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Abstract: In the present work, an investigation of stagnation flow imposed on a supercooled water
drop in cold environmental conditions was carried out at various air velocities ranging from 0 (i.e.,
still air) to 10 m/s along with temperature spanning from −10 to −30 ◦C. The net effect of air flow on
the impacting water droplet was investigated by controlling the droplet impact velocity to make it
similar with and without air flow. In cold atmospheric conditions with temperatures as low as−30 ◦C,
due to the large increase of both internal and contact line viscosity combined with the presence of
ice nucleation mechanisms, supercooled water droplet wetting behavior was systematically affected.
Instantaneous pinning for hydrophilic and hydrophobic surfaces was observed when the spread drop
reached the maximum spreading diameter (i.e., no recoiling phase). Nevertheless, superhydrophobic
surfaces showed a great repellency (e.g., contact time reduction up to 30% where air velocity was
increased up to 10 m/s) at temperatures above the critical temperature of heterogeneous ice nucleation
(i.e., −24 ◦C). However, the freezing line of the impacting water droplet was extended up to 2-fold at
air velocity up to 10 m/s where substrate temperature was maintained below the aforementioned
critical temperature (e.g., −30 ◦C).

Keywords: supercooled water droplet; superhydrophobic surface; evaporating cooling; homogeneous
and heterogeneous ice nucleation

1. Introduction

Nano-micro topography of solid surfaces exhibits different characteristics when interaction
of solid-liquid ranging from severe adhesion to strong repellency is taken into consideration [1].
They have shown different outcomes when a hot [2] or cold surface [3] has been used for heat transfer
and wetting dynamics evaluation. Cloud droplets leading to icing are supercooled water droplets
in metastable equilibrium, a better understanding of the mechanism of phase change is essential for
numerous applications. These applications range from electrical transmission power line, wind turbine
to aerospace industries [4–6]. It was shown that having a surface with low wettability is a key
prerequisite for ice formation mitigation [7] which is related to the substrates receding contact angle [8].
Kulinich et al. [7] defined a correlation between ice adhesion strength and contact angle hysteresis
(the difference between advancing and receding contact angle) for different solid surfaces with various
wettabilities. An extremely low wettable surface, namely superhydrophobic surface, typically has
a static and hysteresis contact angle larger than 150◦ and 10◦, respectively [9,10]. These surfaces exhibit
a tremendous water repellency whether in room or low temperature conditions above the critical
temperature of freezing (i.e.,−24 ◦C) [11]. Indeed, superhydrophobicity is produced by combing rough
surfaces coated with low surface-energy materials. Entrapped air underneath of an impacting water
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drop on rough surface changes the thermal transport property by increasing thermal resistance due
to the low thermal conductivity of entrapped air [12–14]. This unique features of superhydrophobic
surfaces act as a good insulator [15] used for decreasing solid–liquid interface temperature during
the impact of the supercooled water droplet.

Solid-liquid interface temperature plays a critical role in cthe rystallization process. It generally
plays a dual role when a supercooled water droplet impacts on cold substrates. Larger solid-liquid
interfacial area of impacting drop causes a significant increase in the heat transfer cooling rate [15].
Furthermore, both induced homogeneous nucleation [16] (i.e., due to evaporation cooling) and
heterogeneous nucleation (solid-liquid interaction) [17] are related to liquid interface temperature.
In fact, in real atmospheric cold conditions, induced homogeneous nucleation can happen even
above the critical temperature of homogeneous nucleation (i.e., −37 ◦C) [18,19] due to the presence
of air flow which systematically increases the rate of evaporation cooling at low and high humidity
environments [16]. Therefore, gas-liquid interface temperature becomes as important as solid-liquid
interface temperature (i.e., Gibbs free surface energy is related to interface temperature whether
gas-liquid or solid-liquid) when evaluation of both nucleation mechanisms on wetting dynamics of
an impacting supercooled water drop are taken into account.

When a supercooled water drop impacts on a substrate the interface temperature becomes
very close to the substrate temperature. Analysis of heat penetration length [1] showed that liquid
water drop viscosity increases several times depending on substrate temperature. Dramatic changes
in near wall viscosity results in rapid increase of viscous dissipation rate during drop impact,
particularly at recoiling phase [20]. For moderate and high inertia impact conditions, partial meniscus
penetration also happens which promotes viscous dissipation rate owing to contact line friction.
Therefore, droplet receding velocity is reduced [21] which is the main reason for an increase in droplet
contact time up to almost 75% and 20% for droplet Weber number (i.e., ratio of inertia to surface
tension force) up to 236 and 100, respectively. However, for low Weber number, impact conditions
up to 10 and 52 [20,22] contact time remain completely unaffected while the restitution coefficient
was decreased down to 27% (supercooled condition) that of the room temperature water drop impact
condition [22].

Reducing contact time of the bouncing droplet is a systematic way for prevention of ice
formation on superhydrophobic surfaces [23]. However, due to the large increase of viscosity of
a supercooled water droplet, the contact time increases, which leads to higher probability of ice
formation through the classical ice nucleation theory [24]. It was reported that droplet contact time
can be reduced by increasing the receding contact angle [25] or by switching recoiling dynamics from
an axisymmetric retraction to a nonaxisymmetric one [23] up to about 50% (based on inertia—capillary
time scale [26]:

(
ρD3

o /8σ
)1/2) through breaking up the droplets and also through the pancake bouncing

mechanism [27]. Although the aforementioned techniques were used to reduces droplet adhesion with
a surface by minimizing droplet contact time or by shedding the droplet by airflow [16,28], the effect
of stagnation air flow on an impacting water drop [29] whether in room or super cooling conditions
has not been fully addressed yet. In the present study, the influence of stagnation flow on a spreading
water droplet is evaluated through classical Homann flow approach [30]. Incoming air flow changes
wetting dynamics of a supercooled water drop on solid surfaces with different wettabilities ranging
from hydrophilic to superhydrophobic surfaces. Indeed, combination of both induced homogeneous
nucleation through an evaporation cooling mechanism and imposing extra dynamic pressure of
air flow on impacting drop totally changes the behavior of conventional drop impact dynamics on
a superhydrophobic surface. Unlike the phenomenology of static pressure on wetting behavior of
impacting drop on hydrophilic [31–33] and superhydrophobic surfaces [34], here the effect of extra
pressure buildup due to incoming air flow on substrates such as superhydrophobic surface is evaluated,
which might result in variation of droplet contact time below and above the critical temperature of
heterogeneous ice nucleation (i.e., −24 ◦C).
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2. Materials and Methods

Experiments were performed on different substrates. Polished aluminum, Teflon and superhydrophobic
surface made of a polished aluminum sample coated with WX2100. This spray is commercially
available by Cytonix (Beltsville, MD, USA). Regarding the surface morphology, a laser confocal
microscopy (VK-X200, Keyence, Japan) was carried out to capture surface topography of different
surfaces (see Supplementary Materials).

