
IEEE/ASME TRANSACTIONS ON MECHATRONICS 1

Extended-State-Observer-Based Adaptive
Prescribed Performance Control for Hydraulic

Systems With Full-State Constraints
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Abstract—In this article, an innovative backstepping con-
troller for hydraulic systems is proposed to handle system
uncertainties and accomplish specified performance track-
ing without violating the full-state constraints. To deal with
uncertainties, extended state observers ESOs and an adap-
tive law are integrated. ESOs are structured to estimate
disturbances, whereas adaptive law is applied to approxi-
mate unknown parameters. The estimated uncertainties are
then incorporated into a constrained controller, ensuring
that both the prescribed transient tracking performance and
the nonviolation of full-state constraints can be guaranteed.
A prescribed performance function (PPF) and the barrier
Lyapunov function (BLF) are synthesized to guarantee the
transient behavior of the tracking error and all state errors
within desirable boundaries. Then, an adaptive prescribed
performance controller with uncertainty compensation is
constructed by merging the BLF and PPF through back-
stepping design to stabilize the closed-loop system. Fi-
nally, abundant comparative experimental results validate
the proposed controller’s tracking performance.

Index Terms—Adaptive control, extended state observer
(ESO), full-state constraint, hydraulic systems, prescribed
performance control.

I. INTRODUCTION

HYDRAULIC servo systems are extensively used in
industries owing to their big load capacity [1]–[4].
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Nevertheless, heavy nonlinear behaviors [1], uncertainties [2]–
[3], dead-zones [5], constraints [6], saturation [7], etc., make
it laborious to exploit closed-loop controllers with excellent
performance. In recent years, many sophisticated controllers
have been carried out to solve uncertainties (including uncer-
tain nonlinearities and parametric uncertainties) of hydraulic
systems and meet the increasingly stringent control performance
requirements. To compensate for parametric uncertainties, adap-
tive control methods [8]–[10] have been developed. However,
uncertain nonlinearities, including modeling errors and distur-
bances, cannot be handled by adaptive controllers. In some
cases, when uncertain nonlinearities develop into the primary
element affecting the control performance, the tracking accuracy
of the system may not be assured. To increase the robustness
of adaptive control and improve tracking performance, robust
and adaptive controls are usually integrated to deal with un-
certainties. Robust adaptive control [11], RISE-based adaptive
control [2], [12], [13], adaptive sliding mode control [14], neural
network control [15]–[17], and adaptive robust control [3]–[4],
[18]–[20] are some of the control algorithms that have been
created and applied to hydraulic systems. However, high-gain
feedback was realized to be adopted by these controllers for
achieving quality performance. In practical systems, high-gain
feedback is often avoided regarding its high-frequency dynamic
characteristics and measurement noise. As a result, the control
strategy is firmly conservative when the system is subjected to
large disturbances [21].

In order to enhance the antidisturbance ability, various anti-
disturbance strategies have been developed [22], [23]. Because
disturbance observers are easy to be combined with various con-
trol methods, a variety of disturbance observers are used to im-
prove the control performance of hydraulic systems [24]–[26].
These disturbance compensation controllers consider parametric
uncertainties and disturbances as lump disturbances that can be
estimated by a disturbance observer and then compensated by
a feed-forward controller, removing the impact of uncertainties
on the systems without using high-gain feedback. Especially in
[26], the extended state observer (ESO), proposed by Han [27],
could perform disturbance estimation and did not require too
much model information. The most important feature is that
it only has few parameters and is easy to adjust. Therefore,
ESO have been extensively utilized [28]–[31]. However, these
controllers do not consider state constraint of hydraulic systems.
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It is necessary to consider the maintenance of states and output
constraints in practical applications due to the recent need to
maintain ideal dynamic behavior under different uncertainties
and disturbances. Tee et al. [32] established a technique for
preventing constraint violation using the barrier Lyapunov func-
tion (BLF) instead of the quadratic Lyapunov function. Subse-
quently, the BLF is utilized in manipulators and rehabilitation
robots [33], [34]. Then, Won et al. [24] designed a backstepping
controller based on a high-gain disturbance observer using the
BLF, which realized the quality control performance of hy-
draulic systems with constraint to no other state, but the output
state. Moreover, state-constrained control is proposed in [35]
for the single-rod hydraulic actuators to constrain the states
in the channels without disturbances. However, state constraint
control in the channels with disturbances is still a challenge that
needs to be solved. Then, the BLF is integrated with uncertain-
ties compensation control to achieve nonviolation of all state
constraints [6]. Although aforementioned control methods all
ensure the global stability of hydraulic systems and achieve good
steady-state tracking performance, the transient performance has
not been discussed and is ambiguous.

