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Abstract: Backfilling mining is thought to play a significant role in controlling the deformation of
coal and rock strata and the distribution of underground pressure. This study presents a numerical
investigation of the influence of the strength of backfilling materials (BMS) on the deformation of
coal and rock strata consisting of multiple goaf during excavation using the backfill mining method.
In this study, a numerical three-dimensional fast Lagrangian analysis of continua (FLAC 3D) model
was constructed to explore the relationship among the BMS, the displacement of coal and rock strata,
and the distribution of underground pressure based on the geological conditions of a mining panel
of the Hengda coal mine in the City of Fuxin, China. The numerical results suggest that as the
BMS increase, the supporting ability of backfilling materials in goaf becomes stronger. At the same
time, when the displacement of coal and rock strata decrease, the pressure on the surrounding rocks
decreases and the pressure on the overlying stratum increases. However, the effect of BMS on the
coal and rock strata has a limit. When the BMS equals and/or exceeds that of coal, the influence is not
obvious. In addition, the displacement and underground pressure in the surrounding goaf are also
affected, but in a relatively gentle way. Moreover, during the process of mining, as the BMS increases,
the scope and arch area of the underground pressure in front of working face decrease instead.
The higher the BMS is, the more stable the main key stratum is. The ability to resist compressional
deformation of backfilling materials plays an important role in controlling the displacement of roof
and relieving the underground pressure on the overlying stratum. Thereby, the roof stability in front
of the working face is helpful for safety in the production of coal mines.

Keywords: strength of backfilling materials (BMS); underground pressure; numerical modelling;
mining impact; rock stratum movement

1. Introduction

Roof collapse accidents have been a major safety concern in underground coal mines in China
for more than 50 years. A roof collapse accident refers to the natural collapse of upper coal and rock
strata, breaking the original energy balance in underground mining [1]. It can cause fatalities, injuries,
and significant economic loss for coal mining industries. Roof collapse accidents occur more frequently
in goaf of coal mines, where they are not backfilled or are backfilled with materials having insufficient
strength. Therefore, studying the strength of backfilling materials (BMS) is important to ensure coal
mine safety and productivity.

As a supporting structure, backfilling materials bear most of the load from the overburden stratum
of goaf. It can change the stress state of the surrounding rock of stope, and reduce the collapse of
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surrounding rocks and the development of fracture zones. In backfilling mining, the primary objective
is to design the BMS, and thus to control the stability of surface subsidence and mine seams and to
prevent damage of the surface or near-surface features (e.g., buildings, railways, highways, rivers,
pipelines, etc.) [2,3]. Numerous studies have been conducted to obtain comprehensive understanding
in the proper design of backfilling mining technology. The design of backfilling mining must consider
the BMS, the activity features of the overlying stratum in the backfilling and mining field, and the
theory of mine pressure control [4,5]. Miao et al. developed a comprehensive mechanized filling coal
mining technology which could control the movement of rock stratum and surface subsidence by
controlling the backfill rate in goaf [6–9]. Based on the systematic study of the compaction of waste
rock backfilling materials and time correlation, Zhang et al. [10–16] presented an equivalent height
model for analyzing the law of mining pressure by filling the goaf with waste rocks. He also obtained
the supporting strength in fully mechanized mining and the correction coefficient of filling mining
with traditional fully mechanized support strength. By means of analogue and numerical simulations,
Chang et al. analyzed the deformation of roof stratum and the distribution of underground pressure
during filling mining [17,18]. Liu et al. studied the influence of the compressional ratio of backfilling
materials on the activity features of overlying key stratum. Their results suggest that the greater the
compressional rate is, the longer the period required for stability of the rock stratum is, and the more
active the range and activity of the rock stratum are, which is not conducive to controlling the stability
of the rock stratum [19–21].

The ability to resist the compressional deformation of backfilling materials is directly related to the
movement and subsidence of coal and rock strata. To investigate the factors affecting the BMS, Huang
et al. tested the strength of waste rocks, and the results showed that BMS directly affected the backfill
rate of goaf [22–24]. When the backfill rate increases, the movement of overlying stratum decreases
and the underground pressure increases. However, in these studies, they did not give a detailed
investigation or provide conclusions as to how the BMS affects the movement of overlying stratum
and the distribution of underground pressure.

