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Abstract: The influence of particle shape, orientation, and volume fractions, as well as loading
conditions, on the mechanical behavior of Ta particles reinforced with bulk metallic glass matrix
composite is investigated in this work. A Matlab program is developed to output the MSC.Patran
Command Language (PCL) in order to generate automatically two-dimensional (2D) micromechanical
finite element (FE) models, in which particle shapes, locations, orientations, and dimensions are
determined through a few random number generators. With the help of the user-defined material
subroutine (UMAT) in ABAQUS, an implicit numerical method based on the free volume model
has been implemented to describe the mechanical response of bulk metallic glass. A series of
computational experiments are performed to study the influence of particle shapes, orientations,
volume fractions, and loading conditions of the representative volume cell (RVC) on its composite
mechanical properties.

Keywords: metallic glass matrix composite; finite element analysis; shear band; microstructure;
ductility

1. Introduction

Bulk metallic glass (BMG) as an amorphous alloy has attracted much attention due to its extreme
high strengths, superior elastic limits, etc. [1]. Although there has been much progress in the
development of metallic glass with the development of manufacturing technologies, unlike common
alloy, BMGs show nearly no ductility under loading at room temperature, which severely limits
their structural application [2,3]. The micromechanical research shows that the plastic deformation
localization is the main reason for brittle failure [4,5].

In order to avoid the brittle failure and improve the ultimate plastic extensibility of BMGs, metallic
glass matrix composites (MGMCs) were firstly synthesized at the California Institute of Technology
(Caltech) in the United States (USA) in 1998 [6,7]. A “soft” second phase, which has lower yield
stress than BMGs, has been introduced for particle-reinforced composite [8]. Unlike pure BMGs, the
second reinforced phase can block the propagation of the main shear band and generate a few of
minor shear deformation zone, which can make the plastic deformation be distributed widely instead
of the localization that is seen in pure BMGs [9,10]. The secondary phases themselves can absorb
the plasticity, and profuse shear bands induced by the secondary phases can accommodate more
plasticity [11].

Generally, the macroscopic response of MGMCs is some kind of statistical average of the
microstructural factors, such as particle volume fraction, shape, orientation, and spatial spacing,
as well as interface strength and residual stress, etc. It is extremely expensive and time-consuming,
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if it is not impossible, to establish the relationship between the macroscale mechanical properties
of MGMCs and their microscale structures through either the experimental method or theoretical
analysis. A number of computational models have been developed to predict the MGMCs’ mechanical
behaviors. Different numerical methods, including the molecular dynamics method [12–14] and
phase-field method [15,16], as well as the finite element method (FEM) [17–23] are utilized to reveal
the deformation mechanisms at the microscale.

Shi and Falk [12] identified the location of the plastic deformation, the deformation mechanism
of the crystallites, and the interaction between the shear band and the crystalline inclusions
through the molecular dynamics method. Albe et al. [13] applied the molecular dynamics method
to study the shear band formation in homogenous bulk metallic glasses, nanocomposites, and
nanoglasses. Zhou et al. performed a comprehensive study of the structural evolution of MGMCs
through large-scale atomistic simulations [14]. The simulation results showed that slender crystalline
second phases are better at suppressing shear band propagation than those with spherical shapes, and
that increasing the volume fraction of the crystalline second phase will enhance the global plasticity.
Abdeljawad et al. applied a two-dimensional (2D) phase-field model to examine the effects of BMG
composite microstructures, e.g., the area fraction and the characteristic length scale of the ductile
dendritic particles, on the mechanical properties of MGMCs [15]. Zhang and Zheng applied the
phase-field simulation approach to investigate the formation mechanisms of shear bands in MGMCs
containing dendrite particles [16].

