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Abstract: One of the ways used to reduce the emission of carbon dioxide and other harmful
substances is the implementation of biomass co-firing processes with coals. Such processes have
been implemented for many years throughout many countries of the world, and have included
using existing high-power coal boilers. Despite numerous experiments, there are still no analyses
in the literature allowing for their generalization. The purpose of this paper is to determine the
generalized energy and ecological characteristics of dust steam boilers co-firing hard coal with
biomass. The energy characteristics determined in the paper are the dependence of the gross
energy efficiency of boilers on such decision parameters as their efficiency and the share of biomass
chemical energy in fuel. However, the ecological characteristics are the dependence of emission
streams: CO, NOx, SO2, and dust on the same decision parameters. From a mathematical point
of view, the characteristics are approximation functions between the efficiency values obtained
from the measurements and the emission streams of the analysed harmful substances and the
corresponding values of the decision parameters. Second-degree polynomials are assumed in
this paper as approximation functions. Therefore, determining the characteristics came down
to determining the constant coefficients occurring in these polynomials, the so-called structural
parameters. The fit of the determined characteristics was assessed based on the coefficients of random
variation and the test of estimated significance of structural parameters. Boiler characteristics can
be used when forecasting the impact of changes in operating conditions on the effects achieved in
existing, modernized, and designed boilers. The generalization of the characteristics was obtained
from the measurement results presented in 10 independent sources used to determine them.

Keywords: steam boilers; co-firing; biomass; characteristics; boiler efficiency; GHG emissions;
decision parameters; result parameters; structural parameters

1. Introduction

The specificity of the Polish energy system is one of the highest in the world’s share of sources
using coal (both hard and brown) in electricity production. In 2018, this share amounted to 78.2% [1].
For comparison, 12.8% of electricity came from renewable energy sources, wherein 3.9% came from
sources using biomass (biogas plants, biomass combustion plants, and biomass co-firing) [1]. At the
same time, the share of energy consumption from renewable sources in the entire energy balance in 2018
was 11.3% [2]. In 2017, solid biofuels accounted for 67.9% of energy obtained from renewable sources
in Poland, and liquid biofuels accounted for 10% [3]. Due to the geographical location (relatively low
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sun exposure and only locally occurring areas with more frequent strong winds) and the country’s
surface (flat with a lack of larger numbers of sizable rivers), until recently, hopes for the development
of renewable energy sources in Poland were mainly associated with sources using biomass. Currently,
due to the development of technologies in the field of solar energy, and in connection with projects
to build a number of wind installations in the Baltic Sea, the prospective importance of these sources
has grown.

Primary energy obtained in Poland from biomass sources corresponds to approximately
7.5 Mtoe [3]. This is a small amount in relation to the national biomass energy potential. This potential
results from developed agriculture, using approximately 188 thousand km2 of arable land (nearly
60% of the country), and forest areas of 95 thousand km2 (30% of the country area) [4]. The technical
potential of biomass in Poland is estimated at around 930 PJ/year [5]. This corresponds to almost
22.2 Mtoe per year. This potential mainly consists of waste wood from forests (200–240 PJ/year),
energy crops (130 PJ/year), undeveloped straw (over 110 PJ/year), post-use wood (over 40 PJ/year),
wastes from the wood industry (about 30 PJ/year), and biomass from agricultural sources (about
15 PJ/year) [5]. Thus, around 1/3 of the domestic biomass energy potential is currently used.

Biomass co-firing with coal in large power boilers developed dynamically in Poland over the years
2005 to 2012. In the peak period, the co-firing process was responsible for about half of the electricity
generated from renewable sources in Poland. Economic considerations, based on the introduced
legal regulations, spoke in favour of the process. After 2012, due to the suspension of government
support for this process, co-firing in large energy facilities began decreasing, and now only about 10%
of electricity from 2012 is generated in this process. However, currently due to difficulties in meeting
the national target of the share of renewable energy sources in gross final consumption in 2020, under
the objectives of the European Union (20 % EU, 15% Poland), and a new, higher target for 2030 (32%
for the entire EU, no national target yet), the Polish government plans to allocate 10 billion PLN (over
2.2 billion EUR) to re-support this process [6].

