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Abstract: In this study, heat transfer in a square cavity filled with a Phase Change Material (PCM) 
under a sinusoidal wall temperature during solidification and melting is analyzed. All surfaces of 
the cavity are insulated except one surface, which is under the sinusoidal temperature change. The 
governing equations and boundary conditions are made dimensionless to reduce the number of 
governing parameters into two as dimensionless frequency and Stefan number. The governing 
equations were solved numerically by using Finite Volume Method for a wide range of Stefan num-
ber (0.1 < Ste < 1.0) and dimensionless frequency (0.23 < 𝜔∗ < 2.04). Based on the obtained results, a 
chart in terms of Stefan number and dimensionless frequency is obtained to divide the heat transfer 
process in the cavity into three regions as uncompleted, completed, and overheated phase-change 
processes. For the uncompleted process, some parts of the cavity are inactive, and no phase change 
occurs in those parts of the cavity during the melting and freezing process. For the overheated phase 
change, the temperature of the cavity highly increases (or decreases), causing the sensible heat stor-
age to compete with latent thermal storage. In the completed process, almost all thermal storage is 
done by the utilization of latent heat. The suggested graph helps thermal designers to avoid wrong 
designs and predict the type of thermal storage (sensible or latent) in the cavity without doing any 
computations. 
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1. Introduction 
The demand for energy increases day by day as the world population increases, 

sharply causing a drastic increase in the emissions of greenhouse and air pollutant gases 
and liquids. The use of sustainable and renewable energy sources as well as the utilization 
of waste heat for cooling and heating purposes has attracted the attention of researchers 
for many years. However, there is a serious problem with using these kinds of energy 
sources, and that is their time-dependent character. For instance, most of the renewable 
energy sources are intermittent thermal sources (such as solar energy or outdoor air as an 
energy source). To have a continuous operated system, thermal energy in a peak period 
should be stored and released in demanding time. Therefore, many studies on thermal 
energy storage have been done and reported in the literature (e.g., [1,2]). In general, ther-
mal energy storage systems can be classified into three groups as sensible heat storage 
(e.g., [3,4]), latent heat storage (e.g., [5–8]), and chemical heat storage (e.g., [9–11]). Among 
these groups, solid/liquids thermal energy storage has taken the attentions of researchers 
recently due to its simple working principle. 

Thermal energy storage in cavities has been widely studied in the literature due to 
its wide applications in practical engineering problems. Most of the studies on phase 
change in a cavity have been done on steady heating or cooling wall in which wall tem-
perature does not change over time. However, in many applications such as the use of 

Citation: Tomita, S.; Celik, H.; 

Mobedi, M. Thermal Analysis of 

Solid/Liquid Phase Change in a  

Cavity with One Wall at Periodic 

Temperature. Energies 2021, 14, 5957. 

https://doi.org/10.3390/en14185957 

Academic Editors: Dawid Taler, Ioan 

Sarbu, Magdalena Jaremkiewicz 

Received: 28 July 2021 

Accepted: 14 September 2021 

Published: 19 September 2021 

Publisher’s Note: MDPI stays neu-

tral with regard to jurisdictional 

claims in published maps and institu-

tional affiliations. 

 

Copyright: © 2021 by the author. Li-

censee MDPI, Basel, Switzerland. 

This article is an open access article 

distributed under the terms and con-

ditions of the Creative Commons At-

tribution (CC BY) license (http://crea-

tivecommons.org/licenses/by/4.0/). 



Energies 2021, 14, 5957 2 of 18 
 

 

PCM for thermal storage of solar energy or the use of a PCM layer as thermal insulation 
in a wall, a periodic temperature or heat flux change exists. The number of studies on the 
cavities filled with PCM under a periodic temperature or heat flux is limited compared to 
steady temperature or heat flux imposed to a wall of the cavity. Kant et al. [12] studied 
the melting behavior of phase change materials (PCMs) during a cyclic heating and cool-
ing process, computationally. A sine function of heat flux was considered at one wall of 
the container to provide heating and cooling of the PCMs, and the other walls of the cavity 
are insulated. The heat is imposed on an aluminum wall and then transferred to the fluid 
in the cavity. The sine function that they used for the heated/cooled surface is, 𝑞௪ = 250 × 𝜋 × sin ቀ𝜋 × ௧ସହቁ, (1)

where t is time in minute and changes between 0 and 90. It was shown that despite the 
same amount of energy delivered to PCM, variable heating and cooling provides faster 
melting and solidification, respectively. Bouzennada et al. [13] did a study on a two-di-
mensional simulation of the melting/solidification process of a phase change material 
(PCM) in a square cavity. The size is 5 × 5 cmଶ and all cavity’s walls are thermally insu-
lated, except for the left wall on which a sine function heat flux was imposed, 𝑞௪ = 500 × 𝜋 × sin ቀ𝜋 × ௧଼଴଴଴ቁ, (2)