In practical engineering, it is expected that the proposed
controller ensures that the system control performance indices
(including overshoot, steady-state tracking error, and conver-
gence speed) should meet the actual performance demands.
However, insufficient attention is paid to the system transient
tracking performance, although the above controllers can guar-
antee good steady-state control performance. Recently, a pre-
scribed performance control (PPC) proposed in [36] and [37]
is used to make the tracking error converge to a prescribed
arbitrary small region. First, a new transformed error is obtained
from the tracking error of the original system by utilizing the
prescribed performance function (PPF). This transformed error
is then employed to develop controller. When the controller can
stabilize the transformation system, the tracking error of the
original system will be remained within a specified range. A
few applications of this PPC method for hydraulic systems are
presented in [38] and [39]. Nevertheless, it is discovered that
PPC has not been employed for tracking control for hydraulic
systems with full-state constraints.

Most hydraulic driving systems (such as hydraulic robots)
have physical constraints, such as velocity and acceleration
constraints. The changes of system’s attitude and load may
violate these inherent physical constraints, thus severely af-
fecting the control performance. Moreover, fast response and
accurate steady-state tracking have often been the pursuit of
high-performance control of hydraulic systems. Therefore, for
hydraulic systems with uncertainties and full-state constraints,
a backstepping controller is designed in this article to enhance
the dynamic behavior and steady accuracy. To eliminate system
uncertainties, ESOs and adaptive control are integrating. The
ESOs are adopted to accurately estimate the matched and mis-
matched disturbances accurately, and an adaptive law is designed
for parametric uncertainties. The estimated uncertainties are
then incorporated into a constrained controller such that the
prescribed tracking performance and full-state constraints can
be assured. The PPF and BLF are combined to realize the

Fig. 1. Schematic diagram of a hydraulic system.

prescribed tracking performance and constrain the all system
state by constraining the control errors in the corresponding
desired bounds. The proposed controller is then constructed
through backstepping technology to stabilize the closed-loop
system. The validity is confirmed by extensively comparative
experiments.

The rest of this article is arranged as follows. Section II estab-
lishes the hydraulic system model. The design of the controller
and the stability analysis are presented in Section III. Section IV
gives the experimental analysis. Finally, Section V concludes
this article.

II. DYNAMIC MODELS

In this article, as indicated in Fig. 1, a hydraulic system
regulated by a servo valve is examined, and its load is driven
by the hydraulic cylinder. Before establishing the system model,
system parameters are defined as

The kinematic model of the system is described as follows:

ÿ =
A

m
PL − B

m
ẏ +

fd(y, ẏ, t)

m
(1)

where fd(y, ẏ, t) indicates disturbances, including unmodeled
nonlinear frictions, external disturbances, etc. The dynamic
function of PL is established as reported in [21]

Vt

4βe
ṖL = −Aẏ − CtPL + q(t) +QL (2)

where q(t) is the modeling error, and QL is modeled as [21]

QL = kqxv

√
Ps − sign(xv)PL (3)

where kq = Cdw
√

1/ρ represents the flow gain. sign(xv) is
defined by

sign(xv) =

{
1, if xv ≥ 0
−1, if xv < 0

. (4)

Because of the high bandwidth of the servo valve, we ne-
glect its dynamic characteristic and take xv as the proportional
function of the control input u, i.e., xv = kiu, ki > 0 is the
gain coefficient.

Then, from (3), we have

QL = ktu
√

Ps − sign(u)PL (5)

where kt = kqki.
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Defining x = [x1, x2, x3]T = [y, ẏ, APL/m]T, from (1)−(5),
the state-space form can be reformulated by

ẋ1 = x2

ẋ2 = x3 − θ1x2 + d1(x, t)
ẋ3 = θ2g (u, x3)u− θ3x2 − θ4x3 + d2(t)

(6)

where θ1 = B/m, θ2 = 4Aβekt /mVt, θ3 = 4βeA2/mVt,
θ4 = 4βeCt /Vt, g(u, x3) =

√
Ps −msign(u)x3/A, d1(x, t) = fd

(x, t)/m, and d2(t) = 4βeAq(t)/mVt.
Assumption 1: The parametric uncertainty θ = [θ1, θ2, θ3,

