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Abstract: To validate the potentials of unequal-length section-varied geometry in developing a orthoplanar
spring-based piezoelectric vibration energy harvester (PVEH), a modified spring with quad-trapezoidal-leg
configuration is designed, analyzed, and fabricated. A basic quad-trapezoidal-leg orthoplanar
spring (QTOPS) is theoretically analyzed, and the structural effective stress and eigenfrequency are
formulated to determine the main dimension parameters. Then, an improved QTOPS with additional
intermediations is constructed and simulated. Porotypes with different leg geometries and mass
configurations are fabricated and tested. The results of QTOPS and a conventional rectangular-shaped
spring are compared. It is verified that the proposed approach provides the structure with an
enlarged effective stress and lower resonant frequency, which makes it more suitable to construct a
high-performance PVEH than the orthoplanar spring with equal-length or rectangular legs.
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1. Introduction

Due to the extensive existence of mechanical vibration in ambient environment, the vibration
energy harvester (VEH) has been regarded as an important alternative for powering the long-service
electronic systems [1,2]. However, the ambient vibration usually features low frequency, varied direction,
and weak amplitude, which is a great handicap for harvesting the energy efficiently [3]. Although several
energy-harvesting technologies have been utilized, developing a high-performance VEH still faces
challenges and attracts great research attention [4].

In particular, research studies regarding the PVEH are actively being conducted, which are
targeted at lowing the resonant frequency, broadening the efficient bandwidth, and sensing the
weak vibrations. Many excellent solutions have been executed, including multi-mode structure,
nonlinearity, frequency up-conversion, etc. [3,5]. The multi-mode approach renders close resonant
peaks to PVEH and makes the device advantageous for harvesting the energy in a random environmental
vibration [6,7]. The multiple-element array can adapt different target vibrations by combining several
basic harvesting units, but the device size is also greatly increased. Then, a multi-mode scheme can also
be achieved by using additional masses, by which the structural DOF is increased and peaks close to
each other can be realized [8–10]. The nonlinear approach, usually realized by structural nonlinearity
and magnetic coupling, works well in broadening the device bandwidth [11,12]. The proposed devices
can be monostable, bistable, and tristable, and they are often modeled by the Duffing equation [13–16].
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Frequency up-conversion, either in through contact or in a contactless manner, can transmit the
low-frequency vibration to the harvesting beam and stimulate it to vibrate at its resonant point,
which benefits the device in the operating bandwidth and harvesting efficiency [17–19].

Recently, orthoplanar spring (OPS) is utilized to construct high-performance PVEHs, due to its
monolithic planar configuration and capacity of generating normal out-of-plane motion [20]. A series
of OPS-based energy harvesters have been reported with multi-mode and nonlinear features [21–23].
The analysis and experimental results showed that favorable multiple nonlinear vibration modes
were achieved by the designed compliant orthoplanar springs. Moreover, a quad-leg spring with
atypical legs was also studied to show the effect of structural asymmetry [24]. Nevertheless, some
supplementary work could be done to further optimize the configuration of OPS. In former literatures,
it has been proven that the promotion in effective stress can be fulfilled by introducing unequal-length
beams into multi-beam structures [25]. Meanwhile, varying the cross-section of the cantilever has also
been utilized to improve the performance of PEVHs [26]. However, most previous works only focus on
the symmetrical geometries with equal-length rectangular legs, and the effect of leg shape and length
is still not systematically studied.

To validate the potential of unequal-length section-varied geometry in developing OPS-based
PVEH and make a contribution to the previous works, this paper focuses on the design and analysis
of quad-trapezoidal-leg orthoplanar spring (QTOPS) and explorers its application in PVEHs. First, a
basic quad-leg structure with trapezoidal legs is formulized to analyze the structural stiffness, stress,
and resonant frequency, validating the promotion effect of QTOPS. Then, a modified design for PVEH
is constructed and its properties are evaluated via finite element analysis (FEA). After that, a brief
description of the device prototype and experimental setup is presented. Finally, characterization
experiments are conducted, and conclusions are summarized.