where t is time in second. It was found that the PCM melting time was shorter than the 
solidification time. Chabot and Gosselin [14] studied the solid-liquid phase change around 
a tube located in an infinite PCM domain for latent energy storage with cyclic thermal 
loading and unloading. Transient cyclic heat flux at the surface of the tube was imposed 
as, 𝑞ሺ𝑡) = ∆𝑞 × sin ቀ2𝜋 × ௧ఛቁ, (3)

where 𝑞 and 𝜏 are heat flux per unit length of the tube and period, respectively. Their 
results showed that the size of the affected region by the heating and cooling increases 
when the period or Stefan number increases, but it is less sensitive to the Rayleigh num-
ber. The effect of charging and discharging of multi-layers PCMs in coaxial cylinders with 
a time-periodic boundary condition was numerically investigated by Sadeghi et al. [15]. 
They assumed that the inner cylinder is subjected to a hot working fluid in which bulk 
temperature is changed over time. They supposed that the inner flow is a discharged heat 
flow from a factory with a changeable temperature over time as, 𝑇ஶ = 353 + ∆θ sin ቀଶగ௧௧ഓ ቁ, (4)where ∆θ and 𝑡ఛ express the amplitude and periodicity of bulk temperature oscillation 
in the sinusoidal function. They declared that comparing the results for one, three, and 
five-layer heat exchangers shows that using the multi-layers’ system due to high capacity 
in storing latent energy is appropriate. Rakotondrandisa et al. [16] studied melting-freez-
ing in a cavity in which one vertical wall is at cold temperature and the temperature of 
the front wall changes between hot and cold temperatures for the melting and freezing 
processes. They declared that if the PCM does not solidify entirely, the effectiveness of the 
system may be considerably reduced. 

Although natural convection plays an important role in solid/liquid phase change in 
a cavity, there are many applications in which the effect of buoyancy can be neglected. 
Recently the application of solid/liquid thermal storage for shuttles in space has become 
popular and NASA designed and produced PCM heat exchangers [17] for spacecraft ther-
mal control. Furthermore, PCM can also be used for temperature control of electronic 
equipment in satellites e.g., [18]. PCM is starting to be used in micro-devices such as mo-
bile phones and electronic equipment e.g., [19]. For small devices, the value of Rayleigh 
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number of the cavity in which PCM exists is small and the effect of buoyancy can be ne-
glected. 

The aim of the present study is different than the above studies. The aim of this study 
is to (a) minimize the number of governing parameters for a solid/liquid phase change in 
a cavity by using appropriate dimensionless parameters, (b) to establish a chart in terms 
of dimensionless parameters to predict the situation of phase change in the cavity, and (c) 
to recommend the best values of governing parameters in order to have high thermal stor-
age capacity. The governing equations are expressed in dimensionless form and this leads 
to yielding of two dimensionless parameters as dimensionless frequency and Stefan num-
ber. Wide ranges of values for these dimensionless parameters are considered and heat 
transfer in the cavity is analyzed through this study. Based on the obtained results, the 
aimed graph in terms of Stefan number and dimensionless frequency is established. Fur-
thermore, the ratio of the latent heat to total thermal storage in terms of two dimensionless 
parameters is also calculated to predict the percentage of latent thermal storage in a cavity 
under a period temperature change. To the best of knowledge, this study is original and 
presents significant hints for thermal designers of the solid/liquid phase change thermal 
storage systems under a periodical temperature change. 

2. Problem Definition 
The domain considered in this study is shown in Figure 1. The studied domain is a 

square cavity filled completely with PCM and the model is two-dimensional. All surfaces 
of the cavity are insulated except the left wall. The left wall is under a periodical temper-
ature change. The periodic temperature of the left wall (i.e., 𝑇௪ሺ𝑡)) is expressed by the 
following sinusoidal function. 𝑇௪ = 𝑓ሺ𝑡) = 𝑇଴ + 𝑎 sinሺ𝜔𝑡), (5)

where 𝑇଴ is the initial temperature of the PCM, a is the amplitude, and 𝜔 is frequency 
of the applied sinusoidal temperature change. 

 
Figure 1. The studied cavity and boundary conditions. 

The employed PCM is Paraffin (RT35HC) and the thermophysical properties of the 
PCM are presented in Table 1. Assumptions that are used in this study are a) all thermo-
physical properties for the PCM are constant and do not change with temperature, b) 
gravity does not play an important role in the heat transfer (the Rayleigh number is small), 
c)the radiation heat transfer is neglected. 