θ4]T, satisfies [40]

θ ∈ Ωθ = {θ : ‖θ‖ ≤ θM} (7)

where θM is a positive constant.
Assumption 2: The derivatives of the disturbances are

bounded ∣∣∣ḋ1 (x, t)
∣∣∣ ≤ δ,

∣∣∣ḋ2 (t)
∣∣∣ ≤ ζ (8)

where δ > 0 and ζ > 0 are constants.
Assumption 3: The trajectory x1d(t) and its ith order deriva-

tives x
(i)
1d (t), i = 1, 2, 3, satisfy x1d(t) ≤ υ0 ≤ c1 − ρ0 and

|x(i)
1d (t)| ≤ υi. υ0 > 0, c1 > 0, and υi > 0 are constants, ρ0 is

given later.

III. CONTROLLER DESIGN AND STABILITY ANALYSIS

A. Smooth Projection

To keep the parameter estimations within identified bounded
sets, a smooth projection for the designed adaptive law is
employed. In this article, •̂ indicates the estimation of • and
•̃ = • − •̂ denotes the estimation error. The smooth projection
operator is described by [40]

˙̂
θ = Pr ojd(φ, θ̂) = φ− ζ1ζ2

4(ς2 + 2ςθM )n+1θ2
M

∇pd(θ̂) (9)

where

pd(θ̂) = θ̂T θ̂ − θ2
M

ζ1 =

{
pn+1
d (θ̂), if pd(θ̂) > 0

0, otherwise

ζ2 =
1
2
∇pd(θ̂)

T
φ+

√(
1
2
∇pd(θ̂)

T
φ

)2

+ κ2 (10)

where κ > 0, ς > 0 are arbitrary constants. Then, we have
following theorem.

Theorem 1 [40]: When θ̂(0) ∈ Ωθ, the smooth projec-
tion operator assures that: (1)‖θ̂(t)‖ ≤ θM + ς ∀t ≥ 0; (2)
θ̃TProjd(φ, θ̂) ≥ θ̃Tφ.

B. Extended State Observer

After defining xe2 = d1(x, t), xe3 = d2(t), we construct ESOs
for (6) as follows:⎧⎨
⎩

˙̂x1 = x̂2 + 3ω1 (x1 − x̂1)
˙̂x2 = x3 − θ̂1x2 + x̂e2 + 3ω2

1 (x1 − x̂1)
˙̂xe2 = ω3

1 (x1 − x̂1)

Fig. 2. Prescribed performance diagram.

{
˙̂x3 = θ̂2g (u, x3)u− θ̂3x2 − θ̂4x3 + x̂e3 + 2ω2 (x3 − x̂3)
˙̂xe3 = ω2

2 (x3 − x̂3)

(11)

where ω1 > 0, ω2 > 0 are the design parameters of the observer.
Let ε1 = [ε11, ε12, ε13]

T = [x̃1, x̃2/ω1, x̃e2/ω
2
1 ]

T , ε2 = [ε21,

ε22]
T = [x̃3, x̃e3/ω2]

T , we have

ε̇1 = ω1A1ε1 − C1θ̃
Tϕ2/ω1 +B1h2 (t)/ω

2
1

ε̇2 = ω2A2ε2 − C2θ̃
Tϕ3 +B2h3 (t)/ω2 (12)

where θ = [θ1, θ2, θ3, θ4]
T , ϕ2 = [x2, 0, 0, 0]T , B1 = [0, 0, 1]T ,

ϕ3 = [0,−g(u, x3)u, x2, x3]
T ,B2 = [0, 1]T ,A1 =

⎡
⎣−3 1 0
−3 0 1
−1 0 0

⎤
⎦,

A2 =

[−2 1
−1 0

]
, C1 = [0, 1, 0]T , C2 = [1, 0]T , h2(t), and h3(t)

are the derivatives of d1(x, t) and d2(t), respectively.
As A1 and A2 are Hurwitz matrices, we haveAT

1 P1 + P1A1 =
−2I and AT

2 P2 + P2A2 = −2I with positive definite matrices
P1, P2.

C. Prescribed Performance Function

Let e(t) = x1 − x1d denotes the tracking error. To achieve the
prescribed control performance, the tracking error e(t) strictly
satisfies the following inequality:

−ρ(t) < e (t) < ρ(t) ∀t > 0. (13)

The strictly positive decreasing smooth PPF ρ(t) is described
by

ρ(t) = (ρ0 − ρ∞)e−kt + ρ∞

lim
t→∞ ρ(t) = ρ∞ > 0 (14)

where ρ0, ρ�, and k are positive constants. As illustrated in
Fig. 2, ρ0 indicates the bound of the maximum overshoot, k
indicates the convergence rate, and the steady-state bound of
e(t) is constrained by ρ�.

