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Abstract: We investigate the relative roles of the involved interactions and micro-phase morphology
in the formation of the conductive filler network in an insulating diblock copolymer (DBC) system. By
incorporating the filler immersion energy obtained by means of the phase-field model of the DBC into
the Monte Carlo simulation of the filler system, we determined the equilibrium distribution of fillers
in the DBC that assumes the lamellar or cylindrical (hexagonal) morphology. Furthermore, we used
the resistor network model to calculate the conductivity of the simulated filler system. The obtained
results essentially depend on the complicated interplay of the following three factors: (i) Geometry of
the DBC micro-phase, in which fillers are preferentially localized; (ii) difference between the affinities
of fillers for dissimilar copolymer blocks; (iii) interaction between fillers. The localization of fillers in
the cylindrical DBC micro-phase has been found to most effectively promote the conductivity of the
composite. The effect of the repulsive and attractive interactions between fillers on the conductivity
of the filled DBC has been studied in detail. It is quantitatively demonstrated that this effect has
different significance in the cases when the fillers are preferentially localized in the majority and
minority micro-phases of the cylindrical DBC morphology.
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1. Introduction

The possibility to control the preferential localization of fillers by changing the mor-
phology of the host diblock copolymer system (DBC), well known from experiment [1–3]
and theory [4–9], opens a wide perspective to the design of smart DBC-based compos-
ites. In contrast to chemically homogeneous polymer systems, the DBC can be used to
“lock” fillers to their geometrically well-defined micro-phase domains, thus changing the
properties of this system locally. One not yet properly explored application area of the
unique properties of the filled DBC is the use of the described DBC morphology-controlled
organization of fillers to direct the electrical response of DBC-based composites. This way
of tailoring the electrical properties of soft composite materials can provide a superior
alternative to the use of less convenient mechanical external stimuli [10–13] or shear [14].
Unlike these technically complicated methods, the desirable localization of fillers in the
DBC can be achieved by directing the filler system obliquely, by external-stimuli-driven
alteration of the morphology of a host DBC system.

In order to make the described prospect possible, one needs to have detailed quanti-
tative understanding of which specific factors can be used most effectively, and in which
combination, to precisely control the localization of fillers in the DBC. One important
factor that determines the localization of fillers in a host DBC system, well known [1,15]
experimentally, is the morphology of this system. Even so, it is qualitatively clear that
the same DBC morphology can have varying effects on the filler localization. This effect
depends, in particular, on the relative affinity of fillers for dissimilar copolymer blocks and
the interaction between fillers. Previously, we have separately studied these two effects
on the formation of the conductive filler network in the simplest lamellar morphology of
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the DBC [16,17]. In the present work, we essentially extend this study by investigating
the complicated interplay between the effects caused by the filler–filler and filler–polymer
interactions in a filled DBC system. We concentrate on the case of the cylindrical (hexago-
nal) morphology of the DBC as a host polymer matrix for conductive fillers. Note that this
morphology can be experimentally realized both in a bulk DBC phase [18–23] and in thin
DBC films [24]. It is also known [15] experimentally that the cylindrical morphology of the
DBC can be maintained for relatively high nano-particle loads. The cylindrical morphology
of the DBC, therefore, can be used as a reliable host polymer matrix that facilitates the
formation of the conductive filler network. Moreover, by applying the developed approach,
we quantitatively demonstrate that this morphology is a more promising candidate for
using in the described electrical applications than its lamellar counterpart. In particular, we
look into the relative roles of the filler–filler interactions and filler affinities for dissimilar
copolymer blocks in promoting or suppressing the conductivity of the filler network formed
in the cylindrical DBC morphology. One of the main objectives of this study is to prove
that the effects caused by these interactions can be used as convenient tools to control the
conductivity of the DBC-based composites.

In the part regarding the determination of the preferential localization of fillers in
the DBC, the present approach relies on the continuum phase field model of the micro-
phase-separated DBC coupled with the Monte Carlo (MC) simulation of the immersed
filler system. Looking from the angle of the application to the performed conductivity
calculation, the proposed model formulation has a number of advantages relative to the
previous theories of filled polymer systems. In particular, our approach avoids using the
continuum field approximation that relies on the thermodynamic average of the filler posi-
tions in the DBC, which is adopted in the Density Functional-Self-Consistent Field Theory
(DFT-SCFT) [4,25]. We also do not use any artificial models for hard fillers, e.g., somewhat
artificial “tagged function” representation of fillers adopted in [26]. Although being un-
doubtedly useful for the evaluation of the compositional structure of filled DBC systems,
the above approaches are not suitable for the conductivity calculation performed in the
present work. Our approach describes realistic finite-size fillers, thus making it possible to
consistently calculate, based on the rigorous phase-field model, the energy of immersion
of these fillers in the DBC. This feature is of key importance for the consistent formula-
tion of the developed resistor network model used for the conductivity calculation in the
present work.