It should be noted that although such a strong dependence on coal in the electricity sector is a
Polish specificity, coal is still an important element of the power systems in a number of other countries,
including Germany, China, Russia, India, Turkey, and South Africa. In addition, coal mining has
increased in recent years, according to the International Energy Agency [7]. The organization forecasts
that until 2024 its production will remain at a level similar to the current one. In addition, in non-OECD
countries in 2017, electricity production from coal-fired installations accounted for 47% of the electricity
produced [8].

Co-firing is a simple, cheap, and fast way to increase the production of electricity from renewable
sources, as well as to reduce CO2 emissions from existing coal-fired installations. Appropriate
installations already exist, and as a result of many years of process implementation, relevant experience
in the process has been acquired in a number of countries. Experiments related to biomass co-firing
in power plants and combined heat and power plants have been extensively discussed, e.g., in
review works [9–12]. The advantages of the process include most often the reduction of greenhouse
gas emissions [9,10,13], and in the case of some installations and biomass, the reduction of NOx

emissions [9,10,14], as well as the economic efficiency of the process (most often resulting from
administrative and legal support activities) [9,15,16].

Dust furnaces are one of the most frequently used constructions of large boilers for the
implementation of co-firing of coals and biomass [9]. However, biomass co-firing in these units
also has a number of disadvantages. These disadvantages concern both the installation itself and the
entire biomass management. The latter include:

• Difficulties with the delivery of large amounts of biomass to individual co-firing installations
(the need to transport biomass over long distances, including even its import);

• Environmental costs of biomass transport over considerable distances;
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• Lack of raw material for other biomass recipients, because the financial possibilities and obtained
margin on sold energy from the co-firing process often allows operators of these installations to
purchase biomass at much higher prices than the competition;

• Competition between energy crops and food crops.

Regarding the process disadvantages occurring in the installation itself, these should
be mentioned:

• Reduction of boiler efficiency [17,18];
• Deposit formation, corrosion, and erosion of boiler components [10,12,19];
• Problems with milling and operation of coal mills, and in the fuel feeding system (increased fire

risk and explosion) [20,21].

There are various ways to evaluate the effects of the co-firing process. Among them we can
distinguish among others:

• Assessment of economic effects [15–17,22];
• Application of LCA (Life Cycle Assessment) methodology [23,24];
• Assessment of technical and ecological aspects [10,12,18,19,21,22,25,26].

Data for conducted analyses are the result of process modeling, e.g., [14,22,27] or are obtained
based on, e.g., measurements of emissions and installation efficiency during tests at industrial
facilities [19,21,25]. As mentioned, many countries around the world are already very experienced in
the implementation of co-firing coal and biomass in high power steam boilers. Despite this, however,
there is a lack of literature attempting to generalize and mathematically describe it.

The main purpose of the study is to determine the generalized energy and ecological
characteristics of co-firing coal with biomass in boilers with a capacity higher than 130 t/h of steam.
The energy characteristics determine the impact of boiler efficiency and the biomass chemical energy
stream (so-called decision parameters) on the gross energy efficiency of the boiler (so-called result
parameter). On the other hand, ecological characteristics make it possible to assess the impact of these
decision parameters on the corresponding resulting emissions of the following substances: carbon
oxides (CO), nitrogen oxides (NOx), sulphur dioxide (SO2), and dust.

Energy characteristics can be used to control the operation of steam boilers and are necessary
when determining the optimal operating conditions for boilers being designed and modernized. The
generalization of the characteristics made in this paper consist of using the authors’ own measurements
and information given in the literature to determine them.

2. Materials and Methods

2.1. Method for Determining the Characteristics

The characteristics are mathematical dependencies (functions) of the result parameters on the
decision parameters. In the analysed case, the considered functions can be written as:

y1

y2

y3

y4

y5


= f (x1, x2) (1)

where: decision parameters: x1—boiler efficiency, t/h, x2—chemical biomass energy stream, MW;
result parameters: y1—boiler energy efficiency, y2—emission of CO, kg/h, y3—emission of NOx, kg/h,
y4—emission of SO2, kg/h, y5—emission of dust, kg/h. The analysed problem is shown in Figure 1.
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Figure 1. Characteristics of the test object.

The figure illustrates functional relationships between parameters resulting from decisive
parameters. The characteristics are determined separately for individual analysed result parameters.
These functions are approximation dependencies between the result parameter values obtained from
the experiment and the combinations of decision parameter values characterizing them. Each of
the combinations of decision values and the corresponding values of the resulting parameters is
a measuring point.