In fact, three surfaces with almost comparable differences in wettability (i.e., 90o < θadv < 160o,
50o < θrec < 150o and 8o < θhys < 40o) were served in this study to illustrate effect of surface wetting
on droplet pinning/freezing in cold environment conditions. The difference between advancing and
receding contact angle is called contact angle hysteresis. The smallest hysteresis contact angle is
referred to as a superhydrophobic surface. The high mobility of these surfaces can be demonstrated
(see Supplementary Materials).

Experiments were conducted in cold air conditions at different temperatures ranging from−10 ◦C
to −30 ◦C with negligible relative humidity ratio below 0.1%. The novelty of this study is related
to presence of airflow (i.e., stagnation flow) toward the impacting water drop. In order to generate
stagnation flow, a multi-components device, named the droplet accelerator, is added to the typical
set up of drop generators in the still air. The droplet accelerator provides a co-flow at various air
speeds. Air velocity was measured by using Dwyer Pitot tube (MS-351-LCD) at the outlet of the droplet
accelerator. However characterization of airflow at the nozzle outlet was performed using numerical
simulation (see Supplementary Materials). A schematic of the droplet accelerator is illustrated in
Figure 1.
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Figure 1. Schematic of droplet accelerator.

Current study is focused on observing the net effect of air flow on an impacting water droplet
the impact velocities of which are similar with and without air flow. In order to reach this aim we
provide a small clear cellulose (Butyrate) tube, 3/8” OD, 1/4” ID which is connected to the droplet
generator system (i.e., it is connected to the end of the copper pipe where the needle is installed).
As depicted in Figure 1, pipe length was chosen based on the distance from needle location to
1 mm above the entrance of the nozzle throat. The distance from the end of the conducting pipe to
the substrate was about 15 mm. Based on the numerical simulation, the droplet is exposed to air flow
almost close to the substrate. Imposed associated drag force is negligible (see Supplementary Materials),
which results in the same droplet impact velocity. The measured impact velocity, based on few
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sequential images above substrate recorded with high speed camera, shows that imposed drag force
between two domains (i.e., domain 1 and 2 illustrated in Figure 1) cancel each other out, so the droplet
impact velocity becomes almost identical, and is even in a lower range of impact velocity (1% compared
with still air) (see Supplementary Materials).

An experimental setup for producing cold air flow along with generation of supercooled water
drop has a relatively complex design. A large volume flow rate of dry room temperature is cooled
down by an immediate cooling through a designed heat exchanger. Cold air flow is mixed with
room temperature air with controllable flow rate in the mixing chamber of the droplet accelerator.
Temperature measurements at the internal part of the nozzle shows a uniform and constant temperature
at nozzle throats which demonstrates an effective mixing through the nozzle and mixing chamber of
the droplet accelerator (see Supplementary Materials).

It is worth mentioning that measuring surface temperature of a different substrate and super
cooled water drop has been carried out by the non-intrusive IR thermography method [15]. Due to
the fact that aluminum substrate is very shiny, spectral reflectivity is high enough to read a misleading
temperature. Therefore, aluminum substrate was covered by a very thin black conductive thermal tape
(i.e., 0.008 inch thickness). This method has been used for two other surfaces. However, the reflectivity
of Teflon and superhydrophobic surfaces is much less than that for a polished mirror like aluminum.

Gas temperature can be monitored by measuring surface temperature of an opaque small pipe
which was inserted inside of the nozzle (i.e., droplet conductor pipe, see Figure 1). The small pipe is
an opaque object and it is long enough to reach the final part of nozzle throat. In this case, assumption
of thermal equilibrium between the surrounding gas and small pipe is valid, as it was monitored by IR
camera. We did not observe any temperature gradient between the internal wall of the nozzle and
the small pipe surface.

While many important parameters are involved in wetting dynamics of an impacting water drop,
namely different droplet sizes and velocities, in this study only one impact velocity and droplet size
were taken into account due to the extremely challenging experimental test conditions. On the other
hand, different air velocities with different temperatures were used to evaluate the effect of stagnation
flow on droplet spreading and retraction behavior. This process was imaged using a high-speed
camera. Imaging equipment used in this study includes a Photron SA1.1 (Photron, San Diego, CA,
USA) high speed camera, an LED light, and a high magnification zoom macro lens (Nikon AF-S Micro
nikkor lens with focal length of 105 mm). Spatial resolution for the presented temporal spreading
diameter 19–21 µm for 1 pixel. Different recording rates were used to trace the impact behavior of
the water drop. For measuring droplet contact time of the water drop on SHS (i.e., superhydrophobic
surface), the recording rate should not be less than 9000 fps [35].

3. Results and Discussion

Wetting dynamics of an impacting supercooled water droplet on a cold substrate combined with
cold stagnation flow is evaluated in the current study. In order to evaluate the net effect of airflow on
an impacting supercooled water drop, the maximum air velocity was chosen based on the conception
of no droplet deformation of a free falling drop exposed to gas flow. The dimensionless number

describing this phenomenon is the relative Weber number, ρair (Ug−Ud)
2 Dd

σlv
, which is defined based

on density of the gas, which is air in this experiment (ρair), relative velocity of impinging water drop
and air jet velocity, (Ug −Ud), water droplet size Dd, and surface tension of water drop (σlv). For air
velocity up to 10 m/s and with constant droplet diameter up to 2.6 mm the evaporation effect on
droplet size during free falling (at height of 0.15 m in the current study) is negligible (1% of initial
droplet size) [36]. Calculation of relative Weber number shows that it becomes close to the suggested
value (i.e., 3) for having a non-deformed drop [37]. Deformation of the water drop is almost negligible
and the droplet remains spherical.

Dynamics of a water drop in supercooling conditions fundamentally changes that of room
temperature. When drop impact condition is no longer isothermal, phase change might happen based
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on the difference between droplet and target surface temperature [38]. In order to demonstrate the effect
of droplet degree of super cooling conditions on wetting dynamics behavior, temporal spreading
factor versus dimensionless time is illustrated in Figure 2 for both aluminum and Teflon substrates.
Increasing relaxing phase time rapidly increases rate of heat transfer within the drop through
the substrate. Large interfacial area results in significant decrease in receding velocity compared
to the room temperature one due to the increase in heat transfer cooling rate. As depicted in Figure 2,
it is clear that at the maximum spreading diameter, instantaneous freezing (i.e., no retraction, pinning)
was observed for coldest droplet and substrate temperature condition (i.e., −5.5 ◦C and −30 ◦C,
respectively). However, slight retraction was observed at the initial stage of the retraction phase for
the remaining scenarios. In fact, due to both the liberation of latent heat of fusion and molecular
diffusivity [15] there is a sufficient freezing delay time when droplet and substrate temperature are
not sufficiently cold, resulting in retraction initiations. However, after 25 ms, due to the large heat
transfer cooling rate (i.e., large contact area which is almost not varied by time), the retraction force
becomes almost zero, signaling the presence of heterogeneous ice nucleations between the impacting
water drop and underneath the substrate. It becomes strong enough so that the droplet is pinned on
the surface.
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Figure 2. Temporal evolution of impacting water droplet on aluminum (A) and Teflon substrate (B)
at a wide range of droplet temperature from 20 ◦C to −5.5 ◦C. Droplet size and impact velocity are
2.6 mm and 1.6 m/s, respectively.