Yet another superior feature of the developed approach is its ability to properly de-
scribe the effect of the volume excluded by the fillers to copolymers, overlooked in the
above previous work. As is demonstrated in our present and previous work in [16,17], this
osmotic effect, along with the interaction between fillers, is critical for predicting the local-
ization of fillers in the DBC. In particular, the mentioned excluded volume effect explains
the interfacial localization of neutral fillers observed in experiments [1]. Finally, the present
phase-field-based approach circumvents significant technical limitations of the conceptually
close, but more elaborate hybrid method [6]. Let us recall, this conceptually perspective
method relies on performing the full SCFT calculation for the DBC system at every time
step of the Brownian dynamic simulation for fillers immersed in this system. An increased
computational demand, imposed by the described cumbersome computational procedure,
can not only limit [27] the numerical accuracy of these calculations, but also impose limita-
tions on the size of the simulated DBC system and number of fillers necessary for a quality
conductivity calculation. Being more coarse-grained, the present method makes it possible
to consider a whole variety of the compositions, morphologies and sizes of DBC–particle
composites, while providing a sufficient accuracy at relatively low computational demand.

This paper is organized as follows. In Section 2.1, we use the phase-field model to
derive the immersion energy of a spherical filler immersed in the micro-phase-separated
DBC system. Section 2.2 is devoted to the prediction of the preferential localization of fillers
in the micro-phases of the DBC for a given set of parameters that describe these fillers and
DBC system. The obtained results are used in Section 2.3 to calculate the conductivity of a
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filled DBC system. In Section 3, we analyze the obtained simulation results and deduce the
main factors affecting the conductivity of the composite. Section 4 details the conclusions
and outlook.

2. Theory
2.1. Immersion Energy of a Filler in an Incompressible DBC System

Following our previous work in [9,16,17], we describe the compositional structure of
the DBC system by a singe order parameter η. η varies between two limiting values 1 and
−1 that correspond to the pure polymer phases A and B, respectively. The thermodynamic
state of this system is described by the grand potential Ω, which is written as a functional
of η, and reduced external fields ϕA,B = β(µA,B − wA,B). Here, µA (µB) is the per-monomer
chemical potential of block A (B) and wA (wB) is the external potential that acts on the
monomers comprising this block. As is shown in what follows, the introduced external
potentials wA and wB can be used to describe the effect of fillers on the thermodynamic
state of a DBC system. Grand potential Ω can be written in terms of the introduced
coordinate(⃗r)-dependent fields ϕA,B (⃗r) and η(⃗r), as follows:

βΩ = −
ρR2

G
16N f (1 − f )

∫ [
η(⃗r)∇2η(⃗r) + ξ−2η(⃗r)2

(
1 − η(⃗r)2

2

)
− (1)

λ

4πξ4 (η(⃗r) + ∆ f )
∫

|⃗r − r⃗1|−1(η(⃗r1) + ∆ f )d3r1

]
d3r − ρ

2

∫
η(⃗r)(ϕA − ϕB)d3r.

Here, β = (kT)−1 is the reciprocal temperature, k is the Boltzmann constant, T is
the absolute temperature, N is the polymerization degree of copolymers, f is the di-
block composition parameter, so that N f and N(1 − f ) are the fractions of A and B
monomers in each copolymer molecule, respectively, ∆ f = 1 − 2 f is the composition
asymmetry parameter, ρ is the total density of the DBC system, RG is the gyration ra-
dius of copolymers, λ = 3ξ4/R4

G f (1 − f ), α ≡ χN is the segregation parameter, χ is the
Flory–Huggins parameter that describes the interaction between dissimilar copolymer
blocks. The second and third terms in the r.h.s. of Equation (1), which contain correlation
length ξ = RG/

√
4 f (1 − f )α − o/( f (1 − f )), describe the short-ranged and long-ranged

correlations in a DBC system. The short-ranged correlations are described by the first two

terms ∼η2
(

1 − η2

2

)
in the Ginzburg–Landau expansion of the DBC free energy in local

order parameter η. The long-ranged correlations are described by the third integral term
in the r.h.s. of Equation (1), which is proportional to λ. This term has been first derived
by Ohta and Kawasaki in [28] to describe the effect of the connectivity of dissimilar blocks
in a copolymer molecule on its structure factor. Fitting parameter o that enters correlation
length ξ is determined for each DBC morphology by the fitting method described in [28].
For the symmetric case f = 0.5, o has been found to amount to 0.9.