Compared with molecular dynamics and phased field approaches, finite element analysis
is more widely employed to investigate the mechanical behavior of MGMCs. Ott et al. [17]
examined the microscale deformation mechanisms of MGMCs under uniaxial compression, combining
high-energy X-ray scattering and finite element modeling. Lee et al. [18] investigated the effect
of the crystalline phase on shear band initiation, interaction, and propagation in MGMCs with a
unit finite element model. Biner [19] studied the influences of the mechanical properties, volume
fraction, and morphology of ductile reinforcements on the ductility of MGMCs. Wu et al. [20] studied
the influence of sample dimension on the toughness of MGMCs through scaling a microscale finite
element model. Zhu et al. revealed that the plastic deformation of reinforced particles creates a shear
stress concentration on the interface, and shear stress distribution leads to the formation of multiple
shear bands through a combination of in situ SEM observations and finite element simulation [21].
Qiao et al. [22] quantitatively described the macroscopic MGMC deformation mechanics through a
two-phase finite element model. The simulation of Hardin and Homer [23] showed that increasing the
volume fraction alone is insufficient to promote strain delocalization in the case of a crystalline phase
with a high relative yield stress, which is different from the results of Zhou et al. [14]. Jiang et al. [24,25]
applied finite element methods to analyze the shear banding evolution and elucidate the relationship
between the microstructure and ductility of MGMCs subjected to uniaxial tension. Unlike the results of
Zhou et al. [14], they found that the particle shape has almost no effect in improving the tensile ductility
of MGMCs. In addition, network second-phase was reported to be more efficient in improving the
extensibility of composites [26].

Although there are many studies on the microscale deformation mechanism of MGMCs, it is
still far away from a complete and thorough understanding of fundamental synergic mechanisms.
For example, there are two contradictions in the literature about the influence of particle volume
fraction and shape on the toughening mechanism of MGMCs [14,22,25]. Therefore, more detailed
study is necessary in order to clarify the effect of the microstructure on the mechanical response
of MGMCs. In this work, we study the influence of the microstructures and loading conditions on
the mechanical properties of MGMCs through the periodic boundary conditions, which are realized
with a multi-point constraint subroutine MPC in ABAQUS. The different kinds of shapes have been
simplified to ellipses with different respect ratios. A program based on Matlab has been developed to
generate ellipses with a random distribution of locations and orientations. The nodes and elements are
generated with MSC.Patran and a free volume constitutive model for bulk metallic glasses is implied
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with the user-defined material (UMAT) in ABAQUS. A series of numerical studies are performed to
analyze the influence of particle volume, shape, and orientation, as well as the loading conditions on
the macroscopic stress–strain relationships and damage evolution in MGMCs.

2. Micromechanical Finite Element Model

2.1. Automatic Generation of the Representative Elementary Cell (RVC)

It is commonly recognized that the microstructure of the composite plays an important role
in the macroscale response. Therefore, in order to study the effect of the microstructure on its
deformation and failure process, the microstructure of the composite material under consideration
should be able to vary according to the requirement. Here, the microstructure contains the randomly
distributed elliptic particles with different shapes, but the same area is controlled through a few
random number generators.

It’s assumed that the RVC of the composite microstructure is a square with length of L0, and the
particle number and area fraction are np and vp, respectively. Therefore, the area of each particle Ae

can be expresses as:
Ae = L2

0 vp/np (1)

Notice that the area of ellipse Ae with the lengths of the semi-major and semi-minor axes (ai and
bi, i = 1, 2, . . . , np) can be expressed as:

Ae = πaibi (2)

A random number stream Rand1 controlled by the generator seed s1 is introduced to define the
shape ratio between the lengths of two semi-axes:

ri = ai/bi = 1 + r0Rand1i (3)

Meanwhile, another random number stream Rand2 controlled by random number generator seed
s2 is applied to define the alignment of each particle:

θi = π Rand2i (4)

The particle centers are determined independently and sequentially with two random number
streams (Rand3 and Rand4) that are controlled by two random number generator seeds (s3 and s4).
If an introduced particle cuts any of the RVC boundaries, the particle is copied to the opposite side of
the square unit, as shown in Figure 1. Furthermore, the introduced particle should not be too close to
the square boundaries or the existing particles. An iteration algorithm [27] is applied to calculate the
distance between two elliptic particles, and is schematically shown in Figure 2. If any condition above
is not met, the location of the new particle is determined by the next random number.

