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Abstract: The research presented in this paper focuses on the impact of fast charging stations (FCSs)
on voltage quality. When the operation of FCSs causes a voltage fluctuation and light flicker, the
FCSs may be disconnected, as per the utility general standard practice, which results in financial loss
represented by FCS downtime. FCS downtime can be avoided by mitigating voltage fluctuation and
light flicker. Flicker mitigation devices that are available in the market are characterized by their high
total annual equivalent costs. As an alternative, a novel smart charging method is proposed in this
study in order to mitigate both voltage fluctuation and light flicker, whereby customers can select one
of three charging services available in fast chargers: premium, regular, or economic charging power.
The charging power is selected according to customer priority in relation to time and cost, which
offers more flexibility than those currently available in the literature. For instance, the premium
power can be selected if the time is more valuable to the customer at the time of arrival at the FCS;
in contrast, the regular or economic power are utilized if the cost is more valuable than the time.
The results reveal that when an FCS charges a vehicle by an uncontrolled charging method, the FCS
violates the flicker tolerance especially when demand for its service is increased by 20% and beyond.
In contrast, the flicker limit is not violated when vehicles are charged from an FCS as per the proposed
smart charging approach, even when the penetration on the FCS is increased by 50%. The proposed
smart charging method offers a compromise solution to satisfy several stakeholders with different
interests. Thus, the system operator equipment, FCS investors, nearby customers, and owners of
electric vehicles will not be impacted by integrating the FCSs into the distribution networks.

Keywords: fast charging station; smart charging; voltage fluctuation; light flicker

1. Introduction
1.1. Motivation

As the number of electric vehicles (EVs) increases, fast charging becomes a necessity
in electric service stations, not only to reduce charging and waiting times for EVs, whether
in service or in a queue, but also to increase their commercial benefits by increasing their
utilization rates. Fast charging stations (FCSs) are extremely important in reducing down-
time due to charging, especially for ride-hailing EVs as well as commercial and automated
car-sharing EVs. However, FCSs are characterized by their high power consumption from
electric grids [1]. Power consumption is determined by the current drawn by EVs. The
times and periods of that consumption are indeterminate due to several uncertain parame-
ters that are inherent in the EV charging process, such as their numbers, battery capacities,
state-of-charge levels at the time of arrival, as well as their actual time of arrival, all of
which may lead to a degradation in the voltage quality of electric power. Voltage fluctuation
may happen when repeated and sudden changes occur in the real and reactive power that
is drawn from FCSs by EVs. As per the utility general standard practice stated in [2], it
is not permitted to cause any voltage fluctuation in the system, since this could lead to
light flicker for nearby customers. If flicker emission levels are violated by the operation of
customer equipment, the network operator may require [3,4]: mitigative action taken by the
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customer; a disconnection of the customer’s equipment until mitigative action can be taken;
and/or a possible service disconnection of the fluctuating facility. It is the responsibility of
the facility owner/operator to limit voltage fluctuation caused by the operation of their
equipment [3]. As illustrated in Figure 1, from the viewpoint of the investor, the main
benefit of flicker mitigation is to avoid service disconnection on the facility. The utility point
of view is to protect both equipment as well as nearby customers. When the operation of
FCSs causes a voltage fluctuation and light flicker, the FCSs may be disconnected, resulting
in financial loss, represented by the FCS downtime. The downtime is the total amount of
time that the FCS is not accessible. The FCS downtime and its losses can be interpreted as
the cost of voltage flicker incurred by the FCS’s owner. To avoid FCS downtime, voltage
fluctuation and light flicker should be mitigated.
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1.2. Related Works

The subject of smart charging has been addressed in recently published key works
and from different aspects, the aim of which includes minimizing: the system peak [5]; the
imported energy by the local operator [6]; the local distribution company’s operational
costs [7]; the total feeder losses [8]; and the waiting time in queue at the charging station [9].
The node type of the charging station (fast or slow) is a PQ-bus. By controlling the active
power (P), the aforementioned objectives in the literature have been achieved. However, to
control the voltage fluctuation in a PQ-bus without a mitigation device is an interesting
concept. While the voltage in a PQ-bus is a state variable and depends on the drawn
active power, it is an FCS and the drawn active power is controlled by parameters that are
controlled by customers, such as the required level of charge, which affects the duration,
the arrival time, and the number of vehicles served from the station. Unlike home or
fleet charging at night where vehicles park for long periods, thus creating flexibility to
regulate the drawn power, the FCS is required to deliver the power in a very short time,
as determined by customers. The difficulty is how to control the voltage and reduce
the fluctuation in a PQ-bus without injecting a reactive power. The related works in the
literature are compared according to three aspects: the charging power; the smart charging
approach; and the reported flicker value. Previous work can be classified broadly into
four groups, the first of which considers uncontrolled and/or smart charging via a slow
charging station (i.e., a home charger). The second group applies the uncontrolled and/or
smart charging but via a fast charger (i.e., an FCS). Neither of these two groups studies
the impact of the charging station on voltage fluctuation and light flicker. The third group
analyzes the impact of voltage fluctuation on light flicker whereas the fourth group of
studies addresses and mitigates voltage fluctuation and light flicker by costly mitigating
devices. Nevertheless, the source of the flicker in the last two groups is not the charging
stations but rather conventional loads such as an arc furnace or a rolling mill. The goal
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of the work presented in this paper is to fill the research gap by addressing the impact of
an FCS on voltage fluctuation and light flicker, and mitigating that impact using a novel
smart charging approach that has not been previously utilized, to the best of the author’s
knowledge. Table 1 presents a comparison of the method proposed in this paper and other
existing studies. Table 2 illustrates the impact of charging EVs according to the method and
type of electricity systems, as per the previous work as well as the proposed smart charging
method. Smart charging is a method of optimizing the charging process to facilitate the
integration of EVs while meeting any constraints of the distribution system as well as
customer preference.

Table 1. Comparison of the previous work and the proposed method according to charging type and
effect on light flicker.

Reference
Charging Power Charging Type Flicker

Slow Fast UncontrolledSmart Analysis Mitigation

[7,9–11] X × × X × ×
[12] X × X X × ×
[13] × X X × × ×
[14] X X × X × ×
[8] × X X X × ×

[15–17] × × × × X X

[18–22] × × × × X ×
[6] X × × X × ×

Proposed Smart
Charging × X X X X X

X: Considered, ×: Not considered.

Table 2. Impact of charging method and type [23].

Slow Charging Fast Charging

Uncontrolled Smart Uncontrolled with Battery Smart

Electricity demand + + + + +

Peak demand ++ + ++ + +

Distribution grids ++ + ++ + +

Light flicker × × X X ×
×: Not exceeding the limit the limit, X: Exceeding the limit, +: Affected, ++: More affected.