The density structure of a DBC system is described by the Lagrange equation for η
obtained by the minimization of Ω for given values of chemical potentials µA,B that are set
constant throughout the system. This equation reads as

∇2η(⃗r) + ξ−2η(⃗r)
(

1 − η(⃗r)2
)
− (4π)−1ξ−4λ

∫
|⃗r − r⃗1|−1(η(⃗r1) + ∆ f )d3r1+ (2)

4NR−2
G f (1 − f )(ϕA (⃗r)− ϕB (⃗r)) = 0.

In the absence of the last term in its left-hand side (l.h.s.), the above equation describes
the compositional structure of an incompressible DBC system. Note that, for a given
composition f , this structure is fully determined by a single parameter λ. Decreasing λ
below a certain threshold value λT results in the periodic solutions η0 of Equation (2),
which describe the micro-phase-separated DBC system. For instance, in the case of pure
(unfilled) symmetric DBC f = 0.5, λT is known [17] to amount to 0.25. The presence of
external fields wA,B, describing the effect of fillers on the DBC compositional structure,
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changes a simple periodic dependence of η. In this case, the exact solution of Equation (2)
for a many-filler system becomes prohibitively complicated. For the tractability of the
mathematical development, in the present work we resort to the simplified description of
the polymer–filler interactions described below.

In the frameworks of the proposed model, the interaction of fillers with the DBC is
described by the potential of the form

wA,B = −ρ−1ϵA,Bδ(r − R), (3)

where δ(r) is the Dirac delta function, r is the distance to the center of a filler and R is the
filler radius. The coefficient ϵA (ϵB) of the delta function is the adhesion energy per unit area
of copolymer block A (B) at the filler surface. ϵ is experimentally known [29,30] for most of
the practically important polymer–filler pairs. Typically, ϵA,B is of the order of 10–50 mJ/m2.
Physically, Equation (3) defines the potential of the weak adsorption interaction between
fillers and polymers. This potential is assumed to have a range that is much smaller than
the other characteristic lengths in the system (e.g., R and ξ). In addition, it is assumed that
this weak adsorption interaction does not essentially affect the compositional structure of
the incompressible DBC on the scale of correlation length ξ.

The defined polymer–filler interaction potential makes it possible to derive an ex-
plicit expression for the excess grand potential δΩ, caused by the presence of fillers. δΩ
quantifies the minimal work required to reversibly immerse a filler into the DBC system
at thermodynamic equilibrium. By its definition, δΩ can be obtained as the difference
between the grand potential Ω[η(⃗r)] with non-zero potentials wA,B and its potential-free
counterpart Ω[η0 (⃗r)]. By making use of Equation (2) and the expressions for potentials
wA,B given by Equation (3), one finds

βδΩ = −R2βϵ

4

∫
η0 (⃗r + Rn⃗)d⃗n +

ρR2
G

32N f (1 − f )ξ2

∫
VR

η0 (⃗r)4d3r, (4)

where n⃗ is the unit vector directed from the center of the filler to its surface point, ϵ = ϵA − ϵB
quantifies the difference between the reduced enthalpies of the adsorption interactions
between the fillers and the dissimilar copolymer blocks. Hereafter, ϵ is termed “affinity
contrast”. The integration in the second term in the r.h.s. of Equation (4) is over the volume
VR of a filler. This term, therefore, describes the excluded volume (osmotic) effect of fillers
on the thermodynamic state of the DBC. The described osmotic effect stems from the fact
that the copolymers are expelled from the space occupied by fillers. This effect promotes
the localization of fillers at the interfaces between the DBC micro-phases, where these
fillers screen the unfavorable contacts among dissimilar copolymer blocks. The first term
in the r.h.s. of Equation (4), containing the integral over the surface of a filler, describes the
adsorption interactions between the fillers and polymers. This term, therefore, favors the
localization of fillers in the polymer phase that has a larger affinity for them. Relative sig-
nificance of the described excluded volume and surface terms determines the preferential
localization of fillers in a DBC system.