. 
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Table 1. The thermal properties of the Paraffin RT35HC considered in this study [20]. 

Solid and liquid phase density (kg/mଷ) 825 
Thermal conductivity (W/mK) 0.2 
Specific heat capacity (J/kgK) 2000 

Latent heat (J/kg) 240000 
Melting range as Tms-Tmf (K) 307.15–309.15 
Dynamic viscosity (kg/ms) 0.00258 

Figure 2 shows the process of heat transfer during the thermal storage through the 
cavity, schematically. It illustrates the change of temperature in the cavity near hot wall 
with time. If the temperature of PCM is less than 𝑇௠௦, the region is solid. The phase of 
PCM is liquid when the temperature of PCM is greater than 𝑇௠௙. The PCM is under melt-
ing in the region between 𝑇௠௦ and 𝑇௠௙. The amplitude and period are also shown in Fig-
ure 2. As it can be seen, there are two processes in solid/liquid thermal storage systems, 
as charging and discharging processes. Each process consists of two types of heat storage 
as sensible and latent heat storage. Hence, the total thermal storage is the summation of 
sensible and latent heat storage for each process. 

 
Figure 2. Schematic view of temperature change with time in the cavity near hot wall. 

The present study was performed for wide range of Stefan number (0.1 < Ste < 1.0) 
and dimensionless frequency (0.23 < 𝜔∗ < 2.04). Table 2 is presented to show the corre-
sponding minimum and maximum dimensional values of Stefan and dimensionless fre-
quency in the present study. The initial temperature (𝑇଴) and length of the square cavity 
were 308.15 K and 0.01 m, respectively, for all runs of this study. 

Table 2. The values of dimensional parameters and corresponding dimensionless numbers used in 
this study. 𝑻𝒎𝒂𝒙 − 𝑻𝒎𝒊𝒏 Period (s) Ste 𝝎∗ 

12 25374 0.1 0.23 
12 2537.4 0.1 2.04 
120 25,374 1.0 0.23 
120 2537.4 1.0 2.04 

3. Governing Equations and Boundary Conditions 
The dimensional and dimensionless governing equations are described separately in 

this section. 
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3.1. Dimensional Governing Equation 
Since the motion of fluid in the cavity is not considered, the dimensional form of the 

energy equation for the problem can be written as: డ்డ௧ = ௞ఘ஼೛ ቀడమ்డ௫మ + డమ்డ௬మቁ + ଵ஼೛ ΔH డఙడ௧ , (6)

where ΔH and 𝜎 refer to the latent heat of PCM and melting fraction in the slurry region, 
respectively. The melting starts at temperature of 𝑇௠௦ and finishes at 𝑇௠௙ temperature. 
The region below 𝑇௠௦ is the frozen phase of PCM while the region above 𝑇௠௙ refers to 
the melted region. The region between 𝑇௠௦ and 𝑇௠௙ is the region where melting occurs. 
The value of 𝜎 is “0” for the frozen region and “1” for the melted region. The derivatives 
of 𝜎 when the temperature is not between 𝑇௠௦ and 𝑇௠௙ with respect to time are zero, 
which means that there is no source term for the completely frozen and melted regions 
while it changes between 0 and 1 in the melting/freezing region. 

The cavity is fully filled with PCM and all surfaces of the cavity are insulated except 
one surface, which is under a periodical temperature change. Considering Figure 1, the 
initial and boundary conditions can be expressed mathematically as follows: 𝑥 = 0 𝑇 = 𝑇଴ + 𝑎 sinሺ𝜔𝑡) 

(7)x = L ப୘ப୶ = 0 𝑦 = 0, 𝐿 డ்డ௬ = 0 𝑡 = 0  𝑇 = 𝑇଴, 
where 𝑇଴ , 𝑎, and 𝜔 are initial temperature, amplitude, and frequency of the heated wall. 
As it is well known, the period can be defined as 𝜏 = 1/𝜔, where 𝑝 is period with unit 
of second in this study. 