It is recommended [28] to assume the form of object functions as second-degree polynomials. The
following arguments support the use of a second order polynomial as a characteristic equation [28]:

• Its use is a compromise which, on the one hand, takes non-linearity of real test objects into
account, and on the other hand, incorporates the tendency to reduce the number of measurements
(an increase in the degree of polynomial significantly increases the number of tests necessary to
carry out);

• It is characterized by high universality, as it allows adequate approximation of both simple linear
and non-linear relationships;

• A polynomial is a particularly convenient form of a mathematical model in a case when only
types of test factors and trends of their influence on the resulting factor are known.

In this case, it is proposed to take the following form of this function:

yj = b(j)
0 + b(j)

1 x1 + b(j)
2 x2 + b(j)

11 x2
1 + b(j)

22 x2
2 + b(j)

12 x1x2 (2)

where: b(j)
0 , b(j)

1 , b(j)
2 , b(j)

11 , b(j)
22 , b(j)

12 —constant polynomial coefficients for the j-th result parameter,
j—result parameter number (j = 1 ÷ 5).

According to the nomenclature used in statistical analyses in the remainder of the study, constant
coefficients will be called structural parameters. Determining the characteristics comes down to
determining the structural parameters in the individual characteristics. To determine the characteristics
(function of the object), it is necessary to have a number of measurements that meet the condition:

N ≥ Nb (3)

where: N—number of measurements, Nb—number of structural parameters.
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In the case under consideration, the number of measurements should be greater (or at least equal)
to six. At the same time, the greater the number of measurements above the number of structural
parameters, the greater the reliability of the determined coefficients. A larger number of measurements
make it possible to reduce the uncertainty of measurements on the results of the calculations. The values
of constant coefficients are determined by statistical methods. Most often, modified methods of least
squares of deviations are used for this purpose [29–31]. Examples of determining the characteristics
are given in [32,33].

2.2. Test Objects and Co-Firing Conditions

The research presented in the study concerns dust steam boilers with an efficiency of 130 to
230 t/h of superheated steam at a pressure of 10 or 13.6 MPa and a temperature of 450 or 540 ◦C,
respectively. The amount of biomass chemical energy in co-fired fuel ranged from 0 to 100 MW, which,
depending on the boiler efficiency, ranged from 0% to even 100% of the total chemical energy of
the fuel.

In determining the characteristics, the results of experiments carried out by the authors [32] or
described in the literature [19,27,34–40] were used. In order to determine the appropriate number of
measurements and obtain the most representative results possible, the combinations of decision
parameter values adopted for statistical analyses should be determined in accordance with the
principles of scientific experiment planning [28–30,41]. Scientific planning of an experiment is possible
when the determination of variants of systems of decision parameters (measuring points) precedes the
measurements themselves. They are then carried out “on dictation” in strictly defined points of the
research space (based on mathematical analyses). The authors attempted to adhere to these principles
when determining the characteristics in the papers [32,33]. An analogous procedure was not possible
when using the results of the experiments presented in the literature. In such cases, the values of
decision parameters are determined by the authors “a priori” without scientific justification. At the
same time, the use of information given in 10 independent sources to determine the characteristics
allowed for generalization of the obtained results.

3. Results

3.1. Obtained Characteristics

Using the results of the experiments, structural parameters were estimated for each of the analysed
object functions of the study. Table 1 shows the results obtained.

Table 1. Structural parameters of the characteristics.

No. Coefficient
Designation

Coefficient Values for

Boiler
Energy

Efficiency, j = 1

Emission
of CO

kg/h, j = 2

Emission
of NOx

kg/h, j = 3

Emission
of SO2

kg/h, j = 4

Emission
of Dust

kg/h, j = 5

1 b0 0.8688 −311.8 1563 5320 −0.5138
2 b1 0.0006 4.598 −13.47 −49.74 0.1185
3 b2 −0.0006 −1.651 1.594 26.60 0.4437
4 b11 −1.085 × 10−6 −0.01261 0.03571 0.1300 −0.00011
5 b22 4.236 × 10−6 0.01471 −0.02809 −0.3471 −0.00317
6 b12 −8.760 × 10−8 0.001065 0.01429 0.08572 0.00082

3.2. Verification of Characteristics

The designated functions of the object were subjected to verification, which aimed to check
whether the estimated functions describe the tested relationships well. The verification consisted of
checking the following properties [42]:
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1. The degree of compliance of the constructed model with the measured data using [42,43]:

• Graphic comparison of the calculated values of the model with the measured data;
• Residual variance;
• Coefficient of random variation.