2. Design and Analysis

2.1. Modeling of the Basic Structure

The basic QTOPS consists of four trapezoidal legs and a central plate. As shown in Figure 1, the legs
are arranged around the central plate in a decussate form. A single plan-view for the trapezoidal leg is
also defined with proper dimension parameters. The legs can be divided into two groups: two vertical
ones with a length of L1 and two longitudinal ones with a length of L2. The QTOPS structure can be
regarded as a classical cross-beam-mass pattern, in which the central plate is treated as a rigid mass and
supported by the four legs. Based on the displacement of a conventional cross-beam-mass structure
and setting L1 = L2 = L for simplicity, the stiffness of QTOPS K can be correspondingly written as [27]

K =
4Et3a
AL3 (1)

where E is the Young’s modulus of the material, and t, a, and L are the thickness, base width, and length
of the trapezoidal leg, respectively. A is a correction factor, which is mainly determined by the ratio
of top width b and base width a. Combining the formula derived by Sader et al. and the structural
response, the factor A can be approximately expressed as

A =
3b/a

(b/a− 1)3 [(1− b/a) −
(1− b/a)2

2b/a
+ (b/a) ln(b/a)]

[
0.54 + 0.78b/a− 0.28(b/a)2

]
(2)
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Figure 1. Sketch for the basic quad-trapezoidal-leg orthoplanar spring (QTOPS).

Equation (2) can be divided into two terms:

A1 =
3b/a

(b/a− 1)3 [(1− b/a) −
(1− b/a)2

2b/a
+ (b/a) ln(b/a)] (3)

A2 = 0.54 + 0.78b/a− 0.28(b/a)2 (4)

A1 is derived from the derived by Sader et al., considering the effect from the shape of the
cantilever beam [28,29]. A2 is a supplementary part to accurately represent the cross-beam-mass model
of QTOPS, which is obtained by fitting the relationship between the simulated displacement and
loaded force of structures with different b/a. With the obtained function, the structural stiffness can be
plot vs. b/a with E = 198 GPa, t = 0.2 mm, a = 15 mm, and L = 50 mm. Figure 2 shows the calculated
stiffness of the basic structure and the results from the force–displacement relationship simulated by
finite element analysis (FEA). It can be seen that correction factor A realizes a favorable precision in
bridging the calculated and simulated stiffness. The obtained curve indicates the direct proportion
between K and b/a.

Figure 2. Stiffness and correction factor for the basic structure.

For a certain structure, there are two operating parameters closely related to the performance of
PVEH: structural resonant frequency impacts the efficient frequency for PVEH and structural stress
under external load determines the energy conversion capability. Sometimes, the frequency and stress
can be utilized to evaluate the potential of the proposed structure in constructing a high-performance
PVEH [1,30]. With the stiffness function, the eigenfrequency and stress of the basic QTOPS can be easily
calculated. A central mass weighing 25 × 10−3 kg is added to the model, and an 10 m/s2 acceleration
is applied. Figure 3 plots the results for structural eigenfrequency and the maximum stress of a leg
under different combinations of leg length ratio and b/a. In the analysis, the length of two vertical
legs (L1) is set as 50 mm and the two longitudinal legs are shortened to achieve different length
ratios (L2/L1). A lower frequency can be observed under a larger L2/L1 ratio and smaller b/a, and a
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larger stress can be obtained under a smaller L2/L1 and b/a. The results verify the enhancing capacity of
unequal-length configuration and a trapezoidal-shaped leg. Based on the results, the basic structure
with the combination of b/a = 0.5 and L2/L1 = 0.8 is chosen as the fundamental frame to construct the
desired PVEH.

Figure 3. Calculated eigenfrequency (a) and maximum stress (b) of the basic QTOPS.

2.2. Construction of the PVEH

To fully exploit the features of the basic structure, an improved geometry with four additional
intermediations is proposed to construct the desired PVEH. Figure 4 depicts the proposed QTOPS-based
schemes for PVEH and their nomenclature. Benefiting from the introduction of intermediations,
more than one mass can be easily placed in the device, including the Mc (center), M1/M2 (intermediation
at short leg), and M3/M4 (intermediation at long leg). In the proposed PVEH schemes, the piezoelectric
plates could be arranged at the ends of legs for performance comparison, as shown in Figure 4.
When put into practical applications, the PVEH will be mounted onto the targets by fixing the ends
indicated by the red triangles, which is also utilized as a constraint condition in the following simulation
and prototype characterization.