2.2. Localization of Fillers in Spatially Non-Uniform DBC

According to the Widom theorem [31], the probability to find a filler in a given location
of a spatially non-uniform DBC system is proportional to exp(−βδΩ), where δΩ is the
minimal work required for the reversible insertion of a filler into this system under given
thermodynamic conditions. For the considered filled DBC system, this work is quantified by
the excess grand potential given by Equation (4). As has been explained in Section 2.1, δΩ
depends on the location of a filler in a spatially non-uniform DBC system. The probability
to find a filler in a given location, therefore, depends on the composition of the DBC in
the vicinity of this location. In addition to the above described factor, the probability of a
given location of a filler in the DBC is affected by the concentration of other fillers near this
location. This effect arises from the interactions between fillers that have been described by
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cumulative pair potential U(⃗r). As is shown in the next section, depending on the sign and
strength of these interactions, the fillers tend to be distributed more diffusively, or, on the
contrary, gather to form dense clusters.

To quantitatively elucidate the effect of the above two factors on the localization of
fillers in a DBC system, we made use of the standard Metropolis algorithm implemented in
the performed lattice Monte Carlo (MC) simulations [32]. Let us recall, this algorithm aims
at determining the equilibrium filler distribution by iteratively selecting the distributions
with the smallest total energy of the filler system. The calculation of the immersion part of
this energy for the distributions of fillers, generated by the MC simulation runs, was per-
formed in two steps. In the first step, we determined the morphological structure of the DBC
by solving Equation (2) for η(⃗r) for the case of pure DBC corresponding to ϕA = ϕB = 0.
This solution has been obtained by the iso-geometric finite element method [33] for selected
values of control parameter λ and fixed DBC composition f = 0.45. This composition value
corresponds to the lamellar or cylindrical morphology of the DBC, depending on the value
of the control parameter λ. Hereafter, λ is termed “segregation”, for the sake of brevity.
The immersion energy of fillers is calculated by the numerical integration of the obtained
solution for η for all the filler distributions generated by MC. Technically, this calculation is
performed by numerically evaluating the integrals in Equation (4). Affinity contrast ϵ in the
pre-factor of the surface integral in this formula is fixed in each simulation set, and it varies
in different sets. This variation mimics the effect of the filler affinity contrast for dissimilar
DBC blocks, which most significantly affects the localization of fillers. This procedure is
described in Section 3 in detail.

The pair interaction between fillers is modeled by position-independent (attractive
or repulsive) potential U that acts between the fillers occupying the nearest-neighboring
sites of the cubic lattice used in the simulations. The period of this lattice is set equal to
the radius of the fillers, which presents a smallest characteristic length in the system. Note
that this setting minimizes the influence of the selected lattice geometry on the simulation
results. The selected positive (repulsive) and negative (attractive) values of U are used in
different simulation sets to elucidate the effect of the inter-filler interaction on the formation
of the filler-conductive clusters in different DBC morphologies.

Overall, the performed simulation procedure is designed for determining the most
probable equilibrium localization of fillers immersed in a DBC system that assumes a given
morphology. Recall that this morphology is fully determined by the control parameters
λ and f . The described localization of fillers in DBC micro-phases has been altered by
changing the affinity contrast ϵ and inter-filler interaction potential U in different simulation
sets. The output of the simulation is given in the form of the spatial coordinates of fillers
corresponding to their equilibrium distribution, obtained after 106 runs of the simulation
in each set. The corresponding conductance of the composite is given along with each
calculated filler distribution (see Section 2.3). The standard [32] 95%-confidence interval ∆E
of the total energy of the filler system, obtained in each set of the simulations, is determined
to monitor the accuracy of the simulation for a given number of runs. The average value of
∆E, obtained for segregation λ = 0.2 and composition f = 0.45, evaluates to 9.0 × 10−3 kT.
This relatively small ∆E corroborates the high accuracy of the performed simulations.

