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Abstract: Due to the particularity of the synchronous reluctance motor (SynRM) structure, a novel
high-performance model predictive torque control (MPTC) method was proposed to reduce the high
torque ripple and improve the performance and efficiency of the motor. First, the precise parameters
of the SynRM reflecting the magnetic saturation characteristics were calculated using finite element
analysis (FEA) data, and the torque and flux linkage maximum torque per ampere (MTPA) trajectory
was derived by considering the saturation characteristics. Then, an MPTC model of a SynRM with
duty cycle control was established, the MTPA trajectory stored in a look-up table was introduced into
the control model, and the duration of the active voltage vector in one control cycle was calculated by
evaluating the torque error. Finally, an experimental platform based on a SynRM prototype was built,
and various performance comparison experiments were carried out for the proposed MPTC method.
The experimental results show that the proposed method could reduce the torque ripple of the motor,
the performance of the motor was significantly improved under various working conditions, and its
correctness and effectiveness were verified.

Keywords: synchronous reluctance motor; torque ripple; model predictive torque control; duty cycle
control; maximum torque per ampere

1. Introduction

Recently, the synchronous reluctance motor (SynRM) has received extensive attention
due to its advantages of having a low cost, ruggedness, high reliability, high efficiency,
and good torque performance. Compared with the induction motor (IM), the SynRM has
a higher power density and efficiency [1–3]. Due to the absence of expensive rare-earth
magnets, the SynRM is not sensitive to the operating temperature, and its cost is lower
than that of permanent magnet synchronous motors (PMSMs) [4,5]. Therefore, the SynRM
is a potential alternative to the IM and PMSM in many industrial applications. Due to the
particularity of the rotor topology, SynRM drives need high-performance control strategies.

The direct torque control (DTC) method directly controls the flux linkage and torque
of the motor [6–10], which can meet the SynRM’s requirements of higher anti-interference
ability and a fast dynamic response [8–10]. However, the torque and flux linkage ripples
generated by the traditional DTC method are large, which causes mechanical vibrations
and noise and reduces the service life of the motor and load. An effective method for
reducing the torque ripple is to optimize the control algorithm of the motor drive system.
In [11–14], it was shown that the DTC method combined with the space vector modulation
(SVM) method can more accurately control the torque and magnetic flux, which reduces the
torque and flux linkage ripples. However, the existing rotating coordinate transformation
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link weakens the fast dynamic response of the traditional DTC method. A method of
applying duty cycle control to DTC was proposed to alleviate the problems of torque
and flux linkage ripples in the applications of PMSMs and IMs [15,16]. However, when
the above methods are applied to a SynRM [17,18], the torque ripple is still very high,
which cannot meet industrial requirements. More recently, due to the advantages of its
fast response and the ability to handle multiple variables and nonlinear constraints, model
predictive torque control (MPTC) has received increasingly more attention regarding a
broader range of applications in IMs [19,20], PMSMs [21,22], and SynRMs [23,24]. MPTC
can predict the future torque and flux linkage in multiple control cycles based on a discrete
system model. The optimal vector that is selected by minimizing the cost function in MPTC
is more accurate and effective than using the DTC method. However, similar to DTC, only
one voltage vector is applied during the entire control cycle, and thus it still has high torque
and flux linkage ripples.

To improve the state-steady performance of MPTC, the duty cycle control method
is introduced into MPTC, which applies an active vector and a zero vector during the
same control cycle [21,25,26], and the duration of the active vector is determined using
various optimization targets to reduce the torque ripple. In [25], the duration of the active
vector was calculated based on the principle of deadbeat torque control. In [21,26], a novel
duty cycle regulation method of MPTC that considered both the torque and stator flux
linkage error information was proposed to vary the duration of the voltage vector using
mathematical derivations. Some improved duty cycle methods have proposed that the
vectors applied in a control period are not limited to an active vector and a zero vector but
can be two active vectors [27–29]. Although the effect of the ripples is lower than when
using previous methods, the complexity of the calculation process of these methods is
significantly higher.

The above-mentioned MPTC methods that are based on duty cycle control and other
improved methods have been applied to PMSMs and IMs. To our best knowledge, few
papers have reported the applications of MTPC with duty cycle control to SynRMs. Fur-
thermore, the parameters of a SynRM exhibit significant nonlinearity due to the magnetic
saturation and cross-coupling magnetization. In MPTC, the influence of the nonlinearity of
a SynRM on the accuracy of the parameters must be considered, though it has often been ig-
nored or simplified in previous studies. To improve the efficiency performance and reduce
the loss, the maximum torque per ampere (MTPA) strategy is often introduced into the
SynRM control strategy. In [10,11,30], the MTPA strategy was merged with a conventional
DTC algorithm. However, the inherent magnetic saturation characteristics and inductance
changes of the SynRM were ignored, and the MTPA trajectory obtained by setting the
current angle of the MTPA algorithm to 45◦ was not accurate [31]. Therefore, when using
the MTPA algorithm, the saturation characteristics of the SynRM must be considered.