This phenomenon can be further elaborated through classical ice nucleation theory combined
with thermal transport analysis. As shown in Equation (1), nucleation rate [39,40] is related to
the multiplication of kinetic rate (i.e., activation energy of diffusion) to the exponential function of
Gibbs free surface energy and interface temperature of an impacting water drop on substrates along
with solid-liquid interfacial area and Boltzmann constant (i.e., kB).

J(T) = K(T)As−l exp
(
−∆GHet(T, θwI)

kBTInterace

)
(1)

where As−l is the solid-liquid surface area.
Additionally Gibbs free surface energy is defined based on the melting temperature of water,

Tm, water-ice surface tension, γwI , latent heat of fusion, H f , solid-liquid or gas-liquid interface
temperature, TInter f ace, and geometrical factor, f(θwI)

, as illustrated in Equations (2) and (3) [17,40].
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∆GHet(T, θwI) =
T2

m16πγ3
wI

3H2
f

(
Tm − TInter f ace

)2 f (θwI) (2)

f (θwI) =

[
(2 + cosθwI)(1− cosθwI)

2

4

]
(3)

Interface temperature of a liquid drop on a surface with various roughness is predicted by solving
two transient conduction equations through the drop and coated (i.e., rough surface) domain. It is
given by Equation (4).

Tw−inter f ace (h, tc) = Tdrop+ [(Tsub − Td)]er f c

(
hpa

2
√
αpatc

)
(4)

Furthermore, temperature distribution inside of spread water can be predicted from Equation (5)
(see Supplementary Materials).

Tw(xw, tc ) = Tdrop + [Tsub − Td)]

er f c
(

hpa

2
√

αpatc

)
er f c

(
hw

2
√
αwtc

) . er f c
(

xw > h
2
√
αwtc

)
(5)

In equation above, Tsub, is the temperature of semi post-air domain (i.e., coated surface) and Tw is
water temperature, tc is the total contact time of liquid drop on surface, and hpa represents average
or root mean square roughness of substrate. αpa and αw are thermal diffusivity of post-air domain
and water respectively. Composite thermal diffusivity of air-pillar domain, αpa, is found through
equivalent thermal conductivity and specific heat of coated (i.e., semi air-pillar) domain [17].

At cooler conditions (T ≤ −30 ◦C) due to the presence of extreme cold interface temperature,
which become close to substrate temperature, nucleation rate increases exponentially, resulting in
instantaneous pinning when drop reaches its maximum spreading diameter on both aluminum and
Teflon substrates. The change in the maximum spreading diameter is due to an increase of droplet
internal bulk viscosity up to 8-fold [41,42]. It was shown that an increase in viscous dissipation results
in a decrease in the maximum spreading diameter, as can be inferred from droplet viscous dissipation

function, ϕ ≈ µ
(

U
L

)2
[43] where U and L are droplet impact velocity and near wall boundary layer

thicknesses [44].
However, in order to show that reduction in droplet maximum spreading diameter is only related

to viscosity variation and not by phase change and crystallization process, a classical energy-based
model of maximum spreading diameter prediction derived by Passandideh-Fard et al. [45] is presented
by Equation (6). In this equation, the effect of phase change and solidification is also considered by
assumption of all the kinetic energy stored in ice layer being lost.

ζ =
D

Dmax
=

√√√√ We + 12
3
8 Wes∗ + 3(1− cosθa) + 4 We√

Re

(6)

where s∗ =
√

2t∗ Ste
Pe is dimensionless growth rate of freezing front which follows from the Stefan

problem soultion. It was showed that where
√

Ste
Pr << 1 the effect of formed ice nuclei on the maximum

spreading dimeter is negligeble. The dimensionless Stefan number,
Cp,l(Tm−Ts)

H f ,l
, is increased by

increasing the degree of sub cooling of surface (i.e., temperature difference between substrate and
melting point of water, (Tm− Ts)). On the other hand, the ratio of droplet specific heat and latent heat of
fusion is also increased when water droplet temperature is decreased. However, both the supercooled
water droplet specific heat and latent heat of fusion are weak functions of temperature within
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the range of the present work (i.e., −10 ◦C and −30 ◦C). In the current study the ratio (
√

Ste
Pr ) in

lowest temperature conditions becomes as low as 0.15, stressing that the wetting dynamics during
the spreading phase are not much affected by phase change mechanism. Therefore, comparison
of the maximum spreading diameter with that of hydrodynamic energy balance models at specfic
temperatures can be performed.

After analysis of the impacting supercooled water drop in the still air, the effect of stagnation
flow on the impacting water drop seems an interesting topic. The resulting shear and normal force
of the air flow might lead to important changes in wetting dynamics of an impacting water drop.
Furthermore, it significantly changes thermal transport properties of air-liquid interface by evaporation
cooling [16]. However, quantitative analysis of temporal evolution of spreading diameter, illustrated in
Figure 3, shows that the effect of incoming cold air flow has an insignificant effect on wetting dynamics
on hydrophilic and hydrophobic surfaces which arise from strong crystallization process at solid-liquid
interface combined with sever increase in contact line viscosity up to 8 and 4.3 fold at −30 ◦C and
−20 ◦C , respectively [41,42]. Furthermore, the effect of the capillary ridge become important where
exposed air flow on thin film of super cooled water comes into contact with solid material [46].
On the other hand, due to the fact that both homogeneous nucleation, which weakens surface tension,
and heterogeneous nucleation, which results in an increase in hydrophilicity by changing contact
angle [17], enhances the chance of pinning on a polished aluminum surface and the resulting normal
and shear force of stagnation flow cannot overcome the formed capillary ridge. However, incoming air
flow has an observable and important outcome on the superhydrophobic surface.
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Figure 3. Temporal evolution of impacting supercooled water drop on aluminum (A) and
Teflon substrate (B) exposed to cold air flow. Droplet size and impact velocity are 2.6 mm and
1.6 m/s, respectively.