A Matlab program is developed to realize the above algorithm, and after running the Matlab
program, a command file for the commercial software MSC/Patran can be obtained. A 2D
microstructural finite element model with predefined parameters, such as the volume fraction and
number of particles, mesh dimension, and so on, can be obtained through playing the command
file with MSC/Patran. A multi-point constraint subroutine MPC in ABAQUS is developed to apply
periodic boundary conditions (PBC) [28,29].
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So far, several constitutive models are developed to describe the deformation of the BMGs. 
Argon proposed the shear transformation model using Eshelby’s insightful theory, in which he 
assumes that the plastic deformation only occurs in the region called the shear transformation zone 
[30]. Furthermore, Jiang et al. developed a tension transformation zone model to describe the quasi-
brittle dilatation deformation in metallic glass [31]. Viewing the basic “flow event” as an individual 
atom jump driven by the shear stress, Spaepem [32] developed the free volume model to analyze the 
plastic deformation in the BMGs. Compared other constitutive models, the free volume model has a 
clear physical meaning, and has been widely used to evaluate the mechanical properties of the BMGs. 

According to Spaepem, the general free volume model flow equation is written as: 
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Figure 1. A representative cell (RVC) for two-dimensional (2D) particle-reinforced composites.
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Figure 2. Process of the iteration to calculate the distance between two ellipses on a plane.

2.2. Constitutive Response of Ta Particles and BMGs

So far, several constitutive models are developed to describe the deformation of the BMGs.
Argon proposed the shear transformation model using Eshelby’s insightful theory, in which he
assumes that the plastic deformation only occurs in the region called the shear transformation zone [30].
Furthermore, Jiang et al. developed a tension transformation zone model to describe the quasi-brittle
dilatation deformation in metallic glass [31]. Viewing the basic “flow event” as an individual atom
jump driven by the shear stress, Spaepem [32] developed the free volume model to analyze the plastic
deformation in the BMGs. Compared other constitutive models, the free volume model has a clear
physical meaning, and has been widely used to evaluate the mechanical properties of the BMGs.

According to Spaepem, the general free volume model flow equation is written as:

∂γp

∂t
= 2 f exp

(
−αv∗

v f

)
exp

(
−∆Gm

kBT

)
sinh

(
τ Ω

2kBT

)
(5)

where f is the frequency of atomic vibration, α is a geometrical factor, v∗ is the critical volume, v f is
the average free volume per atom, ∆Gm is the activation energy, Ω is the atomic volume, τ is the shear
stress, kB is the Boltzmann constant, and T is the absolute temperature. Unlike the equivalent plastic
strain in the usual metal plastic model, the free volume is used as a parameter to describe plastic
deformation. The net rate of the free-volume increase is:

∂v f

∂t
= v∗ f exp

(
−αv∗

v f

)
exp

(
−∆Gm

kBT

){
2αkBT
v f Ce f f

(
cosh

(
τ Ω

2kBT
− 1
))
− 1

nD

}
(6)

Here nD is a constant varying from three to 10. Ce f f =
E

3(1−υ)
is the effective elastic module for

isotropic materials with Young’s modulus E and Poisson’s ratio υ.
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According to the flow rule, the strain can be decomposed into elastic and plastic parts:

.
εij =

.
ε

e
ij +

.
ε

p
ij (7)

Moreover, the elastic and plastic strain rate can be expressed as follows:

.
ε

e
ij =

1+υ
E
( .
σij − υ

1+υ

.
σkkδij

)
.
ε

p
ij = exp

(
− 1

v f

)
sinh

(
σe
σ0

) Sij
σe

(8)

where Sij is the deviatoric stress tensor, and σe is the equivalent stress. According to the J2 flow rule,
the evolution of plastic strain is a function depending on the deviatoric stress. So, the flow equation
can be written as follows:

.
v f =

1
α

exp

(
− 1

v f

){
3(1− υ)

E

(
σ0

βv f

)[
cosh

(
σe

σ0

)
− 1
]
− 1

nd

}
(9)

in which, σ0 = 2kBT
Ω is the reference stress, and β = v∗

Ω and v f =
v f

αv∗ are the normalized free
volume. A user-defined material subroutine (UMAT) in ABAQUS code is developed to implement the
free-volume model [33].