Both empirical and theoretical methods have been applied to explore the relationship between the
BMS, the deformation of surrounding rock, the distribution of underground pressure, and the stability
of coal and rock strata [25–28]. However, the influence of the BMS on the deformation of coal and rock
strata and the evolutionary law of underground pressure remains largely unexplored in the literature.
Therefore, in this study, a three-dimensional fast Lagrangian analysis of continua (FLAC 3D) model
was built to understand the effect of the BMS on the distribution of underground pressure and the
deformation of coal and rock strata according to the geological conditions of the Hengda coal mine in
the City of Fuxin, China.

2. Numerical Model and Governing Equations

2.1. Geological Summary of Hengda Coal Mine

Hengda coal mine has a danger of rock burst. It is located in Fuxin City, China (Figure 1). There
is a stratum of sandstone pseudo-top above the roof of the 5366 working face, with a thickness of
0.1–0.5 m. Above it, the main roof is about 17–38 m thick and made of siltstone, ash, and coal. The 5330
and 5332 goafs are located to the north of the 5366 working face. The 4301, 4302, and 4303 goaf areas
are above the working face, with a vertical distance about 28–46 m. The surface area of the working
face is 360 m × 120 m. The average thickness of the coal seam is 10 m. The working face is inclined
mining, with a 4◦ inclination [29].

It is crucial to properly assess the properties of surrounding rock to obtain accurate parameters
for numerical modeling. Therefore, the physical and mechanical properties of each geological unit
must be determined. In general, the properties of surrounding rocks can be determined by laboratory
test. The samples described above were obtained from exploration drilling, and rock blocks were taken
directly from the Hengda coal mine. According to the available literature, the uniaxial compressive
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strength, Young’s modulus, Poisson’s ratio, cohesion, and friction angle of coal and rock are needed
for modelling the mechanical state of the coal and rock strata in this study. Uniaxial compression tests
were carried out to determine the uniaxial compressive strength, Young’s modulus, and Poisson’s ratio.
The cohesion and friction angle of the surrounding rocks were obtained by triaxial compression tests.
Based on the results of these tests, the panel stratigraphy and other important geotechnical parameters
of the coal seam, roof, and floor strata are shown in Figure 2.

Figure 1. Geological information of Hengda coal mine. (a) Location of Hengda coal mine; (b) Geological
boundary of Hengda coal mine; (c) Simplified layout of 5366 working face.
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Figure 2. Simplified panel stratigraphy and geotechnical parameters of the seam, roof, and floor strata.

2.2. Numerical Model and Method

In this study, FLAC 3D was used to construct a model for simulating the distribution of
underground pressure and the deformation of rock stratum on the basis of the geological conditions of
the Hengda coal mine. The numerical model was set to 800 m × 500 m × 260 m, the dip angle of strata
was set to 4◦.

In the model, the 5366 working face was chosen as the study area. The model’s parameters,
roadway layout, and working faces are shown in Figure 3. The length of the 5366 working face is 390 m
and the width is 120 m. The thickness of the coal seam was set to 3 m and the burial depth was set to
147 m for the numerical model. According to the actual situation of the Hengda coal mine, 5 goafs
were arranged. The width of the coal pillar between the goafs was 20 m. To obtain the distribution of
the underground pressure in the panel, boundary conditions were established for the numerical model.
The horizontal displacement of the four vertical walls of the model were constrained in the normal
direction, and the vertical displacement at the base of the model was set to zero. At the top of the
model, a vertical load of (P = γ·h) 23 MPa was applied to simulate the overburden weight, which was
equal to the equivalent gravity of the above coal and rock strata. Based on extensive data of crustal
stress collected from the Hengda coal mine, both stress coefficients in x- and y-directions (horizontal
plane) were set to 1.0. The elastoplastic Mohr–Coulomb model with no associated flow rules was
chosen as the failure criterion for modelling the coal, roof, and floor strata. The mechanical parameters
used in this simulation are shown in Figure 2.   
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Figure 3. Sketch of the three-dimensional fast Lagrangian analysis of continua (FLAC 3D) mesh for
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2.3. The Execution of FLAC 3D Governing Equations