2. Quality assessment of structural parameters, requiring:

• Determination of standard errors in the estimation of structural parameters;
• Conducting the significance test of estimated structural parameters.

3.2.1. Verification of the Degree of Compliance of the Model with the Measurement Data

Graphic comparison of predicted values obtained from the characteristics with measured values
is presented in Figures 2–6.

From the information given in Figure 2, there is a relatively high agreement between measured
and predicted energy efficiency values. The value of an average standard deviation for individual
characteristics is given in Table 2.

Figure 2. Comparison of the predicted values of the boiler energy efficiency model with
measured values.

Table 2. Residual standard deviation.

Values Corresponding to the Designation of

Boiler
Energy

Efficiency, j = 1

Emission
of CO
j = 2

Emission
of NOx
j = 3

Emission
of SO2
j = 4

Emission
of Dust

j = 5

se2 0.0000 1155 9084 529,000 71.07
se 0.01 33.99 95.31 727.3 8.43

Figures 3 and 4 show that the differences between the measured and predicted values of CO
and NOx emission streams are relatively large. This applies in particular to measurements 14 and 15.
It should be presumed that the measuring points relate to objects with various operating conditions,
including the ratio of excess air for combustion and the design of the burners.

Figures 5 and 6 show large differences between the measured and predicted SO2 and dust
emission streams. This applies, for example, to measurements 1, 12–15, 18, 20 and 24. It should be
assumed that in these cases, decisive parameters should be supplemented with sulfur content and ash
in coal and biomass. The authors were not in possession of such data.
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Figure 3. Comparison of the predicted values of the CO emission model with measured values.

Figure 4. Comparison of the predicted values of the NOx emission model with measured values.

Figure 5. Comparison of the predicted values of the SO2 emission model with measured values.
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Figure 6. Comparison of the predicted values of the dust emission model with measured values.

Based on the graphical analysis of data obtained after estimating the structural parameters of the
function, it can be seen that, in the case of boiler energy efficiency, they are well matched; in the case of
ecological characteristics, the function matching is smaller.

Important information about the assessment of the compliance of the model with measured
values is provided by the standard deviation of s residues and the coefficients of random variation ν.
These values were determined in accordance with the recommendations given in the literature [42,43].
The obtained results are given in Tables 2 and 3.

The values given in Table 2 were used for calculations of data presented in Table 3.

Table 3. Arithmetic mean values and random coefficient of variation.

Values Corresponding to the Designation of

Boiler
Energy

Efficiency, j = 1

Emission
of CO
j = 2

Emission
of NOx
j = 3

Emission
of SO2
j = 4

Emission
of Dust

j = 5

y 0.92 69.17 447.9 1548 19.63
νe 0.01 0.49 0.21 0.47 0.43

The coefficient of random variation ν is a relative measure of the diversity of the resulting
parameters. It is the ratio of the standard deviation of the residuals and the arithmetic mean of the
resulting parameter. It is assumed that its value should be less than 0.2. This condition is met by
efficiency characteristics and possibly NOx emission characteristics

3.2.2. The Importance of Structural Parameters

According to information provided in the literature [28,29,31,42,44], structural parameter b is
significant when the quotient of its value and the value of the average error of estimation of this
parameter s(b) (so-called Student test) is greater than the critical value tc. The critical value tc depends
on the confidence level α and the number of degrees of freedom m = N − k − 1 (where: k—number
of decision parameters). Its value can be read from commonly available tables. For α = 0.05, m =

30 − 2 − 1 = 27, critical value tc = 2.052.
Table 4 gives the values of the average error in estimating structural parameters s(b)(j). In turn,

Table 5 gives the values of t(b)(j) for individual parameter.
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Table 4. Standard errors in estimating the structural parameters of the test object functions.

No.
Indication
of Estimate

Error

Values of Errors in Determining

Boiler
Energy

Efficiency, j = 1

Emission
of CO
j = 2

Emission
of NOx
j = 3

Emission
of SO2
j = 4

Emission
of Dust

j = 5

1 s(b0) 0.0250 161.5 453.0 3457 40.06
2 s(b1) 0.0003 1.880 5.270 40.22 0.4661
3 s(b2) 0.0002 1.005 2.965 22.62 0.2622
4 s(b11) 8.323 × 10−7 0.0054 0.0151 0.1150 0.0013
5 s(b22) 1.000 × 10−6 0.0065 0.0181 0.1382 0.0016
6 s(b12) 7.680 × 10−7 0.0050 0.0139 0.1061 0.0012

The values given in Table 4 were used for calculations of data presented in Table 5.