The current concept of smart charging available in the literature, which is listed in
Figure 2, encompasses different levels of control over the charging process, aiming to
support the power system by achieving different objectives. In this study, the proposed
smart charging targets the future smart grid. It is assumed that the same port (nozzle)
of the fast charger is able to provide three different charging powers, namely, economic,
regular, and premium. The rate of charging in each charging power is defined by the FCS
operator/investor and can be changed within the day according to different variables such
as on-/off-peak hours and the local level of produced renewable energy.
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Unlike smart charging in the previous work [6–12,14], customers can select the charg-
ing power in the proposed smart charging method according to their value of time and cost.
At the time of arrival at the FCS, if time is the most important consideration for a customer,
the premium charging power can be selected. In contrast, if a customer prioritizes cost,
regular or economic charging power can be utilized. Unlike the previous work related to
smart charging in which only system conditions, such as peak shaving, grid congestion,
and ancillary services, are considered, the proposed smart charging also considers the
customer’s priority in relation to time and cost. Moreover, the proposed charging method
introduces market competition among different fast charging providers to offer competitive
rates of charging as well as competitive pricing for each charging power.

1.3. Contribution

The study conducted in this paper quantifies and mitigates the adverse effects of FCSs
on voltage fluctuation and light flicker. The list of key contributions are as follows:

1. Investigation of the quality of the service voltage in the presence of FCSs in distribution
grids;

2. Proposal of a novel smart charging approach that quantifies and mitigates the impact
of an FCS on voltage fluctuation and light flicker;

3. Development of a novel set of smart charging constraints that offers more flexibility
to customers than those currently in the literature, and by which customer can select
the charging power according to priority of time or cost.

2. Input Data Required for a Vehicle Charging Model
2.1. Number of BPEVs

The number of EVs in the system, N BPEV , is determined as in (1) and is a function of
the number of houses in the system and number of vehicles in each house. It is assumed that
there are two vehicles per house. A share of N BPEV requires battery charging using FCSs.

N BPEV = xpen·nhouse·ncar (1)

where N BPEV is the number of EVs in the system, xpen is the share of EVs with respect
to the total number of vehicles in the system, 10–50%, nhouse is the number of residential
houses in the system, and ncar is the number of vehicles per house.
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2.2. Types of BPEVs, Their Shares, and Locations

Figure 3 shows shares and charging locations for three types of vehicles. Battery
powered electric vehicles (BPEVs) are classified based on their battery capacity µ into
BPEVs with: small battery capacity µs; medium battery capacity µm; and large battery
capacity, µl . Therefore, there is V s number of BPEVs in the system with a small battery
capacity µs. The battery capacity limit of each v ∈ V s is as Formula (2).

µs ≤ 50 kwh (2)

Furthermore, there are Vm and V l numbers of BPEVs with medium µm and µl large
battery capacities in the system.

50 kwh < µm ≤ 100 kwh (3)

µl > 100 kwh (4)

Each vehicle ν in the system can charge using a home charger, VHome, or FCS, VFCS.

V s = {V s
FCS ∪ V s

Home} (5)

Vm = {Vm
FCS ∪ Vm

Home} (6)

V l =
{
V l

FCS ∪ V l
Home

}
(7)

V =
{
V s ∪ Vm ∪ V l

}
(8)

VFCS =
{
V s

FCS,Vm
FCS,V l

FCS

}
(9)

Assumptions:

1. Three different BPEVs are utilized in the system because of their high market shares
representing more than 50% [25]. These vehicles are the Tesla Model S, the Chevy
Bold, and the Nissan Leaf;

2. The Nissan Leaf is assumed to represent the group of BPEVs V s with small battery
capacity, µs;

3. The group of BPEVs Vm with medium battery capacity µm is represented by the
Chevy Bolt.

4. The Tesla Model S is utilized to represent the group of BPEVs V l with large battery
capacity, µl .
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The aforementioned vehicles charge from home and public charging stations. It is
assumed that all public charging stations in [26] are FCSs. This seems to be a realistic
assumption for the following reasons:

1. As battery prices decrease, the battery capacity increases, thus it would not be
sufficient (if there were a willingness and need) to charge the vehicle from slow
charging stations;

2. The EV market share is forecast to be 50% by 2030 [27]. As the BPEV market share
increases, public charging stations need to meet the increased share by increasing the
utilization rate. This is not achievable by assuming slow charging stations;

3. Considering the value of charging time, especially for ride-hailing EVs, as well as
commercial and automated car-sharing EVs, FCSs are extremely important in reducing
downtime due to charging.

2.3. BPEV Arrival Rate at FCSs

Figure 4 depicts a probability distribution of vehicle arrival rate and time at the FCS
prior to charging [28]. The probability distribution is utilized to estimate the arrival rate
according to their arrival time at the FCS by a Markov Chain Monte Carlo (MCMC) simula-
tion. The Birnbaum–Saunders distribution function is selected to be the best distribution
that fits the distribution shown in Figure 4 [25]. MCMC is utilized to sample the selected
distribution. The output of MCMC indicates the hourly arrival rate at the FCS, which
represents the start of charging at the FCS.
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2.4. Level of Batteries Charged Form an FCS

When any vehicle v ∈ V starts a trip, it most often begins from home. Most of these
vehicles start with an almost fully charged battery, according to the distribution shown in
Figure 5. Some of these vehicles, v ∈ VFCS, are required to charge away from home. Based
on the assumptions stated above, it is assumed that charging events at away-from-home
charging locations will occur at an FCS; thus, their corresponding probability distributions
represent the level of charged batteries at an FCS. The probability distributions from
Figures 6 and 7 are averaged as in Figure 8 to depict the state of charge (SOC) level at
the time of arrival at the FCS for the three types of vehicles mentioned above. At an FCS,
vehicles are not permitted to charge more than 80% of their SOC [29]; thus, Figure 8 shows
the removed percentage of charging events of 80% SOC and up.
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2.5. Length of Time for BPEVs to Draw Power Form an FCS

At this point, types of vehicles are specified, and their share and charging locations are
determined (Figure 3). Their arrival rate at the FCS (Figure 4) and level of battery charge
when they arrive are depicted (Figure 8). In order to determine the energy required from
the FCS for each charging event, Figure 9 is utilized to estimate the length of time for a
vehicle to draw power from the FCS. Given the length of the charging event, the rated
power β of an FCS, and the efficiency ηFCS of the charger, the energy required from the FCS
kwhFCS is estimated linearly, as shown in Figure 10, as follows:

kwhFCS =

 LFCS

µv

β.ηFCS .ϑ

·µv (10)

µv :


µs, i f ν ∈ V s

µm, i f ν ∈ Vm

µl , i f ν ∈ V l
(11)

where kwhFCS is the energy required for vehicle v from the FCS (kwh), LFCS is the length of
time with the vehicle connected to the fast charger (minute), µv is the battery capacity of
vehicle v (kwh), ηFCS is the efficiency of the fast charger (%), and ϑ is the factor to convert
an hour into minutes. In Figure 10, the percentage increment of the battery SOC is added
to the initial battery SOC recorded at the time of arrival. The length of time is randomly
generated by Monte Carlo simulation to estimate the required energy from the grid. The
minimum length of time with a vehicle drawing power from the FCS is assumed to be five
minutes, as shown in Figure 9, for weekdays (WD); thus, the minimum kwh required from
the FCS per any charging event is 4 kwh.

