Table S1. Conjectured complete list of tight Bell+1 inequalities with three settings for both
parties. The coefficients for each inequality are given in the following order dyg do1 doo dig di1
dyo dog day das e €01 €o2 €10 €11 €12 €29 €21 €22 fo f1 fo. For each inequality we give the local
bound L, the two-qubit quantum bound @), the one bit of communication bound C and the
quantum state that achieves the largest quantum bound [¢)(0max)) = €OS Omax|00) + 8in Opax|11).
All quantities are computed for non-degenerate measurements.

+# Ineq L Q C' | Opax/m
1 -96891946-53-5-5-3-1-3-1-1-10-10-4 1 1 4 0
2 -8688-2846-23-5-5-3-1-3-1-1-10-8-4 1 1 4 0
3 -86880846-43-5-5-3-1-3-1-1-10-8-4 1 1 4 0
4 -75671635-43-4-4-3-1-2-1-100-7-3 1 1 3 0
) -6566-1635-23-4-4-3-1-2-1-100-6-3 1 1 3 0
6 65660635-33-4-4-3-1-2-1-100-6-3 1 1 3 0
7 -5250005051-2-212-3-1-2-300-5 1 1 3 0
8 -52501-15051-2-211-2-1-2-300-5 1 1 3 0
9 -52512-25051-2-200-1-1-2-300-5 1 1 3 0
10 -5255160001-2-2-1-2-312-30-60 1 1 3 0
11 -52551601-11-2-2-1-2-311-20-60 1 1 3 0
12 -52551612-21-2-2-1-2-300-10-60 1 1 3 0
13 -52552712-31-2-2-1-2-300-10-70 1 1 3 0
14 -5275250001-2-3-1-2-2-12-4-2-50 0 0 2 0
15 -52752502-21-2-3-1-2-2-10-2-2-50 0 0 2 0
16 -5365052201-3-3-1-1-2-11-3-1-5-2 0 0 2 0
17 -53650523-11-3-3-1-1-2-10-2-1-5-2 0 0 2 0
18 -5444-345511-3-3-1-1-1-1-1- O -4 -6 0 | 0.0899 | 2 | 0.1448
19 -54651524-31-3-3-1-1-1-1-1-1-2-6-2 0 0 2 0
20 -5575053302-4-4-2-1-1 2132—53 0 0 2 0
21 -55750535-22-4-4-2-1-1-2-1-1-2-5-3 0 | 0.0045 | 2 | 0.2044
22 H56752536-61-2-3-1-2-2-4-42-6-50 0 0.044 2 | 0.1871
23 H774-475502-4-4-31-3-2-1-1-4-3-5 0 | 0.0844 | 2 | 0.2235
24 415424-12-21-1-2-1-2-200-1-1-40 0 | 0.3467 | 2 | 0.1895
25 -4244041101-2-2-1-1-201-20-4-1 0 | 03106 | 2 | 0.1655
26 -42440412-11-2-2-1-1-200-10-4-1 0 | 03033 | 2 | 0.1639
27 -42600002-21-1-23-12-1-1-2-200 3 3 5) 0
28 -42602-22021-1-2-1-1-21-10-20-2 1 1 3 0
29 -43220223-12-2-1-2-1-10-110-2-2 1 1 2 0
30 -4332-334312-2-2-11-1-2-1-10-1-4 1 1.0667 | 2 | 0.2167
31 -4332-1323-12-2-1-20-20-11-1-2-2 1 1.1019 | 2 | 0.2144
32 -4333-1333-12-2-2-2-1-1-1-110-3-2 1 1 2 0
33 -43341311-12-2-2-2-1-101-10-4-1 1 1 2 0
34 43341312-22-2-2-2-1-10000-4-1 1 1 2 0
35 -434-1-1023-12-2-2202-2-1-1-11-2 3 3 4 0
36 -43421123-12-2-20-11-2-1-1-1-2-2 1 1 2 0
37 -4343-444412-2-2-22-2-2-2-1-1-1-4 1 1 2 0
38 -4343-2433-12-2-2-20-2-1-11-1-3-2 1 1.0505 | 2 | 0.2262
39 -43523325-30-1-12-31-2-2-1-3-5-2 1 1 3 0
40 -43531313-21-2-20-10-1-1-1-2-4-1 0 0.365 2 0.208
41 -43613-23-121-2-2-1-1-20-10-2-1-2 1 1 3 0
42 -4402020001-11-3-3-131-10-20 2 2 4 0
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-44020222-21-11-3-3-11-110-20

-44022446-41-11-1-3-3-1-330-4-2
-4404220001-11-3-3-131-10-40