Table 5. Estimation of structural parameters relative to the error of estimation of the parameters.

No.
Indication
of Estimate

Error

Values of Errors in Determining

Boiler
Energy

Efficiency, j = 1

Emission
of CO
j = 2

Emission
of NOx
j = 3

Emission
of SO2
j = 4

Emission
of Dust

j = 5

1 |b0| / s(b0) 34.75 1.930 3.451 1.539 0.0128
2 |b1| / s(b1) 2.000 2.446 2.556 1.237 0.2541
3 |b2| / s(b2) 3.000 1.561 0.5376 1.176 1.692
4 |b11| / s(b11) 1.304 2.335 2.365 1.130 0.00846
5 |b22| / s(b22) 4.236 2.263 1.552 2.511 1.981
6 |b12| / s(b12) 0.1141 0.2130 1.028 0.8079 0.6833

Comparing the values given in Table 5 with the critical value tc = 2.052, it should be stated that
structural parameters play an important role: b(1)0 , b(1)1 , b(1)2 , b(1)22 , b(2)2 , b(2)11 , b(2)22 , b(2)12 , b(3)1 , b(3)2 , b(3)11 , b(4)22 .
For dust emissions, none of the structural parameters meets the materiality criteria.

3.3. Uncertainty of the Measured Quantity

In this analysis, most of measurement results used came from literature sources cited in Section 2.2.
Knowledge of the uncertainty (class) of measuring instruments and test methods used is required for
adequate assessment of the uncertainty of measurement results. The instrument class is not provided
in the used literature sources. Taking into account the efficiency of boilers, it should be assumed
that their energy efficiency was determined by an indirect method requiring the determination of
individual energy losses. This requires determining the uncertainty of complex quantities requiring
more measurements. No further information was provided. At the same time, it should be noted that
ignorance of the uncertainty of the measured quantities is not required to carry out the tests described
in Sections 3.2.1 and 3.2.2.

4. Discussion and Conclusions

Generalizations of determined characteristics should be considered a valuable and innovative
element of this study by using 10 variables and independent sources to determine them.
The experimental results, taken into account from various sources, concerned boilers in which hard
coal was burned with different elemental compositions. The same large variation occurred in the case
of biomass. The major differences concerned especially the composition of the mineral substance and
the sulphur content. It should be assumed that the design and operating conditions of the boilers
also differed.

The main achievement of the work is to determine the studied characteristics and determine the
ranges of their usefulness.
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The form of energy performance and ecological characteristics are set out in Table 2. The ranges
of usability of these characteristics are varied. Energy performance can be used in the analysis of
predictions in the field of technical and economic effects, especially useful when assessing the level of
operation and modernisation of the existing dust steam boilers and the designing of new dust steam
boilers with steam capacity from 130 to 230 t/h.

For the NOx emission stream characteristics, its usefulness should be assessed as less than that of
energy performance. This is mainly due to the greater than 0.2 value of the random variation coefficient
ν (see: Table 3). When assessing the usefulness of CO emission stream characteristics, it should be
stated that the indicator ν significantly exceeds the standard value of 0.2, but at the same time relatively
favourable values are obtained when assessing structural parameter errors (see: Table 5). Therefore, it
is proposed to use NOx and CO characteristics for indicative analyses of boiler operation and design.

In turn, the determined characteristics of dust and SO2 emissions do not meet the
statistical standards required for determining analogous relationships. This is evidenced by both
graphically illustrated discrepancies between the predicted and measured values of these emissions
(Figures 5 and 6), as well as the corresponding values of the random coefficient of variation ν,
significantly higher than 0.2. Additional confirmation of this fact lies in errors in the estimation
of structural parameters related to these emissions (see Table 5).

Explanations of the reasons for unsatisfactory effects of determining ecological characteristics are
given in the notes provided in Figures 4 and 6.

At the same time, the analyses showed that energy efficiency of boilers is adequately characterized
by their efficiency and chemical energy of the burned biomass.

However, it should be noted that the operating conditions occurring in the analyzed boilers can
significantly affect the values obtained on the basis of the NOx and CO emission flux characteristics.
The forms of these characteristics determined in the paper relate to average operating conditions
occurring in boilers of this type during measurements.
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