2.6. Length of Time for BPEVs to Be Connected to an FCS

At this point, the required energy from the FCS per charging event is determined;
thus, the customer can be billed according to the energy consumed from the FCS. However,
customers who use commercial charging stations are billed based on the length of time
the vehicle is connected to the FCS, not the length of time the vehicle draws power from
the FCS [32]. Therefore, Figure 11 is utilized to show if there is any variation in the length
of time between when a vehicle is connected to or drawing power from an FCS. The
distribution of the length of time a vehicle is connected to an FCS, per charging event
(Figure 11), is nearly identical to the distribution of the length of time a vehicle is drawing
power from the FCS, per charging event (Figure 10). It is assumed that the customer departs
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from the FCS when the vehicle is charged with the required energy. Therefore, in this work,
the customer is billed only according to the electricity consumed per charging event.

Energies 2022, 15, x FOR PEER REVIEW 9 of 26 
 

 

 
Figure 9. Distribution of length of time with a vehicle drawing power from an FCS per charging 
event [30]. 

 
Figure 10. Battery state of charge at end of charging from an FCS prior to driving. 

2.6. Length of Time for BPEVs to Be Connected to an FCS 
At this point, the required energy from the FCS per charging event is determined; 

thus, the customer can be billed according to the energy consumed from the FCS. How-
ever, customers who use commercial charging stations are billed based on the length of 
time the vehicle is connected to the FCS, not the length of time the vehicle draws power 
from the FCS [32]. Therefore, Figure 11 is utilized to show if there is any variation in the 
length of time between when a vehicle is connected to or drawing power from an FCS. 
The distribution of the length of time a vehicle is connected to an FCS, per charging event 
(Figure 11), is nearly identical to the distribution of the length of time a vehicle is drawing 
power from the FCS, per charging event (Figure 10). It is assumed that the customer de-
parts from the FCS when the vehicle is charged with the required energy. Therefore, in 
this work, the customer is billed only according to the electricity consumed per charging 
event. 

Figure 9. Distribution of length of time with a vehicle drawing power from an FCS per charging
event [30].

Energies 2022, 15, x FOR PEER REVIEW 9 of 26 
 

 

 
Figure 9. Distribution of length of time with a vehicle drawing power from an FCS per charging 
event [30]. 

 
Figure 10. Battery state of charge at end of charging from an FCS prior to driving. 

2.6. Length of Time for BPEVs to Be Connected to an FCS 
At this point, the required energy from the FCS per charging event is determined; 

thus, the customer can be billed according to the energy consumed from the FCS. How-
ever, customers who use commercial charging stations are billed based on the length of 
time the vehicle is connected to the FCS, not the length of time the vehicle draws power 
from the FCS [32]. Therefore, Figure 11 is utilized to show if there is any variation in the 
length of time between when a vehicle is connected to or drawing power from an FCS. 
The distribution of the length of time a vehicle is connected to an FCS, per charging event 
(Figure 11), is nearly identical to the distribution of the length of time a vehicle is drawing 
power from the FCS, per charging event (Figure 10). It is assumed that the customer de-
parts from the FCS when the vehicle is charged with the required energy. Therefore, in 
this work, the customer is billed only according to the electricity consumed per charging 
event. 

Figure 10. Battery state of charge at end of charging from an FCS prior to driving.

 

 

 

 

Figure 11. Distribution of length of time with a vehicle connected to an FCS per charging event [30]. 

 

0
2
4
6
8

10
12
14
16
18

Pe
rc

en
t o

f c
ha

rg
in

g 
ev

en
ts

Length of time, minute

WD WE

Figure 11. Distribution of length of time with a vehicle connected to an FCS per charging event [30].



Energies 2022, 15, 1746 10 of 25

3. Proposed Smart Charge and Mathematical Models
3.1. Charging Power

Uncontrolled Charging: The uncontrolled charging power βˆu is equal to the max-
imum output power (β) of the charger. In this case, when a vehicle arrives at the FCS,
it charges using the maximum output power of the FCS; thus, the charging duration is
estimated accordingly.

Smart (Controlled) Charging: In this case, an FCS encompasses three charging powers:

1. Premium;
2. Regular;
3. Economic.

Premium charging power: can provide an EV with an output power (βp) ranging
from p % to p % of the maximum output power β.

Regular charging power: can provide an EV with an output power (βr) ranging from
r % to r % of the maximum output power β.

Economic charging power: can provide an EV with an output power (βe) ranging
from e % to e % of the maximum output power β.

When a customer arrives at the FCS, a vehicle can be charged using any of the three
available charging powers, which is randomly determined by the customer, based on a
uniform random number. Once the charging power is determined, the vehicle will be
charged using the selected power until the battery capacity reaches the required SOC. The
cost of these charging powers, as well as their output powers, is determined by the FCS
operator. We have three types of BPEVs, classified based on their battery capacities µ into:

1. Small battery capacity, i.e., the Nissan Leaf (µs = 45.3 kwh );
2. Medium battery capacity, i.e., the Chevrolet Bolt (µm = 66.6 kwh );
3. Large battery capacity, i.e., the Tesla Model S (µl = 110.5 kwh ).

These EVs are charged where the FCS consists of Lports number of ports. Each port
has similar maximum output power β. The output of this type of FCS is Lports × βFCS.
Therefore, the total output of the FCS at any instance of time can change from zero up to
Lports × βFCS.

βFCS :=
{

βu, if uncontrolled charging
βp, βr, βe, if smart charging

(12)

The objective is to maximize the output power of this FCS as follows:

OF =
T

∑
t

(
β

p
t .N p

t + βr
t .N r

t + βe
t .N e

t

)
(13)

{
β = βp = βr = βe , if uncontrolled charging
β ≥ βp > βr > βe , if smart charging

(14)

where β
p
t , βr

t , and βe
t are premium, regular, and economic charging powers in kw. N p

t ,
N r

t , and N e
t are the number of BPEVs that charge using premium, regular, and economic

charging powers at time t.