By choosing appropriate parameters of PPF, the control per-
formance can be designed, and the transient performance can be
enhanced to satisfy actual performance requirements.

D. Controller Design

Let z2 = x2 − α1, z3 = x3 − α2. α1 and α2 are virtual
controllers. The controller is developed as follows:
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1) Step 1: A BLF is defined by

V1 =
1
2
log

ρ2(t)

ρ2(t)− e2 (t)
=

1
2
log

1
1 − z2

1

(15)

where log(χ) is the natural logarithm of χ, z1 = e(t)/ρ(t).

Differentiating V1 and substituting (6) into its yields, we get

V̇1 =
z1ρ

−1

1 − z2
1

(z2 + α1 − ẋ1d − ρ̇z1) . (16)

The virtual controller α1 is chosen as follows:

α1 = ẋ1d − k1z1 + ρ̇z1 (17)

where k1 > 0 denotes the feedback gain.
Then, V̇1 becomes

V̇1 =
ρ−1z1z2

1 − z2
1

− ρ−1k1z
2
1

1 − z2
1

(18)

2) Step 2: Define BLF as

V2 =
1
2
log

L2
2

L2
2 − z2

2

+ V1 (19)

where L2 > 0 is a design parameter.

Then, we get V̇2 from (6) as follows:

V̇2 =
z2

L2
2 − z2

2

(z3 + α2 − θ1x2 + d1(x, t)− α̇1) + V̇1.

(20)
The virtual controller α2 is specified as

α2 = θ̂1x2 − x̂e2 + α̇1 − k2z2

− ρ−1z1
(
L2

2 − z2
2

)
1 − z2

1

− ω4
1z2

2
(
L2

2 − z2
2

) (21)

where k2 > 0 is the feedback gain.

Then, we have

V̇2 =
z2

(
x̃e2 − θ̃1x2 + z3

)
L2

2 − z2
2

− k2z
2
2

L2
2 − z2

2

− ω4
1z

2
2

2
(
L2

2 − z2
2

)2 − ρ−1k1z
2
1

1 − z2
1

. (22)

3) Step 3: Choose a BLF as

V3 =
1
2
log

L2
3

L2
3 − z2

3

+ V2 (23)

where L3 > 0 is a design parameter.

Then, we have V̇3 from (6) as

V̇3 = V̇2 +
z3

L2
3 − z2

3

(θ2g (u, x3)u− θ3x2

−θ4x3 + d2(t)− α̇2) . (24)

The input u is proposed as

u =
1

θ̂2g (u, x3)

×

⎡
⎢⎣ θ̂3x2 + θ̂4x3 − x̂e3 + α̇2c − L2

3−z2
3

L2
2−z2

2
z2 − k3z3

−
z3

(
ω2

2+ω4
1

(
∂α2
∂x2

)2
+ω2

1

(
∂α2
∂x1

)2
)

2(L2
3−z2

3)

⎤
⎥⎦
(25)

where k3 > 0 is a design parameter. α̇2 = α̇2c + α̇2u, α̇2c

denotes the calculable part, and α̇2u denotes the incalculable
part.

α̇2c =
∂α2

∂t
+

∂α2

∂x1
x̂2 +

∂α2

∂x2

˙̂x2 +
∂α2

∂x̂e2

˙̂xe2 +
∂α2

∂θ̂

˙̂
θ

− ∂α2

∂x2
3ω2

1 x̃1

α̇2u =
∂α2

∂x1
x̃2 +

∂α2

∂x2

(
x̃e2 − θ̃1x2

)
. (26)

Then, we have

V̇3 = − ρ−1k1z
2
1

1 − z2
1

− k2z
2
2

L2
2 − z2

2

− k3z
2
3

L2
3 − z2

3

+
z2

L2
2 − z2

2

(
x̃e2 − θ̃1x2

)

− ω4
1z

2
2

2
(
L2

2 − z2
2

)2 +
z3

L2
3 − z2

3

(
x̃e3 − θ̃Tϕ3

−∂α2

∂x1
x̃2 − ∂α2

∂x2

(
x̃e2 − θ̃1x2

))

