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Abstract: Maintenance decision analysis is necessary to ensure the safe and stable operation of
wind turbine equipment. To address gearboxes with a high failure rate in wind turbines, this paper
establishes a new stochastic differential equation model of gearbox state transition to maximize
the utilization of gearboxes. This model divides the state of the gearbox into two parts: internal
degradation and external random interference. Weibull distribution and polynomial approximation
were used to construct the internal degradation model of the gearbox. The external random interference
is simulated by Brownian motion. On the basis of the analysis of monitoring data, the parameters
of the gearbox state model were solved using the Newton—-Raphson iterative method and entropy
method. The state change of the gearbox was simulated in MATLAB, and the residual value between
the predicted state and the real state was calculated. Compared with the state transformation model
constructed by the traditional ordinary differential equation and the gamma distribution, the Weibull
polynomial approximation stochastic model can better reflect the state of the device. With reliability
set as the decision goal, the maintenance time of the gearbox is predicted, and the validity of the
model is verified through case analysis.

Keywords: stochastic differential equation; Weibull distribution; polynomial approximation; entropy
method; reliability

1. Introduction

In the context of the global energy crisis, wind energy has been attracting increasing attention
as a clean and pollution-free renewable energy source, and the installed capacity of wind power has
increased significantly. With the increase in the stock of operational equipment, the wind power
operation and maintenance market has ushered in development opportunities and space, thereby
becoming an important factor that affects the development of the wind power industry. With the
high price of wind turbines, the harsh working environment, the remote location, and the high height
of equipment, maintenance work is very inconvenient. When a shutdown failure occurs, the wind
farm must pay an expensive fee for repairs. Therefore, because the gearbox is one of the components
with the highest failure rate in wind turbines, reliability analysis and the optimization of maintenance
strategies are necessary [1,2].

Preventive maintenance is aimed at preventing the occurrence of failures. Through the inspection
and monitoring of equipment, failure symptoms are discovered, and various maintenance activities
are carried out before failures occur to maintain the prescribed functional status. This approach is
an effective way to ensure that the equipment is in good condition. Nowadays, two main types of
preventive maintenance are used. The first is time-based maintenance, which can ensure that the
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unit meets the desired performance requirements after implementation, equipment maintenance is
conducted at fixed time intervals, and sufficient maintenance resources are arranged at corresponding
time points [3-5]. The second is condition-based maintenance (CBM). This maintenance strategy can
determine the abnormality of the device and predict the development trend of the unit status by
monitoring and diagnosing the equipment status, and make a maintenance plan in advance, thereby
improving equipment utilization and overcoming many defects of traditional fault repair and active
maintenance [6-8]. Therefore, the CBM is receiving growing attention.

In CBM, according to the different ways of condition detection, it can be divided into continuous
monitoring state maintenance and discrete detection state maintenance. Continuous state monitoring
means that it can continuously return to the real-time operating status of the system through wireless
communication technology after a one-time installation. Zhu [9] uses a multivariate state estimation
technique to estimate the bearing temperature of the wind turbine gearbox, and judges whether
the gearbox operates normally through the real-time change trend of the residual error between the
estimated value and the actual value of the bearing temperature. Hameed [10] uses back propagation
neural network to model and predict the state of the gearbox and generator, as well as a multi-agent
method to comprehensively analyze the diagnosis results of different components and gives the overall
operating state of the unit. The one-time installation cost of continuous monitoring is high, and the
requirements for data acquisition and signal processing are high. It is suitable for nuclear power
plants, aviation components and other systems with high safety requirements. Discrete detection
needs to carry specific detection equipment at a specific interval to detect the key components of the
system. The cost of single detection is high, and the probability of system failure is high between two
successive detections. Anders [11] considers two types of random failures and aging failures in the
system, with maintenance including minor repair and replacement. The unit state is represented by a
state probability vector, and the adjacent state probability vectors were linked together by one-step
transition probability. A method for determining the maintenance time by using Markov chain theory
to estimate the remaining life of the system is proposed. Kang [12] takes the continuous degradation
state as the independent variable and the continuous detection interval as the dependent variable,
and derives the functional relationship between the state and the detection interval based on the
established ordinary differential equation describing the state transition of the system. Zhu [13] uses a
proportional hazard model to reflect the relationship between gearbox status and failure rate and take
reliability as the maintenance goal to predict the maintenance interval of the gearbox. It can be seen
that the state of the equipment plays an important role in finding the best detection time. However,
when constructing the state transition model of the equipment, most of the studies did not consider
the impact and interference of random factors such as daily inspection, maintenance, and repair on
the system process behavior, which cannot accurately estimate the state of the equipment. It is worth
noting that when the state of the device is different, the same disturbance will affect the state of the
device to different degrees.