When the Mohr–Coulomb model runs in FLAC 3D [30,31], first the stress increment calculated
by Hooke's law is superimposed on the original stress (σI

ij), and the principal stress can be calculated.
If the principal stress reaches the failure criterion, shear failure and/or tensile failure will occur in the
model, as shown in Figure 4 [30]. Flow laws are calculated corresponding to different forms of failure,
and the σN

ij is obtained as shown in Figure 5 [30]. If the stress point (σI
1 , σI

3) in the (σ1, σ3) plane lands
on the envelope inside, then it shows that there is no plastic flow in this step, and the new principal
stress is σI

i , I = 1,3.
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3. Analysis of Numerical Simulation Results

3.1. Movement Laws of Coal and Rock Strata

The BMS is directly related to the controlling effect of the movement of coal and rock strata and
the subsidence of the land surface. In order to study the influence of the BMS on the movement of
coal and rock strata, the coal seam was mined for 390 m, with the assumption that the filling process
finished immediately after the excavation. The initial filling height was set to 100%. The BMS was set
to 0.05, 0.1, 0.2, 0.3, 0.5, 1, 1.5, and 2 times the strength of coal, respectively. The displacement of strata
and the underground pressure over the process of excavation was analyzed.

After reaching the convergence of the model, the processes of excavation and backfilling were
sequentially simulated. Each mining stage was excavated for 10 m. After the excavation of the coal
seam, the required time for deformation and stress release was ignored. The processes of filling
materials finished, and the filling length was 5 m. The backfilling materials were supposed to reach the
designed strength instantly. According to the observation line installed in the model, the displacement
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of overlying coal, rock, coal pillar, and surrounding goaf was studied. In light of the monitoring data,
the displacement of different points employing the different BMS were drawn, which is shown in
Figure 6 and Appendix A Figures A1–A3.
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As shown in Figure 6 and Appendix A Figures A1–A3, the displacement of coal and rock strata
after mining presented a certain rule, showing that the subsidence slowly increased at first, reached
the maximum subsidence value, and decreased slowly in the end. The maximum subsidence of the
overlying strata occurred in the middle of the goaf. The range, reaching the maximum subsidence,
was within the 50–200 m away from the open-off cut. Then, the displacements at different positions
were compared. For the displacements observed at the coal mining face, the coal pillar, and the
overlying strata, the maximum displacements were 43.86 mm, 98.02 mm, 268.81 mm, and 55.42 mm,
respectively; the minimum displacements were 14.39 mm, 41.79 mm, and 168.61 mm, respectively;
and the displacement change percentages were 67.18%, 57.37%, and 37.27%.

In addition, the analysis of different positions was carried out one-by-one. The results showed
that the displacement of coal and rock strata increased periodically and decreased after the backfilling
process. With the increase of the BMS, the increase speed and the increase rate of displacement
also showed a decreasing tendency. At the same time, it was found that backfilling mining had an
influence on the movement of the overlying coal and rock strata in front of the working face, and the
range of influence was about 100 m in front of working face, the fluctuation within this range was
5–40 m. The stronger the anti-deformability was, the smaller the displacement and affected areas were.
The displacement in the overlying stratum reached 266.81 mm, 249.69 mm, 229.17 mm, 216.49 mm,
200.81 mm, 182.28 mm, 173.70 mm, and 168.61 mm when the BMS was set to 0.05, 0.1, 0.2, 0.3, 0.5,
1.0, 1.5, and 2.0, respectively. The biggest changing rate for the displacement gradually reduced from
20.52 mm to 5.08 mm. When the BMS was more than 1 times the strength of coal, the displacement
of overlying coal and rock strata was close to 0. From the perspective of surrounding rock and pillar,
after the mining, the displacement reached an equilibrium state. The closer the position of the distance
to the open-off cut was, the greater the change of the displacement was. Meanwhile, with the increase
of the BMS, the change value of the vertical displacement decreased, and the time required for stability
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shortened. In addition, surrounding goafs are also affected to varying degrees. The closer the mining
coal seam was, the more obvious the displacement of the surrounding goaf changes. At the same
time, the displacement of the surrounding goaf decreased with the increase of the BMS. However, this
change in displacement was only about 50% compared to that at the coal mining face.