Figure 4. The energy harvester based on the QTOPS with Case 1 (a) and Case 2 (b) configurations.

After introducing the intermediations and necessary ancillaries, the structural complexity is
significantly increased, making it difficult to theoretically formulate the resonant frequency and stress
of the proposed scheme. Herein, the finite element analysis (FEA), an effective and widely used
method in structural engineering, is employed to analyze the target features [31,32]. In the analysis,
two different combinations of mass (Case 1: only Mc and Case 2: Mc + M1–M4) are used. The finite
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element models of the proposed QTOPS and conventional quad-rectangular-leg OPS (QROPS) were
developed using commercial package ANSYS 14.5 (ANSYS Inc., Canonsburg, PA, USA). The whole
structures were meshed with 3D SOLID95 elements, in which every element was defined by 20 nodes
with three degrees of freedom per node. The whole structures of Case 1-based and Case 2-based
QTOPS were discretized with 55,018 and 47,214 elements respectively; the values were 45,361 and
38,541 for Case 1-based and Case 2-based QROPS. In all simulations, the constraint condition was
loaded by constraining all the freedoms of fixed ends indicated by the red triangles in Figure 4. Firstly,
static analysis is conducted to study the stress distribution along the legs, and the results can help to
further refine the positions of piezoelectric plates. Then, modal analysis is conducted to evaluate the
resonant frequency. The parameters for simulation are shown in Table 1. A 10 m/s2 acceleration is
loaded, and the weight of masses is settled as Mc = 25 × 10−3 kg, M1 = M2 = M3 = M4 = 10 × 10−3 kg.

Table 1. Parameters for finite element analysis (FEA) simulation.

Material Parameters Dimension

Young Modulus
(GPa)

Poisson’s
Ratio

Density
(kg/m3)

Length of Long
Leg (mm)

Base Width
(mm)

Thickness
(mm) L2/L1 b/a

198 0.3 7810 50 15 0.2 0.8 0.5

Figure 5a presents the stress distribution in the proposed QTOPS under Case 1. For easy
description, the leg end connecting with the central plate is denominated as the top end, and the other
one is named as the base end. It can be seen that more considerable stresses develop at the top end
of legs. More clarity for the stress distribution is plotted in Figure 5b by mapping the normal stress
onto the preset paths, which are coincident with the centerline of their corresponding legs (also shown
in Figure 5a). In Figure 5b, the sharp variation of every curve presents the stress decrease in the thick
plate region, which has the same length in every curve but is modulated by the different scales for long
and short legs. Compared with conventional QROPS, the stress in the top end of the short and long leg
is lifted to 152.8% and 150.4%, respectively. Meanwhile, the stress distribution curves also verify the
enhancing effect of the proposed unequal-length configuration. The maximum stress of the short leg in
QTOPS is 41.8% larger than that of the long leg. Based on the results, the piezoelectric plates should
cover the top end of the short leg to make better use of the energy seized by QTOPS.

Figure 5. Stress distribution for Case 1: (a) von Mises stress and (b) normal stress along the leg paths.

The stress results of Case 2-based QTOPS are shown in Figure 6. Similarly, the stress concentrates
more at the top end of the legs, and the trapezoidal unequal scheme also promotes the stress values.
Compared with QROPS, the maximum stress in the short and long trapezoidal legs is lifted to 167.5%
and 165.3%, respectively. Meanwhile, the short leg in Case 2 also features a stress that is 1.36 times the
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value of that in the long leg. These results under Case 2 further validate the superiority of QTOPS in
promoting the effective stress for harvesting the vibration efficiently.

Figure 6. Stress distribution for Case 2: (a) von Mises stress and (b) normal stress along the leg paths.

Modal analysis is also conducted to evaluate the dynamic response of the proposed
QTOPS-based PVEH. When only utilizing the central mass (namely Case 1), the OPS presents just one
mode below 50 Hz (17.6 Hz), as shown in Figure 7. When adding additional four intermediate masses
(Case 2), five modes below 50 Hz (20.7, 33.9, 34.2, 34.6, and 36.4 Hz) can be achieved. The introduction
of intermediate mass produces a potential in realizing a multi-mode vibration energy harvester.
Meanwhile, the trapezoidal scheme exhibits lower resonant frequencies than the rectangular scheme in
both Case 1 and Case 2, further distinguishing the superiority of QTOPS-based PVEH.