For equipment maintenance, constructing a state transition model of the equipment is very
important. The judgment of equipment status has a direct effect on the selection of maintenance
strategy. In light of the aforementioned problems, this study took a wind turbine gearbox as the
research object paper, and the stochastic differential equation model of the gearbox state transition
was established. Compared with the traditional ordinary differential equation, this model considers
that the equipment failure rate is affected by the equipment state in addition to the time. At the same
time, it takes into account the influence of the external random disturbance on the equipment state
and integrates the relationship between the equipment failure rate and external random interference.
This model can more accurately predict the state of the equipment, thereby more accurately predicting
the inspection moment.

The remainder of this paper is organized as follows. Section 2 constructs the state transition model
of the gearbox. Section 3 introduces the constituent indicators and weight distribution of the gearbox
state. Section 4 introduces the construction method and parameter-solving method of the failure rate
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model and the state volatility model in the state transition model. Section 5 verifies that this model
is more accurate through comparison and analysis with traditional differential equations, and then
with reliability taken as the decision goal, the best maintenance time of the gearbox is predicted,
and validates the effectiveness of the model through an example analysis.

2. Gearbox State Transition Modeling

The change of the gearbox state is formed by the combination of the decline of the gearbox itself
and external factors. The decline of the gearbox itself is represented by the failure rate, and the received
external interference is random.

Definition 1. x(t) represents the state of the gearbox at time t. x(t) = 1 means that the device is in a brand-new
state at t, and x(t) = 0 means that the device is in a completely damaged state at t.

Definition 2. The failure rate of the gearbox is related to the state of the equipment and the operating time of the
equipment. The strength of the random disturbance received by the gearbox on the equipment state is related to
the state of the equipment.

Hypothesis 1 (H1). The gearbox repair process is completed in an instant, and each repair means that the
equipment enters a new life cycle. The change of x(t) represents the state change process of the gearbox in one
life cycle.

Hypothesis 2 (H2). The random disturbance of the gearbox at all times is independent and stable.
Hypothesis 3 (H3). The expected value of the random disturbance of the gearbox is zero.

The state transition model of the gearbox is constructed as follows:
dx(t) = A(x(t), t)dt + pu(x(t), t)dB(t) 1)

In (1), the first term on the right side of the equation is the decline of the gearbox itself and
A(x(t),t) is the failure rate of the gearbox, the second term represents the random disturbance received
by the gearbox, p(x(t),t) is the random disturbance coefficient, which is called the equipment state
fluctuation rate, and B(t) is the Brownian motion, which satisfies the Hypotheses 2 and 3.

1. A(x(t),t), u(x(t),t) is a B[0, T] X B* measurable function defined on [0, T] X R".
2.  Thereis a constant K, let:

’A(x(t),t) - /\(x(t),t)’ + ’y(x(t), ) - H(RF),t)

< KJx(t) - x(1) 2)

A Ge(t), )] + |u(xe(t), 1)] < K(1+ [xe(8)]) 3)

In (2), both x(t) and 32(5 are the solutions of (1), (2) proves the uniqueness of the solution of (1),
and (3) proves the existence of the solution of (1). If 1 and 2 are both satisfied, then Equation (1) has a

unique solution x(¢), and x(t) is continuous with respect to ¢ [14].
3. The Determination of the State Characteristic Value of the Gear Box

3.1. Selection of Modeling Indicators

In the condition-monitoring system of wind turbines, the commonly used condition monitoring
parameters are wind direction, wind speed, tower torque and bending moment, oil temperature, shaft
temperature, and main bearing vibration [15-17]. In establishing the gearbox state transformation
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model, the following variables that are closely related to the gearbox state are selected to form the
observation indicators:

1.  Oil temperature (OT): the oil temperature of the gearbox reflects the operation of the gearbox air
cooler, lubrication system, and relief valve. If these parts are functioning abnormally, then the
gearbox temperature will rise sharply.