For reinforcing Ta particles, an exponentiation isotropic hardening relationship according to
Zhang et al. [16] has been used to describe the plastic deformation in the crystal metal here:

g(εp) = σy

(
1 +

εp

ε
p
0

) 1
n

(10)

where ε
p
o is the reference plastic strain, n is the hardening exponent, and σy is the yield stress under

uniaxial loading. εp is the equivalent strain, and is defined by:

εp =
∫ t

0
dεp =

∫ t

0

√
2
3

ε
p
ijε

p
ijdt (11)

3. Simulation Results and Discussion

3.1. Verification of Numerical Model

To verify the basic property of mechanics, a RVC reinforced by a 10% volume fraction of identical
circle particles is generated through the developed Matlab program. The uniaxial compressive load
along the y-axis is applied, and the strain rate of applied load in this paper is fixed to be 0.0005/s.
Figure 3A shows the nominal stress–strain response of the MGMC and pure BMG model, and Figure 3B
show the distribution of equivalent plastic strain in BMG corresponding to point (I–IV) in Figure 3A.
It can be seen from Figure 3 that the stiffness of the MGMC is a bit higher than that of the BMG,
and obviously, the MGMC has better ductile property than pure BMG. Furthermore, there are four
distinguishable stages in the process of the composite deformation, which is different from that of the
BMGs. In first stage from the loading start to point (I), there is only elastic deformation in both the
BGM matrix and Ta particles. In the second stage from point (I) to point (II), Ta particles enter the
plastic deformation, while BMG is still in an elastic state. In the third stage from point (II) to point
(III), both the matrix and particles deform with plastic strain. However, the response compressive
stress is kept nearly as a constant, which is different from the steep descent of a pure BMG specimen.
The main shear band in BMG is blocked by soft particles because plastic deformation is “absorbed” by
them. The steep stress fall occurs in the fourth stage from point (III) to point (IV). The main shear band
penetrates whole RVC, and both the particles and the matrix slide along it. As a result, the MGMC
loses the load capacity.
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Figure 3. Simulation results of model with 100 identical circular particles under uniaxial compress
loading. (A) Nominal stress–strain relations of bulk metallic glass composite (BMGC) and bulk
metallic glass (BMG). (B) (a–d) equivalent plastic strain distributions in BMG corresponding to the
positions (I–IV).

3.2. Effects of Particle Orientation

In this subsection, the influence of particle orientation varying between 0 degrees, 22.5 degrees,
and 45 degrees related to the x-axis on the mechanical properties of MGMCs with a 25% particle volume
fraction is studied under uniaxial compressive loading along the y-axis. Five different microstructural
finite element models with a constant particle shape ratio of two are generated through the developed
program for different particle orientations, respectively. It can be seen from Figure 4 that the particle
orientation plays a small role on the stiffness of the MGMC, while the strength of the MGMCs
increases with the increase of particle orientation. Meanwhile, when MGMCs enter the yield stages, the
hardening stages increase with the increase of the particle orientation angle. Zero-degree orientation
will cause biggest stress concentration among the three different orientations; thus, there is much more
plastic deformation in MGMCs with zero-degree particle arrangement than those with 45 degrees, as
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shown in Figure 5. From Figure 5, one can also see that the particles in MGMCs block the propagation
of shear bands in BMG.
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(b) α = 22.5◦; (c) α = 45◦.