2.3. Effect of Filler Localization on the Electrical Conductivity of a Filled DBC System

The equilibrium distribution of fillers in DBC system, obtained by the MC simulations
described in Section 2.2, is used to calculate the electrical conductivity of this system. We
consider that constant voltage W is imposed across the layer of the composite placed
between the plane electrodes. These electrodes are oriented perpendicular to the axes
of the cylindrical or lamellar DBC micro-phases. The DBC is assumed to be completely
insulating, so the role of this compositionally inhomogeneous polymer matrix reduces to
facilitating the formation of the conductive network of fillers. As is shown in what follows,
at a sufficient volume fractions of fillers, the continuous percolating filler network that
connects the electrodes and conducts the electrical current, is formed. The minimal filler
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volume fraction that is sufficient to provide the described conductive network, depends on
the morphology of the DBC system and the filler affinities for DBC blocks.

The lattice model used for the calculation of the equilibrium distribution of fillers
described in Section 2.2 can be naturally incorporated into the calculation of the composite
conductivity described below. As a basic assumption of the present conductivity model,
we consider that the fillers, occupying neighboring sites of the lattice, form a conductive
bond having fixed conductivity σ. For the purposes of the conductivity calculation, this
lattice can be, therefore, represented as a resistor network. This network is composed of the
conductive bonds formed by neighboring fillers. The conductivity of the described resistor
network has been calculated by making use of the Kirchhoff’s relations written for each
node defined by the lattice coordinates l, i, j. These relations read as

Ul+1
i,j = Ul

i,j + Zl−1
i,j Il+1

i,j ,

Il+1
i,j = Il

i,j + Xl
i,j(U

l
i,j − Ul

i+1,j) + Xl
i−1,j(U

l
i,j − Ul

i−1,j)+

Yl
i,j(U

l
i,j − Ul

i,j+1) + Yl
i,j−1(U

l
i,j − Ul

i,j−1), (5)

where Il
i,j and Ul

i,j are the current and voltage at node (l, i, j). Here, Xl
i,j, Yl

i,j and Zl
i,j denote

the bonds corresponding to the unit vectors of the standard xyz orthogonal Cartesian
system with the origin at l, i, j and the xy plane parallel to the electrodes. Note that Zl

i,j

is normal and Xl
i,j, Yl

i,j are parallel to the electrodes. Each of the Xl
i,j, Yl

i,j and Zl
i,j bonds is

assigned the conductivity σ or 0, depending on the location of fillers in the nodes connected
by this bond. Recall that the location of fillers in given lattice nodes is specific to each
distribution of fillers obtained from the MC simulation runs, as described in Section 2.2.

The iteration relations given by Equation (5) have been solved numerically for each
filler distribution, generated by the MC simulation runs, in the presence of boundary
conditions U0

ij = 0 and UL
ij = W. These conditions fix the constant voltages at the negative

(l = 0) and positive (l = L) electrodes. The obtained solution has been then used to
calculate the conductance S of the composite by applying Ohm’s law S = ∑i,j(IL

i,j − I0
i,j)/W.

The obtained result for conductance S of the composite is proportional to the ele-
mentary conductance σ of the bond formed by neighboring pair of fillers. It is therefore
instructive to measure S relative to the conductance S0 of the lattice fully occupied by
fillers. In the framework of the developed model, the conductance of this lattice cor-
responds to that of a pure filler material known in most practical cases. Note that the
reduced conductance S/S0 does not depend on σ. S/S0 can be thus obtained from the
above described simulations, without any additional model evaluations of σ that can cause
model-specific uncertainties.

3. Results and Discussion

The described simulation procedure makes it possible to thoroughly investigate the
distribution of fillers in the micro-phase separated DBC system, as well as the conduc-
tivity of this system. In all the simulation sets, the radius of fillers is set equal to 10 nm.
The variable control parameters used to alter the distribution of fillers for a given DBC
morphology are the affinity contrast ϵ of fillers for dissimilar copolymer blocks and the in-
teraction energy U between fillers. The DBC morphology, in turn, is altered by changing the
segregation parameter λ. Recall that the second parameter affecting the DBC morphology,
i.e., the DBC composition f , is set equal to 0.45 corresponding to a slightly asymmetric DBC
composition. For this composition, the simulations have shown the lamellar and cylindrical
morphologies of a pure DBC system in the intervals λ ∈ [0, 0.193] and λ ∈ (0.193, 0.238],
respectively. The order–order transition between the lamellar and cylindrical morphologies
were found to occur at λ = 0.193 and the order–disorder transition at λ = 0.238.