2. Shaft temperature (ST): the increase in the gearbox shaft temperature means that the frictional
force increases, which may be caused by gear wear, abnormal denature or bite, or aging and
deterioration of lubricating oil.

3. Amplitude: the rapid increase in gearbox amplitude may be caused by problems with rotors,
shafts, gears, and bearings.

3.2. Weights of Modeling Indicators

The oil temperature, shaft temperature, and amplitude are closely related to the state of the
gearbox. Therefore, when a state change model is being built, the degree of influence of the three
observation indicators on the state needs to be clarified, that is, these indicators must be weighted.
In this paper, the entropy method is used to weight the observed indicators.

Construct the data matrix:

X1 X12 X13
X=1 : " 4)
Xl 0 Xn3

In (4), x;; is the value of the jth observation index at the ith moment (j = 1, 2, 3).

The measurement units of the various observation indicators are not uniform, which is why
they must be normalized before the overall state of the device is calculated. In this paper, a large x(t)
corresponds to a good device state. The data must be translated to avoid the meaningless logarithm of
the entropy value. The specific methods are as follows:

X max(xlj,xzj,...,xnj)—xij

i = +1 5)
!/ max(xlj, X2j, .- .,xnj) - min(xlj, X2j, - ,xnj)

Calculate the weight of the jth observation indicator at the ith moment in the indicator:

Py= <l (j=1,2,3) ©)
YR

Calculate the entropy value of the jth feature observation indicator:

Pij log(ij) (7)
1

ej = —k =

n

i=
where k is related to the number of samples n, generally let k = —1/In n.

For the ith moment, a great difference in the X;; value corresponds to a great effect on the program
evaluation and a small entropy value. Therefore, the difference coefficient of the jth index is calculated
as gj = 1 —ej, alarge g; index corresponds to its increased importance.

The weight of each observation indicator is:

W= 3

= (j=123) ®)
: Z?:l 8j



Energies 2020, 13, 4480 50f 13

The weight set constructed to reflect the relative importance of each observation indicator is:
W= {wll w2, w3} (9)
4. Model Construction and Parameter Solution

4.1. Failure Rate Model

The failure rate of the gearbox is affected by two factors. The first is time. The probability of
gearbox failure inevitably increases with the increase in use time. The second is the state of the gearbox.
When the running time is ¢, if the condition of the No. 1 gearbox is better than that of the No. 2 gearbox,
then the failure rate of the No. 1 gearbox at time t should be less than that of the No. 2 gearbox.
Therefore, the failure rate of the gearbox is abstracted into two parts: one is the basic failure rate under
the influence of time without any external interference, and the other is the increase or decrease in the
basic failure rate due to the state of the gearbox.

4.1.1. Weibull Distribution Model

Among the many life distribution models (such as Weibull distribution, exponential distribution,
and Gamma distribution), Weibull distribution is one of the most widely used distributions for life
data analysis. This is mainly because the Weibull distribution can fit a variety of sample data in reality
by adjusting its shape parameters, scale parameters, and position parameters. Particularly, the variety
of shape parameters in the distribution can describe various situations such as the decline, stability,
and rise of sample data [18].

In view of the characteristics of the Weibull distribution, the basic failure rate Ay (t) of the gearbox
is selected as the Weibull distribution:

_ E(z)’“
Ao(t) \n (10)

In (10), B is the shape parameter and 7 is the scale parameter.

4.1.2. State Influence Rate Model

g(x(t)), which is the effect of the gearbox state on the failure rate, is a continuous function, and its
domain [0, 1]. According to Weierstrass’ first approximation theorem [19], the following can be
considered:

p(x(t)) = ag + ar-x(t) + ap-x()* + -+ + ap_g-x ()" + apx(t)" (11)

infinitely approaching g(x()).
For the polynomial function p(x(t)), no matter what value x(t) takes, there is a variable constant k,
which makes q(x(t)) approximate to p(x(t)), so it can be considered that q(x(f)) approximates g(x(t)):

q(x(t)) = ag + ax(t) + (ax(t))* + - + (ax(t)) " + (@x(t)* (12)

When x(t) = 0, the device is in a completely damaged state and has no effect on the device failure
rate. At this time, g(0) = 1, so 4(0) = a9 = 1. Therefore:

qr(t) = 1+ ax(t) + (@x(B)* +-+ (@x(t) ™ + (ax(t)" (13)
q(x(t)) approximates the Taylor expansion of Hal—x(t) from Equation (13), Therefore, let:

1

=T ax(t) (1%

g(x(t))
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In (14), a represents the parameter of the influence of the equipment state on the failure rate
function, also known as regression coefficients.