3.2. Smart Charging Constraints

Charging power constraints are to specify limits of each charging power. Premium,
regular, and economic charging powers are bounded as follows:

p·β ≤ β
p
t ≤ p· β (15)

r·β ≤ βr
t ≤ r·β (16)

e · β ≤ βe
t ≤ e·β (17)

Constraint (18) ensures that drawing power from the FCS at any instance is not zero
during the charging event, whereas constraint (19) is to ensure that the maximum output
power of the charger is not exceeded. Furthermore, constraints (20)–(22) determines that
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the output of premium charging power is more than the output of regular charging power,
which in turn is more than the output of the economic charging power:

p, p, r, r, e, e,> 0 (18)

e < r < p ≤ 1 (19)

p ≤ p (20)

r ≤ r (21)

e ≤ e (22)

Constraint (23) ensures that the output power of the FCS is limited to its capacity.

K ≤ Lports × β (23)

where β is the maximum charging power per port (kw). p, r, and e are factors to set the
upper limits of premium, regular, and economic charging powers, whereas p, r, and e are
factors to set the lower limits. Constraints (24)–(26) determine the number of BPEVs and
the required charging power according to a vehicle’s share. These constraints ensure that
the share of vehicle charges from the FCS is not exceeded at any instance in time.

N p
t =

(
ηS·αtde

t,s,p + ηm·αtde

t,m,p + ηl ·αtde

t,l,p

)
·VFCS (24)

N r
t =

(
ηS·αtde

t,s,r + ηm·αtde

t,m,r + ηl ·αtde

t,l,r

)
·VFCS (25)

N e
t =

(
ηS·αtde

t,s,e + ηm·αtde

t,m,e + ηl ·αtde

t,l,e

)
·VFCS (26)

VFCS = ΛFCS·N BPEV (27)

where ΛFCS is the share of a BPEV that uses an FCS. ηs, ηm, and ηl are the share of BPEVs
with small, medium, and large battery capacity charge at the FCS at time t. αde

t,bc,p, αde
t,bc,r, and

αde
t,bc,e are the share of BPEVs that have battery capacity bc charge using premium, regular,

and economic power at time t and required departure time of de. Constraints (28)–(30)
ensure that, in line with their small, medium, or large battery capacity, vehicles charge from
the FCS according to their share (η). Therefore, at any instance in time the total number of
vehicles, with the same battery capacity (V s

FCS, Vm
FCS, or V l

FCS), is not exceeded. Constraint
(31) is to accommodate vehicles according to the FCS’s capacity.(

αt,s,p + αt,s,r + αt,s,e
)
·ηs·VFCS ≤ V s

FCS (28)(
αt,m,p + αt,m,r + αt,m,e

)
·ηm·VFCS ≤ Vm

FCS (29)(
αt,l,p + αt,l,r + αt,l,e

)
·ηl ·VFCS ≤ V l

FCS (30)

N p
t +N r

t +N e
t ≤ Lports (31)

Vv
FCS,p :=


αt,s,p·ηs·VFCS, i f ν ∈ V s

FCS
αt,m,p·ηm·VFCS, i f ν ∈ Vm

FCS
αt,l,p·ηl ·VFCS, i f ν ∈ V l

FCS

(32)

Vv
FCS,r :=


αt,s,r·ηs·VFCS, i f ν ∈ V s

FCS
αt,m,r·ηm·VFCS, i f ν ∈ Vm

FCS
αt,l,r·ηl ·VFCS, i f ν ∈ V l

FCS

(33)

Vv
FCS,e :=


αt,s,e·ηs·VFCS, i f ν ∈ V s

FCS
αt,m,e·ηm·VFCS, i f ν ∈ Vm

FCS
αt,l,e·ηl ·VFCS, i f ν ∈ V l

FCS

(34)
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where V s
FCS, Vm

FCS, and V l
FCS are the number of BPEVs, with small, medium, and large

battery capacities, respectively, that use the FCS. Vv
FCS, p, Vv

FCS,r, and Vv
FCS,e are the sets

of BPEVs charging by premium, regular, and economic power, respectively. Lports is the
number of ports in the FCS. At the time of arriving at and plugging-in to the FCS, the SOC
of each vehicle v charges from the FCS v ∈ ΛFCS is equal to socv

t , thus while the vehicle
remains in the FCS i.e., tar

ν < t ≤ tde
ν , the SOC is updated as follows:

socv
t :=



(
µv ·socv

t−1+
β

p
t−1
ϑ

µv

)
·100, i f ν ∈ Vv

FCS,p(
µv ·socv

t−1+
βr

t−1
ϑ

µv

)
·100, i f ν ∈ Vv

FCS,r(
µv ·socv

t−1+
βe

t−1
ϑ

µv

)
·100, i f ν ∈ Vv

FCS,e

(35)

where socv
t is the SOC of vehicle v at time t, socv

t−1 is the SOC of vehicle v at time t− 1, and
µv is the battery capacity of vehicle v, kwh. At the time of arrival at the FCS, the customer
specifies the desired SOC socv

des. The desired SOC is bounded as in Equation (1). The socreq

is determined as in Formula (2), which here represents the minimum energy required from
the FCS, according to the minimum length of time, LFCS = 5 min (Figure 9), with a vehicle
v drawing power from the FCS.

socreq < socv
des ≤ socv

max, ∀v ∈ VFCS (36)

socreq :=



 LFCS

µv

β
p
t ·η

FCS ·ϑ

·100, i f ν ∈ Vv
FCS,p(

LFCS

µv

βr
t ·η

FCS ·ϑ

)
·100, i f ν ∈ Vv

FCS,r(
LFCS

µv

βe
t ·η

FCS ·ϑ

)
·100, i f ν ∈ Vv

FCS,e

(37)

As the vehicle SOC is updated, as in Equation (35), the desired SOC is achieved. Upon
achieving socv

des, vehicle v departs from the FCS. The departure time, tde
ν , is determined as

in Equation (38).