-44042222-21-11-3-3-11-110-40

-44042444-41-11-3-3-3-1-330-40
-44540424-22-3-3-2-1-1-1-10-1-4-2
-4455-1534-21-3-3-20-2-1-1-1-1-4-3
-4464042201-3-3-1-1-1-
-4466-2644-21-3-3-31-3- -1-
-44741414-31-3-3-1-2-1- -1-
-4477-3755-21-3-3-42-4- -1-
-44800026-41-1-23-32- -2 -
-44826-42-221-1-2-3-3-21-10-
-4572-1325-32-3-30-10-2-2-1-
-4664-464401-3-3-31-3-1-1-1-
-4675-575501-3-3-42-4-1-2-1-
—3—2-35—2552—5044—3—2-1-2-215 -5
-303-10-110110-100-110001-1
-303000-10-110-120100-1001
-30300000010-1201-10-2000
-3031-110001-1-2111-11-10-10
-303212-11-110-10-1-100-10-20
-3033130001-1-2-1-1-1-11-10-30
-303323-12-210-1-1-2-20000-30
-3122021011-10-1-1-211-10-2-1
-3122021101-10-1-1-21000-2-1
-3123-121101-10-20-21000-2-1
-3130-1-11101-1-1202-10-201-1
-3130001101-1-12-11-10-200-1
-3130004040-1-111-2-1-1-200-4
-31301-110110-1-1-1-1100-10-1
-31301-111010-1-1-1-11-11-10-1
-3131011101-1-11-10-10-20-1-1
-31311-13031-1-1000-1-1-200-3
-31311-14040-1-100-1-1-1-200-4
-3131102-111-1-1-10-20000-1-1
-3131104-131-1-110-1-20-20-1-3
-3131121101-1-11-10-10-20-2-1
-31321-14-131-1-1000-20-20-1-3
-3133-131111-1-1-1-1-211-10-3-2
-31400011010-12-11-20-3-10-1
-31400012-110-12-11-2-1-2-10-1
-314000505-1-1-111-3-1-1-2-10-5
-31411-1505-1-1-100-2-1-1-2-10-5
-3141101-1110-1-20-3100-1-10
-31412-11-1110-1-2-1-2100-1-10

-314313-13-320-2-2-2-1-1-11-1-30
-3143130001-1-2-1-1-1-11-2-1-30
-3211011011-10-1-1-111-10-1-1

-3211011101-10-1-1-11000-1-1
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-32110122-11-10-1-1-10-110-1-1
-32132312-31-10-1-1-10-110-50
-3222-323311-1-1-11-1-1-1-100-4
-3222-121101-10-20-2100-1-1-1
-3222-121111-1-1-1-1-111-10-2-2
-3222-1222-11-10-20-20-11-1-1-1
-3222-1233-11-1-1-1-1-1-1-110-2-2
-323-1-1-11101-1-1202-10-2-12-1
-323-1-1-112-11-1-1202-1-1-1-12-1
-32300012-210-1201-2-20-200
-32310112-210-1100-2-20-2-10
-3233-233211-2-2-10-1-10-10-3-3
-3233-1312-11-2-2-10-10000-3-1
-3233-132201-2-2-10-1-10-10-3-2
-32330322-11-2-2-10-1-10-10-3-2
-32332314-410-1-1-2-2-2-22-2-30
-32352534-5-100-1-2-1-2-21-2-70
-32400013-210-12-11-2-2-1-20-1
-32413-21-1110-1-2-2-1100-2-10
-3243131101-2-2-1-1-1-11-2-1
-32431312-11-2-2-1-1-1-10-1-1
-3244-1433-11-2-2-21-2-1-1-1-1
-3250005-23-1-2-212-3-10-1-2
-32501-15-23-1-2-211-2-10-1-2
-32512-25-23-1-2-200-1-10-1-2
-32524-210-110-1-3-2-22-22-2-20
-33022333-31-10-1-2-2-1-220-3-1
-33033433-41-10-1-2-2-1-220-5-1
-3311-1043-11-1-1101-2-2000-3
-33121-12111-1-1000-1-200-1-2
-33132221-21-1-1-1-200000-4-1
-33132423-41-10-1-1-2-1-22-1-50
-332-1-1033-21-2-2202-1-1001-3
-3320-1133-11-2-2101-1-1000-3
-3320003301-2-21-22-1-1000-3
-3321-113301-2-20-11-1-100-1-3
-33232211-21-1-1-1-20000-1-40
-33261654-6-100-2-1-2-3-32-2-70
-3330-1-123-21-1-1202-2-20-21-1