In this study, a novel optimized MPTC strategy for a SynRM was proposed and
combined with the online MTPA strategy to improve the steady-state performance. The
contributions of this article are as follows: the duty cycle control method was introduced
in MPTC for a SynRM; an accurate MPTC model was established based on the parameters
reflecting the magnetic saturation effect obtained using finite element analysis (FEA) data
of the motor; the duration of the active vector was calculated by evaluating the torque error,
thereby reducing the torque and flux linkage ripples; the torque–flux MTPA trajectory
was derived by considering the saturation characteristics and then stored in a look-up
table (LUT) for online tracking to generate the accurate flux linkage commands required
by MPTC.

The rest of this paper is organized as follows. In Section 2, the mathematical model
and nonlinearity of a SynRM are introduced, and the derivation of the MTPA trajectory
is given by considering the magnetic saturation. The proposed MPTC method with duty
cycle control of a SynRM is introduced in detail in Section 3. In Section 4, the experimental
results of the proposed MPTC are presented and discussed. The conclusion of the paper is
presented in Section 5.
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2. Mathematical Model and Nonlinearity of a SynRM
2.1. Mathematical Model

The SynRM model in the synchronous dq frame with the d-axis aligned along the
direction of minimum reluctance is given by

us = Rsis + ωeJψs +
dψs

dt
, (1)

where us = (ud, uq)T, is = (id, iq)T, and ψs = (ψd, ψq)T are the stator voltages, currents, and
flux linkages, respectively; Rs is the resistance of the stator windings; ωe = pωm is the
electromechanical rotor speed, with p denoting the number of motor pole pairs and ωm

denoting the mechanical rotor speed; J =
[

0 −1
1 0

]
is the orthogonal rotation matrix.

The electromagnetic torque Te produced by the motor is given as follows:

Te =
3
2

p(is)
TJψs. (2)

The mechanical motion equation of the motor is expressed as follows:{
dωm

dt = 1
Jm
(Te − TL)− Bm

Jm
ωm

dθm
dt = ωm

, (3)

where Jm is the mechanical inertia, Bm is the viscous friction coefficient, TL is the generic load
torque, and θm = θe/p is the rotor mechanical angle, where θe is the electrical-mechanical angle.

2.2. Nonlinearity of the SynRM

Due to the magnetic saturation and cross-magnetization effects of the magnetic circuit,
the stator current and flux linkage have a highly nonlinear relationship, and both the
flux linkages ψd and ψq are affected by both id and iq at the same time. As such, the
general relationships between the stator currents is and the flux linkages ψs are expressed
as follows:

ψs(is) =

[
ψd
ψq

]
=

[
ψq
(
id, iq

)
ψq
(
id, iq

) ]. (4)

FEA can simulate and calculate the parameters of the motor based on the distribution
of the electromagnetic field in the motor. In this paper, circuit-field conversion time-step
FEA is carried out for the 2 kW SynRM prototype. The internal structure and parameters
of the motor are shown in Figure 1 and Table 1, respectively. Therefore, the relationships
between the flux linkages ψs and the stator currents is for the 2 kW SynRM prototype
given in (4) are shown in Figure 2, which can describe the magnetic saturation and cross-
magnetization characteristics of the SynRM.

Table 1. Parameters of the synchronous reluctance motor (SynRM).

Parameters Values Parameters Values

Rated power (kW) 2 Rated torque (N·m) 12.7
Rated voltage (V) 42 Rated current (A) 36

Rated speed (r·min−1) 1500 Number of pole pairs 2
Stator resistance (Ω) 0.3 Moment of inertia (kg·m−2) 0.025

Number of stator slots 36 Stator single slot turns 9
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Figure 1. The internal structure of the 2 kW SynRM prototype.
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Figure 2. The flux linkages versus currents of the SynRM in the dq frame: (a) d-axis ψd
(
id, iq

)
, (b) d-axis ψd(id) with different

id, (c) q-axis ψq
(
id, iq

)
, and (d) q-axis ψq

(
iq
)

with different id.