tde
ν :=



t + µv·
(

socv
des,p−socv

t,p

β
p
t

)
·ϑ, i f ν ∈ Vv

FCS,p

t + µv·
(

socv
des,r−socv

t,r
βr

t

)
·ϑ, i f ν ∈ Vv

FCS,pr

t + µv·
(

socv
des,e−socv

t,e
βe

t

)
·ϑ, i f ν ∈ Vv

FCS,e

(38)

where socv
t,p, socv

t,r, and socv
t,e are the SOC at time t, whereas socv

des,p, socv
des,r, and socv

des,e

are the desired SOC at the departure time tde
ν of vehicle v charging by premium (βp),

regular (βr), and economic (βe) power. It is noted that the departure time (tde
ν ) is inversely

proportional to the FCS charging power, i.e., β
p
t , βr

t ,and βe
t . When the charging output

power increases, the required service time (charging duration) decreases and vice versa.
Therefore, when maximizing the output power of the FCS (the objective function) leads to
a reduction in wait time for other customers in the queue to charge their vehicles. However,
the aim in this study of using the proposed smart charging method is to reduce voltage
fluctuation to the point that it does not result in light flicker. Although controlling the
charging power leads to a reduction in voltage fluctuation, the proposed smart charging
does not sacrifice the main characteristic of the charging station, which is the FCS’s speed
of charge.
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3.3. Flicker Assessment and Relation to Output Power of the FCS

The flicker assessment approach proposed in this section is based on the assessment
provided in [33,34]. The approach relies on the following three steps [35]:

1. Determining the maximum relative voltage change, Γ, caused by the offending
load (FCS);

2. Computing the corresponding flicker severity raised by that change;
3. Adding flicker severity from all fluctuating loads.

The percentage ratio of the voltage change caused by the fluctuation load (FCS) to the
point-of-common-coupling (PCC) nominal voltage is calculated as in Equation (39) [33].

Γ =
∆U
Upcc
·100% (39)

where Γ represents the relative voltage changes caused by the FCS at the point-of-common,
∆U is the voltage variation at the PCC, and Upcc is the nominal voltage at the point-
of-common. The voltage fluctuation ∆U at the PCC of the FCS is approximated as in
Equation (40) [18]:

∆U = ∆I
(
rpcc·cos(θ) + χpcc·sin(θ)

)
(40)

The fluctuation in the FCS current is calculated as in (41); thus, the voltage fluctuation
at the PCC is expressed as in Equation (42):

∆I =
∆S
Upcc

(41)

∆U =
∆S
(
rpcc·cos(θ) + χpcc·sin(θ)

)
Upcc

(42)

Given the power factor of the fluctuation load, active and reactive power variations
(∆P and ∆Q) caused by the fluctuation load are calculated as in Equations (43) and (44):

∆P = ∆S·cos(θ) (43)

∆Q = ∆S.sin(θ) = ∆P.tan(θ) (44)

where ∆S, ∆P, ∆Q, and ∆I are the apparent, active, reactive, and current load changes,
respectively, at the PCC. θ, χpcc, and rpcc are the network impedance, reactance, and
resistance, respectively, at the PCC. Therefore, ∆P represents the active power variations
of the FCS; it varies from zero (not all FCS ports are utilized) to the maximum load K (all
ports are occupied). Consequently, the relative voltage change Γ is expressed in terms of
the active power variations as in Equation (45).

Γ =
∆P·rpcc + ∆P·χpcc·tan(θ)

U 2
pcc

.100% (45)

Once the relative voltage fluctuation caused by the FCS is determined, the flicker
severity at the PCC can be calculated based on the method provided in IEC 61000-3-3 [34].
This method relies on the flicker time F and the flicker curve provided in IEC 610003-7 [33].
The flicker time F is expressed as follows:

F = `·(Γ·ϕ)γ (46)

where F is the flicker time in seconds representing the flicker impression of a single voltage
change, ϕ is a factor representing the waveform shape of voltage fluctuation, ` is a factor to
comply with the flicker curve, and γ is a coefficient to describe the source of disturbance.
The short-term flicker severity pst

pcc is obtained by adding all flicker times, F , over a 10-min
interval, ζ. The proposed assessment of the flicker severity caused by the FCS at the PCC is
expressed as in Equation (47) [35].



Energies 2022, 15, 1746 14 of 25

pst
pcc =

(
∑t+ξ

t F
ζ

) 1
γ

(47)

Given the number of voltage changes Ω caused by the FCS per minute, the short-term
flicker severity is determined as in Equation (48).

pst
pcc =

(
ξ·Ω·`·(Γ·ϕ)γ

ζ

) 1
γ

(48)

where ξ is a summation of all flicker times, Ω is the number of voltage dips per minute,
and ζ is the total time interval of all flicker times. Substituting the expression of Γ as in
Equation (45) into Equation (48) relates the active power variations ∆P, at the PCC, with
the flicker severity pst

pcc. The limit of pst
pcc, in the low voltage power system, is specified as

a unity [36]. If that limit is not exceeded, no light flicker will be observed. Therefore, the
known limit of pst

pcc, variations of the active power ∆P at the PCC, can be controlled to
ensure it is not violating the limit of the flicker.

pst
pcc =

 ξ·Ω·`·
(

∆P·(rpcc+χpcc ·tan(θ))
U2

pcc
·100·ϕ

)γ

ζ


1
γ

(49)

From Equation (23), variations of the active power at the PCC are equal to the FCS
capacity. Therefore, Equation (49) can be rewritten in terms of K as in Equation (51).

∆P = K (50)

K =

 ζ·pst
pcc

ξ·Ω·`·
(
(rpcc+χpcc ·tan(θ))

U2
pcc

·100·ϕ
)γ


1
γ

(51)

Given the limit of short-term flicker severity, pst
pcc < 1, Equation (51) means that

variation of the active power of the FCS at the PCC will not lead to a noticeable light flicker.
Therefore, constraint (52) is imposed to maximize the output power of the FCS (objective
function) while complying with the flicker severity limit.

β
p
t .N p

t + βr
t .N r

t + βe
t .N e

t ≤ K (52)

4. Results and Discussion
4.1. Test System

The distribution system under study, which is shown in Figure 12, consists of 123 buses
and operates at a nominal voltage of 4.16 kV [37]. The main feeder radially emanates from
the substation and is fed by a three-phase transformer bank of 5 MVA at the substation.
The test bed system is modified to connect the FCS to the primary main feeder via a
three-phase distribution transformer which was included in the system by replacing the
three-phase loads shown in Figure 12. The IEEE 123-node system is modelled using the
MATrix LABoratory (MATALB) software [38], and simulated in the Open Distribution
System Simulator (OpenDSS) [39], using the Component Object Model (COM) interface.
Two different charging methods, namely, uncontrolled charging and smart charging, are
performed to evaluate their impact on voltage fluctuation and light flicker, as outlined in
Algorithm 1. In each charging method, five case studies are considered whereby, in each
case, a subset of all BPEVs in the system needs to charge from the FCS which is connected
to the primary main feeder using a three-phase distribution transformer rated. In each case,
the subset penetration is increased from 10% to 50%, by 10%.
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Algorithm 1. Estimation and Assessment of Smart and Uncontrolled Charging Profiles.

