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Abstract: A preliminary study of a horizontal-axis wind turbine (HAWT) design is carried out using
a wind tunnel to obtain its aerodynamic characteristics. Utilization of data from the study to develop
large-scale wind turbines requires further study. This paper aims to discuss the use of wind turbine
data obtained the wind-tunnel measurements to estimate the characteristics of wind turbines that
have field size. One should measure the torque of two small-scale turbines inside the wind tunnel.
The first small-scale turbine has a radius of 0.14 m, and the radius of the second small turbine is 0.19 m.
Torque measurement results from both turbines were analyzed using the Buckingham π theorem
to obtain a correlation between torsion and diameter variations. The obtained correlation equation
was used to estimate the field measurement of turbine power with a radius of 1.2 m. The resulting
correlation equation can be applied to approximate the energy generated by the turbine using the
size of the field well in the operating area and the tip-speed ratio (λ) of the turbine design.

Keywords: wind tunnel; enlarge design; Buckingham π theorem; torque-diameter correlation;
estimated power; field size; 3-D blade; stall delay

1. Introduction

The study of horizontal-axis wind turbine (HAWT) design performance can be done quickly
using various pieces of software. The results of the study can be employed as a basis to realize the
design because the measurement results from the software are relatively accurate. However, real
measurements are needed because the conditions used in computing are ideal conditions, while real
conditions may differ considerably.

The research development progress in wind turbine technology grew rather slowly in the last few
decades. Kuchemann further developed early mathematical works that Prandtl and Joukowsky started.
He calculated the chord wise and span loading on swept and straight wings at subsonic speeds [1].
The concepts were deepened and sharpened with, for example, Goldstein’s rotational functionate for
best blade design, shafts with a seat, and actuator discs with swirl [2–5].

Lutz described the practicality of the lifting-line concept, Ayati calculated the aerodynamic effects
on HAWT with the lifting-line concept, and digitally, Lamar developed a simplified Multhopp concept
for estimating camber and lifting pressure for combination platforms [6–8]. Moreover, Sutrisno et al.,
implementing the lifting-line concept, modeled the performances of three-dimensional (3D) blade plate
styles of the wind turbine with helicopter-like propeller blade tips [9]. From the lifting-line concept,
one could develop 3D HAWT blade patterns.
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Kesler compared the propeller thrusts predicted by the lifting-line concept with experiment.
Abedi developed a vortex filament theory on rotor blades, and de Oliveira et al., investigated how a
body presence affected the actuator disk performance [10–12]. Experimental and lifting-line prediction
of thrusts could be used to estimate blade loads.

Using a design blade of HAWT, Plaza et al., conducted a comparison between the blade element
method (BEM) and computational fluid dynamics (CFD) results for rotor fluid dynamics. Bai et al., used
numerical simulation to investigate a 10-kW HAWT blade and aerodynamic design. Chehouri et al.,
reviewed optimization techniques of performance applied to HAWT. Singh and Ahmed tested a small
wind turbine rotor power and examined blade design for low HAWT utilization. Suzan investigated
radical regenerations in HAWT blade construction. Velázquez et al., learned the construction and
experiments of a 1-MW HAWT [13–18]. One could apply the study of blade design and optimization
techniques on small wind-turbine rotor performance.

In implementing BEM for design, Schubel and Crossley investigated wind-turbine blade design.
Lynch conducted progressive CFD methods for HAWT analysis. Elfarra examined the design and
optimization of winglets and twisted aerodynamics using a CFD HAWT rotor blade. Maniaci et al.,
investigated the development of the numerical experimentation and model measurement of thick
HAWT airfoils with front-edge erosion. Perfilev examined an optimization methodology for HAWT
blade geometry. Some researchers analyzed subsonic airfoil sections employing the numerical shape
for efficiency and effectiveness. Rahimi et al., compared experiments with CFD and investigated the
validity of the BEM for the HAWT simulation in complicated load matter [19–26]. Blade design, and
efficiency and effectiveness of winglets via rotor blades showed their related optimized geometries.
The BEM computation reasonably revealed the validity of the simulation in complex load cases.