It can be seen from Figure 2 that as the currents increased, the d- and q-axis flux linkages
both showed significant nonlinear behavior and were affected by cross-magnetization,
especially the q-axis flux linkage ψq

(
id, iq

)
.

It was also concluded that the q-axis current had a deeper effect on the d- and q-axis
mutual inductances, whereas the d- and q-axis self-inductances were mostly affected by
the current in the corresponding axis [31]. In this case, the inductances of the SynRM
also exhibited nonlinear characteristics, where the values were not constant. Therefore,
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the apparent and incremental inductances were introduced to achieve precise control of
the motor.

The apparent inductances matrix Lai
s (is) is expressed as follows:

Lai
s (is) =

[
Lai

d
(
id, iq

)
Lai

q
(
id, iq

) ] = [ ψd
(
id, iq

)
/id

ψq
(
id, iq

)
/iq

]
, (5)

where Lai
d and Lai

q denote the apparent inductances of the d- and q-axes, respectively.
The incremental inductances are defined as the derivative of the flux linkages with

respect to the stator currents [32]; therefore, the incremental inductances matrix Lii
s is

expressed as follows:

Lii
s (is) =

[
Lii

d (id, iq) Lii
dq(id, iq)

Lii
qd(id, iq) Lii

q (id, iq)

]
=

 ∂ψd(id ,iq)
∂id

∂ψd(id ,iq)
∂iq

∂ψq(id ,iq)
∂id

∂ψq(id ,iq)
∂iq

, (6)

where Lii
d and Lii

q are the incremental inductances of the d- and q-axes, respectively, while
Lii

dq and Lii
qd are the cross-magnetization inductances.

The apparent and incremental inductances were calculated offline using the flux
linkages data obtained via FEM (as shown in Figure 1).

Combined with (6), the time derivative of the flux linkages in (1) can be expressed as

dψs

dt
=

∂ψs

∂is

dis

dt
= Lii

s (is)
dis

dt
. (7)

Based on (1) and (7), the dynamics of the stator currents is given as follows:

dis

dt
= Lii

s (is)
−1 · (us − Rsis −ωeJψs), (8)

where the inverse of the incremental inductance matrix is given as follows:

Lii
s (is)

−1 =
1

det
(

Lii
s (is)

)[ Lii
d (id, iq) −Lii

dq(id, iq)

−Lii
qd(id, iq) Lii

q (id, iq)

]
. (9)

The flux linkages and inductances could be interpolated using 2D LUTs, which were
used for the online real-time control of the SynRM. Therefore, the actual flux linkages and
incremental inductances were tracked online according to the actual current measurements
via LUTs.

2.3. MTPA Trajectory

The MTPA algorithm can achieve the maximum torque output with the given stator
current and minimize the copper loss of the motor. However, due to the saturation
characteristics of a SynRM, the MTPA trajectory obtained using the fixed current angle
γ (γ= 45◦) is not accurate and cannot reflect the actual operation state of the motor. In
this study, the accurate MTPA trajectory could be calculated offline according to the LUTs
of the flux linkages and inductances obtained using the FEA data by considering the
saturation characteristics.

For a given stator current is, the derivative of the torque with respect to the optimal
current angle is zero. According to (2), the derivative of the torque with respect to the
current is obtained as follows:

dTe

dγ
=

3
2

((
dis

dγ

)T
· Jψs + (is)

T · J dψs

dγ

)
=

3
2

p
(

dψd
dγ

iq +
diq

dγ
ψd −

dψq

dγ
id −

did
dγ

ψq

)
. (10)
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Since the current angle γ is the angle between the stator current and the d-axis, the
d-axis current id = is cos γ and the q-axis current iq = is sin γ. Then, the derivatives of the
d- and q-axis currents with respect to the current angle can be expressed as follows:{ did

dγ = d(is cos γ)
dγ = −iq

diq
dγ = d(is sin γ)

dγ = id
(11)

After combining with (6), the derivatives of the d- and q-axis flux linkages with respect
to the current angle are given as follows:

dψd
dγ = ∂ψd

∂id
did
dγ + ∂ψd

∂iq
diq
dγ = −Lii

d iq + Lii
dqid

dψq
dγ =

∂ψq
∂id

did
dγ +

∂ψq
∂iq

diq
dγ = −Lii

dqiq + Lii
q id

(12)

Substituting (11) and (12) into (10), the derivative of the torque with respect to the
current angle in terms of the flux linkages and incremental inductances is expressed
as follows:

dTe

dγ
=

3
2

p
(

ψdid + ψqiq − Lii
d i2q − Lii

q i2d + 2Lii
dqidiq

)
. (13)

The dTe/dγ defined in (13) is a function of id and iq. The ψd and ψq are obtained from
the FEA data, and Lii

d , Lii
q , and Lii

dq are obtained by using (6) and ψd and ψq. The surface of
dTe/dγ that was calculated using (13) is given in Figure 3. The MTPA trajectory is located
at the points where the derivative of the torque with respect to the current angle is zero in
Figure 3, which is the bottom of the valley. According to the relationship between id and
iq on the MTPA trajectory in Figure 3, the MTPA trajectory of the stator current is and the
current angle γ was calculated and is shown in Figure 4a.