1: Start
2: Input:
Number of EVs in the system
Share of Evs with respect of vehicles in the system
Number of residential houses in the system
Number of vehicles per house
Share of BPEVs charges from fcs
Share of BPEVs with small battery capacity that charge from FCS
Share of BPEVs with medium battery capacity that charge from FCS
Share of BPEVs with large battery capacity that charge from FCS
Probability distribution of vehicle arrival rate and time at the FCS
Probability distribution of battery state-of-charge at the start of charging event at an fcs.
Probability distribution of length of time with BPEV drawing power from an FCS
Probability distribution of battery state-of-charge at end of charging from an FCS
The maximum output power per each port of the FCS
The upper limits of premium, regular, and economic charging power
The lower limits of premium, regular, and economic charging power
FCS efficiency
3: For each BPEV do
4: Generate a sample representing BPEV arrival rate and time
5: Determine vehicle’s battery capacity
6: Generate a sample representing BPEV state-of-charge at the start of charging
7: Generate a sample representing BPEV state-of-charge at the end of charging
8: If the port is not available and state− of− charge at the arrival time > 10%
9: PBEV may or may not wait until the port becomes available, based on a random

number uniformly distribution
10: else
11: BPEV will wait until the port becomes available
12: End If
13: If smart charging is selected
14: Determine the charging power, premium, regular, or economic
15: Consider the corresponding upper and lower limits
16: Determine the required state-of-charge accordingly
17: Determine the departure time and then the charging duration is estimated
18: End If
19: Affix the estimated duration to the daily demand profile of smart charging starting from the
hour in which arrival time was estimated
20: If uncontrolled charging is selected
21: Utilize the maximum charging power
22: Determine the required state-of-charge accordingly
23: Determine the departure time and then the charging duration is estimated
24: End If
25: Affix the estimated duration to the daily demand profile of uncontrolled charging starting
from the hour in which arrival time was estimated
26: End For
27: Affix the generated daily profile to the IEEE 123 test system to the node in which FCS is
connected
28: Run the power flow analysis and report the voltages at all buses for 24 h
29: Assess the flicker at point-of-common coupling in which the FCS is installed
30: End
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4.2. Charging Methods
4.2.1. Uncontrolled Charging

In this case, when vehicles arrive at the FCS, they charge using the maximum rated
power of the charger. Therefore, there is no control on the output power of the charger. A
daily charging profile is generated accordingly. This profile represents the demand of the
FCS on the distribution system under study. Consequently, the flicker severity is assessed
as in Equation (51).

4.2.2. Smart Charging

In this case, a control is applied to the output power of the FCS. Therefore, three
smart (controlled) charging powers are available at the FCS, namely, premium, regular,
and economic power. In this case, constraint (52) is imposed to generate the daily charging
profile generated, as explained previously in Section 2. The generated profile, as per the
proposed smart charging method, represents the demand of the FCS on the system under
study. This profile is affixed to the PCC, at node 48 in Figure 12, to which the FCS is
connected, and thus utilized to estimate the flicker severity. The flicker severity in (51) is
affected by the number of voltage dips per minute (Ω). The dips per minute is a function of
the status of the chargers. When a fast charger is activated (ON), it charges the vehicle with
an output power of βFCS kw. When the charger is deactivated (OFF), the output power
goes to zero kw. In the ON/OFF status of the charger, the voltage at the PCC dips and
deviates (∆U ). The dips per minute is affected by the penetration of BPEVs charging from
the FCS. When the penetration is increased, the dips per minute is increased, and vice
versa. Therefore, different FCS penetrations (10%, 20%, 30%, 40%, and 50%) have been
considered. In each penetration, the dips per minute is determined and the flicker severity
in Equation (51) is calculated accordingly. The penetration of vehicles charging from the
FCS, ΛFCS, is a function of the total BPEVs in the system, N BPEV , which in turn is a
function of the number of houses, i.e., 750 houses, and two vehicles per house [7]. Vehicles,
which charge from the FCS, arrive there according to the distribution shown in Figure 4.
The highest rate of arrival at the FCS is >7%, as presented in Figure 4, occurs at 4:00 p.m.
This means that more than 7% of all vehicles charge from the FCS at 4:00 p.m. Given the
arrival rate at the FCS at 4:00 p.m., the penetration of vehicles charging from the FCS, and
the number of BPEVs in the system, the dips per minute are determined accordingly, as
shown in Table 3. Where using the FCS contributes to light flicker, it mostly occurs at the
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hour that has the highest arrival rate (at 4:00 p.m.); thus, at this hour, the flicker severity
index is at its highest value. If smart charging is able to mitigate flicker severity at that hour
(4:00 p.m.), it implies that the flicker severity during the rest of the day is reduced by the
proposed smart charging (according to the arrival rates and times in Figure 4). Therefore,
the FCS flicker severity at 4:00 p.m. is evaluated by both the proposed smart charging and
the uncontrolled charging methods. The results of the evaluation are presented below.

Table 3. Number of PBEVs Charging via Fast Charging Station.

Penetration
Level

(Increase of ΛFCS)

Number of PBEVs
in the System

(N BPEV)

Number of PBEVs Using the
FCS (ΛFCS) Dips per Minute

(Ω)
in 24 Hours at 4:00 p.m.

10% 150 51 4 0.14
20% 300 102 8 0.28
30% 450 153 12 0.42
40% 600 204 16 0.56
50% 750 255 20 0.7

4.3. Effect of Uncontrolled and Smart Charging on Flicker Seversity

Figure 13 shows the daily charging demand on the FCS and encompasses three groups
of vehicles, according to the used charging power. These groups charge from the FCS
using premium, regular, and economic charging power (as shown in the y-axis titles). Each
horizontal bar in Figure 13 represents the charging duration of a vehicle using that charging
power mentioned in the y-axis. The total number of horizontal bars show the total number
of vehicles that charge from the FCS on that day. In the case of uncontrolled charging power,
all vehicles in Figure 13 charge using the same charging power (βu). When the penetration
of vehicles that charge from the FCS is increased, the number of horizontal bars, as shown
in Figure 13, is increased which, in turn, increases the daily voltage dips because of the
on/off status of the chargers. Figure 14 depicts minimum and maximum line-to-neutral
voltages experienced during the day by each node in the system under study. Figure 15
depicts the comparison of flicker severity for both methods of charging. The x-axis shows
different penetration levels that represent the increased demand of vehicles on the FCS
at the same hour of the day, i.e., at 4:00 p.m. The flicker severity values are depicted in
the y-axis in Figure 15. A light flicker is observed if the flicker severity exceeds 1. It is
noted from Figure 15 that as the penetration level is increased, the flicker index increases.
When the FCS charges vehicles by the uncontrolled charging method, the FCS violates
the flicker tolerance, especially when the demand on its service is increased by 20% and
beyond. In contrast, the flicker limit is not violated when vehicles charge from the FCS
as per the proposed smart charging approach, even when the penetration on the FCS is
increased by 50%.