− ω2
2z

2
3

2
(
L2

3 − z2
3

)2 − ω4
1z

2
3

2
(
L2

3 − z2
3

)2

(
∂α2

∂x2

)2

− ω2
1z

2
3

2
(
L2

3 − z2
3

)2

(
∂α2

∂x1

)2

. (27)

Utilizing Young’s inequality, we obtain

z2

L2
2 − z2

2

x̃e2 ≤ ω4
1z

2
2

2
(
L2

2 − z2
2

)2 +
ε2

13

2
,

z3x̃e3

L2
3 − z2

3

≤ ω2
2z

2
3

2
(
L2

3 − z2
3

)2 +
ε2

22

2
,

−∂α2

∂x1

z3x̃2

L2
3 − z2

3

≤
(
∂α2

∂x1

)2
ω2

1z
2
3

2
(
L2

3 − z2
3

)2 +
ε2

12

2

−∂α2

∂x2

z3x̃e2

L2
3 − z2

3

≤
(
∂α2

∂x2

)2
ω4

1z
2
3

2
(
L2

3 − z2
3

)2 +
ε2

13

2
. (28)

With (28), we have

V̇3 ≤ − ρ−1k1z
2
1

1 − z2
1

− k2z
2
2

L2
2 − z2

2

− k3z
2
3

L2
3 − z2

3

− θ̃Tϕ2z2

L2
2 − z2

2
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+
z3

L2
3 − z2

3

(
θ̃Tϕ2

∂α2

∂x2
− θ̃Tϕ3

)
+ ε2

13 +
ε2

22

2
+

ε2
12

2
.

(29)

E. Stability Analysis

When the following conditions hold, Theorem 2 is performed
to stabilize the closed-loop system.

1) Appropriate parameters c2, c3, ki, ωi, and Li satisfy

c2 ≥ |α1|max + L2, c3 ≥ |α2|max + L3. (30)

2) The initial conditions zi (0) meet

z(0)∈Ωz0

Δ
= {|z1(0)|<1, |z2(0)|<L2, |z3(0)| < L3}.

(31)
Theorem 2: With the proposed control law (25) and the

following adaptation law, prescribed tracking performance is
acquired with the nonviolation of full-state constraints. The
boundedness of all signals is also guaranteed

φ = Γ

(
z3

L2
3 − z2

3

(
−ϕ3 + ϕ2

∂α2

∂x2

)
− ϕ2z2

L2
2 − z2

2

)
− θ̂. (32)

where Г is a positive diagonal adaptation rate matrix.
Furthermore, the following positive definite Lyapunov func-

tion:

Vb = V3 +
1
2
εT1 P1ε1 +

1
2
εT2 P2ε2 +

1
2
θ̃TΓ−1θ̃ (33)

is bounded by

Vb (t) ≤ exp (−λt)Vb (0) +
σ

λ
[1 − exp (−λt)] (34)

where

λ=

{
2ρ−1

0 k1, 2k2, 2k3,
2ω1−5

λmax(P1)
, 2ω1−3

λmax(P2)
,

(
2− λmax(Γ−1)

λmin(Γ−1)

)}
min

,

λmin(•) and λmax(•) are the minimum and the maximum

eigenvalues of •, respectively, σ = ‖P1C1θ̃
Tϕ2‖2

max

2ω2
1

+ ‖P1B1‖2δ2

2ω4
1

+ ‖P2C2θ̃
Tϕ3‖2

max

2 + ‖P2B2‖2ζ2

2ω2
2

+ 1
2λmax(Γ

−1)‖θ‖2.
Proof: Differentiating Vb, substituting (12) and (29) into its

yields, we have

V̇b ≤ − ρ−1k1z
2
1

1 − z2
1

− k2z
2
2

L2
2 − z2

2

− k3z
2
3

L2
3 − z2

3

+
−θ̃Tϕ2z2

L2
2 − z2

2

+
z3

L2
3 − z2

3

(
θ̃Tϕ2

∂α2

∂x2
− θ̃Tϕ3

)
+ ε2

13 +
ε2

22

2
+

ε2
12

2

+
1
2

(
ω1A1ε1 − C1θ̃

Tϕ2
/
ω1 +B1h2 (t)

/
ω2

1

)T
P1ε1

+
1
2
εT1 P1

(
ω1A1ε1 − C1θ̃

Tϕ2
/
ω1 +B1h2 (t)

/
ω2

1

)