Energies 2021, 14, x FOR PEER REVIEW 7 of 19 
 

 

 
Figure 3. The derivative of torque with respect to the current angle and the maximum torque per 
ampere (MTPA) trajectory. 

In the MPTC algorithm, the reference stator flux linkage *
sψ  is determined using the 

reference torque *
eT , which is obtained via the speed control loop. Therefore, it is neces-

sary to obtain the relationship between the torque and the flux linkage by considering the 
saturation characteristics of the motor. Using (2), the flux linkage LUTs, and the current–
angle trajectory in Figure 4a, the accurate MTPA trajectory characterizing the relationship 
between the torque and flux linkage was obtained, as shown in Figure 4b; it was then 
stored in the LUT for online real-time control. 

  
(a) (b) 

Figure 4. The MTPA trajectories that were calculated by considering the nonlinear characteristics: (a) current–angle trajec-
tory and (b) torque–flux linkage trajectory. 

3. Proposed MPTC Method with Duty Cycle Optimization 
The overall control diagram of the proposed MPTC method based on MTPA is shown 

in Figure 4 and is mainly composed of the following parts: the MPTC module, the external 
speed control loop, the coordinate transformation, the flux linkage and torque estima-
tions, the inductance estimations, and the pulse generation. The torque reference *

eT  is 
obtained via the speed control loop using the proportional–integral (PI) controller, and 
the reference stator flux linkage *

sψ  is obtained from the reference torque *
eT  through 

the MTPA trajectory LUT that was calculated offline using FEA data, as discussed in Sec-
tion 2.3. MPTC involves torque and flux predictions, cost function minimization, and a 
duty cycle optimization module for the active vector for suppressing torque ripples. The 
apparent and incremental inductances, the flux linkages, and the torque of the motor can 

Figure 3. The derivative of torque with respect to the current angle and the maximum torque per
ampere (MTPA) trajectory.



Energies 2021, 14, 2256 7 of 18

Energies 2021, 14, x FOR PEER REVIEW 7 of 19 
 

 

 
Figure 3. The derivative of torque with respect to the current angle and the maximum torque per 
ampere (MTPA) trajectory. 

In the MPTC algorithm, the reference stator flux linkage *
sψ  is determined using the 

reference torque *
eT , which is obtained via the speed control loop. Therefore, it is neces-

sary to obtain the relationship between the torque and the flux linkage by considering the 
saturation characteristics of the motor. Using (2), the flux linkage LUTs, and the current–
angle trajectory in Figure 4a, the accurate MTPA trajectory characterizing the relationship 
between the torque and flux linkage was obtained, as shown in Figure 4b; it was then 
stored in the LUT for online real-time control. 

  
(a) (b) 

Figure 4. The MTPA trajectories that were calculated by considering the nonlinear characteristics: (a) current–angle trajec-
tory and (b) torque–flux linkage trajectory. 

3. Proposed MPTC Method with Duty Cycle Optimization 
The overall control diagram of the proposed MPTC method based on MTPA is shown 

in Figure 4 and is mainly composed of the following parts: the MPTC module, the external 
speed control loop, the coordinate transformation, the flux linkage and torque estima-
tions, the inductance estimations, and the pulse generation. The torque reference *

eT  is 
obtained via the speed control loop using the proportional–integral (PI) controller, and 
the reference stator flux linkage *

sψ  is obtained from the reference torque *
eT  through 

the MTPA trajectory LUT that was calculated offline using FEA data, as discussed in Sec-
tion 2.3. MPTC involves torque and flux predictions, cost function minimization, and a 
duty cycle optimization module for the active vector for suppressing torque ripples. The 
apparent and incremental inductances, the flux linkages, and the torque of the motor can 

Figure 4. The MTPA trajectories that were calculated by considering the nonlinear characteristics: (a) current–angle
trajectory and (b) torque–flux linkage trajectory.