To enrich the insights, we need to compare the mathematical works and the BEM with the
3D approximation theory. It includes consideration for stall delay, turbulence, and separation.
Sutrisno et al., studied the performance and flow dynamics of the 3D approximation theory of HAWT
blades. Sutrisno et al., learned the power and stall mechanism of 3D HAWT blade-plate models. They
also investigated the simulation model of the swept-back HAWT blades. Brocklehurst and Barakos
reported a tip-shaped review of a helicopter rotor blade [9,27–29]. The 3D wind turbines studied
through rolled-up and tip vortex investigations could be combined with the review of helicopter
blade-tip vortices to strengthen their performances and stall delays.

In the HAWT stall delay, Dumitrescu and Cardos reported inboard stall delay due to the rotation.
Hu et al., investigated research on the HAWT stall mechanism. Lee and Wu did a study of stall
mechanism on an HAWT blade employing Particle Image Velocimetry (PIV). Sicot et al., studied
rotation and disorder effects on the stall delay of an HAWT blade. Wu et al., performed, during stall
mechanism, an investigation of frantic turbulence conditions. Yu et al., examined the separated flow
and stall mechanism for wind turbines [30–35].

The 3D approximation theory relies heavily on a rolled-up vortex and Q-criterion. Gursul et al.,
studied the unsteady aerodynamics of non-slender delta wings. Gursul et al., reviewed the vortex
control actions of the front-edge eddy. Chattot explained the blade-tip modification effects on HAWT
power using the vortex concept. Pavese et al., learned the pattern of HAWT swept blades implementing
load elucidation. Shen et al., analyzed the aerodynamic shape effectiveness of curved small HAWT
blades. Adegas et al., observed an energy curve of a small HAWT generator lab and open-terrain
test [6,36–40]. The 3D approximation theory is based on the aerodynamics of delta wings, swept wings,
leading edge, and blade-tip vortex mechanisms. Studying the basics of small wind-turbine blade
performance is essential.

Scientists introduced the Q-criterion to visualize the rolled-up vortex appearance. Calderon et al.,
analyzed 3D measurements of vortex breakdown. Haller explained an objective definition of a vortex.
Muscari et al., learned to model the flow dynamics in the roll-out of maritime blades. Zhang and
Wu observed the fluid dynamic properties of HAWT blades with a sinusoidal front-edge. Ibrahim
and New reported the control of stream separation of maritime propellers implementing tubercle
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redesign [41–45]. The definition of a vortex, its modeling, and breakdown measurements significantly
affect the accuracy of the vortex dynamics prediction.

Cai et al., learned the optimization of wing-trunk arrangement to suspend the start of
asymmetrical vortex [46,47]. Using CFD, Bangga et al., explained the computational arrangement
effect on a correct guess of an HAWT rotor. Kim did a power analysis and studied the fluid dynamic
patterns of the hundred-MW class HAWT blade [48,49]. The effects of computational grids, methods,
and optimal wing-body configurations are essential to provide an accurate prediction of a simulation.

Shafiqur Rehman et al., reported a review of HAWT blade design strategies for power
improvement [50]. Reducing the cut-in velocity, by recalculating the blades, would increase the
power of wind turbines. Identifying the usefulness of modifiers, such as the power coefficient, charge
of energy, the constraints of mass, and design of the blade would solve the problem. Schubel and
Crossley revealed the blade design of wind turbines exclusively with horizontal-axis rotors, including
optimal power, practical optimization, HAWT blade configuration, and blade loads [19]. Manufacturers
seek greater cost effectiveness by exploiting the possibility of increasing the scale.

We conducted two small-turbine torque measurements, and used the Buckingham π theorem to
obtain a correlation between torsion and diameter variations. The correlation equation was developed
and was used to estimate the field measurement of turbine power with a radius of 1.2 m. The resulting
correlation formula can be applied to approximate the output generated by the turbine using the size
of the field well in the operating area of the turbine design.

The measurement of small-scale wind turbine models with a wind tunnel is a commonly used
way of obtaining design characteristics. However, the data obtained require further analysis capable of
estimating the performance of wind turbines of various sizes in the field. In this paper, a dimensional
analysis based on the Buckingham π theorem was used to estimate the power to be generated by wind
turbines with an actual scale based on torque correlations with changes in the diameter measurement
results in the wind tunnel.

2. Wind-Turbine Characteristics

2.1. Wind-Turbine Scaling, the Rule of Similarity, and the Buckingham π Theorem

We executed the work starting with the rule of similarity and the Buckingham π theorem. One
could formulate importance modifiers that regulate the rotor characteristics, which depend on turbine
radius [51]. In this study, we could scale all the geometrical parameters of the blade linearly.