Therefore, the proposed smart charging approach clearly shows that it is effective not
only in mitigating voltage fluctuations and light flicker, but also in reducing the flicker
severity even when the FCS voltage dip per minute is increased by five times. Figure 16
shows the voltage in per unit measured at primary side of distribution transformers at
bus 48, in which FCS is connected.
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4.4. Effect of Full Battery Charging on Flicker Severity

In the previous section, the reported results assume that vehicles start their first trip
from home with different SOCs, as shown in Figure 5. Most of these vehicles start the
trip with almost fully charged batteries (i.e., >90%). The reported results assume that
vehicles are charged at night, so that, in the morning, they start their trip with different
SOCs, as shown in Figure 5. Before they arrive home, a share of these vehicles requires
a charge from the FCS, according to Figure 3, and arrive at the FCS with different SOCs,
distributed as in Figure 8, at different arrival rates, as shown in Figure 4. There is no direct
effect of full battery charging on the flicker severity index. Equation (48) shows the factors
that impact flicker severity, which is affected mainly by dips per unit time. The dip is
a function of the on/off states of the fast charger. When penetration of BPEVs that use
the FCS is increased, the dips per unit time is also increased. It is important to consider
what would motivate a customer with a home charger, whose battery capacity is large
and whose daily round trip to/from home is within the battery driving range, to pay for
charging via a fast charger. The willingness to pay for charging is driven by the value of
charging time or the opportune cost of charging which, in turn, varies according to the
segment of the market and consumers [40]. For personal use and privately-owned EVs,
most charging events are performed by home or work chargers where the vehicle is parked



Energies 2022, 15, 1746 20 of 25

for long periods of time. During this time, the value of charging time is low, thus home
or work chargers, which are characterized as slow chargers, are convenient. However, for
shared privately-owned ride hailing or commercial automated ride-hailing EVs, the value
of charge time is high, especially for on-shift charging [40]. EVs in this sector drive 29%
more daily miles, require two times more charging power, and utilize three times more
fast chargers than personal-use vehicles, as reported in [41]. As free-floating car-sharing
is adopted, the dependency on the FCS is increased to reduce downtime due to charging,
thus the dips per unit time is expected to increase because of increasing FCS daily usage.

4.5. Effect of Flicker Enverlope

This section investigates flicker severity when the daily usage of the FCS is increased
according to the proposed smart charging method. The results of flicker severity are
depicted in Figure 17. Although the penetration of vehicles in Figure 17 that charge from
an FCS is similar to their penetration in Figure 15, they are different in that the share of
vehicles (25%, 50%, and 75%) per penetration level in Figure 17 charges from the FCS
three times a day, to imitate the charging pattern of shared EVs. Therefore, according to
the arrival rate presented in Figure 4, the highest rate of vehicles arriving at the FCS is at
4:00 p.m. The dips per hour in Figure 17 is three times more than that in Figure 15. The aim
is to show the ability of the proposed smart charging method to reduce the flicker level if
daily usage of the FCS per vehicle is increased.
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The results in Figure 17 show that the proposed smart charging method can mitigate
the flicker level, even if the penetration of vehicles that charge from the FCS is increased
up to between 20% and 75% and these vehicles charge from an FCS three times a day.
When the share of vehicles that charge from an FCS three times a day is reduced to 25%,
the proposed smart charging is able to reduce the flicker level, even if the penetration of
vehicles charging from an FCS is increased to 40%. Beyond this penetration and daily
utilization rates, the flicker limit is exceeded.

4.6. Effect of Smart Charging on Charging Duration

Figure 18 presents the required charging time to charge vehicles with different battery
capacities via a 50 kw fast charger. The charging duration for each vehicle is calculated
when its battery SOC is changed from 20% to 80% using the uncontrolled and the proposed
smart charging methods. As the output power of the charger is increased, the time it
takes to charge the vehicle’s battery is decreased. The uncontrolled charging provides the
highest output power; thus, it requires less time to charge the battery SOC from 20% to 80%
in comparison to the economic and regular charging methods, as depicted in Figure 18.
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However, when the station encompasses multiple fast chargers and their operations are
uncontrolled, a voltage fluctuation may occur which, in turn, may cause the limit of light
flicker to be exceeded. In contrast, the light flicker limit will not be violated when the
proposed smart charging is utilized. However, the time it takes for vehicles to charge their
batteries with the same amount of energy using smart charging (economic or regular) is
more than what it takes to charge by the uncontrolled charging. Therefore, in order to
make customers adopt the smart charging method, the FCS operator/investor must offer
a compromise solution that meets the regulation of the service provider and the needs
of customers.

Energies 2022, 15, x FOR PEER REVIEW 22 of 26 
 

 

4.6. Effect of Smart Charging on Charging Duration 
Figure 18 presents the required charging time to charge vehicles with different bat-

tery capacities via a 50 kw fast charger. The charging duration for each vehicle is calcu-
lated when its battery SOC is changed from 20% to 80% using the uncontrolled and the 
proposed smart charging methods. As the output power of the charger is increased, the 
time it takes to charge the vehicle’s battery is decreased. The uncontrolled charging pro-
vides the highest output power; thus, it requires less time to charge the battery SOC from 
20% to 80% in comparison to the economic and regular charging methods, as depicted in 
Figure 18. However, when the station encompasses multiple fast chargers and their oper-
ations are uncontrolled, a voltage fluctuation may occur which, in turn, may cause the 
limit of light flicker to be exceeded. In contrast, the light flicker limit will not be violated 
when the proposed smart charging is utilized. However, the time it takes for vehicles to 
charge their batteries with the same amount of energy using smart charging (economic or 
regular) is more than what it takes to charge by the uncontrolled charging. Therefore, in 
order to make customers adopt the smart charging method, the FCS operator/investor 
must offer a compromise solution that meets the regulation of the service provider and 
the needs of customers. 

 
Figure 18. Charging Duration to Increase Battery SOC from 20% to 80% using the smart and uncon-
trolled charging. 