+
1
2

(
ω2A2ε2 − C2θ̃

Tϕ3 +B2h3 (t)/ω2

)T
P2ε2

+
1
2
εT2 P2

(
ω2A2ε2 − C2θ̃

Tϕ3+B2h3 (t)/ω2

)
−θ̃TΓ−1 ˙̂θ

(35)

As AT
1 P1 + P1A1 = −2I , AT

2 P2 + P2A2 = −2I , we have

V̇b ≤ − ρ−1k1z
2
1

1 − z2
1

− k2z
2
2

L2
2 − z2

2

− k3z
2
3

L2
3 − z2

3

− θ̃Tϕ2z2

L2
2 − z2

2

+
z3

L2
3 − z2

3

(
θ̃Tϕ2

∂α2

∂x2
− θ̃Tϕ3

)
+ ε2

13 +
ε2

22

2
+

ε2
12

2

− ω1‖ε1‖2−ω2‖ε2‖2−εT1 P1C1θ̃
Tϕ2

/
ω1−εT2 P2C2θ̃

Tϕ3

− εT1 P1B1
h2 (t)

ω2
1

− εT2 P2B2
h3 (t)

ω2
− θ̃TΓ−1 ˙̂θ. (36)

With the adaptive law in (32), (36) becomes

V̇b ≤ − ρ−1k1z
2
1

1 − z2
1

− k2z
2
2

L2
2 − z2

2

− k3z
2
3

L2
3 − z2

3

+ ε2
13 +

ε2
22

2
+

ε2
12

2

− ω1‖ε1‖2−ω2‖ε2‖2−εT1 P1C1θ̃
Tϕ2

/
ω1−εT2 P2C2θ̃

Tϕ3

− εT1 P1B1
h2 (t)

ω2
1

− εT2 P2B2
h3 (t)

ω2
− θ̃TΓ−1θ̃ + θ̃TΓ−1θ.

(37)

Utilizing Young’s inequality, we get

−εT1 P1C1θ̃
Tϕ2

/
ω1 ≤ 1

2
‖ε1‖2+

∥∥∥P1C1θ̃
Tϕ2

∥∥∥2

max

2ω2
1

−εT2 P2C2θ̃
Tϕ3 ≤ 1

2
‖ε2‖2+

∥∥∥P2C2θ̃
Tϕ3

∥∥∥2

max

2

−εT1 P1B1
h2 (t)

ω2
1

≤ 1
2
‖ε1‖2+

‖P1B1‖2 |h2 (t)|2max

2ω4
1

−εT2 P2B2
h3 (t)

ω2
≤ 1

2
‖ε2‖2+

‖P2B2‖2 |h3 (t)|2max

2ω2
2

θ̃TΓ−1θ ≤ λmax

(
Γ−1
)

2λmin (Γ−1)
θ̃TΓ−1θ̃+

λmax

(
Γ−1
)

2
‖θ‖2. (38)

Substituting (32) and (38) into (37), then we have

V̇b ≤ − ρ−1k1z
2
1

1 − z2
1

− k2z
2
2

L2
2 − z2

2

− k3z
2
3

L2
3 − z2

3

−
(
ω1 − 5

2

)
‖ε1‖2

−
(
ω2 − 3

2

)
‖ε2‖2 −

(
1 − λmax

(
Γ−1
)

2λmin (Γ−1)

)
θ̃TΓ−1θ̃+σ.

(39)

As log
L2

j

L2
j−z2

j
<

z2
j

L2
j−z2

j
in the interval zj < Lj [32]. We have

V̇b ≤ −λVb+σ. (40)

Thus, (34) holds. As errors zi, θ̃, and ε̃ are bounded, the bound-
edness of e(t) is guaranteed. Moreover, θ̂ and x̂ei are bounded. As
x1 = e(t)+ x1d (t), z1 = e(t)/ρ(t), and |z1| < 1with assumption
2, we get |x1| ≤ c1, and x1 is bounded. α1 in (17) is a function
of x1, z1, and ẋ1d. Due to the boundedness of x1, z1, and ẋ1d, α1

is bounded. As |x2| ≤ |α1|max + |z2| and |z2| < L2, |x2| ≤ c2

is got and α2 is bounded. Similarly, |x3| and u are bounded.
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Fig. 3 Hydraulic system experimental table.

TABLE I
COMPONENTS AND SPECIFICATIONS

Therefore, the boundedness of all signals in the closed-loop
system is guaranteed, the prescribed tracking performance is
obtained, and all states are maintained in the constrained domain.