Figure 7. Resonant frequency of Case 1-based (a) and Case 2-based (b) devices.

3. Prototypes and Experiments

To verify the designed potentials of proposed QTOPS in PVEH, several porotypes are fabricated
with a 0.2 mm-thick spring steel (Metal grade 65 Mn) film, whose parameters are the same as the values
in Table 1. The long leg is set at 50 mm for length, 15 mm for base width, and 7.5 mm for top width.
Correspondingly, the short leg is set at 40 mm for length, 15 mm for base width, and 7.5 mm for top
width. The length ratio between the short and long leg is 0.8, and the width ratio between the base and
top is 0.5, which is consistent with the design parameters. The masses are added by attaching proper
iron blocks in the central plate and intermediations, and piezoelectric plates made of lead zirconate
titanate ceramics (Type: PZT-5A) [4] with the dimensions of 7 mm × 15 mm × 0.23 mm (width × length
× thickness) are adhered onto the top end of the legs. An additional prototype with QROPS is also
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built for comparison, whose leg lengths are the same as with the trapezoidal approach, but the width
is kept as 15 mm.

An experimental setup, as shown in Figure 8, is built to test the prototypes. Stimulating vibration
is produced by a shaker system, in which the function generator (SDG1020, SIGLENT, Shenzhen, China)
provides sinusoidal voltage with varied frequency and the signal is amplified by the power amplifier
(SD1492A, BDHSD, Qinhuangdao, China) to excite the shaker (SD1482A, BDHSD, Qinhuangdao, China).
An oscilloscope (GDS-1072B, GWINSTEK, Suzhou, China) is utilized to measure the generated voltage
by PVEH prototypes and monitor the output of the accelerometer (CA-YD-180, BDHSD, Qinhuangdao,
China). The current source (SD14T03, BDHSD, Qinhuangdao, China) is used to transform the output
of the accelerometer into voltage form.

Figure 8. Experimental setup.

4. Results

In this section, we present the voltage and power outputs of the QTOPS-based PVEH. An additional
QROPS-based prototype is also measured as a contrast. The characteristics of devices under different
mass locations (Case 1 and Case 2) are tested, and the target vibration is imitated by a sinusoidal
acceleration with an amplitude of 10 m/s2 and different frequencies. In the experiments, the prototypes
are firstly stimulated by the loaded vibrations to obtain their working frequencies (resonance frequencies)
by testing their generated voltages at different frequencies. Then, the power tests are conducted by
recording the voltage over the loaded resistors when the devices are stimulated at their working
frequencies. All the experiments are conducted at room temperature of 25 ◦C and a humidity of
55% RH.

4.1. Results for Case 1-Based Prototypes

First, the open-circuit output voltage of Case 1 configurations is tested, and the voltage–frequency
(V-f) curve is shown in Figure 9a. The curves with same color indicate the results of the same prototype,
but the piezoelectric plates are respectively located at the short leg (solid markers) and long leg
(hollow makers). The QTOPS resonates at 16.4 Hz with corresponding peak voltages of 13.45 V and 9.25
V for the short and long leg, respectively. Meanwhile, the QROPS has a resonant frequency of 19.2 Hz,
and its peak voltages are 8.70 V and 6.42 V for the short and long leg, respectively. Compared with
QROPS, the utilization of the trapezoidal leg provides a 1.55× increase to the generated voltage and a
decline of 14.6% to the resonant frequency. Meanwhile, the short leg features a higher voltage in both
QTOPS and QROPS, and the promotion can be up to 145.4%. However, there is only one resonant peak
in the range of 0–50 Hz for both QTOPS and QROPS devices.

Figure 9b presents the power–load resistance curve of these devices at their resonance frequencies
of 16.4 and 19.2 Hz, respectively. The best matching resistance for QTOPS-based PVEH is about
296 kΩ, and the corresponding output power is 192.9 and 84.9 µW for short and long legs; the values
of QROPS-based PVEH are about 256 kΩ for optimized resistance, and 89.1 and 42.7 µW for output



Energies 2020, 13, 5919 8 of 11

power in short and long legs. Obviously, the short leg in QTOPS-based PVEH generates a larger
output power.

