused by the internal resistance of the diodes and
switching tubes.

Energies 2023, 16, x FOR PEER REVIEW 37 of 41 
 

 

 

Figure 45. The duty cycle of the PV-Boost system at steady state. 

 

Figure 46. The output response of the PV-Boost system. 

Table 14. Experimental data to verify the linearization theory. 
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PV-Boost 
1000,25 400,25 10 V 73 ms 

800,20 1000,40 1.57 V 21.75 ms 

Table 15. Experimental data to verify the linearization theory corresponding to Figures 43–46. 
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4. Discussion

There are some errors in obtaining the equations using the curve fitting method.
Equations (27), (28) and (51)–(56) provide the DTM-VWP. Therefore, one of the limitations
of OLM-VWP and DTM-VWP is the presence of these errors, which are discussed as follows.
First, Figures 19–30 indicate that the DTM-VWP and the simulated circuit always remain
approximately the same in both the ideal case and the nonideal case regardless of S or T
variations. Then, for the DTM-VWP, some errors exist. The analysis can be derived from
Figures 32–37. As long as the circuit parameters are determined and the perturbations
c(S, T) and d(S, T) are measurable, the system delay time can be calculated. The delay
time error between the DTM-VWP and the SOLM-VWP is very small regardless of the
perturbation variation. In practical applications, these errors can be ignored, making use of
these OLMs suitably convenient. Finally, it is well known that almost all theoretical studies
of simplified mathematical models inevitably lead to some errors. Therefore, these small
errors in the theoretical analysis are acceptable.

In addition, all the SOLM-VWPs proposed are investigated on the basis of the OLM-
VWP of the PV system with order reduction using the Routh approximation method.
Therefore, the accuracy, reasonableness, and applicability of the delay time are constrained
by the approximation method, which is another limitation of these models.

Although the OLM-VWP and SOLM-VWP have some drawbacks (or limitations),
the combination of the MATLAB simulation analysis, the VWP methods, and the curve
fitting techniques can still ensure the superiority and validity of these models. Methods to
overcome these problems include error calibration and averaging methods.

5. Conclusions

The SOLM-VWP is given using the proposed small-signal linearized mathematical
model. Based on this, the SOLM-VWP and the DTM-VWP of the system are proposed.
Using the SOLM-VWP for analysis has the advantages of not only reducing the hardware
cost, the computational burden, and the analysis complexity, but also of obtaining good
transient and steady-state performance of the PV system. Finally, through simulation
experiments, the accuracy and rationality of the proposed OLM-VWP of the PV system is
illustrated. The feasibility and usability of the proposed OLM-VWP are verified regardless
of irradiance and temperature variations, and the OLM-VWP is successfully implemented
to calculate the transient performance indexes of the system. Moreover, the transient
characteristics of the linearized model and the actual simulated circuit are basically equal
when the simulation analysis is performed under ideal or nonideal conditions.

Planned future work on this topic focuses on the proposed DTM-VWP of the PV system
for energy scheduling control methods, especially for real-time energy optimal scheduling
methods. To achieve this, some existing improved power forecasts can be combined with
the proposed DTM-VWP. Moreover, the real-time energy optimal scheduling method
should be studied to eliminate the output power overshoot of the input grid.
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Abbreviations

PV photovoltaic
MPP maximum power point
MPPT maximum power point tracking
PWM pulse width modulation
VWP variable weather parameters
AC alternating current
DC direct current
DC/AC DC/AC inverter
OLM-VWP overall linearized model with variable weather parameters
SOLM-VWP simplified overall linearized model with variable weather parameters
DC/DC DC/DC converter circuit
PLL phase-locked loop
DTM-VWP delay-time model with variable weather parameters

Nomenclature

Pmax(S, T) power of the MPP W
C1 shunt capacitor of the PV cell uF
C2 filter capacitance of the DC/DC uF
C3 filter capacitance of the DC/AC uF
L1 power inductance of the DC/DC uH
L2 filter inductance of the DC/AC mH
Req equivalent series resistance of the PV cell Ω
Ri equivalent input resistance of the DC/DC Ω
R1 equivalent resistance at the output end of the DC/DC Ω
RL equivalent resistance at the output end of the DC/AC Ω
C(S, T) weather parameters input
Dmax(S, T) duty ratio of the MPP
r internal resistance of filter capacitance of the DC/AC Ω
D modulation duty cycle of the DC/DC
S irradiance W/m2

T temperature ◦C
Vm reference sine wave signal of the modulator V
VSM equivalent input voltage of the photovoltaic cell V
Veq equivalent output voltage of the photovoltaic cell V
Ieq equivalent output current of the photovoltaic cell A
Vd DC/DC equivalent output voltage V
Id DC/DC equivalent output current A
Vo DC/AC equivalent output voltage V
Io DC/AC equivalent output current V
td delay time s
tr rise time s
ts settling time s
tp peak time s
d small-disturbance input duty cycle of the controller of DC/DC
vd output voltage of the small-signal input PV system V
c(S, T) small-disturbance input of the DC/DC
d(S, T) control input perturbation
Vtri the peak value of the triangular carrier wave V
Kpwm proportionality factor of the inverter control
M modulating ratio
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