Figure 4 shows the sequential images of supercooled water droplet impacting on a coated
superhydrophobic substrate along with quantitative analysis of temporal spreading diameter.
The droplet diameter, impact velocity, Weber and Reynolds, Stefan, and Prandtl number are 2.6 mm,
1.6 m/s, 88, 2170, 0.128, 14.83, respectively. Droplet sphericity is changed after impact due to rapid
raise in pressure and gets flattened cylindrical shape at 3 ms with no differences between the cases with
and without air flow. However, at recoiling phase when the air jet velocity is increased (i.e., an increase
in dynamic pressure), droplet bouncing and jet formation is dramatically suppressed, as depicted in
Figure 4.
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Figure 4. Sequential images of supercooled water droplet impacts on superhydrophobic substrate
maintained at −10 ◦C (A) along with analysis of temporal spreading diameter (B). Droplet size and
impact velocity are 2.6 mm and 1.6 m/s, respectively.

The recoiling phase is almost initiated right after finishing the relaxation phase and lasts up to
0.2 ms. Strong retraction force due to high receding contact angle and partial slip velocity [47,48]
results in droplet detachment at 14 ms. Droplet contact time is not a function of impact velocity
when it is sufficiently higher than the critical velocity of drop repulsion (i.e., Vc =

(
gR3

o/lc2)1/2,
where lc is capillary length of water drop, lc =

√
γ/ρg) and it varies with R2/3 [49]. On the other

hand, quantitative analysis of the impacting supercooled water drop on superhydrophobic substrate
accompanied with different air speeds shows different phenomena, as depicted in Figure 4.
Striking results were observed when air velocity was increased. A droplet detached from the surface
in a considerably smaller time than that of the still air case as a function of air speed. Contact time
is reduced up to almost 30% at air velocity up to 10 m/s highlighting the effect of another physical
factor. Recent study of droplet impact on dry ice shows that there is rapid generation of gas vapor
formed beneath of the impacting droplet on a dry ice surface [50]. Therefore, the droplet moves on
a compressed layer of vapor and not the surface. Consequently, occurrence of full slip condition
rather than partial one promotes capillary force (i.e., ideally no contact line viscous dissipation is
present at full slip condition) and leads to the achievement of complete repellency as observed on
superhydrophobic surfaces. Therefore, it can be inferred that stagnation flow may result in the presence
of a thin moving layer of air underneath the impacting water drop and superhydrophobic surface.
By increasing incoming air velocity, the accelerated flowing thin air layer in the viscous region helps to
reduce the droplet contact time by two mechanisms. First, the generated rim of the droplet in contact
with the thin layer of air underneath promotes the ligament of the impacting water droplet to spread
without significant viscous dissipation compared to the still air case. In fact, near the wall boundary
layer thickness is not same as still air conditions. Secondly, K-H instability [31] which is promoted by
increasing air speeds at either interface (solid-air or air-liquid) results in a more unstable spreading
ligament. In fact, contribution of the full slip boundary condition along with K-H instability results in
faster detachment of the water droplet during the recoiling phase.

Furthermore, impacting the water drop in the presence of air flow is not fully axisymmetrical as
the drop might not impact exactly at the stagnant point. In fact, numerical simulation of the impinging
air flow shows that the stagnation domain has a diameter of about 1 mm where air radial velocity in this



Appl. Sci. 2017, 7, 130 9 of 15

area is negligible (i.e., below 2% of air jet velocity (see Supplementary Materials). Therefore, the spread
drop might face the nonaxisymmetric shear and normal force of the air flow. Similarly to the study of
Birds et al. [23], droplet contact time is reduced significantly when receding velocity is no longer
axisymmetric for normal drop impacts. However, it was shown to be independent of surface
inclination for oblique drop impact [51]. To this end, the same results was observed for an impacting
supercooled water drop with temperature as low as−3.5 ◦C on superhydrophobic surfaces maintained
at temperature as cold as−20 ◦C. In Figure 5, dimensionless contact time based on capillary-inertia time
scale versus specific viscosity (µsd

µd
), for various supercooled water droplet temperatures is presented

where µsd is the viscosity of supercooled water and µd is the viscosity of water at room temperature.
In addition, we have added results of water-glycerol solution having the same viscosity as that of
a supercooled water drop to properly evaluate the net effect of increasing viscosity on the detachment
time of an impacting supercooled water drop [51].

On the other hand, supercooled water droplet dynamics on superhydrophobic substrate
maintained at −30 ◦C which is below critical temperature of heterogeneous nucleation (i.e., −24 ◦C)
has a systematically different behavior (see Supplementary Materials). Although the spreading phase
remains unaffected (e.g., measuring both advancing dynamic contact angle and maximum spreading
diameter, along with calculation of ratio of Stefan to Prandtl ratio (i.e., 0.15)) by both ice nucleation
mechanisms and sever increase in contact line viscosity with and without air flow, dramatic changes
were observed in the relaxation and receding phases. Time at the maximum spreading diameter (i.e.,
relaxation time) was significantly increased up to 2 ms causing a significant increase in heat transfer
cooling rate due to the large wetting area. A faster heterogeneous nucleation rate is also promoted,
due to the fact that interface temperature becomes almost as cold as substrate temperature which
dramatically changes the receding dynamics contact angle. In fact, complete superhydrophobicity
break down was observed at 5 ms (see Supplementary Materials) due to the aforementioned factors.
Reduction of the dynamic receding contact angle and rapid increases in viscosity, especially at
the contact line up to 8-fold, results in a significant reduction in capillary force which is a function of
receding contact angle and liquid drop surface tension, πγDmax(1− cosθrec). Experimental observation
shows that (see Figure 6A) the effect of increased viscosity slightly changes the maximum spreading
diameter of an impacting drop (i.e., within the current study) while significantly changing the droplet
contact time through reduction of receding velocity. Therefore, by reducing the receding velocity,
the chance of heat transfer cooling and the heterogeneous nucleation process is even further
increased due to the larger interfacial area. Quantitative analysis of an impacting water drop on
superhydrophobic surface in still air, as illustrated in Figure 6B, shows that the capillary force become
zero, corresponding to a receding velocity of about 11 ms (i.e., corresponding dimensionless time is 7).
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Figure 6. Temporal evolution of impacting water droplet on superhydrophobic substrate at different
temperature (A); Effect of air flow on impacting supercooled water drop on superhydrophobic substrate
below critical temperature of heterogeneous nucleation (B). Droplet size and impact velocity are 2.6 mm
and 1.6 m/s, respectively.