4.7. Comparative Study 
A comparison study is conducted between the proposed method and the other exist-

ing studies in the literature. The comparison is conducted according to the reported flicker 
value. Table 4 presents a comparison of flicker values as reported in the previous work as 
well as in the current study. Unlike uncontrolled charging, the proposed smart charging 
method is able to reduce the light flicker and enables an FCS to increase its rate of utiliza-
tion without exceeding the standard limit of flicker. It is to be noted that the flicker values 
shown in Table 4 represent the short-term flicker severity index. 

  

Figure 18. Charging Duration to Increase Battery SOC from 20% to 80% using the smart and
uncontrolled charging.

4.7. Comparative Study

A comparison study is conducted between the proposed method and the other existing
studies in the literature. The comparison is conducted according to the reported flicker
value. Table 4 presents a comparison of flicker values as reported in the previous work as
well as in the current study. Unlike uncontrolled charging, the proposed smart charging
method is able to reduce the light flicker and enables an FCS to increase its rate of utilization
without exceeding the standard limit of flicker. It is to be noted that the flicker values
shown in Table 4 represent the short-term flicker severity index.

Table 4. Comparison of the previous work and the proposed method according to flicker level.

Reference Reported Flicker
Value

Previous work

[21] 2
[20] 1.7
[42] 1.05
[43] 1.4
[44] 1.26
[22] 2.78
[45] 2.6

Current study

Uncontrolled FCS, at 10% up to 40% of FCS
utilization rate 0.9–1.3

FCS with smart charging, at 10% up to 40% of FCS
utilization rate 0.6–0.9

5. Conclusions

A novel smart charging approach is proposed in this work to mitigate the impact of
FCSs on voltage fluctuation and light flicker. The proposed charging method assumes
that the same port of a fast charger can provide three different levels of charging powers,
namely, economic, regular, and premium. Selection of the charging power is determined
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by the customer, but their charging rates are defined by the FCS operator/investor and
can be changed within the day according to different variables, such as system peak, FCS
demand, and the local level of produced renewable energy. The objective and constraints
related to smart charging are included in this study. The effect of the proposed charging on
charging duration as well as the effect of full charging of batteries is analyzed. Two case
studies were conducted to evaluate the impact of the proposed smart charging method, as
well as uncontrolled charging, on voltage fluctuation and light flicker. The results reveal
that integrating the FCS has an adverse impact on the voltage fluctuations that lead to light
flicker. The impact is a function of different parameters such as the rated power of the
charger, the number of chargers in the station, and share of vehicle charges from the FCS.
When the uncontrolled charging method is applied, the flicker limit is exceeded when the
demand on the FCS station is increased by 20%. In contrast, the proposed smart charging
can mitigate voltage fluctuation and light flicker even when the penetration on the FCS is
increased by 50%. Reducing the system peak was not considered in this study and it is a
benefit for the system operator. The proposed smart charging method can be formulated
to consider the system peak and the time-of-use price in its constraints, which is open the
door for a future work.
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Nomenclature

N BPEV Number of BPEV in the system
xpen Share of electric vehicles with respect to the total number of vehicles in the system
nhouse Number of residential houses in the system, 750 houses
ncar Number of vehicles per house, 2 vehicles/house
µv Battery capacity of vehicle v, kwh
µs Capacity of small battery, kwh
µm Capacity of medium battery, kwh
µl Capacity of large battery, kwh
V s A set of PEVS with small battery capacity
Vm A set of PEVS with medium battery capacity
V l A set of PEVS with large battery capacity
VHome A set of PEVS uses the home chargers
VFCS A set of PEVS uses the FCS
kwhFCS Energy required for vehicle v from FCS, kwh
LFCS Length of time with vehicle v connected to the fast charger, minute
ηFCS Efficiency of the fast charger, %
ϑ Factor to convert hour into minutes
β Maximum charging power per port, kw
βFCS Output power of fast-charging station, kw
βu Uncontrolled charging power, kw
βp Premium charging power, kw
βr Regular charging power, kw
βe Economic charging power, kw
N p

t Number of PEV that charging using premium charging power at time t
N r

t Number of PEV that charging using regular charging power at time t
N e

t Number of PEV that charging using economic charging power at time t
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p Factor to set the upper limits of premium charging power, %
p Factor to set the lower limits of premium charging power, %
r Factor to set the upper limits of regular charging power, %
r Factor to set the lower limits of regular charging power, %
e Factor to set the upper limits of economic charging power, %
e Factor to set the lower limits of economic charging power, %
K Capacity of the FCS, kw
Lports Number of ports in the fast-charging station
ηS Share of BPEV with small battery capacity s charges at the FCS at time t, p.u.
ηm Share of BPEV with medium battery capacity m charges at the FCS at time t, p.u.
ηl Share of BPEV with large battery capacity l charges at the FCS at time t, p.u.

αde
t,bc,p

Share of BPEV that have battery capacity bc charged using premium charging power at
FCS at time t and required departure time of de, p.u.

αde
t,bc,r

Share of BPEV that have battery capacity bc charged using regular charging power at
time t and required departure time of de, p.u.

αde
t,bc,e

Share of BPEV that have battery capacity bc charged using economic charging power at
time t and required departure time of de, p.u.

ΛFCS Share of BPEV that uses FCS, p.u.
Vv

FCS,p A set of BPEV uses the premium charging power
Vv

FCS,r A set of BPEV uses the regular charging power
Vv

FCS,e A set of BPEV uses the economic charging power
V s

FCS Number of PEV with small battery capacity uses the FCS
Vm

FCS Number of PEV with medium battery capacity uses the FCS
V l

FCS Number of PEV with large battery capacity uses the FCS
socv

t State-of-charge of vehicle v at time t
socv

t−1 State-of-charge of vehicle v at time t− 1
socreq Minimum energy required from the FCS
socv

des Desired state-of-charge at the departure time tde
ν of vehicle v, %

socv
max Maximum state-of-charge at the departure time tde

ν of vehicle v, %
tde
ν Departure time of vehicle v

Γ Relative voltage changes caused by FCS at point-of-common, %
∆U Voltage variation at point-of-common coupling, kV
Upcc Nominal voltage at point-of-common, kV
∆S Apparent power variation at point-of-common coupling, kVA
∆P Active power load change at point-of-common coupling, kw
∆Q Reactive power load change at point-of-common coupling, kVAr
∆I Current load change at point-of-common coupling, Amp
θ Network impedance angle, degree
χpcc Network reactance at point-of-common, ohms
rpcc Network resistance at point-of-common, ohms
F Flicker time represents the flicker impression of a single voltage change, second
ϕ Factor represents the waveform shape of voltage fluctuation, rectangular change
` Factor to comply with the flicker curve
γ Coefficient to describe the source of disturbance
ξ Summation of all flicker times, minute
Ω Number of voltage dips per minute
pst

pcc Limit of short-term flicker severity
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