In the process of advancing the working face, the displacement increased. However, the changing
process of the overall displacement of the working face was relatively slow. In the range of 100–200 m
away from the working face, the vertical displacement of each point reached the maximum. According
to the observed curves when using the different BMSs, the subsidence of the working face and the
surrounding rocks decreased with the increase of the BMS. When the BMS was low (about 0.5 times),
the displacement increased at each point and the maximum value was up to 140 mm. When the
BMS increased (about 1 times), the vertical displacement increased, only about 40 mm. With further
increases of the BMS, the vertical displacement did not show obvious change. However, the changes
in displacement in the surrounding goaf were less dramatic. With the advancement of the working
surface, the displacement gradually increased. When the working face was pushed to the boundary of
the goaf, the displacement surged. As the working surface continued to advance, the goaf gradually
reached a balance in the displacement.

3.2. Analysis of Underground Pressure

Underground pressure is a key factor in controlling the change of vertical displacement. Therefore,
to further study the influence of the BMS on the underground pressure during the mining process,
the coal seam was mined for 390 m, with the assumption that the filling process finished immediately
after the excavation. The initial filling height was set to 100%. The BMS was set to 0.05, 0.1, 0.2, 0.3, 0.5,
1, 1.5, and 2 times the strength of coal, respectively. According to the simulation results, the vertical
stress when using the different BMSs are shown in Figure 7 and Appendix A Figures A4–A6.
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From Figure 7 and Appendix A Figures A4–A6, by analyzing the underground pressure changes
in the roadway of coal and rock after mining, the underground pressure of the whole mining face
displayed a zigzag style, meaning that the pressure of the roadway presented a periodically increasing
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and decreasing trend. The maximum underground pressures were all observed in the middle of the
goaf. The stress peak was within the range of 50–150 m from the distance away from the open-off cut.
Comparing the distribution of the underground pressure at different locations, it was found that the
maximum pressure of the coal seam, the coal pillar, and the overlying strata using the different BMSs
was about 28.05 MPa, 56.29 MPa, and 46.02 MPa, respectively. The minimum underground pressure
was 2.67 MPa, 28.54 MPa, and 3.99 MPa. The pressure in the goaf was generally stable, but there
was some stress concentration. As the BMS increase continued, the peak and influence range of the
stress of the top plate in front of the working face gradually decreased. However, when exceeding a
certain range, the change of the underground pressure was not obvious. The underground pressure
of the overlying stratum reached 3.71 MPa, 6.33 MPa, 10.14 MPa, 12.81 MPa, 16.44 MPa, 21.40 MPa,
24.15 MPa, and 26.04 MPa when the BMS was set to 0.05, 0.1, 0.2, 0.3, 0.5, 1.0, 1.5, and 2.0, respectively.
The variation in the underground pressure also decreased from 4.96 MPa to 1.89 MPa. When the BMS
was more than 1 times the strength of coal, the pressure changes were not obvious. Regarding the
pressure in the surrounding rock pillar, the curve of the pressure presented an arch trending style;
that is, it gradually increased and then decreased. At the same time, as the BMS increased, the pressure
in the surrounding rocks also decreased, and the arch area of underground pressure decreased ( 3©– 5©
in Figure 7). Besides, to varying degrees, the surrounding goaf was also affected. The closer the coal
seam was, the more obvious were the underground pressure changes in the surrounding goaf. At the
same time, with the increase of the BMS, the underground pressure in the surrounding goaf decreased.

With the advancement of the filling working face, the stress concentration area in front of the
working face and the stress reduced area of the arch behind the working face also moved forward.
However, the scope and peak value of the stress concentration in front of the working face were small.
The width and height of the stress reduced area of the arch behind the working surface continuously
increased, but the range decreased as the BMS increased. The underground pressure rose at a relatively
gentle rate. In the surrounding mined area, the change in the underground pressure was not as
significant, but the general law was consistent with that at the working face. With the advancement of
the working face, the underground pressure in the surrounding goaf gradually increased. When the
working face advanced to the boundary of the goaf, there was a sharp increase in the underground
pressure. As the working face continued to advance, the goaf gradually reached a state of equilibrium
with a decline and stabilization in the underground pressure.