Following the Buckingham π theorem, the number of dimensionless parameters (Np) needs to
correlate with the associated data equal to the total number of variables (Nv) minus the number of
independent dimensions needed to describe the problem (Nd) (Equation (1)) [52].

Np = Nv − Nd. (1)

For any associated dimensional quantity Q,

[Q] = [Q0]
Np−1

∏
i=1

[Pi]
ai , (2)

Q0 has the same dimension as Q. If P0 ≡ Q/Q0 is defined as a dimensionless quantity, then Pi as the π

factor is dimensionless. In Equation (2), ai is a coefficient that must be determined.

2.2. Torque–Diameter Correlation

The elementary quantities used in the experiment variables could be mass (M), length (L), and
time (T). The experiment variables consist of five parameters, i.e., torque τ (ML2T−2), air density
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ρ (ML−3), wind speed U (LT−1), rotation speed RPM (T−1), and rotor diameter D (L). From the
dimensional analysis, the correlation of torque and rotor diameter could be written as in Equation (3).

[τ] =

[
ρU5

RPM3

][
RPM× D

U

]a
. (3)

From Equation (3), we found that

P0 = τ0 =
RPM3τ

ρU5 , and P1 =
RPM× D

U
. (4)

3. Experimental Set-Up

3.1. Wind-Turbine Design

In this study, one could use BEM procedures to design the geometries of the wind-turbine blades.
The rotors had three blades and applied airfoil NACA 4412 along their spans. The distributions of
pitch angles and normalized chord lengths spanwise were approximated using the BEM optimal
distribution (Equations (5) and (6)), as depicted in Figure 1. The design used a tip-speed ratio of 3.65.
The calculated performance of the design is described in the form of Cp as a function of λ, as depicted
in Figure 2. Figure 3 shows three-dimensional printed models that have a radius of 0.19 m.
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Figure 3. Three-dimensional printed models of the rotors with a radius of 0.19 m. (a) The blade has a
backward swept at its tip; (b) the blade has a helicopter-head blade tip.

3.2. Parameter Measurement in Wind Tunnel

Figure 4 shows the schematic parameters of small-scale wind-turbine measurement. The wind
tunnel uses five blowers, one of which is placed in the center so that the wind input distribution is
uniform. The air filter uses six arranged screen layers. The first two screens are sparse screens with
a size of 20 mm × 20 mm, the next two screens are medium sparse screens with a size of 10 mm ×
10 mm, and the last two screens are tight screens with a size of 5 mm × 5 mm. The wind enters in a
somewhat uniform manner from the blower; the speed is made more even employing the dissipation
process that occurs along the way so that the wind is even more parallel at quite a low turbulence.
The process becomes better by utilizing a good contraction cone. Conical contraction is designed
with an electromagnetic theory so that the process of compressing the wind becomes as isentropic as
possible. Figure 5 shows a rotor blade in the wind tunnel. The wind-tunnel parameters consist of wind
speed, the rotation speed of the rotor, and the torque of the rotor. A rope-brake dynamometer system
measured the torque. The torque was not measured directly. A balancing weight (W) was used to
generate friction force on a pulley Dp in diameter. The torque values were calculated from the difference
between balancing weight and the values shown in digital balance (S) using Equation (7) [53].

τ =
Dp

2
(W − S). (7)
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Figure 5. Measurement set-up in wind tunnel.

3.3. Field Measurement

We conducted field measurements in the beach area (Figure 6). The location of the field was
the coastal line of Pantai Baru, Jogjakarta, Indonesia, at a geographic location of about 7◦59′20.8” S
110◦13′15.4” E. The tests were done following the IEC 61400-12-1 standard. The generated voltages
and current of a generator identified the rotor power. Then, we could couple the current with the field
rotor. Wind velocity, the rotation of the shaft, and also wind direction became data results, which were
collected on a hard disk. The bin method was applied to investigate the data. The bin width applied to
the wind velocity in the analysis was 0.5 m/s [54].
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3.4. From BEM to 3D HAWT Blade Concept

At the beginning of the HAWT rotor research, one could divide the HAWT blade into some
independent spanwise partitions. Then, the induced speed could be estimated, and this infinite
number of blades was addressed as the blade element momentum (BEM) theory.