In the MPTC algorithm, the reference stator flux linkage ψ∗s is determined using the
reference torque T∗e , which is obtained via the speed control loop. Therefore, it is necessary
to obtain the relationship between the torque and the flux linkage by considering the
saturation characteristics of the motor. Using (2), the flux linkage LUTs, and the current–
angle trajectory in Figure 4a, the accurate MTPA trajectory characterizing the relationship
between the torque and flux linkage was obtained, as shown in Figure 4b; it was then
stored in the LUT for online real-time control.

3. Proposed MPTC Method with Duty Cycle Optimization

The overall control diagram of the proposed MPTC method based on MTPA is shown
in Figure 4 and is mainly composed of the following parts: the MPTC module, the external
speed control loop, the coordinate transformation, the flux linkage and torque estimations,
the inductance estimations, and the pulse generation. The torque reference T∗e is obtained
via the speed control loop using the proportional–integral (PI) controller, and the reference
stator flux linkage ψ∗s is obtained from the reference torque T∗e through the MTPA trajectory
LUT that was calculated offline using FEA data, as discussed in Section 2.3. MPTC involves
torque and flux predictions, cost function minimization, and a duty cycle optimization
module for the active vector for suppressing torque ripples. The apparent and incremental
inductances, the flux linkages, and the torque of the motor can be estimated through the
LUTs and the real-time currents in the current control cycle. The details of each part in
Figure 5 are elaborated upon in the following text.
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3.1. Prediction Model and Cost Function Minimization

The first-order Euler discretization is used to discretize the continuous-time model of
the motor, and the prediction model of the stator currents can be obtained from (8), which
is followed by

ik+1
s = ik

s + Lii
s (i

k
s)
−1 · (uk

s − Rsik
s −ωk

e Jψk
s ) · ts, (14)

where ts is the control period (sampling interval), the superscript k indicates the measured
or estimated values at the kth instant, and the superscript k + 1 indicates the predicted
values at the (k + 1)th instant. The flux linkages ψk

s are estimated by the flux linkages’ LUTs
and the measured currents ik

s . Using (1), the discretization prediction model of the flux
linkages at the (k + 1)th instant can be expressed as follows:

ψk+1
s = ψk

s +
(

uk
s − Rsik

s −ωk
e Jψk

s

)
· ts. (15)

The electromagnetic torque is predicted using

Tk+1
e =

3
2

p(ik+1
s )

T
Jψk+1

s . (16)

The purpose of the MPTC method is to enable the torque and flux linkage to follow
the corresponding reference command values and to minimize the torque and flux linkage
errors at the end of the next control cycle. The cost function that evaluates the errors
between the reference values and the prediction values of the torque and flux linkage is
defined as follows: 

g
∣∣ui=u0,...,6 =

∣∣∣T∗e − Tk+1
e

∣∣∣+ κψ

∣∣∣|ψ∗s | − ∣∣∣ψk+1
s

∣∣∣∣∣∣∣∣∣ψk+1
s

∣∣∣ = √(ψk+1
d

)2
+
(

ψk+1
q

)2 , (17)

where κψ is the weighting factor that is assigned the same weight to both the torque and
flux linkage.

For the two-level inverter-fed SynRM drives, there are eight voltage vectors to choose
from in the predictive control cycle, including six active voltage vectors (u1, . . . , u6) and
two zero vectors with the same effect (u0, u7). Among these feasible vectors, the one that
minimizes the cost function (17) is selected as the most optimal voltage vector, as shown
in (18):

uopt
s = argmin g

∣∣ui=u0,...,6 , (18)

where uopt
s is the optimal voltage vector in the (k + 1)th control period.

In the conventional MPTC method, only one voltage vector is selected in the whole
control cycle. Since this voltage vector will affect the entire control cycle, it may cause
an overadjustment of the torque in the steady state, resulting in a large torque ripple.
Considering that the torque change rate generated by the zero vector u0

s is relatively small,
if a zero vector and a non-zero active vector ua

s are applied in the same control period, the
torque ripple can be effectively reduced by adjusting the duty ratio of the effective voltage
vector and using the smoothing effect of the zero vector on the torque. As a result, the
steady-state performance of the motor will be significantly improved.

3.2. Torque Ripple Suppression with Duty Cycle Control

If the optimal voltage vector is an active vector, its duty cycle is calculated according
to the magnitude of the torque ripple.