-3330-113302-2-2101-2-1-100-3
-3331-123302-2-2000-2-1-10-1-3
-33311223-21-1-11-10-2-20-2-2-1
-3332-233302-2-2-11-1-2-1-10-1-3
-3333030002-2-2-2-1-112-10-30
-334-1-1013-21-2-2202-1-10-21-1
-3341-1223-12-2-2000-2-1-1-1-1-2
-3342221100-1-11-21-11-3-3-4-1
-33422213-20-1-11-21-1-1-1-3-4-1
-3343-344402-2-2-22-2-2-2-1-1-1-4
-3344-1433-21-2-2-21-2-1-10-2-3-3
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-33520213-21-2-20-10-1-1-1-2-2-1
-3413210001-10-2-3021-1-1-30
-34132111-11-10-2-30100-1-30
-34141444-41-10-2-2-3-2-33-1-40
-34240444-41-10-2-1-3-2-33-2-40
-3432-130002-2-2-2-1-112-1-1-20
-3432-131102-2-2-2-1-101-1-1-2-1
-34433322-1-1-1-11-31-11-3-4-6-2
-34433324-3-1-1-11-31-1-1-1-4-6-2
-355333110-1-2-11-31-12-4-5-6-1
-35533314-3-1-2-11-31-1-1-1-5-6-1
-2-200000000112-1101-1200
-2-202020000110-1-101-12-20
-2-204-14000-122-1-1-211-22-40
-2-204-1411-1-122-1-1-200-12-40
-2-2260620-2-211-2-1-301-10-60
-2-1-21-1132-20220-10-1-103-1-2
-2-1-22-1231-2022-1-10-1-103-2-1
-2-112131010110-2-202-21-3-1
-2-114-1321-1011-20-20001-3-1
-2-11404000-111-1-1-211-21-40
-2-1140411-1-111-1-1-200-11-40
-202000-10-110-1101000001
-202000404-10011-2-1-1-200-4
-202101-10-110-10000000-11
-20211-1404-10000-1-1-1-200-4
-20212-110-1110-2-1-11-110-10
-2022-2420-2110-11-2-1-100-20
-202212-11-110-1-1-1-10000-20
-21-10-1-144-10112-11-2-2011-4
-21-100043-10112-11-2-2010-3
-21-11-2-144-1011101-2-2011-4
-21-11-1043-1011101-2-2010-3
-21-110143-10111-10-2-201-1-3
-21-111122-10110-200001-2-2
-21-120243-20110-1-1-2-211-2-2
-21-121121-1011-1-200001-2-1
-21-131343-3011-1-2-2-2-221-3-1
-2110000001-11-1-1-211-1000
-2111010001-11-1-1-211-10-10
-2111120001-11-1-1-211-10-20
-2112230001-11-1-1-211-10-40
-21131322-3000-1-1-1-1-110-40
-212-1-1-112-1000202-1-1-1-12-1
-212-1-1011-1000202-1-1-1-110
-21200001-110-1101-1-10-100
-2120001100-1-12-1100-100-1
-2121-101100-1-110100-100-1
-21210101-110-1000-1-10-1-10
-2121102020-1-100-10-1-10-1-2
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-2121111100001-11-10-2-1-2-1
-21212213-20001-20-1-10-1-3-1
-2122-222211-1-1-11-1-1-1-10-1-2
-2122-121101-1-1-10-10000-2-1
-2122-122201-1-1-11-1-1-1-10-1-2
-2122-122210-1-10-1-100-10-2-3
-2122021011-1-1-1-1-101-10-2-1
-2122120001-1-1-1-1-101-10-20
-21221212-20000-10-1-10-1-30
-2122130001-10-1-1-211-10-30
-21221311-10-1-10-1-100-10-3-1
-2130-1-10000-1-120201-2-110
-2130-1-101-10-1-120200-1-110
-213000-11-10-1-120100-1-100
-2130000-1110-1-10-2100-100
-2130000000-1-12-1101-2-100
-21300000010-1-10-21-11-100
-21300001-10-1-12-1100-1-100
-2130002-110-1-101-2000-10-1
-2130002020-1-101-20-1-1-10-2
-21301-100010-1-1-1-11-11-100
-21301-12-110-1-100-1000-10-1
-213101-11-10-1-110000-1-1-10