IV. EXPERIMENTAL RESULTS

A. Experimental Platform

To verify the performance of the designed control method,
an experimental platform demonstrated in Fig. 3 is built. Com-
ponents and specifications are given in Table I. The system
sampling time is 0.5ms. More details can be found in [25].

B. Controllers for Comparison

The following four controllers are applied for comparison
purposes to test the availability of the designed control strategy:

1) ESOAPPC: This is the extended-state-observer-based
adaptive PPC with full-state constraints in (26). The con-
troller parameters are tuned as: k1 = 1200; k2 = 700;
k3 = 200; Γ = diag{0.005, 3×10-6, 1000, 0.02}; κ = 10,
ς = 50; θM = 8×106, ω1 = 350, ω2 = 260; and θ̂(0) =

[64, 9, 1 × 106, 130]
T

. The parameters of PPF and BLF are
shown in the analysis of experimental results.

2) ESOAC: This is the extended-state-observer-based adaptive
controller same as the extended-state-observer-based adaptive
PPC (ESOAPPC) but without the PPF and BLF. The parameters
are the same as those in ESOAPPC.

3) FLC: This is the feedback linearization controller that is the
same as the extended-state-observer-based adaptive controller
(ESOAC) but without parameter adaptive estimation and distur-
bance compensations. The parameters are the same as those in
ESOAC.

Fig. 4. Trajectory x1d, output state x1, and control input u.

TABLE II
THREE CONTROL PERFORMANCE INDICES OF FOUR CONTROLLERS

4) VFPI: Velocity feed-forward proportional-integral con-
troller in [6] with P-gain kp = 3000, I-gain ki = 700, and velocity
feed-forward gain kv = 28 V·s/m.

Remark 1: Through the comparison of feedback linearization
controller (FLC), velocity feed-forward proportional-integral
controller (VFPI), and ESOAC, the effectiveness of adaptive
law and disturbance compensation strategy can be certificated.
Moreover, the effectiveness of state constrained control and
prescribed tracking performance control can be proved by com-
paring ESOAC, VFPI, and ESOAPPC. In this way, the validity
of ESOAPPC can be tested.

C. Experimental Results and Discussion

The maximal absolute value (Me), average value (Ae), and
standard deviation (Se) of tracking errors are employed to de-
scribe the control performance

Me = max
i=1,...,K

{|e (i)|} , Ae =
1
K

K∑
i=1

|e (i)|,

Se =

√
1
K

K∑
i=1

[|e (i)| −Ae]
2.

(35)

where K represents the number of the recorded digital signals.
1) Case 1: A trajectory x1d = 40 arctan (sin(πt))/0.7854 mm

is first employed to verify the ability and applicability
of the ESOAPPC. The PPF is set as ρ(t) = (0.8 −
0.3)e−2t + 0.3, L2 = 1, L3 = 300. Fig. 4 shows that the
output state x1 can accurately track x1d with a smooth
and bounded control input u. The tracking errors and
corresponding performance indices of the four controllers
are presented in Table II and Fig. 5. Obviously, the
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Fig. 5. Tracking errors e(t) and PPF bound.

Fig. 6. Parameter adaptation of the ESOAPPC controller.

proposed ESOAPPC controller provides the best control
performance. Moreover, the tracking error of ESOAPPC
is retained within the PPF bound, while the prescribed
performance constraints are violated by the other three
controllers. Because ESOAPPC not only uses PPF to con-
strain tracking error but also combines ESO and adaptive
algorithm to solve uncertainties to obtain better control
performance. Fig. 6 presents the convergence of param-
eter estimation of ESOAPPC. They are all regular and
bounded. Fig. 7 shows that |z1| < 1, |z2| < L2, |z3| < L3,
the full-state errors z1, z2, and z3 are remained within the
desired boundaries. Furthermore, system states are shown
in Fig. 8. The full-state constraints can be assured.

2) Case 2: A fast smooth trajectory x1d = 20arctan(sin(4πt))
/0.7854 mm (see Fig. 9) is employed to further test the
performance of the four controllers. The PPF is set as
ρ(t) = (1 − 0.4)e−2t + 0.4, L2 = 1, and L3 = 500.
The smooth trajectory x1d and output state x1 are almost
identical, and the control input u is less than 10 V (see
Fig. 9). The three indices of control performance are
given in Table III, and the tracking errors are displayed in
Fig. 10. As illustrated, better tracking accuracy is obtained
by the ESOAPPC compared with the other three control

Fig. 7. Tracking errors z1, z2, and z3.