On the other hand, when droplet is under the effect of cold air flow it becomes an even further
complicated process due to the presence of another type of nucleation mechanism such as homogeneous
nucleation and crystallization induced nucleation from inside-out [52]. Due to the presence of forced
convective evaporation cooling, which results in the presence of aforementioned nucleation mechanism,
the gas-liquid interface temperature becomes even lower than air temperature, which is a function of air
velocity and air humidity [16]. It was observed that, when relative humidity is negligible and the chance
of superhydrophobicity degradation is small [53], which is the case in the present study, the effect
of evaporation cooling becomes significant and homogeneous nucleation happens at the air-liquid
interface. This phenomenon has a further adverse effect on wetting dynamics of an impacting droplet
by reducing surface tension force. Likewise, heterogeneous ice nucleation, which changes wetting
dynamics by reducing receding dynamic contact angle, the effect of homogeneous nucleation can
affect the wetting dynamics by changing the droplet surface tension value. In fact, surface tension of
the mixture of ice-water is about 20 mN/m [17] which shows a reduction in liquid surface tension
of up to 3.5-fold that of the room temperature droplet. Therefore, after formation of ice nuclei on
the gas-liquid interface, it gradually changes the surface tension or capillary force of impacting water
drop, especially at the time of maximum spreading diameter where the droplet is exposed to utmost
evaporation cooling due to the larger interfacial area. To this end, the capillary force experience
largely decreases (i.e., due to combination of both surface tension and apparent receding contact angle
reduction, πγDmax(1− cos θrec)) where cooled stagnation flow is present. As illustrated in Figure 6B,
aforementioned factors result in droplet pinning at 4.5 ms which is slightly after the initiation of
the retraction phase. Furthermore, the solidified wetting diameter becomes considerably larger
compared to the still air case. It increases up to almost 2-fold at 10 m/s air velocity, which highlights
a significant difference on impacting drop dynamics on a superhydrophobic surface where stagnation
flow is present.

In Figure 7, comparison of the maximum spreading diameters was carried out by three different
approaches. The first is the energy based model proposed by Passandideh-Fard et al. [44] which is
based on the balance of all energies before and after impacts, and the second model is an analytical
hydrodynamic model proposed by Roisman [54] derived from continuity and momentum equations.
Both the hydrodynamic and energy based model were used to compare with experimental data.
For a superhydrophobic surface, a scaling law analysis proposed by Clanet et al. [55] is used for proper



Appl. Sci. 2017, 7, 130 11 of 15

evaluation. As depicted in Figure 7C, for supercooling conditions, the scaling law predicts very well
the supercooled water drop at −2 ◦C. However, it overestimates the maximum spreading diameter
for the lowest temperature supercooled water drop (i.e., −5.5 ◦C) with mean value deviation up 3%.
The best agreement was observed for the energy balanced model at supercooling condition. This model
fits very well with experimental data with mean value deviation of up to 1%. However, the analytical
hydrodynamic model predicts relatively well the mean value deviation up to 14% for supercooled
water drop at −5.5 ◦C. In addition to supercooled water droplet experiments, the droplet impact of
water-glycerol solution with various specific viscosity ranging from 1.9 (corresponding supercooled
water at −2 ◦C) to 2.2 (corresponding −5.5 ◦C supercooled water) were carried out to mimic
an increased viscosity in supercooled water due to temperature reduction. The results show a very
good agreement with that of supercooled water drop experiments.
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The same comparison was carried out for aluminum and Teflon substrates, as depicted in Figure 7.
Both the energy based model and hydrodynamic model agree very well with experimental results.
Associated errors for the energy based model become slightly larger than those of the hydrodynamic
model for room temperature conditions on an aluminum substrate with mean value deviation of 4.6%
and 3.5%, respectively. The same results were found for Teflon substrate for both models with almost
the same mean value deviation up to 8% for room temperature conditions. However, when viscosity is
increased, the difference between experimental results and the two aforementioned models becomes
larger. For a higher water drop degree of subcooling (i.e., −5.5 ◦C), the mean value deviation for
energy based and hydrodynamic models for aluminum substrates become 12% and 15%, and 10%
and 14% for Teflon substrates, respectively. The difference between experimental results with that
of the aforementioned models stems from water drop interface temperature moving through cold
air before impacting on the substrates. Thermal transport analysis (see Supplementary Materials)
shows that the Biot number becomes larger than 0.1 when air flow is present. Furthermore, the Fourier
number becomes as small as 0.00045. Therefore, we can expect an interfacial temperature change.

Calculation of heat penetration lengths [1], δh ≈ (αwtc)
1
2 , shows that this length varies up to 0.1 mm

(αw = 0.13 10 − 6
(

m2

s

)
and tc ≈ 85 ms). It is evident that interface temperature of impacting

supercooled condition becomes as cold as −30 ◦C. Consequently, there is a viscosity jump of up
to 8 and 3.6 fold higher than that of room temperature and water drop temperature at −5.5 ◦C,
respectively. Therefore, viscous dissipation should be represented by a combination of internal bulk
of impacting water and that of an interface one. Further justification is carried out by using different
water-glycerol solutions having the same viscosity as that of an impacting supercooled water drop.
In all experimental results, supercooled water droplet impact shows lower mean value maximum
spreading diameter compared with water-glycerol mixture at the same bulk viscosity, as illustrated in
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Figure 7 for all target surfaces. Therefore, the aforementioned increased viscosity in droplet contact
line competes with droplet inertia leading to a slightly larger decrease on the maximum spreading
diameter compared to water-glycerol solution at the same internal bulk viscosity.

4. Conclusions

The effect of stagnation air flow on an impacting supercooled water drop at various air velocities
and temperatures were experimentally evaluated. Various target surfaces covering a wide range of
wettability spanning from hydrophilic to superhydrophobic surfaces were used in the current study.
Controllable air temperature as low as −30 ◦C was produced by designing a heat exchanger which
works with liquid nitrogen. In addition, a droplet accelerator was added to the experimental set up to
provide controlled stagnation flow at velocities ranging from 0 (i.e., still air) to 10 m/s. The limitation of
imposing higher air velocity stems from having spherical drop with and without air flow based on the
definition of critical relative Weber number below 3. The current study highlights the net effect of air
flow on an impacting supercooled water drop at various air velocities and temperatures. Droplet impact
velocity was independent of incoming air jet velocity. Analysis of stagnation air flow analysis was
carried out by using the classical Homann flow approach. Imposed stagnation flow on the impacting
water drop results in a produced shear and normal force on the gas-liquid interface of the spread drop.
For hydrophilic and hydrophobic substrates, non-instantaneous pinning at the maximum spreading
diameter was observed at temperature above −20 ◦C, and complete water drop repellency was shown
for the superhydrophobic surface. A striking phenomenon was observed: droplet contact time was
reduced by up to about 30% for air velocity up to 10 m/s that of still air. This phenomenon was
attributed to the transition of partial slip conditions to full slip ones, which eliminates the contact
line viscous dissipation. Furthermore, slight nonaxisymmetric receding velocity reduces droplet
contact time. Nevertheless, for substrate temperatures below the critical temperature of heterogeneous
nucleation on bouncing droplets (i.e., −24 ◦C), instantaneous pinning (i.e., no recoiling phase) was
observed for hydrophilic and hydrophobic surfaces. In contrast, for superhydrophobic surfaces,
the recoiling phase is subjected to a severe reduction in receding contact angle and surface tension due
to the presence of ice nuclei at the solid-liquid and gas-liquid interface. This results in transition from
superhydrophobicity to hydrophilicity due to the rapid crystallization process. Further decreases in
receding contact angle occurred by imposing higher stagnation flow up to 10 m/s which results in
an almost non-recoiling phase of the supercooled droplet impacts on a superhydrophobic surface.