-21312-14-22-1-1-100-1-10-1-1-1-2
-21321-14-230-1-1000-21-2-1-1-2
-213212-23-320-1-2-2-10-11-1-20
-2132130000-1-10-1-101-2-1-30
-2134-1422-10-1-1-21-20-1-1-1-3-2
-22-120265-2-2110-3-1-2-210-2-4
-2200000001-11-1-1-111-1000
-22021323-3101-1-1-2-1-220-30
-2202220001-11-1-1-111-10-40
-2210002201-1-11-11-1-1000-2
-22121111-11-1-1-1-100000-2-1
-222-1-101101-1-1101-10-1-11-1
-22200012-11-1-1101-1-10-10-1
-2221-121101-1-1-10-1000-1-1-1
-2222-222200-10-21-20-10-20-2
-2222-222201-1-1-11-1-1-1-100-2
-2222-222201-1-1-11-1-1-10-1-1-2
-22222222-1-1001-21-10-2-2-4-2
-22222223-2-1001-21-1-1-1-2-4-2
-22241433-4-100-1-1-1-2-21-2-50
-22261654-6-210-2-1-2-3-32-2-70
-223-1-1-10000-1-120201-2-220
-223-1-1-101-10-1-120200-1-220
-223-1-1-112-20-1-1202-1-10-220
-2230001101-1-11-11-10-2-10-1
-2231-111101-1-1000-10-2-10-1
-2231-1112-11-1-1000-1-1-1-10-1
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-22310-13-131-1-1110-20-2-10-2
-2232120000-1-10-1001-2-2-30
-2233-231100-2-2-11-101-1-1-2-1
-2233-1311-10-2-2-11-101-1-1-2-1
-2233-131101-1-1-20-210-1-1-2-1
-2234-1432-20-1-1-21-2-1-10-2-3-2
-22400002-21-1-21-12-1-10-200
-22420202-21-1-2-1-10-1-10-2-20
-22424-24-22-1-1-1-1-1-1-1-1-1-2-2-2
-23100043-20-1-12-11-2-21-10-2
-2311-1043-20-1-1101-2-21-10-2
-2320-1133-20-2-2101-1-11-10-2
-23200033-10-2-21-22-1-11-10-2
-23200033-11-1-12-11-2-20-10-2
-2330-1123-11-2-2101-1-10-10-2
-23300023-21-1-12-11-2-20-20-1
-23300023-11-2-21-12-1-10-10-2
-2342021101-2-2-1-10-11-2-2-2-1
-23433-3413-1-1-1-2-20-1-20-30-4
-23501125-30-1-12-31-2-2-1-3-1-2
-244-2-2-213-3-1-2-1303-1-10-440
-244000422-1-1-111-3-1-31-40-4
-24422-2422-1-1-1-1-1-1-1-31-40-4
-244222000-1-2-11-2102-3-4-40
-24422202-2-1-2-11-2100-1-4-40
-244222220-1-1-11-31-11-3-4-4-2
-24422224-2-1-1-11-31-1-1-1-4-4-2
-2444-2444-21-2-2-21-2-2-21-3-3-3
-2462-2224-41-1-21-10-3-30-4-20
-246202-22-21-1-2-1-3011-2-4-20
-255000431-1-1-211-3-1-42-50-4
-25511-1431-1-1-200-2-1-42-50-4
-25550555-5-1-1-2-1-1-2-4-42-5-50
-264-2-22220-1-2-31-2110-1-40-2
-1-1-100011-10111-1000020-1
-1-10-11-10000111-1100-1110
-1-100-1112-10221-10-1-1-110-1
-1-100000000111-1100-1100
-1-1000001-10111-10000100
-1-1000010101101-10-1-110-1
-1-1000011-10221-22-1-1-1100
-1-10000110-1112-1100-110-1
-1-100001100111-10-10-110-1
-1-1000012-10221-21-1-1-110-1
-1-1001-11-10011000000100
-1-1001-11010110000-1-110-1
-1-1001112-1-1112-200001-1-1
-1-10011220-1112-20-10-11-1-2
-1-10022550-2223-40-3-1-21-2-5
-1-101-10110-11110100-110-1
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033111330-20-11-31-10-2-3-2-3
03311134-1-20-11-31-1-1-1-3-2-3
03322-23-301-1-1-2-10-111-3-10
03323-32-330-1-2-2-2201-1-30-2
03324-21-1-1-1-10-2-1-11-21-3-20
0333-2231-31-1-1-20-1-101-3-2-1