4. Discussion

4.1. Beam Theory of Elastic Foundation

According to the results, during the process of mining, the change law of the displacement using
the different BMSs was summarized. To study the relationship between the BMS and the deformation
of coal and rock strata in the process of mining, 1 times strength of coal was chosen as a research object.
The measurement points were arranged in the working face to monitor the displacement during the
backfilling process. The displacement curve and the corresponding images are shown in Figure 8.
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Figure 8. The change law of the displacement over the process of backfilling mining. Figure 8. The change law of the displacement over the process of backfilling mining.

From Figure 8, in the process of mining and backfilling, the displacement of the overlying stratum
first increased, reached the peak value gradually, then decreased and eventually remained stable.
There was no sharp increase in this period, and the growing rate was relatively slow. This was due
to the support of the backfilling materials to the overlying stratum, which effectively controlled the
collapse of the overlying stratum. The reason for the curve over 300 m (DE stage in Figure 8) might be
the continuous increase of the working face length, which resulted in the increase of the underground
pressure on the backfilling materials. When it was beyond the BMS, the backfilling area was destroyed
and fractures again appeared in the overlying stratum. This indicates that the BMS has an important
influence in controlling the deformation of the coal and rock strata. To analyze the supporting effect of
the backfilling materials to the roof, a mechanical model based on the Winkler elastic foundation beam
with roof was established, as shown in Figure 9 [32–34].
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According to the principle of waste rocks backfilling and the structures of the roof stratum, coal
wall, and working face after backfilling, it is reasonable to assume that the backfilling materials of the
model were fully connected to the roof of the coal seam [35–39]. The bearing capacity of the roof of the
overlying stratum is q. The differential equation of the Winkler elastic foundation rock beam on the
unit width is obtained as follows:

EI
d4w
dx4 + kw = qx, y (1)

where EI is the flexural stiffness of rock beam, q is the uniformly distributed load, K is the coefficient of
filling foundation, W is the rock beam deflection.
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Based on the mechanical properties of the materials, there were the following differential relations
between the angle M of any point of the beam, the bending moment and the shear q, and the
deflection w:

θx = dw
dx

Mx = −EI d4w
dx2

Qx = −EI d3w
dx3

(2)

combining the following boundary conditions:

w∞ = q
k

w|x=0 = 0

θ|x=0 = 0

(3)

The deflection equation can be obtained as follows:

w =
q
k

[
1− e−λx(cosλx + sinλx)

]
(4)

from Equation (4), it can be seen that when the plate stiffness EI is constant, the greater the K is,
the greater the λ is. That is, the top slate beam reaches the maximum deflection at the point closest to
the coal wall. The final deflection value of the roof beam is also changed. In addition, the greater the
BMS and the greater the K value are, the smaller the deflection of the top slate beam is.

4.2. The Effect of the Elastic Core of Backfilling Materials

Previous studies have shown that the deformation of coal and rock strata is related to the uneven
distribution of underground pressure in coal mines [40–42]. To further study the displacement changes
of overlying stratum, it is necessary to analyze and study the change law of underground pressure
during the mining process. In this study, we took the BMS as 1 times the strength of coal as a research
object, and chose the initial mining area as the monitoring area. The stress variation curve and the
corresponding cloud chart of stress distribution are shown in Figure 10.
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It can be obtained that the underground pressure on the coal pillar was larger than that around
the working face. The pressure on the overburden strata fluctuated periodically after backfilling.
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The reason for the cyclical changes in the distribution of stress was probably due to the interaction time
between the backfilling materials and the roof, and the backfilling range of the working face. At the
beginning of backfilling mining, the backfilling materials were compressed, and they were unable to
bear too much pressure. Therefore, most of the stress would be transformed to the surrounding rocks
and coal pillars. As the backfilling process continued, the backfilling materials were subjected to some
pressure. As the time of compression was different, there was no backfilling in the range of open-off
cut about 5 m in the goaf. The distribution of the underground pressure was uneven and periodic
fluctuation appeared. Moreover, the closer the distance from the open-off cut was, the smaller was the
underground pressure. This indicates that the backfilling materials effectively bore most of the load of
the overlying strata, which greatly limited the subsidence of the roof and relieved the appearance of
the underground pressure.