According to (2), the derivative of the torque can be obtained as follows:

dTe

dt
=

3
2

p

(
(

dis

dt
)

T
· Jψs + (is)

T · J dψs

dt

)
. (19)
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Substituting (1) and (8) into (19), when a different voltage vector is applied to the
motor, the rate of change of the torque is obtained as follows:

dTe

dt
=

3
2

p
(

Li
s(is)

−1(us − Rsis −ωeψs)
T · Jψs + (is)

T · J(us − Rsis −ωeJψs)
)

. (20)

Figure 6 shows the torque ripple from the active voltage vector and the zero voltage
vector in the (k + 1)th control period.
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In Figure 6, Tk
e is the torque at the beginning of the (k + 1)th control period, Tk+1

e is the
torque at the end of the (k + 1)th control period, Sa is the slope of the torque from the active
vector, ta is the duration of the active vector in the (k + 1)th control period, ∆Tea = taSa is
the torque increment during the duration ta (ta ≤ ts), S0 is the slope of the torque from
the zero vector, t0 is the duration of the zero vector in the (k + 1)th control period, and
∆Te0 = t0S0 is the torque decrement during the duration t0 (t0 = ts − ta).

Due to the very small ts, the slopes Sa and S0 can be considered to be invariant during
the (k + 1)th control period. According to (20), the slopes Sa and S0 are expressed as follows:

Sa =
dTea

dt
=

3
2

p
(

Lii
s (is)

−1(ua
s − Rsis −ωeψs)

T · Jψs + (is)
T · J(ua

s − Rsis −ωeJψs)
)

, (21)

S0 =
dTe0

dt
= −3

2
p
(

Lii
s (is)

−1(Rsis + ωeψs)
T · Jψs + (is)

T · J(Rsis + ωeJψs)
)

. (22)

In the (k + 1)th control period, the torque change with time can be expressed as follows:

Tk+1
e (t) =

{
Tk

e + Sa(t− tk) tk ≤ t ≤ tk + ta

Tk
e + Sata + S0(t− tk)− S0ta tk + ta ≤ t ≤ tk+1

(23)

The square of the root mean square (RMS) of the torque error (shaded area in Figure 5)
is used to evaluate the torque ripple in the (k + 1)th control period, which is obtained using
(23) as follows:

(
Terror

e(RMS)

)2
= 1

ts

tk+1∫
tk

(Terror
e )2dt = 1

ts

tk+1∫
tk

(
Tk+1

e (t)− T∗e
)2dt

= 1
ts

tk+ta∫
tk

(
Tk

e − T∗e + Sa(t− tk)
)2

dt + 1
ts

tk+1∫
tk+ta

(
Tk

e − T∗e + Sata − S0ta + S0(t− tk)
)2

dt
(24)
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(
Terror

e(RMS)

)2
is a function of ta. In order to minimize the torque ripple during the

(k + 1)th control period, the optimal duration of the ta period should satisfy (25):

∂
(

Terror
e(RMS)

)2

∂ta
= 0. (25)

By solving (25), the optimal duration of ta can be obtained as follows:

topt
a =

2T∗e − 2Tk
e − S0ts

2Sa − S0
. (26)

There are three cases for the optimal duration topt
a :

(1) If the optimal duration topt
a obtained by (26) is in the range of [0,ts], it means that the

system is in a steady state. The active voltage vector is applied with a duration of topt
a

and the torque ripple is minimized.
(2) If the calculated value of topt

a is greater than ts, it means that the system is not in a
steady state. In this case, the topt

a is limited to ts and the active voltage will be applied
for the whole control period to maintain the dynamic response of the system.

(3) If the calculated value of topt
a is less than 0, then make topt

a = 0 and the zero vector
will be applied in the whole control cycle.

3.3. Switching Frequency and Loss Reduction

To reduce the switching frequency and losses and improve the system efficiency, the
appropriate zero vector u0 (000) or u7 (111) must be selected. The selection of the zero
vector is conducted according to the principle of the lowest number of switch state changes
corresponding to the active vector. When the active vector is u1 (001), u2 (010), or u4 (100),
then u0 (000) is chosen as the zero vector, and when the active vector is u3 (011), u5 (101),
or u6 (110), then u7 (111) is chosen as the zero vector. During the change from the active
voltage to the zero vector voltage, only the state of one switch changes, which achieves the
minimum amount of switching loss.