3.2. Dimensionless Governing Equation and Boundary Conditions 
The dimensionless form of the energy equation written in the previous section, in 

Equation (6), can be written as follows డఏడி௢ = డమఏడ௫∗మ + డమఏడ௬∗మ + ଵௌ௧௘ డఙడி௢. (8)

The following dimensionless parameters are used in order to make Equation (6) di-
mensionless, 𝑥∗ = 𝑥𝐿 ,   𝑦∗ = 𝑦𝐿 , 𝐹𝑜 = 𝛼𝑡𝐿ଶ , 𝜃 = 𝑇 − 𝑇௢𝑇௠௔௫ − 𝑇௠௜௡ , 𝑆𝑡𝑒 = 𝐶௣Δ𝑇Δ𝐻 ,  (9)

where the dimensionless temperature and time are shown by 𝜃 and 𝐹𝑜 , respectively. 𝑆𝑡𝑒 represents Stefan number referring to the ratio of the latent heat to sensible heat 
stored by PCM. 𝑇௠௔௫ and 𝑇௠௜௡ are the highest and lowest of the temperature of the wall 
during the sinusoidal variation of temperature as shown in Figure 2. The dimensionless 
form of the initial and boundary conditions is given as, 𝑥∗ = 0     𝜃 = 𝜃௪ = ଵଶ sinሺ𝜔∗𝐹𝑜) 

(10)
𝑥∗ = 1            డఏడ௫∗ = 0 𝑦∗ = 0, 1          డఏడ௬∗ = 0 𝐹𝑜 = 0          𝜃 = 0. 

In the above equation, 𝜔∗ is the dimensionless frequency and it is defined as: 𝜔∗ = ఠ௅మఈ . (11)
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From Equations (9) and (10), it can be concluded that there are two dimensionless 
governing parameters, as Stefan number and dimensionless frequency affect the results 
of this problem. The use of dimensionless parameters (Equation (9)) reduces the number 
of dimensional variables (𝛼, L, 𝑎, 𝑤, ΔH, 𝑇଴) to two parameters as 𝜔∗ and Ste. It should 
be mentioned that the dimensionless period is shown by 𝜏 in this study and it is clear 
that 𝜔∗ = 1/𝜏 . The value of Stefan number changes between 0.1 and 1.0 while the di-
mensionless frequency 𝜔∗ varies between 0.23 and 2.04. 

4. Computational Details 
The heat conduction equation is solved numerically by using OpenFoam 6 software 

using Finite Volume Method. The number of square mesh was 100 × 100. Our computa-
tional study showed that it is sufficient to divide a period to 100,000-time steps to obtain 
accurate results. Therefore, the time interval was not constant in this study and changed 
by the value of the period. “chtMultiRegionFoam” which is a solver of OpenFoam, was 
used to solve the governing equation. This solver can be used for unsteady single-phase 
flow as well as for unsteady conjugate heat and fluid flow. In order to solve the source 
term of Equation (6), a sub-program of OpenFoam named as “solidificationMelting-
Source” was added to chtMultiRegionFoam solver. The relaxation factor was fixed as 0.5 
for all runs of this study. The absolute and relative tolerances were 10−9 and 0.0001, respec-
tively. Parallel processing (with 6 cores) was used to reduce the run time. The value of 
“nOuterCorrectors” showing the number of iterations at each time step was 30. No con-
vergence criterion is needed to stop the program since the problem is a time-dependent 
periodic problem. The program was terminated when enough cycles were done to obtain 
steady periodic results. The program was stopped time by time to check whether the 
steady periodic results were achieved. The checking was done by plotting and observing 
the temperature at three points of x* = 0.01, 0.5, and 0.98 through all cycles. The running 
of the program continued until it reached a steady periodic result. 

Grid independency for the employed time interval was checked. Figure 3a shows the 
performed study for mesh independency. Since the convection heat transfer is neglected, 
it is possible to obtain accurate results with a small number of mesh. As it can be seen 
from Figure 3a, the results of 20 × 20 mesh overlap the obtained values of 100 × 100 
mesh number. In this study, 100 × 100 mesh is used to prevent the possibility of any 
wrong results due to the number of mesh. Figure 3b shows the study done to check the 
time interval. The results of 𝜏 /10,000 and 𝜏 /100,000 match each other. In this study 𝜏/100,000 is used to be sure of the accuracy of the obtained results. 

One of the difficulties in the performed computations is the long run time. An initial 
condition is assigned to the software, however, to obtain steady periodical changes for the 
temperature, a long running time is required. Figure 3 shows the change of temperature 
variation at x = L (or x* = 1) during a run for the problem with 𝜔∗ = 2.04 and Ste = 0.6. As 
it can be seen, at least 17 melting and freezing cycles should be finished in order to have 
a steady periodical cycle. In this study, it is accepted that a steady periodical change in the 
cavity exists when the variation of temperature at x* = 0.01, 0.5 and 0.98 becomes periodi-
cally steady (see Figure 4) . 
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(a) 

(b) 

Figure 3. Mesh and interval time independency study for Ste = 0.6 and 𝜔∗ = 2.04 by using temper-
ature at the line of Y* = 0.5 when the wall temperature is maximum (𝑇௠௔௫), (a) mesh independency 
(b) time interval independency. 

 
Figure 4. The change of temperature at x = 0.98 from initial state to the ending of a run (17 cycles). 