4.1.3. Gearbox Failure Rate Model

The gearbox failure rate is a continuous function, so it can be approximated by polynomials.
Ao (t) is the basic failure rate, thus, g(x(t)) is a function that affects the basic failure rate based on the
state of the gearbox, and its Taylor expansion is a polynomial. Therefore, the failure rate model of the
gearbox is constructed as follows:

-1
A0, = Aa(gix) = B2 s 05)

4.1.4. Solving Model Parameters

According to the gearbox failure rate model, the reliability function of this model is:

t B
R(x(f), ) = expl- fo A(x(8), D) =exp[—(%) H;—x(t)] (16)

According to the fault density function f(x(t),t) = A(x(t),t)-R(x(t),t), construct the likelihood

function as g1 p
n -
) e )
L ma)=[]2Z] —=—— exp|-[Z| —— 17
e =10 oo ) Tresm 17

In (17), n is the number of data, x(¢;) is the detection value of the data at time ¢;.

Take the logarithm of both sides of Equation (17) and simplify it, and get the log-likelihood
function as

- pa - t; ' t; P 1
InL(B,n,a) = nln7 + ;[(/3 - 1)ln(ﬁ) —In(1+x(t;)) - (5) 1+a—x(tl)] (18)

The Newton—Raphson iterative method [20] is used to solve the parameter estimation of the
failure rate model. First, according to Equation (18), the partial derivatives of 8,7, @ are obtained:

dlnL n < t; t; p 1
a—ﬁ:ﬁ+§[l”(ﬁ)‘ﬁ(ﬁ) T ax(t) )
oL _ _n i[ﬂﬁ(z)ﬁ‘?;] 0)
an p- = 0 n\n]  14ax(t)
omL  n o [t p x(4)
gk _n by, ) 21
da a+i_1[(n) (1+x(ti))2} =
Let: L
o
G=| %t (22)
lnL
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Partial derivation of 8, n, & in Equation (22), let:

PnL Pl PlnL
op? dpdn  Jpda
_ | L AL PnL
H = ondp an? dnda (23)
PnL Pl PnL
dadf  dadn  9a?

The iterative formula for the parameters constructed by the Newton-Raphson method:

B p :
n =|n | -—H Gk (24)
& g1 &k

When k = 0, the parameter estimates can be obtained according to the iterative formula after
selecting the initial values of §, 1, a.

4.2. State Volatility Model

The interference received by the device is random and is unrelated to the running time, but its
impact on the state of the device, which is called the state fluctuation rate, is related to the state of the
device at the time. Therefore, the state fluctuation rate p(x(t),t) = kx(t) is recorded, and the following
method is used to find the value of the parameter k.

In the (0, T) period, the step size is At,and 0 < nAt < T(n =1,2,...,N). In the time period of At,
the change of state value is recorded as Ax,(t), there is:

At At
Axn(t):fo A(x(t),t)dt+f0 p(x(t), t)dB(t) (25)
which is: A \ 51
f - [CE(E) T L
fo koen (1)dB() = A (8) fo n(n) eI (26)

When At—0, the failure rate of the gearbox can be regarded as a fixed value A, (t), substitute it

into (26), it can be obtained that:
~Ax () = An(t)-At

k 27
.Xn (t) 'Bn (t) ( )
Average the (27), it can be obtained that:
S HORMORY
=0 .
k — k[lv — n X (t) Bn(t) (28)

N

5. Example Analysis

5.1. Weibull Polynomial Approximation Stochastic Model

The establishment of a gearbox state transformation model based on the Weibull proportional
hazard model requires the state monitoring data and fault data of the wind turbine gearbox. In this
paper, the actual operating data of a wind farm were selected for simulation analysis. Table 1 lists the
life data of five gearboxes, and Table 2 lists part of the state monitoring data of gearbox 1.

Table 1. Partial failure data of the gearbox.

Number 1 2 3 4 5
Fault time/h 4937 4532 5167 5233 4825
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Table 2. Partial state monitoring data of the gearbox.