Fig. 8. System states x1, x2, and x3.

Fig. 9. Trajectory x1d, output state x1, and control input u.

TABLE III
THREE CONTROL PERFORMANCE INDICES OF FOUR CONTROLLERS
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Fig. 10. Tracking errors e(t) and PPF bound.

Fig. 11. Tracking errors z1, z2, and z3.

methods. In addition, the tracking error of ESOAPPC is
preserved within the PPF bound, which cannot be realized
by the other three controllers. The reason is that the PPF
is not utilized in the VFPI controller, FLC method and
ESOAC scheme, so their tracking errors exceed the PPF
bound. The full-state errors z1, z2, and z3 are remained
within the desirable boundaries (see Fig. 11), i.e., |z1| <
1, |z2| < L2, |z3| < L3, the full-state constraints can be
guaranteed. The system states are displayed in Fig. 12,
and they are smooth and bounded.

3) Case 3: In this case, the four controllers are further tested
for a low-frequency saw-tooth signal with an amplitude
of 40 mm and a period of 2 s. The PPF is presented as
ρ(t) = (0.8 − 0.4)e−2t + 0.4, L2 = 2.5, and L3 = 320.
As presented in Table IV and Fig. 13, the proposed
ESOAPPC algorithm ensures that the tracking error does
not exceed the PPF bound and satisfactory tracking per-
formance is achieved. Nevertheless, large transient and
steady-state tracking errors are obtained by the other
three controllers. The system states are demonstrated in
Fig. 14. They are smooth and bounded. Experimental
results prove that the proposed control method is effective
under PPC and full-state constraints.

Fig. 12. System states x1, x2, and x3.

TABLE IV
THREE CONTROL PERFORMANCE INDICES OF FOUR CONTROLLERS

Fig. 13. Tracking errors e(t) and PPF bound.

4) Case 4: A saw-tooth signal with a larger period is given to
test the control performance. The PPF is set as ρ(t) = (1
− 0.5)e−2t + 0.5, L2 = 3, and L3 = 360. Table V and
Figs. 15 and16 present the experimental results. From
Table V and Fig. 15, one can see that only the proposed
ESOAPPC can guarantee the tracking error to meet the
prescribed performance demand. Furthermore, owing to
the combination of ESO and adaptive control, the best
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Fig. 14. System states x1, x2, and x3.

TABLE V
THREE CONTROL PERFORMANCE INDICES OF FOUR CONTROLLERS

Fig. 15. Tracking errors e(t) and PPF bound.

tracking performance is also achieved by the ESOAPPC.
As shown in Fig. 16, the system states are also smooth
and bounded.

5) Case 5: To detect the antidisturbance ability of
the controller, an external disturbance f = −4x1
is added to the system. A smooth trajectory
x1d = 40 arctan(sin(πt))/0.7854 mm is given to testify
the ability and applicability of the proposed controller.
The parameters of the PPF and BLF take the same

Fig. 16. System states x1, x2, and x3.

Fig. 17. Tracking errors e(t) and PPF bound.

Fig. 18. Tracking errors e(t) and PPF bound.

values as the corresponding parameters in case 1. The
tracking errors without and with disturbance are depicted
in Fig. 17. One may find that satisfactory tracking
performance is also achieved.
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6) Case 6: Similar to the previous case, an external distur-
bance f=−4x1 is added into the system. A low frequency
saw-tooth signal with an amplitude of 40 mm and a period
of 2 s is given. The parameters of the PPF and BLF are the
same as those of Case 3. Fig. 18 depicts tracking errors
without and with disturbance. It can be observed from
Fig. 18 that all the tracking errors are retained within PPF
bounds. Therefore, the control strategy is effective for
uncertainties.

V. CONCLUSION

This article presents an adaptive prescribed performance con-
troller to keep the tracking errors and all states of hydraulic
systems within predetermined ranges. The ESOs for estimating
the disturbance and an adaptive law for estimating the unknown
parameters are integrated to deal with the uncertainties of the
system. Then the estimated uncertainties are brought into the
controller. The transient behavior of tracking error and state
errors within the expected boundary is assured by synthesizing
the PPF and BLF. An adaptive prescribed performance controller
with uncertainty compensation is performed to stabilize the
closed-loop system. Finally, the control performance of the
proposed controller is proved by numerous experimental results.
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