The total melting time (𝐹𝑜௧௢௧௔௟) is calculated when the PCM in the entire cavity melts, 
in other words when 𝜎 = 1 for the entire cavity. Heat storage in the cavity consists of 
sensible and latent heat storage. That is why a parameter as the ratio of latent heat storage 
is defined and used in this study, 𝜂 = ொ೗ೌ೟೐೙೟ொ೟೚೟ೌ೗ , (12)

where 𝑄௟௔௧௘௡௧ and 𝑄௧௢௧௔௟ are latent and total heat storage in the cavity for a period, and 𝜂 shows the ratio of latent heat storage. The minimum value of 𝜂 is zero, indicating that 
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all stored heat is done by sensible storage while it is 1 (i.e., 𝜂 = 1) showing that all stored 
heat is performed by latent heat storage. The value of Q is calculated by the following 
equation 𝑄௧௢௧௔௟ = 𝑞”. 𝐴 = 𝐴. ׬ −𝑘௣௖௠ ௗ்ௗ௫ 𝑑𝑦ఛ଴ . (13)

A is the heat transfer area of the heated/cooled cavity, which is A = L. 1 ሺ𝑚ଶ). The 
latent heat is found by subtraction of latent heat and sensible heat transfer rates. 𝑄௟௔௧௘௡௧ = 𝑄௧௢௧௔௟ − 𝑄௦௘௡௦௜௕௟௘. (14)

Sensible heat can be easily calculated from the following equation, 𝑄௦௘௡௦௜௕௟௘ = 𝑚𝐶௣൫𝑇௔௩,௠௔௫ − 𝑇௔௩,௠௜௡൯, (15))

where m is the mass of PCM inside the cavity. 𝑇௔௩,௠௔௫ and 𝑇௔௩,௠௜௡ are the maximum and 
minimum average temperature in the cavity during the last cycle. 

5. Validation Study 
For the validation study, the melting of a PCM under pure heat conduction in a semi-

infinite medium is analyzed as shown in Figure 5. Initially, the domain is at 𝑇௜௡ and sud-
denly the temperature of the left wall becomes 𝑇௛ where 𝑇௜௡ < 𝑇௛. The melting tempera-
ture of PCM (i. e. , 𝑇௠) is between 𝑇௛ and 𝑇௜௡. The energy equation for this problem is 1D 
heat conduction with solid/liquid phase change. There are two temperatures for this prob-
lem as the temperature of the frozen phase (𝑇௦) and the temperature of the melted phase 
(𝑇௙). The analytical solution of energy equation for this problem is presented in literature 
and equations for 𝑇௦ and 𝑇௙ were found as [21], 

𝑇௦ሺ𝑥, 𝑡) = 𝑇௜௡ + ሺ𝑇௠ − 𝑇௜௡) ௘௥௙௖ቆ ೣమඥഀೞ೟ቇ௘௥௙௖ሺఊఒ) , 𝑥 ≥ 𝑋, 𝑡 > 0, (16)

𝑇௙ሺ𝑥, 𝑡) = 𝑇௛ + ሺ𝑇௛ − 𝑇௠) ௘௥௙ቌ ೣమටഀ೑೟ቍ
௘௥௙ሺఒ) , 0 ≥ 𝑥, 𝑡 > 0, 

(17)

where x  is the location for which the temperature is required. γ  is thermal conductivity 

ratio as 
f

s
α

αγ =  and )(tX  shows the position of the interface between the solid and 

fluid, and it is defined by the following equation, 𝑋ሺ𝑡) = 2𝜆ඥ𝛼௙𝑡. (18)

The coefficient of λ is the root of the following equality, ௌ௧௘೑ୣ୶୮ሺఒమ) ୣ୰୤ሺఒ) − ௌ௧௘ೞఊ ୣ୶୮ሺఊమఒమ)௘௥௙௖ሺఊఒ) = 𝜆√𝜋. (19)𝑆𝑡𝑒௙ and 𝑆𝑡𝑒௦ are Stefan number for the melted and unmelted regions and defined as, 𝑆𝑡𝑒௙ = ஼௣೑ሺ்೓ି ೘்)୼ு , 𝑆𝑡𝑒௦ = ஼௣ೞሺ ೘்ି்೔೙)୼ு . (20)
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Figure 5. Melting in a semi-infinite domain with initial temperature of inT . 