Generally, both the trapezoidal leg and unequal-length approach can achieve an improvement in
the performance of the PVEH, which is accordant with the design results and verifies the validity of
the proposed scheme.

Figure 9. Experimental results for Case 1-based prototypes with the different locations for the
piezoelectric plate: (a) voltage vs. frequency and (b) power vs. load resistance.

4.2. Results for Case 2-Based Prototypes

The V-f curves of Case 2-based prototypes are shown in Figure 10a. Herein, the QTOPS obtains
three resonant peaks at 18.7, 30.5, and 33 Hz in the frequency range of 0–50 Hz with voltages of 7.32,
2.58, and 1.42 V in the short leg and 5.12, 1.25, and 0.943 V in the long leg. Meanwhile, the QROPS also
generates three peaks in the range of 0–50 Hz, but its voltage value is at most 61.9% of QTOPS and the
frequency is at least 8.85% higher.

The output power of the first three peaks in the V-f curves is also studied. Figure 10b shows
the maximum power in the short leg of QTOPS and QROPS under respective optimized resistances.
The first peak has the largest power, and the value exhibits a downtrend in the following peaks.
Evidently, the QTOPS-based PVEH also possesses a better harvesting efficiency than the QROPS-based
one. As for the power long legs, a similar circumstance can be seen, but the values are much smaller
than those of short legs.

Figure 10. Experimental results for Case 2-based prototypes with the different locations for the
piezoelectric plate: (a) voltage vs. frequency and (b) maximum power at the peaks of V-f curve.

4.3. Discussion

Based on the obtained experimental values, a brief discussion about the validation of the structural
design and simulation results are conducted. As mentioned above, the applied stress determined
the generated voltage of the piezoelectric plates. Therefore, comparisons between the simulated
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results of maximum stress and measured results of maximum voltage are conducted for both the Case
1-based and Case 2-based prototypes. The compared results are shown in Table 2. In the comparisons,
the value ratios of maximum stress in the legs with different shapes and lengths are calculated to
compared with the corresponding value ratios of maximum voltage. It can be seen that the value ratios
based on experimental results are well accorded with the ratios based on simulated results, indicating
the feasibility of analyzing the PVEH performance with the help of simulated stress. Moreover, the
performance enhancement realized by using QTOPS-based scheme is also verified by both simulations
and experiments.

Table 2. Comparison between the simulated and measured results.

Source of Compared Values N1
a N2

a Deviation = (N2 − N1)/N2 × 100%

Case 1
Situation 1 b 1.528 1.55 1.44%
Situation 2 b 1.418 1.454 2.48%

Case 2
Situation 1 b 1.675 1.615 −3.71%
Situation 2 b 1.36 1.429 4.83%

a N1 is the value ratio of simulated maximum stress, N2 is the value ratio of measured maximum voltage; b Situation
1 is Short trapezoidal leg vs. short rectangular leg, Situation 2 is Short trapezoidal leg vs. long trapezoidal leg.

5. Conclusions

In this paper, a piezoelectric vibration energy harvester based on improved orthoplanar spring is
designed, fabricated, and tested. Four unequal-length trapezoidal legs are adopted to construct the
basic structure and theoretically validate the structural potential in lifting the device performance.
Then, a modified geometry is proposed for building the final PVEH, whose properties are verified by
finite element analysis. The utilization of a trapezoidal leg increases the effective stress and declines
the structural resonant frequency, and the combination of short and long legs further promotes the
harvesting capacity. The experimental results show that the short leg in QTOPS-based PVEH can
generate a peak open-circuit output voltage of 13.45 V with the maximum power of 192.9 µW when
the device is excited by a 10 m/s2 sinusoidal acceleration. The power value is 2.27 times that of the
long leg in QTOPS and 2.16 times that of the short leg in QROPS. Meanwhile, the resonance frequency
is decreased by 14.6%, showing a better capacity of adapting to the low-ambient vibrations. The
multi-mode property is also realized by adding more masses into the structure, and the enhancing
effect of the unequal-length trapezoidal configuration is also perceptible. The superiority of using
QTOPS has been verified by both simulated and experimental results, but the device commercialization
is still limited by the generated power and structural compactness. Further structural optimization
and miniaturization is still needed in the future work to promote the device characteristics.
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