3.4. Torque and Flux Linkage Estimation

Precise torque and flux linkage estimations are required for the accurate operation of
the MPTC method. The flux linkage and torque estimation method adopted in this article is

shown in Figure 7. The flux linkages
^
ψ

k

s(d,q) at the kth instant are estimated online according

to real-time measurements of the currents ik
s(d,q) by using the flux linkage LUTs shown in

Figure 2a,c. The torque Tk
e at the kth instant is obtained by substituting the estimated flux

linkages and measurement currents into (2).
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3.5. Calculation Sequence of the Control System

Combined with the control diagram shown in Figure 4, the following steps are used
in the digital processor to implement the proposed control algorithm:

(1) Measure ik
s(a,b,c) and θm, reconstruct the optimal voltage vector uk

s(a,b,c), and obtain ωm,
ωe, and θe by using θm in the kth control period.

(2) Transform ik
s(a,b,c) and uk

s(a,b,c) in the stationary abc reference frame into ik
s(d,q) and

uk
s(d,q) in the synchronous dq reference frame.

(3) Estimate
^
ψ

k

s(d,q), T̂k
e , Lii

s , and Lai
s at the kth instant by using the LUTs and (2).

(4) Calculate the reference torque T∗e through the PI controller and obtain ψ∗s by using
the MTPA trajectory LUT of the torque–flux linkage.

(5) Predict Tk+1
e , ψk+1

s , and ik+1
s using (14), (15), and (16).

(6) Evaluate the cost function g (17) for each voltage vector of the converter and select the
voltage vector with the minimized value of the cost function as the optimal voltage
vector uopt

s for the (k + 1)th control period.
(7) Calculate the slopes Sa and S0 using (21) and (22) if uopt

s is an active vector ua
s .

(8) Obtain the optimal duration topt
a from (26) applied to ua

s and select the appropriate
zero vector for the rest of the control period.

4. Experimental Platform and Results
4.1. Experimental Platform

An experimental platform based on the 2 kW SynRM prototype and MicroLabBox
dSPACE was built to implement and validate the effectiveness of the proposed MPTC, as
shown in Figure 8.
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Figure 8. Experimental platform of the SynRM prototype: (a) PC with dSPACE ControlDesk software, (b) torquemeter,
(c) 9 kW DC power supply, (d) MicroLabBox dSPACE ds1202, (e) customized three-phase inverter, (f) oscilloscope, (g) 2 kW
SynRM prototype with a resolver, (h) torque sensor, and (I) hysteresis brake.

The specific configuration of the experimental platform was set up as follows. The 2 kW
SynRM prototype was the same as the motor mentioned in Section 2.3, where its parameters
are shown in Table 1. A hysteresis brake was used as the brake load. A torque sensor was
installed on the shaft between the SynRM prototype and the hysteresis brake to measure the
torque generated by the SynRM. A customized 55 kW three-phase inverter was powered by
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a 9 kW DC power supply to drive the motor. MicroLabBox dSPACE ds1202 with a 2 GHz
dual-core real-time processor and programmable FPGA was used as the system controller
for implementing the control algorithm, sending pulses to the inverter, and sampling and
analyzing the information of the measured currents, position, and torque of the motor. In the
experimental tests, the sampling time was chosen to be 100 µs.

4.2. Torque and Flux Linkage Ripple Suppression Experiments

The proposed MPTC method was implemented on the experimental platform, and
the experiments were carried out under various operating conditions of the motor. Further-
more, the performance of the proposed MPTC method was compared with the traditional
DTC (TDTC) and conventional MPTC (CMPTC) methods. The steady-state performances
of the torque and flux linkage ripples for the proposed MPTC, TDTC, and CMPTC methods
were investigated and compared. The torque and flux linkage ripples were evaluated using
the RMS values, which were calculated using

Tripple
e =

√√√√ 1
N

N

∑
i=1

(Te(i)− T∗e )
2, (27)

ψ
ripple
s =

√√√√ 1
N

N

∑
i=1

(|ψs(i)| − ψ∗s )
2, (28)

where N is the number of sampling points, T∗e is the average torque value, and ψave
s is the

average flux linkage value.
When the output torque from the motor was 10 N·m at the steady-state speed of

1500 r·min−1 (rated speed), the resulting torque, flux linkage, and stator current of the
a-phase controlled by the three methods are shown in Figures 9–11, respectively. The stator

flux linkage ψs =
√
(ψd)

2 +
(
ψq
)2 and the estimations of ψd and ψq are shown in Figure 7.
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It can be seen from Figures 9–11 that the steady-state performance of the TDTC method
was the worst. The RMS values of the torque and flux linkage ripples reached 0.37 N·m
and 0.0043 Wb, respectively. The total harmonic distortion (THD) of the stator current was
as high as 10.1%. Compared with the TDTC method, the steady-state performance was
improved with the CMPTC method, where the RMS values of the torque ripple, flux ripple,
and stator current THD were reduced to 0.276 N·m, 0.0031 Wb, and 6.4%, respectively. The
proposed MPTC method had the best steady-state performance, and the torque and flux
ripples were reduced to 0.095 N·m and 0.0012 Wb, respectively. Compared with the TDTC
method, the RMS values of the torque and flux linkage ripples of the proposed MPTC
method were reduced by 74.32% and 69.76%, respectively, and the stator current THD was
reduced from 10.6% in the TDTC method to 3.2%. It was verified that the proposed MPTC
could significantly improve the steady-state performance and reduce the torque ripples of
the motor under high-speed and heavy-load conditions.