For the same problem, the computational results were found by using OpenFoam 6 
software. A rectangular domain with a length of 500 mm and height of 10 mm is consid-
ered. Since the length of the domain is too long, the domain can be accepted as a one-
dimensional semi-infinite heat conduction. The numerical results of the study are valid 
for the region near the heated surface since it is too far from the end surface and the end 
effect is small in this region. The number of mesh in transverse direction is not important 
since the problem is one dimensional, but the number of mesh in x-direction was 1000. 
The time interval for obtaining an accurate solution was 1 s. The problem is solved for 
RT35HC PCM for which the thermophysical properties are shown in Table 1. Since we 
have one melting temperature in the analytical solution, the melting temperature is con-
sidered as the average of msT  and 

mfT . Figure 6 shows the comparison of the analytical 
and numerical solutions and as it can be seen that a good agreement between them exists 
indicating sufficient accuracy of the results of the present study. 

 
Figure 6. The comparison of the present computational study results with the obtained analytical 
results from Equations (16) and (17). 

6. Results and Discussion 
To discover how heat flow changes by time in the cavity, the change of temperature 

and melting fraction at three points as 𝑥∗ = 0.01, 0.5 and 0.98. are plotted. Therefore, it is 
possible to discover the variation of heat flow in three regions as (a) the region close to the 
hot wall, (b) the middle region, and (c) the right wall region, which is far from the heat 
source. The plotted figures show how these regions are affected by the sinusoidal varia-
tion of temperature at the hot wall. The obtained results and plotted diagrams discussed 
are presented below. 

The change of temperature and the melting fraction in the cavity with Ste = 0.6 and 𝜔∗ = 2.04 for different instants of a period is shown in Figure 7a,b. As it can be seen there 
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is no melting when 𝐹𝑜 = 0𝜏 but by increasing time, the melting from the left wall ap-
proaches to the right wall, which is insulated (𝐹𝑜 = 1/4 𝜏 and 2/4 𝜏). By decreasing wall 
temperature, freezing starts from the left wall while the right region of the cavity is hotter 
than left wall region. This time, freezing starts to move from the left region to the right 
region and reduces the temperature of the right region. It can be seen that the temperature 
in the region close to the right wall does not change and the maximum temperature 
change exists in the left region. It seems that melting in the right wall is negligible and it 
behaves like a dead region. Figure 7c shows the change of temperature at three points 
inside the cavity as 𝑥∗ = 0.01, 0.5, and 0.98. A large variation of temperature can be seen 
for the point of 𝑥∗ = 0.01 which is close to the heated wall. The temperature at the center 
does not highly change but it exceeds the PCM melting range showing that complete 
freezing and melting process occurs in the middle region (i.e., latent heat is stored). How-
ever, for the points of 𝑥∗ = 0.98 there is almost no change of temperature, and the phase 
of this region is between solid and fluid (slurry region) and almost no heat is stored by 
this region. Hence, the right region is almost inactive, and it does not play a significant 
role in the thermal storage, however it occupies space in the cavity. Figure 7d shows all 
details of the melting and freezing process. It shows the change of melting ratio (i.e., 𝜎) 
with dimensionless time for the same three points. For the point of 𝑥∗ = 0.01, a complete 
melting and freezing is seen. Even, the phase of this region does not change (it is solid or 
liquid) for a long time and this region becomes overheated (for melting period) or sub-
cooled (for the freezing period). For the point of 𝑥∗ = 0.5, again a complete melting and 
freezing process is seen, however, there is a negligible overheating or subcooling process 
for the central region. Therefore, complete latent heat storage exists for this region. How-
ever, for the point of 𝑥∗ = 0.98, the view is different. There is a small change of 𝜎, show-
ing that this region does not play a significant role in thermal storage and that is why the 
right region can be called a dead region. This region just occupies space without storing 
energy causing reduction of thermal storage power. 