Supplementary Materials: The following are available online at http://www.mdpi.com/2076-3417/7/2/130/s1.
Detailed information regarding predictive analytical model of solid-liquid interface temperature, description
of surface characteristic along with experimental set up for supercooled water drop impact condition along
with mechanism of co-flow generation with consideration of no drop deformation, description of the maximum
spreading diameter prediction by energy-based and hydrodynamic models and scaling law correlation.

Acknowledgments: Authors gratefully acknowledge the financial support from Natural Sciences and Engineering
Research Council of Canada (NSERC), and scholarship by Fonds de recherche du Québec—Nature et
technologies (FRQNT).

Author Contributions: M.M. wrote the paper and designed and performed experimental tests. M.M. also
performed theoretical analysis. M.M. and M.T. developed and modified solid-liquid interface model (see
Supplementary Materials). All of experimental and theoretical parts of the current research were supervised by
A.D. All authors have given approval to the final version of the manuscript.

Conflicts of Interest: The authors declare no competing financial interest.

References

1. Maitra, T.; Tiwari, M.K.; Antonini, C.; Schoch, P.; Jung, S.; Eberle, P.; Poulikakos, D. On the nano engineering
of superhydrophobic and impalement resistant surface textures below the freezing temperature. Nano Lett.
2013, 14, 172–182. [CrossRef] [PubMed]

2. Sinha-Ray, S.; Yarin, A.L. Drop impact cooling enhancement on nano-textured surfaces. Part I: Theory and
results of the ground (1 g) experiments. Int. J. Heat Mass Transf. 2014, 70, 1095–1106. [CrossRef]

http://www.mdpi.com/2076-3417/7/2/130/s1
http://dx.doi.org/10.1021/nl4037092
http://www.ncbi.nlm.nih.gov/pubmed/24320719
http://dx.doi.org/10.1016/j.ijheatmasstransfer.2013.11.007


Appl. Sci. 2017, 7, 130 13 of 15

3. Mishchenko, L.; Hatton, B.; Bahadur, V.; Taylor, J.A.; Krupenkin, T.; Aizenberg, J. Design of ice-free
nanostructured surfaces based on repulsion of impacting water droplets. ACS Nano 2010, 4, 7699–7707.
[CrossRef] [PubMed]

4. Jasinski, W.J.; Noe, S.C.; Selig, M.S.; Bragg, M.B. Wind turbine performance under icing conditions. J. Sol.
Energy Eng. 1998, 120, 60–65. [CrossRef]

5. Yang, G.; Guo, K.; Li, N. Freezing mechanism of supercooled water droplet impinging on metal surfaces.
Int. J. Refrig. 2011, 34, 2007–2017. [CrossRef]

6. Myers, T.G.; Thompson, C.P. Modeling the flow of water on aircraft in icing conditions. AIAA J. 1998,
36, 1010–1013. [CrossRef]

7. Kulinich, S.; Farzaneh, M. How wetting hysteresis influences ice adhesion strength on superhydrophobic
surfaces. Langmuir 2009, 25, 8854–8856. [CrossRef] [PubMed]

8. Meuler, A.J.; Smith, J.D.; Varanasi, K.K.; Mabry, J.M.; McKinley, G.H.; Cohen, R.E. Relationships between
water wettability and ice adhesion. ACS Appl. Mater. Interfaces 2010, 2, 3100–3110. [CrossRef] [PubMed]

9. Feng, L.; Li, S.; Li, Y.; Li, H.; Zhang, L.; Zhai, J.; Song, Y.; Liu, B.; Jiang, L.; Zhu, D. Super-hydrophobic
surfaces: From natural to artificial. Adv. Mater. 2002, 14, 1857–1860. [CrossRef]

10. Li, X.; Reinhoudt, D.; Crego-Calama, M. What do we need for a superhydrophobic surface? A review on
the recent progress in the preparation of superhydrophobic surfaces. Chem. Soc. Rev. 2007, 36, 1350–1368.
[CrossRef] [PubMed]

11. Eberle, P.; Tiwari, M.K.; Maitra, T.; Poulikakos, D. Rational nanostructuring of surfaces for extraordinary
icephobicity. Nanoscale 2014, 6, 4874–4881. [CrossRef] [PubMed]

12. Torresin, D.; Tiwari, M.K.; Del Col, D.; Poulikakos, D. Flow condensation on copper-based nanotextured
superhydrophobic surfaces. Langmuir 2013, 29, 840–848. [CrossRef] [PubMed]

13. Miljkovic, N.; Enright, R.; Wang, E.N. Effect of droplet morphology on growth dynamics and heat transfer
during condensation on superhydrophobic nanostructured surfaces. ACS Nano 2012, 6, 1776–1785. [CrossRef]
[PubMed]

14. Boreyko, J.B.; Chen, C. Self-propelled dropwise condensate on superhydrophobic surfaces. Phys. Rev. Lett.
2009, 103, 184501. [CrossRef] [PubMed]

15. Alizadeh, A.; Yamada, M.; Li, R.; Shang, W.; Otta, S.; Zhong, S.; Ge, L.; Dhinojwala, A.; Conway, K.R.;
Bahadur, V.; et al. Dynamics of ice nucleation on water repellent surfaces. Langmuir 2012, 28, 3180–3186.
[CrossRef] [PubMed]

16. Jung, S.; Tiwari, M.K.; Doan, N.V.; Poulikakos, D. Mechanism of supercooled droplet freezing on surfaces.
Nat. Commun. 2012, 3, 615–622. [CrossRef] [PubMed]

17. Bahadur, V.; Mishchenko, L.; Hatton, B.; Taylor, J.A.; Aizenberg, J.; Krupenkin, T. Predictive model for ice
formation on superhydrophobic surfaces. Langmuir 2011, 27, 14143–14150. [CrossRef] [PubMed]

18. Sastry, S. Supercooled water: Going strong or falling apart? Nature 1999, 398, 467–469. [CrossRef]
19. Gorbunov, B.; Baklanov, A.; Kakutkina, N.; Windsor, H.; Toumi, R. Ice nucleation on soot particles.