Number Operation Hours/h oT1/°C ST/°C Amplitude/mm
1 75 24.2 27.1 0.353
2 150 24.3 27.2 0.357
3 228 24.6 27.5 0.348
4 309 25.2 27.8 0.363
5 375 25.8 28.2 0.372
6 500 26.1 28.4 0.471
7 757 26.7 29.1 0.593
8 906 27.1 30.3 0.746
9 1014 274 30.5 0.783
10 1130 27.6 30.5 1.075
11 1630 32.1 38.9 1.521
12 2365 36.3 432 1.637
13 3128 40.2 52.4 2.135
14 3931 46.7 61.6 4.348
15 4763 61.2 77.3 6.153

According to the monitoring data in Table 2, the three entropy vectors were weighted by the
entropy method. After calculation, the weights are:

W =(0.33, 0.325, 0.345)

According to the condition monitoring data of the gearbox, through the model parameter-solving
method of Section 4.1.1, the parameters in the Weibull proportional risk model are programmed on the
MATLAB to be:

B =256, n=282249, x = -0.352

The failure rate function of the gearbox is:

2.56( t )156 1 29)

£),1) = :
MDD = g 30\8m)  T-0552200)

According to the condition monitoring data of the gearbox, through the model parameter-solving
method of Section 4.1.1, the available equipment state fluctuation rate parameter is calculated to
be 0.00127.

Therefore, the state transition model of the gearbox is:

2.56( ¢ )1-56 1

ax(t) = [822.49 82249) 1-0352x(t) ]dHO'OOlz”(t)dB(t) (30)

The reliability function of the gearbox is:

Rlex(o) = exp[_(szzt.@ )256' 1- 0.3152-x(t)] ey

The reliability requirement of the gearbox in trouble-free operation is 0.9. Therefore, the gearbox
is repaired at a reliability threshold of 0.9. When the reliability of the gearbox is less than 0.9,
the equipment will be repaired.

The state transformation model and reliability model of the gearbox were simulated in MATLAB.
The change in the state and reliability of the gearbox with time is shown in Figure 1.
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Figure 1. Gear box state and reliability transform diagram.

Through the research and analysis shown in Figure 1, the following conclusions can be obtained:

1. The state and reliability of the gearbox both decrease with the increase in time, thereby indicating
that in the actual operation process, the gearbox is more prone to failure and the rate of failure
increases at an accelerated rate as the operating time increases.

2. The state of the gearbox is not a smooth curve that changes with time because the state is affected
by random disturbances from outside and fluctuates, but the overall trend is downward.

3. During the first 1500 h of the operation of the gearbox, the state and reliability of the equipment
did not change significantly. This finding shows that the maintenance interval for the equipment
should not be too small; otherwise, the equipment will be prone to excessive maintenance.

4. When the reliability of the gearbox reaches the threshold of 0.9, the running time is about 5000 h,
which is closer to the failure time of the gearbox at 4937 h, indicating that the model has a
certain accuracy.

5.2. Ordinary Differential Equation Model

At present, most studies use the ordinary differential equation model when constructing the
gearbox state transition model. For the example of Section 5.1, A(x(t), t) is selected as the Weibull
proportional hazard model, and the state transformation model of the gearbox constructed with the
ordinary differential equations is:

_ B s
dx(t) = A(x(t), t)dt = 77(’7) exp(a-x(t))dt (32)

The maximum likelihood estimation method [21] can be used to solve the Equation (32),
B = 2.73,n =907.62,a = 0.293, then, the gearbox state transition model is:

273 ( ¢
(1) = | 55725\ 557 6
*(t) [907.62 907.62

According to Equation (33), the state transformation of the gearbox is shown in Figure 2.

1.73
) exp(0.293-x(t))]dt (33)
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Figure 2. Gear box state transform diagram.

It can be seen from Figure 2 that the state curve of the gearbox under this equation is a smooth
curve, which cannot reflect the sudden change of state when a sudden situation occurs. However,
for the stochastic differential equation model, x(t) can approximate any value at time t due to the
independent incremental nature of Brownian motion.

5.3. Gamma Distribution Model Application

The life distribution model has exponential distribution, Gamma distribution, and normal
distribution in addition to the Weibull distribution. If the life distribution of the gearbox is assumed to
conform to the Gamma distribution, then the probability density of x(¢) is:

_L aza—=1,—-At
f(t)—r(a)/\t eM >0 (34)

In Equation (34), A is the scale parameter, a is the shape parameter, and I'(-) is the Gamma function.