The change of temperature and melting ratio in the cavity with Ste = 0.6 and 𝜔∗ = 
0.23 is shown in Figure 8a,b. Similar to Figure 7a,b, the melting starts from the left wall 
and moves to the right wall. However, it seems that the temperature of the right region 
increases extremely, and it becomes highly above the melting temperature (Fo = 1/4 𝜏) and 
almost a uniform temperature exists. In other words, the right region is overheated, and 
it seems that the sensible heat is considerably stored. By reducing the temperature at the 
left wall, freezing starts from this wall and approaches to the right region. This time, the 
cavity becomes considerably lower than the melting point (Fo = 3/4 𝜏) and again a uniform 
low temperature exists in the entire cavity. The variations of temperature at 𝑥∗ = 0.01,0.5 and 0.98 points are also plotted and shown in Figure 8c. As it can be seen, not only the 
temperature change at 𝑥∗ = 0.01 is considerable but also a high variation of temperature 
for the points 𝑥∗ =  0.5 and 0.98 exists. Figure 8 shows that in addition to latent heat, the 
sensible heat storage is considerably stored in the PCM during the process. The change of 𝜎 with 𝜏 can be seen from Figure 8d. The latent heat is also stored in the entire cavity, 
however as it is mentioned before, it seems that sensible heat storage for this case may 
compete with the stored latent heat. 
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Figure 7. Melting and freezing of PCM in the cavity when Ste = 0.6 and 𝜔∗ = 2.04 at different time 
steps of a period, (a) temperature distribution, (b) melting fraction distribution, (c) temperature 
changes at three different points for the last two periods, (d) melting fraction change at three differ-
ent points for the last two periods. 
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Figure 8. Melting and freezing of PCM in the cavity when Ste = 0.6 and 𝜔∗ = 0.23 at different time 
steps of a period, (a) temperature distribution, (b) melting fraction distribution, (c) temperature 
changes at three different points for the last two periods, (d) melting fraction change at three differ-
ent points for the last two periods. 
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The same temperature distributions of Figures 7 and 8 are shown in Figure 9 but for 𝜔∗ =  1.24. The melting and freezing start from the left wall and approach to the right 
region. The difference between Figures 7 and 8 with Figure 9 is that it seems that PCM is 
completely melted or frozen on time in the right region. In Figure 7, the melting and freez-
ing of PCM are not completed and in Figure 8 the melted PCM in the right region remains 
in the same phase for a long time and stores sensible heat. However, for Figure 9, most of 
the heat in the right region is stored by latent heat, and almost no sensible heat is stored. 
The variation of temperature and melting fraction for three points of 𝑥∗ =0.01, 0.5 and 0.98 prove this fact (Figure 9c,d). A high-temperature change can be seen for 
the point of 𝑥∗ = 0.01, and this temperature variation considerably decreases for 𝑥∗ =0.98, however, a complete solid/liquid phase change occurs in the right region since the 
temperature changes just inside the melting temperature region. Almost a full phase 
change can be seen in Figure 9d for 𝑥∗ = 0.98. 

As it can be seen from Figures 7–9, based on the values of 𝜔∗ and Ste number, there 
might be three regions as (a) the region in which the phase change in the right region (i.e., 
end of the cavity) does not occur completely, (b) the region in which the right region stays 
in the same phase for a long time and (c) the region in which the phase change occurs in 
the entire cavity with minimum temperature change. In this study, a chart in terms of 
dimensionless frequency and Ste number is established to predict the character of the 
phase change in the cavity without doing any computational calculation, and it is shown 
in Figure 10. The x-axis is dimensionless frequency while y-axis shows Ste number. The 
plotted line divides the chart into three regions. The top region is called the over-
heated/cooled process, referring to a process that the entire region of the cavity is over-
heated or subcooled. The bottom region is called the uncompleted process and the right 
region of the cavity is inactive and just occupies space and increases the weight. The op-
eration conditions on the curve show a cycle in which the right region of the cavity is 
under complete solid/liquid phase change without any overheating or subcooling. Figure 
10 yields three important points, 
(a) A thermal designer should calculate values of 𝜔∗ and Ste number and find operation 

points on Figure 10. She/he should avoid operation in the uncompleted process re-
gion since some parts of the cavity are inactive and do not play any role in thermal 
storage; 

(b) For the points which are on the line (completed process), most of the thermal storage 
occurs by latent heat while for the system operating in the overheated/cooled process, 
in addition to latent heat, sensible thermal storage also plays an important role; 

(c) In many cases, Stefan number is accepted as a dimensionless number used to decide 
the role of latent heat in thermal storage. For instance, for the low values of Stefan 
number, the role of latent thermal storage is significant while high Stefan numbers of 
sensible thermal storage gain importance. Figure 10 shows that if a periodical tem-
perature change exists at a wall of a thermal storage cavity, in addition to Stefan 
number, dimensionless frequency should be taken into account. For instance, one 
may think that sensible heat storage for a cavity with Ste = 1 is significant, however 
our results show that for Ste = 1 and 𝜔∗ = 2.04, most of the heat is stored by latent 
heat rather than sensible thermal storage. 
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Figure 9. Melting and freezing of PCM in the cavity when Ste = 0.6 and 𝜔∗ = 1.24 at dif-
ferent time steps of a period, (a) temperature distribution, (b) melting fraction distribu-
tion, (c) temperature changes at three different points for the last two periods, (d) melt-
ing fraction change at three different points for the last two periods. 
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Figure 10. The position of defined three processes in terms of 𝜔∗ and Stefan number. 