J. Aerosol Sci. 2001, 32, 199–215. [CrossRef]
20. Maitra, T.; Antonini, C.; Tiwari, M.K.; Mularczyk, A.; Imeri, Z.; Schoch, P.; Poulikakos, D. Supercooled water

drops impacting superhydrophobic textures. Langmuir 2014, 30, 10855–10861. [CrossRef] [PubMed]
21. Duvivier, D.; Seveno, D.; Rioboo, R.; Blake, T.; De Coninck, J. Experimental evidence of the role of viscosity

in the molecular kinetic theory of dynamic wetting. Langmuir 2011, 27, 13015–13021. [CrossRef] [PubMed]
22. Khedir, K.R.; Kannarpady, G.K.; Ishihara, H.; Woo, J.; Asar, P.M.; Ryerson, C.; Biris, A.S. Temperature-dependent

bouncing of super-cooled water on teflon-coated superhydrophobic tungsten nanorods. Appl. Surf. Sci. 2013,
279, 76–84. [CrossRef]

23. Bird, J.C.; Dhiman, R.; Kwon, H.; Varanasi, K.K. Reducing the contact time of a bouncing drop. Nature 2013,
503, 385–388. [CrossRef] [PubMed]

24. Fletcher, N. Active sites and ice crystal nucleation. J. Atmos. Sci. 1969, 26, 1266–1271. [CrossRef]
25. Antonini, C.; Villa, F.; Bernagozzi, I.; Amirfazli, A.; Marengo, M. Drop rebound after impact: The role of

the receding contact angle. Langmuir 2013, 29, 16045–16050. [CrossRef] [PubMed]
26. Richard, D.; Clanet, C.; Quéré, D. Surface phenomena: Contact time of a bouncing drop. Nature 2002, 417, 811.

[CrossRef] [PubMed]
27. Liu, Y.; Moevius, L.; Xu, X.; Qian, T.; Yeomans, J.M.; Wang, Z. Pancake bouncing on superhydrophobic

surfaces. Nat. Phys. 2014, 10, 515–519. [CrossRef]

http://dx.doi.org/10.1021/nn102557p
http://www.ncbi.nlm.nih.gov/pubmed/21062048
http://dx.doi.org/10.1115/1.2888048
http://dx.doi.org/10.1016/j.ijrefrig.2011.07.001
http://dx.doi.org/10.2514/2.472
http://dx.doi.org/10.1021/la901439c
http://www.ncbi.nlm.nih.gov/pubmed/19719211
http://dx.doi.org/10.1021/am1006035
http://www.ncbi.nlm.nih.gov/pubmed/20949900
http://dx.doi.org/10.1002/adma.200290020
http://dx.doi.org/10.1039/b602486f
http://www.ncbi.nlm.nih.gov/pubmed/17619692
http://dx.doi.org/10.1039/C3NR06644D
http://www.ncbi.nlm.nih.gov/pubmed/24667802
http://dx.doi.org/10.1021/la304389s
http://www.ncbi.nlm.nih.gov/pubmed/23249322
http://dx.doi.org/10.1021/nn205052a
http://www.ncbi.nlm.nih.gov/pubmed/22293016
http://dx.doi.org/10.1103/PhysRevLett.103.184501
http://www.ncbi.nlm.nih.gov/pubmed/19905808
http://dx.doi.org/10.1021/la2045256
http://www.ncbi.nlm.nih.gov/pubmed/22235939
http://dx.doi.org/10.1038/ncomms1630
http://www.ncbi.nlm.nih.gov/pubmed/22233625
http://dx.doi.org/10.1021/la200816f
http://www.ncbi.nlm.nih.gov/pubmed/21899285
http://dx.doi.org/10.1038/18982
http://dx.doi.org/10.1016/S0021-8502(00)00077-X
http://dx.doi.org/10.1021/la502675a
http://www.ncbi.nlm.nih.gov/pubmed/25157476
http://dx.doi.org/10.1021/la202836q
http://www.ncbi.nlm.nih.gov/pubmed/21919445
http://dx.doi.org/10.1016/j.apsusc.2013.04.038
http://dx.doi.org/10.1038/nature12740
http://www.ncbi.nlm.nih.gov/pubmed/24256803
http://dx.doi.org/10.1175/1520-0469(1969)026&lt;1266:ASAICN&gt;2.0.CO;2
http://dx.doi.org/10.1021/la4012372
http://www.ncbi.nlm.nih.gov/pubmed/24028086
http://dx.doi.org/10.1038/417811a
http://www.ncbi.nlm.nih.gov/pubmed/12075341
http://dx.doi.org/10.1038/nphys2980


Appl. Sci. 2017, 7, 130 14 of 15

28. Milne, A.; Amirfazli, A. Drop shedding by shear flow for hydrophilic to superhydrophobic surfaces. Langmuir
2009, 25, 14155–14164. [CrossRef] [PubMed]

29. Mohammadi, M.; Moghtadernejad, S.; Graham, P.J.; Dolatabadi, A. Dynamic impact behavior of water
droplet on a superhydrophobic surface in the presence of stagnation flow. Appl. Mech. Mater. 2012,
232, 267–272. [CrossRef]

30. Sahoo, B.; Labropulu, F. Steady homann flow and heat transfer of an electrically conducting second grade
fluid. Comput. Math. Appl. 2012, 63, 1244–1255. [CrossRef]

31. Liu, J.; Vu, H.; Yoon, S.S.; Jepsen, R.A.; Aguilar, G. Splashing phenomena during liquid droplet impact.
At. Sprays 2010, 20, 297–310. [CrossRef]

32. Xu, L.; Barcos, L.; Nagel, S.R. Splashing of liquids: Interplay of surface roughness with surrounding gas.
Phys. Rev. E 2007, 76, 066311. [CrossRef] [PubMed]

33. Xu, L.; Zhang, W.W.; Nagel, S.R. Drop splashing on a dry smooth surface. Phys. Rev. Lett. 2005, 94, 184505.
[CrossRef] [PubMed]

34. Tsai, P.; Pacheco, S.; Pirat, C.; Lefferts, L.; Lohse, D. Drop impact upon micro-and nanostructured
superhydrophobic surfaces. Langmuir 2009, 25, 12293–12298. [CrossRef] [PubMed]

35. Richard, D.; Quéré, D. Bouncing water drops. EPL (Europhys. Lett.) 2000, 50, 769–775. [CrossRef]
36. Duguid, H.A.; Stampfer, J.F., Jr. The evaporation rates of small, freely falling water drops. J. Atmos. Sci. 1971,

28, 1233–1243. [CrossRef]
37. Luxford, G. Experimental and Modelling Investigation of the Deformation, Drag and Break-Up of Drizzle

Droplets Subjected to Strong Aerodynamics Forces in Relation to SLD Aircraft Icing. Ph.D. Dissertation,
Cranfeild University, Cranfeild, UK, 2005.