3.3. Effects of Particle Shape

In this subsection, the influence of particle shape varying between one (circular particle), two, and
three on the mechanical properties of MGMCs with a 25% particle volume fraction is studied under
uniaxial compressive loading along the y-axis. Five different microstructural finite element models
containing ellipse particles with random orientation are generated through the developed program for
different particle shapes, respectively. It can be seen from Figure 6 that particle shape plays a small
role on the stiffness and strength of MGMCs. However, circle particles can bring more ductility than
ellipse particles. The extensibility brought by particles decreases with the increasing aspect ratio of the
particle. In Figure 7, it can be seen that the shear band is always generated from the tips of ellipses.
Particles that have a large respect ratio may have more stress concentration and stress misfit, which
will promote the generation of shear bands.
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3.4. Effects of Volume Fraction

In this subsection, the influence of particle volume fraction ranging between 15%, 25%, and 35%
on the mechanical properties of MGMCs is studied under uniaxial compressive loading along the
y-axis. Five different microstructural finite element models containing ellipse particles with random
orientations and shapes are generated through the developed program for different particle volume
fractions, respectively. It can be seen from Figure 8 that the volume fraction of the particle plays a
small role on the stiffness of MGMCs, because the Ta particle and BMG have almost the same stiffness.
When an MGMC containing 15% particles reaches the yield stress, the nominal stress decreases slowly
for about 4% strain, and then loses its carrying capacity rapidly. In other words, the yield stress of
an MGMC with 15% particles is also its strength. When an MGMC containing 35% particles reaches
the yield stress, a hardening stage can be clearly seen with the increase of the loading. Shear bands
intersect with each other and generate major and minor bands. The composites with 15 vol.% particles
have the same shear band direction with pure BMGs due to the scale limitation of the particles in them.
Nevertheless, the existing minor shear bands share plastic deformation with the major band. As a
result, there will be no obvious difference between the different shear bands, which will improve the
macroscopic ductility of the composites. Furthermore, with the increase of the particle volume fraction,
shear bands cannot propagate in original direction because of the particle block. Ultimate shear bands
are wavy, as shown in Figure 9.
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3.5. Effects of Load Condition

The real shear band directions of propagation are determined by local stress. Therefore, unlike
uniaxial compress, different load cases coupling compression and shear loading have been tested.
The ratio between two kinds of loads is defined as k = |ε12/ε22|. Here, the MGMC models with
25 vol.% particles that were generated in the previous subsection are adopted to study the influence
of loading condition on the mechanical properties of MGMCs. The equivalent stress and strain are
respectively defined as:

σ =

√
(σ11−σ22)

2+σ2
11+σ2

22+6τ2
12

2

ε = 2
3

√
ε2

11 + ε2
22 − ε11ε22 + 3ε2

12

(12)

Figure 10 illustrates the relationship between equivalent stress and strain under different load
conditions. Similarly, the load condition almost plays no role on the stress–strain relationship in the
elastic stage. Nevertheless, the yield strengths decease with the increase of the shear part in the applied
load. In addition, the ductility of MGMCs decreases with the increase of the shear part in the applied
load. Figure 11 shows the plastic distribution of BMG in MGMCs under different load conditions.
It can be seen from Figure 11 that with the decrease of the compressive part in the load, the direction
of the main shear band approaches the y-axis.
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4. Conclusions

A new method and a software code are developed for the automatic generation of
two-dimensional (2D) micromechanical FE models of Ta particle-reinforced metallic glass matrix
composite with a random distribution of elliptic shape and orientation, as well as location arrangement.
A series of computational experiments are performed to study the influence of the microstructure of
MGMC on its stiffness and strength properties. Four deformation stages can be distinguished during
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the external load: both particles and BMG are in elastic states, particles are in a plastic-hardening state
while BMG is still in an elastic state, both particles and BMG are in plastic deformation states, and the
diffuse shear band in BMG emerges into a main shear band, and MGMC loses its carrying capability.
The following conclusions can be obtained from the computational experiments:

• A larger angle between the load axis and the particle orientation leads to better ductile properties
for MGMCs.

• The extensibility of MGMCs decreases with the increase of the respect ratio of the particle.
Meanwhile, particle shapes play a small role in the ultimate strength of MGMCs.

• Particles with higher volume fraction can bring a greater improvement of ductility, but less
ultimate strength.

• The yield strengths decease with the increase of the shear part in the combined tensile and
shear loading.
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