After backfilling, the supporting pressure on the backfilling materials increased with the
advancement of the working face. During the process, the law of change can be divided into three
stages: initial stress region, stress increase region, and stable stress region. The extent of these three
stages decreased with increasing BMS for the goaf. That is, the higher BMS in the goaf is, the shorter the
stress stability period of backfilling materials is. In the initial stress region, the stress of the backfilling
materials changed, but there was no phenomenon showing an increase in the underground pressure,
indicating that the settlement of the roof in the initial stress area after backfilling was small. In the
stress increase region, the stress in the backfilling materials gradually increased with a relatively slow
rate, indicating that the roof of the goaf was gradually bent down and the backfilling materials were
gradually compacted. The overall bending and subsidence of the overlying strata became stabilized
under the support of the backfilling materials, and the pressure on the backfilling materials reached
the maximum value, which was close to the initial rock stress.

4.3. Effect of the Strength of the Backfilling Materials on Roof Caving

In order to further analyze the controlling effect when using the different BMSs on the movement
of coal and rock strata during the process of backfill mining, the displacement cloud charts were
compared and analyzed, as shown in Figure 11.
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Combined with the deformational characteristics of the overburden rock (Figure 10), when
the BMS was low ( 1©– 3© in Figure 10), the backfilling materials did not play a supporting role.
The immediate roof collapse with advancing the working face further resulted in the main roof caving,
eventually leading to the main key stratum break, and collapse. With the increase of the BMS ( 4©– 5© in
Figure 10), although the overburden roof still collapses, the backfilling materials could play a significant
role in supporting the overburden roof. The key stratum bent and sunk, but no breakage was observed.
When the BMS reached a certain limit ( 6©– 8© in Figure 10), the main materials filled could bear the
overburden load in the goaf, limiting the subsidence and break of the immediate roof and main roof.
Some local cracks were observed. This indicates that the backfilling materials effectively controlled the
movement and deformation of the overlying strata and greatly reduced the underground pressure in
the working face.

5. Conclusions

In this paper, backfilling mining with multiple goafs was simulated, and the influence of using
different BMSs on the deformation of overlying rock and coal strata were analyzed. Some main
conclusions can be summarized as follows:

(1) The overburden rock movement was simulated during backfilling mining with FLAC 3D. At first,
the BMS effectively improved the backfilling effects. Then, it was concluded that when the BMS
was less than 0.5, breakages occurred in the main key stratum. When the BMS was 0.5 times
the strength of coal, the roof caved and broke, without collapse. When the BMS was 1.0 times
the strength of coal, the main roof working face and above overburden existed only continuous
bending deformation without failure. Next, the displacement in front of the working face was
also affected. With the increase of the BMS, the roof displacement of the working face decreased,
the affected area shrank, and the roof of the coal seam was more stable. Finally, as the BMS
increased, the findings show that the surrounding goaf was also influenced.

(2) The BMS had a significant influence on the peak value and the influence range of the advance
support stress, the arch area of the stress reduction in the overburden strata, and the stress stability
period of the filling materials. As the BMS increased, the pressure on the surrounding rocks
decreased and the pressure on the overlying stratum increased. On the other hand, with increasing
BMS, the influence range and arch area of the underground pressure in front of the working
face decreased. The higher the BMS was, the overburden strata could bear more underground
pressure. Additionally, the shorter the time needed for the underground pressure to reach stability,
the longer the time required for reaching the steady state of the coal mine.

(3) The underground pressure and the displacement of the coal and rock strata affected each other.
The increase of the underground pressure led to crack growth and resulted in collapses on the
roof of the overlying stratum. In return, the change of the displacement made the underground
pressure redistribute and achieved a new balance. Improving the BMS can maintain the stability
of the underground pressure and prevent roof collapse and other accidents, and thus could
provide a safe environment for backfilling mining.
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