The change of percentage of latent heat in the stored thermal energy (i.e., as the ratio 
of latent heat storage) with dimensionless frequency for the region of overheated/cooled 
process is calculated for three Ste numbers as 0.2, 0.6, and 1.0 and shown in Figure 11. The 
value of η changes between 0 and 1. η = 0 refers to 100% sensible heat storage while η 
= 1 shows a process only with latent heat storage. The value of 𝜂 for the completed pro-
cess is also calculated and shown. This diagram shows that a) the possibility of latent ther-
mal storage even for a process with a high Stefan number (for instance Ste = 1 and 𝜔∗ =2.04) exists, but in general, the effect of latent heat on thermal storage is greater than sen-
sible storage for the process with small Stefan number (e.g., Ste < 0.4). 

Figure 11 shows that by decreasing 𝜔∗ the ratio of latent heat storage decreases. For 
instance, for Ste = 0.6, 95% of the stored heat is latent heat when 𝜔∗ = 1.24 but by reducing 
the dimensionless frequency to 0.23, the weight of latent heat in the process decreases to 
60%. By decreasing of 𝜔∗, the temperature of the cavity highly increases or decreases as 
is shown in Figure 8. PCM are used in a thermal storage process due to their latent heat. 
However, for the process with a high value of Stefan number (Ste = 1) and low dimension-
less frequency (such as 𝜔∗ = 0.23), the role of latent heat is 48%. Therefore, in those pro-
cesses, the use of proper sensible thermal storage materials may increase the thermal stor-
age performance. The reason for low latent thermal storage is not Stefan number and this 
effect is due to the low value of dimensionless frequency (i.e., long period). 

 
Figure 11. The change of percentage of stored latent heat with 𝜔∗ for the three Stefan numbers. 

7. Conclusions 
The problem of freezing and melting in a cavity under a sinusoidal wall temperature 

change is investigated. The effect of gravity is neglected and the heat conduction equation 
for the problem is solved. The suggested method for non-dimensionalization of governing 
equation, initial and boundary conditions reduce the number of dimensional parameters 
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into two dimensionless parameters providing the analysis of the problem easier. The heat 
conduction equation is solved for a wide range of Stefan and dimensionless frequency. 
The following remarks can be concluded from the obtained results, 
(a) Based on the dimensionless frequency and Stefan number, three different cases can 

be observed. In some cases, such as (dimensionless frequency of 2.04 and Stefan num-
ber of 0.6), the right region of the cavity is inactive and does not play any role on 
latent heat thermal storage (uncompleted region). For some studied cases (such as 
dimensionless frequency of 0.23 and Stefan number of 0.6), the right region of the 
cavity is overheated or sub-cooled, causing the increase of sensible heat storage 
(overheated/subcooled region). However, for specific values of dimensionless fre-
quency and Stefan number, a complete phase change occurs in the right region of the 
cavity without considerable overheating and sub-cooling (completed process). 

(b) Based on the established chart, thermal designers should not design a cavity whose 
operating point is in the uncompleted region (such as dimensionless frequency of 
2.04 and Stefan number of 0.6). 

(c) For a considered Stefan number, the effect of latent heat increases by increasing di-
mensionless frequency. 

(d) For high values of Stefan number (i.e., Stefan number of 1.0) and low dimensionless 
frequency (i.e., dimensionless frequency of 0.23), the effect of latent heat thermal stor-
age may be small, hence the use of a proper sensible thermal storage material may 
provide better thermal storage. 
The results of the present study are useful for the design of solid/liquid phase change 

for cavities under a periodic time dependence boundary condition for applications such 
as satellites or small electronic devices such as mobile phones. Further studies on the same 
topic by using the effect of convection in the cavity must be done to help thermal storage 
designers for better design when gravity affects heat transfer in the cavity. 
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Nomenclature 

a Amplitude of temperature [K] 
Cp Specific heat capacity [J/kg K] 
Fo Fourier number [-] 
g Gravity [m/s2] Δ𝐻 Latent heat of fusion [J/kg] 
k Thermal conductivity [W/m K] 
L Length of cavity [m] 
P Dimensional period [s] 
Q Heat storage [J] 
q Heat flux [W] 
Ste Stefan number [-] 
T Temperature [K] 
t Time [s] 
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X(t) Location of the solid-fluid interface [m] 
x, y, z Cartesian coordinates [m] 
Greek symbols 𝛼 Thermal diffusivity [m2/s] 𝛾 Square root of thermal diffusivity ratio of fluid and solid phases [-] 𝜂 Heat storage ratio [-] 𝜃 Dimensionless temperature [-] 
λ Root of Equation (12) 𝜌 Density [kg/m3] 𝜎 Melting ratio [-] 𝜏 Dimensionless period [-] 𝜔 Angular frequency of temperature [rad/s] 
Subscripts and superscripts 
0 Initial 
f Fluid 
m Melting 
mf Melting finishes 
ms Melting starts 
s Solid 
w Wall 
* Dimensionless 
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