To study the influence of load changes on the steady-state performance of the methods,
experiments involving light (1 N·m), medium (5 N·m), and heavy (10 N·m) loads applied
to the motor at 1500 r·min−1 were carried out to compare the steady-state performances of
the three methods. The comparisons of the torque ripple, flux linkage ripple, and stator
current THD of the three methods are shown in Figure 12.
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Figure 12 shows that the torque ripple, flux linkage ripple, and stator current THD of
the proposed MPTC were still the smallest among the three methods under the different
loads. The improvement effect of the steady-state performance under the light and medium
loads was better than that under the heavy load.

To further compare the steady-state performances, experiments investigating the three
methods were carried out at various motor operating speeds with a constant 5 N·m load.
Figure 13 shows the comparison of the torque ripple, flux ripple, and stator current THD
of the three methods at various speeds. The experimental results show that, in all speed
ranges, the torque and flux ripple percentages and the stator current THD of the proposed
MPTC were significantly smaller than those for the TDTC and CMPTC methods, i.e., the
steady-state performance was greatly improved, especially in the low-speed range.
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4.3. Performance Verification of the MTPA Trajectory by Considering the Saturation Characteristics

The experiments were conducted to verify the improvement in the MTPA trajectory
by investigating the effect of the saturation characteristics on the motor’s performance,
where the amplitudes of the stator current is with and without the saturation characteristics
were compared under the same load condition, as shown in Figure 14. In the experiments,
the motor was applied with 1 N·m, 5 N·m, and 10 N·m loads at 1500 r·min−1.
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It can be seen from Figure 13 that when the motor load was 1 N·m, the stator current
amplitudes under the two MTPA modes were basically the same and the motor was still
unsaturated. The current angle in both modes was almost 45◦. When the loads were 5 N·m
or 10 N·m, the motor had different degrees of saturation and the current angles of the
motor were 54.51◦ and 59.61◦, respectively. The stator current amplitudes using the MTPA
trajectory with saturation characteristics were 11.5% and 17.7% smaller than those of the
MTPA trajectory without saturation characteristics, respectively.

The experimental results show that as the load increased, the motor gradually became
saturated. The MTPA trajectory that was found when considering the saturation charac-
teristics could accurately reflect the nonlinear characteristics of the motor under different
working conditions; the stator current amplitude with the same torque was also smaller,
which could further reduce the motor losses.

5. Conclusions

To improve the steady-state performance of a SynRM, this study introduced duty cycle
control and the MTPA algorithm with saturation characteristics into the conventional MPTC
method. Considering the highly nonlinear characteristics of synchronous reluctance motors,
the motor parameters and MTPA trajectory with saturation characteristics were calculated
using FEA data, and the active vector duration in one control cycle was calculated to reduce
the torque ripple.

Through various experiments, the steady-state performance of this method was com-
pared with the traditional DTC and conventional MPTC methods. The experimental results
showed that the torque ripple, magnetic flux ripple, and THD of the proposed MPTC
method under the rated speed and heavy-load conditions were reduced by 74.32% and
65.57%, 69.76% and 61.29%, and 68.31% and 50% compared with DTC and traditional
MPTC, respectively. The steady-state performance of the motor at full speed and under
various load conditions was significantly improved. Meanwhile, compared with the MTPA
trajectory without the saturation characteristics, the MTPA trajectory with the saturation
characteristics could more accurately reflect the working state of the motor in the saturation
region, and the stator current amplitude was smaller. A series of experiments verified the
effectiveness of the proposed MPTC method.

Further research is needed. The motor parameters with saturation characteristics used
in the algorithm proposed in this study were based on FEA data, which requires that the
specific internal structure, such as the geometry and winding configuration, of the motor is
known. Therefore, in follow-up research, it is necessary to design a motor test experiment
to obtain the parameters of the SynRM response saturation characteristics to make the
proposed method universal for the SynRM.
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