38. Aziz, S.D.; Chandra, S. Impact, recoil and splashing of molten metal droplets. Int. J. Heat Mass Transf. 2000,
43, 2841–2857. [CrossRef]

39. Zobrist, B.; Koop, T.; Luo, B.; Marcolli, C.; Peter, T. Heterogeneous ice nucleation rate coefficient of water
droplets coated by a nonadecanol monolayer. J. Phys. Chem. C 2007, 111, 2149–2155. [CrossRef]

40. Jung, S.; Dorrestijn, M.; Raps, D.; Das, A.; Megaridis, C.M.; Poulikakos, D. Are superhydrophobic surfaces
best for icephobicity? Langmuir 2011, 27, 3059–3066. [CrossRef] [PubMed]

41. Biddle, J.W.; Holten, V.; Sengers, J.V.; Anisimov, M.A. Thermal conductivity of supercooled water. Phys. Rev. E
2013, 87, 042302. [CrossRef] [PubMed]

42. Hallett, J. The temperature dependence of the viscosity of supercooled water. Proc. Phys. Soc. 1963,
82, 1046–1050. [CrossRef]

43. Chandra, S.; Avedisian, C. On the collision of a droplet with a solid surface. Proc. R. Soc. Lond. A Math. Phys.
Eng. Sci. 1991, 432, 13–41. [CrossRef]

44. Pasandideh-Fard, M.; Qiao, Y.; Chandra, S.; Mostaghimi, J. Capillary effects during droplet impact on a solid
surface. Phys. Fluids 1996, 8, 650–659. [CrossRef]

45. Pasandideh-Fard, M.; Bhola, R.; Chandra, S.; Mostaghimi, J. Deposition of tin droplets on a steel plate:
Simulations and experiments. Int. J. Heat Mass Transf. 1998, 41, 2929–2945. [CrossRef]

46. Myers, T.; Charpin, J.; Thompson, C. Slowly accreting ice due to supercooled water impacting on a cold
surface. Phys. Fluids 2002, 14, 240–256. [CrossRef]

47. Maali, A.; Bhushan, B. Measurement of slip length on superhydrophobic surfaces. Philos. Trans. A Math.
Phys. Eng. Sci. 2012, 370, 2304–2320. [CrossRef] [PubMed]

48. Choi, C.; Ulmanella, U.; Kim, J.; Ho, C.; Kim, C. Effective slip and friction reduction in nanograted
superhydrophobic microchannels. Phys. Fluids 2006, 18, 087105. [CrossRef]

49. Okumura, K.; Chevy, F.; Richard, D.; Quéré, D.; Clanet, C. Water spring: A model for bouncing drops.
EPL (Europhys. Lett.) 2003, 62, 237–243. [CrossRef]

50. Antonini, C.; Bernagozzi, I.; Jung, S.; Poulikakos, D.; Marengo, M. Water drops dancing on ice: How
sublimation leads to drop rebound. Phys. Rev. Lett. 2013, 111, 014501. [CrossRef] [PubMed]

51. Yeong, Y.H.; Burton, J.; Loth, E. Drop impact and rebound dynamics on an inclined superhydrophobic
surface. Langmuir 2014, 30, 12027–12038. [CrossRef] [PubMed]

52. Sastry, S. Water: Ins and outs of ice nucleation. Nature 2005, 438, 746–747. [CrossRef] [PubMed]
53. Yeong, Y.H.; Steele, A.; Loth, E.; Bayer, I.; De Combarieu, G.; Lakeman, C. Temperature and humidity effects

on superhydrophobicity of nanocomposite coatings. Appl. Phys. Lett. 2012, 100, 053112. [CrossRef]

http://dx.doi.org/10.1021/la901737y
http://www.ncbi.nlm.nih.gov/pubmed/19685896
http://dx.doi.org/10.4028/www.scientific.net/AMM.232.267
http://dx.doi.org/10.1016/j.camwa.2011.12.041
http://dx.doi.org/10.1615/AtomizSpr.v20.i4.30
http://dx.doi.org/10.1103/PhysRevE.76.066311
http://www.ncbi.nlm.nih.gov/pubmed/18233921
http://dx.doi.org/10.1103/PhysRevLett.94.184505
http://www.ncbi.nlm.nih.gov/pubmed/15904376
http://dx.doi.org/10.1021/la900330q
http://www.ncbi.nlm.nih.gov/pubmed/19821629
http://dx.doi.org/10.1209/epl/i2000-00547-6
http://dx.doi.org/10.1175/1520-0469(1971)028&lt;1233:TEROSF&gt;2.0.CO;2
http://dx.doi.org/10.1016/S0017-9310(99)00350-6
http://dx.doi.org/10.1021/jp066080w
http://dx.doi.org/10.1021/la104762g
http://www.ncbi.nlm.nih.gov/pubmed/21319778
http://dx.doi.org/10.1103/PhysRevE.87.042302
http://www.ncbi.nlm.nih.gov/pubmed/23679409
http://dx.doi.org/10.1088/0370-1328/82/6/326
http://dx.doi.org/10.1098/rspa.1991.0002
http://dx.doi.org/10.1063/1.868850
http://dx.doi.org/10.1016/S0017-9310(98)00023-4
http://dx.doi.org/10.1063/1.1416186
http://dx.doi.org/10.1098/rsta.2011.0505
http://www.ncbi.nlm.nih.gov/pubmed/22509060
http://dx.doi.org/10.1063/1.2337669
http://dx.doi.org/10.1209/epl/i2003-00340-1
http://dx.doi.org/10.1103/PhysRevLett.111.014501
http://www.ncbi.nlm.nih.gov/pubmed/23863003
http://dx.doi.org/10.1021/la502500z
http://www.ncbi.nlm.nih.gov/pubmed/25216298
http://dx.doi.org/10.1038/438746a
http://www.ncbi.nlm.nih.gov/pubmed/16340997
http://dx.doi.org/10.1063/1.3680567


Appl. Sci. 2017, 7, 130 15 of 15

54. Roisman, I.V. Inertia dominated drop collisions. II. An analytical solution of the Navier–Stokes equations for
a spreading viscous film. Phys. Fluids 2009, 21. [CrossRef]

55. Clanet, C.; Béguin, C.; Richard, D.; Quéré, D. Maximal deformation of an impacting drop. J. Fluid Mech. 2004,
517, 199–208. [CrossRef]

© 2017 by the authors; licensee MDPI, Basel, Switzerland. This article is an open access
article distributed under the terms and conditions of the Creative Commons Attribution
(CC BY) license (http://creativecommons.org/licenses/by/4.0/).

http://dx.doi.org/10.1063/1.3129283
http://dx.doi.org/10.1017/S0022112004000904
http://creativecommons.org/
http://creativecommons.org/licenses/by/4.0/.

	Introduction 
	Materials and Methods 
	Results and Discussion 
	Conclusions 