0333-1312-21-1-2-1-1-1-2-11-3-30
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1-1114-43-12-2221-11-2-2-30-1-2
1-1115-53-21-2221-12-2-2-30-1-1
1-1118-83-4-1-3332-24-3-2-30-11
1-1118-83-30-3332-24-3-3-40-10
1-1120210-1-3200-2-12200-20
1-1138-65-32-3330-22-3-3-40-3-2
10-1-21-1211110011-1-2001 -2
10-1-22-1-1-2-200210-100000 2
10-1-22-1-1-1-100210-10-1-1001
11-2-31-3-1-3-31-11111-112023
11-2-211-3-1-3000000202004
11-2-22-2-3-4-22-11-111011004
11-1-62-6-1-4-33-1-1212-214-144
11-1-52-5-2-4-23-1-1112-113-134
11-1-52-4-3-4-13-1-1112012-134
11-1-52-3-5153111-2-12-2-1-130
11-1-52-34413-1-1112-3-31-13-5
11-1-53-4-2242102-110-2-1-12-2
11-1-54-4-14-320-12-11-113-114
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11-1-55-10-2-22112-2-1-2-12-102
11-1-56-20-2-23211-21-1-21-102
11-141-4-3-4-13-1-1022012-134
11-1-41-3-4142111-102-2-1-130
11-1-42-3-2-3-12-1-1101012-123
11-1-42-2-3-3-12-1-1101112-124
11-144-4-14-420-11-11-113-104
11-1-31-3-1121001010-10-12-1
11-1-31-3-1221101110-20-12-2
11-1-32-3-1231101010-2-1-11-2
11-1-32-2-1-2-1100101001-112
11-1-21-2-1-2-1100011001-112
11-1-253-2-22210-1-2-31-11-1-30
11211244-2-21-11-2-1-2-21-2-2-3
11213-32-20-1000-11-10-1-2-10
11244-53-30001-1-12-30-2-2-30
12-2-55-5-2-5-53-1-11-11-114-105
12-2-352-2-2200-13-21-1-1-1-1-20
12-2-22-2-2-4-22-11-111011-104
12-2-13-3-2-3-41-10-1-12112-104
12-2-13-30-3-31-11-1-11-112-103
12-1-562-2-223011-2-1-1-2-1-1-20
1221-4420-2-11001-1-1-1-1-3-10
12221-23-3100-2-2-12-111-30-1
12221-23-3100-1-2-11-110-30-1
1223-2132-3000-20-1-101-3-1-2
1223-2331-3-10-1-10-1-2-21-2-30
1224-4441-4010-11-1-3-21-3-40
12243-54-22001-1-12-30-2-3-2-2
12244-54-31001-1-12-30-2-3-3-1
12316-62-2-1-1010-22-1-2-1-3-10
12325-42-20-100-1-21-1-1-1-3-20
12326-52-2-1-101-1-21-1-2-1-3-20
12354-75-23001-1-23-40-3-3-2-3
12356-75-41001-1-23-40-3-3-4-1
13-3-13-3-1-4-31-21-1-11022-104
1332-5620-2-110-11-2-1-1-2-4-20
13322-33-320-1-2-2-12-110-40-2
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1432-2223-30-1-11-1-1-3-21-4-20
1652-2225-5-1-2-11-2-1-3-31-6-20
21-3-22-2-3-4-31-12-111011004
21-3-23-3-4-5-32-12-212011005
21-1-26-5-2-2-2-1141-211-2-1-102
22-2-62-4-4242112-112-3-1-240
22-2-64-5-1-4-32-1-12-11-114-224
22-2-64-4-2-4-22-1-12-11013-224
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22-2-23-3-122112-1-111-3-2-20-1
22446-64-40-100-1-22-30-2-4-40
23-3-23-3-2-5-32-12-212011-205
2332-5541-4-21001-1-2-20-5-20
23365-66-51001-2-12-41-2-5-5-1
2345-5552-5-11-1-11-1-4-31-5-50
24462-46-6400-1-4-21-22-1-6-2-4
24464-46-6200-1-4-21-22-1-6-4-2
24537-53-30-2-1-1-2-31-1-1-1-5-30
25563-56-630-1-2-4-22-22-1-7-2-3
25765-74-53-2-1-4-4-4401-1-70-2
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