At the moment, the concept has slightly shifted to an analogy of an airplane that first uses a planar
wing, and then, for higher-speed implements, a swept wing. At first, the HAWT blade pattern uses the
BEM concept, and afterward, shifts to the concept of 3D wind turbines.

On the aircraft, the addition of the swept wing slightly reduced performance, but induced the
stall delay; thus, the high performance survived at higher angles of attack. As for wind turbines,
the addition of the swept blade slightly reduced the performance, but delayed the stall; the blade
survived at higher wind velocities. In wind-turbine blades, stall propagates from the bottom toward the
edge [9]. The stall mechanism is very beneficial for regions with gusty winds. It is the 3D wind-turbine
blade concept.

4. Results and Discussion

4.1. Measurement Results and Torque–Diameter Correlation

Figures 7 and 8 show the results of the torque measurement of small-scaled rotors in the wind
tunnel. Then, the measured data were evaluated using Equation (3). Figure 9 shows the plotted
non-dimensional torque (P0) as a function of another non-dimensional parameter (P1). The figure
indicates two regions of data. The first represents data that are relatively linear in the logarithmic of
the P0 axis, and the second forms non-linearly. A correlation of torques associated with diameters of
wind-turbine rotors could be created using data in the linear region, as stated in Equation (8). Then,
one could choose the correlation for estimating the power of field measurement of a wind turbine.

RPM3τ

ρU5 = 0.0027
(

RPM× D
U

)3.3385
. (8)
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4.2. Field Measurement and Computed Power

Based on Equation (7), the power of the rotor can be calculated using Equation (9). Figure 10
shows the computing power with selected tip-speed ratios (λ) of 3.65 and 3.0.

P = 0.0027
(

RPM× D
U

)3.3385 ρU5

RPM3D
2λU

D
. (9)
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Figure 10 describes the results of the tests [54]. The maximum standard deviation of the power of
the bin data in the field measurement was 161.5486 [54], whereas the error values from the correlation
increased until reaching 92.2884 Watts at a 10 m/s wind speed. For wind velocities higher than 10 m/s,
the estimated power was higher than the expected values. The rotor of the HAWT has lower expected
values at high wind speeds, as it turns slower than its designed operation. Therefore, Equation (9) is
accurate enough to be used for estimating the power measurement.

The correlation equation estimates that the power coefficient of the field rotor will be 0.21
constantly over all ranges of wind speed. The value is sound to be used in practice, but one should
employ the correction of the ranges of the wind speed. Figure 11 describes the computed power
coefficient based on field power measurement as a function of wind speed. Based on Figure 11, it is
reasonable if the power coefficient of the rotor is estimated to be 0.21 in an air velocity spacing of 5 m/s
to 12 m/s.
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For the results comparison between the lifting-line theory and measured power, in the previous
report [9], we compared performance coefficient concerning λ implementing the lifting-line concept
based on the principle of Pistolesi with spin effect, concerning the results of the real calculation. The
matching result was satisfactory.

5. Conclusions

Method selection in making experimental data on small-scale wind turbines valuable for designing
a large-scale one is an important task. In this paper, dimensional analysis based on the Buckingham
π theorem works well when applied. We made a pattern of the torque data from a small-scale
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wind-turbine test in a wind tunnel. Based on the results, the correlation of the torque data on
the small rotor associated with rotor diameter could be used to confidently predict the result of
field power measurements of the large one, as the errors were lower than expected from the field
measurement error.

The theory in this paper is limited to rotor scaling up to 8.57. The use of the Buckingham π theorem
gives a good result. In order to employ the method to higher scaling, an extended investigation is
needed to study the effectiveness of the method. We can also conclude that the lifting-line concept
supported the similarity in terms of the theory and its real measurement result, and rearward HAWT
blade tuft patterns supported the stream visualization pattern similarity between small-scale and
large-scale wind turbines.
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Nomenclature

Indices and Sets
αD angle of attack of an airfoil (design)
βr twist angel of an airfoil
λ, λD tip-speed ratio
ρ air density (kg/m3)
τ torque (Nm)
a constant
c chord length (m)
r radius (m)
CL,D coefficient of lift (design)
D rotor diameter (m)
Dp diameter of pulley
L length
M mass
N total number of dimensionless parameters
P computing power (W)
Pi Buckingham π factor
Q dimension quantity
RPM rotation speed
S digital balance
T time (s)
U wind speed (m/s)
W balancing weight
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