The failure rate Ag(¢) is:
Ao(t) = ! L £20 (35)

fow(l + %)a_le—}‘dx

and tlim)\o(t) = A
The maximum likelihood estimation method can be used to solve the parameter of Gamma
distribution, @« = 7.28, A = 0.93, then:
1

Ao(t) =
& ( - %)6.286_0.93dx

(36)

Bring (36) into (15), and re-simulate the state transformation model and reliability model of the
gearbox. The residual values of the predicted state and the actual state when the models belong to
Weibull distribution, ordinary differential equation, and gamma distribution are shown in Figure 3.
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After calculation, the average residuals in the three maintenance models are 0.0046, 0.0051, 0.0055.

In combination with Figure 3, the following conclusions can be drawn:

1.  The gearbox state transition model constructed by ordinary differential equations has a large
abrupt change in the state residual value, thereby indicating that the model cannot track and
simulate the state change of the gearbox in a sudden situation. Compared with the stochastic

differential equation, the mean value of the residual is larger, indicating that the stochastic
differential equation can more accurately reflect the state of the device and has higher applicability

and accuracy.

2. When A (t) adopts the Gamma distribution, the predicted value of the state of the gear box differs
greatly from the true value and is greater than the residual value in the Weibull proportional
hazard model. This finding further demonstrates the correctness of using the Weibull model in

the construction of the gearbox state model.

5.4. Example Verification Analysis

Another gearbox of the same model was selected as the verification sample, and the estimated
maintenance interval and maintenance decision were calculated at each monitoring time on the basis of
its condition monitoring data. Compared with the actual operation maintenance decision, the finding
proves the accuracy and reliability of the model. The calculation method of estimated maintenance

time is shown in Figure 4:

Collect monitoring data of
gearbox

!

Normalize the data to get
the device state value x(t)

Bring x(t) into equation
(28) to obtain equipment
reliability R(t)

Make a tangent to the
reliability of the equipment
at time t

I

Calculate the time when the
tangent reaches the
reliability threshold and
record it as the estimated
maintenance time

Figure 4. Calculation method of the estimated maintenance time.
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The estimated maintenance time of the equipment can be obtained by subtracting the estimated
maintenance time from the state monitoring time. After calculation, the estimated maintenance interval
(EMI) and maintenance decision (MD) at each monitoring time were obtained and are shown in Table 3.

Table 3. Estimated maintenance interval and maintenance decision.

Operation Hours/h oT/°C ST/°C Amplitude/mm EMI/h MD

1178 25.1 27.9 0.675 5849 continue to monitor
1866 26.9 29.1 0.778 4983 continue to monitor
2495 28.2 30.6 0.846 4137 continue to monitor
2948 31.1 334 1.087 3496 continue to monitor
3306 324 375 1.343 2897 continue to monitor
3707 33.9 39.1 1.668 2092 continue to monitor
4016 36.3 42.2 2.065 1496 continue to monitor
4238 394 44.6 2.498 874 continue to monitor
4493 42.8 48.7 3.079 419 continue to monitor
4622 454 54.9 3.997 197 service

4788 malfunction malfunction malfunction

The above table shows that the maintenance time interval predicted by the gearbox reliability
model continues to decrease with the increase in use time. When the running time reaches 4622 h,
the gearbox is expected to reach the maintenance threshold after 197 h. Thus, repair is recommended.
In actual operation, the gearbox fails after 166 h. The reliability model can then be deemed to be very
accurate, and the life of the gearbox can be utilized to the maximum extent under the premise of
satisfying the reliability.

6. Results

To address the problem of wind turbine gearbox failure, this paper builds a stochastic differential
equation model of gearbox state transition, which can accurately predict the equipment state and
maintenance time. In the model, the Weibull model and polynomial approximation were used to
construct the failure rate function of the equipment, and Brownian motion was used to simulate
the external random disturbance, which integrates the relationship between the equipment’s own
degradation and external interference. At the same time, the accuracy of the model were verified
by comparing with the ordinary differential model and the gamma distribution model. In the case
analysis, the validity of the model was verified by predicting the maintenance time. Hence the state
transition model constructed by stochastic differential equations is more accurate and effective. Clearly,
the application of this model has a positive effect on the development of CBM.
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