Changing the morphology of the host DBC system results in changing the location of
fillers in this system, thus affecting its conductivity. This effect is illustrated in Figure 1. This
figure shows the reduced conductivity calculated by the method described in Section 2.3.
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Each point in this figure illustrates a single simulation set performed for the corresponding
values of filler volume fraction φ and segregation λ. Affinity contrast ϵ and reduced
interaction energy βU between fillers are set equal to 5 mJ/m2 and −1, respectively, for all
the simulation sets shown in Figure 1. The used value of the interaction energy corresponds
to a weak Van der Waals attraction between fillers, which does not significantly affect their
distribution in the DBC. The DBC morphologies were generated by incrementally increasing
λ in the interval [0, 0.24] by keeping f = 0.45 constant. The composites containing four
different volume fractions φ = 0.07, 0.10, 0.15, 0.20 of fillers were modeled in four respective
sequences of the simulation sets.

0 . 0 0 0 . 0 5 0 . 1 0 0 . 1 5 0 . 2 0 0 . 2 5
0 . 0 0

0 . 0 3

0 . 0 6

0 . 0 9

0 . 1 2

0 . 1 5

0 . 1 8
 φ =  0 . 0 7
 φ =  0 . 1 0
 φ =  0 . 1 5
 φ =  0 . 2 0

S/S
0

 λ

l a m e l l a r

h e x a g o n a l

Figure 1. Conductivity of the micro-phase-separated asymmetric DBC system ( f = 0.45) as a function
of segregation parameter λ for selected volume fractions of fillers φ.

As can be seen from Figure 1, the results for all the investigated volume fractions of
fillers show similar trends. At smaller values of segregation λ <∼ 0.1 corresponding to the
strong segregation regime of the DBC, the conductivity of the composite is at its maximum
and it is almost independent of λ. This observation is explained by the fact that, at the
strong segregation, the DBC forms the clear-cut lamellar domains with narrow interfaces
between them. These conditions are most favorable for the localization of fillers in the
selective polymer phase (A) having larger affinity for these fillers. For any given affinity
contrast ϵ and filler fraction φ, the filler concentration in the selective phase saturates at
certain λS ∼ 0.1, specific to each φ and ϵ. This effect results in the maximum conductance
of the composite for λ < λS, specific to each volume fraction of fillers.

With increasing λ above λS, up to the order–order transition point, the segregation of
the micro-phase-separated DBC diminishes. Respectively, the distribution of fillers in the
lamellae becomes more diffuse, as the fillers tend to localize not only in the selective DBC
micro-phases, but also at the interfaces between them. Wider interfaces formed at larger
λ, therefore, promote the depletion of the local density of fillers in the DBC. This effect,
in turn, results in the reduction in the conductivity of the composite.

The most remarkable feature, observed in Figure 1, is the spike in the conductivity that
occurs at λOOT = 0.193 for all the studied volume fractions of fillers. By direct comparison
with the DBC morphologies obtained in the simulations for the corresponding values of
λ, one finds that this spike is associated with the order–order transition (OOT) between
the lamellar and cylindrical micro-phases of DBC. At close values of λ in the vicinity
of the OOT point, the conductivity of the filler network formed in the cylindrical DBC
micro-phase was found to be several times larger than that of its counterpart formed in the
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lamellar micro-phase. The magnitude of the described conductivity jump upon crossing
λOOT only slightly depends on the volume fraction of fillers, being most pronounced at
the moderate filler volume fraction of ∼0.1. This effect is explained by different spatial
organization of fillers in the cylindrical and lamellar micro-phases of the DBC. The fillers
that are trapped in the concise cylinders of the selective A-phase by the adhesion force form
less branched conductive clusters than their counterparts located in the lamellar phase.
These clusters, forming shorter conductive paths, promote the observed larger conductivity
of the composite that assumes the cylindrical morphology.

Since the cylindrical morphology of the DBC is found to be more efficient for the
formation of the filler conductive network, it is instructive to investigate the distribution
of fillers in this morphology in relation to the conductivity of the composite. In the next
simulation round, we have used the cylindrical morphology generated from the solution
of Equation (2) for the fixed value λ = 0.2. Note that this value of λ lies slightly above
the point of the order–order transition from the lamellar to cylindrical DBC morphology.
The three volume fractions φ = 0.1, 0.15 and 0.20 of the fillers are studied. The localization
of the fillers was directed by varying affinity contrast ϵ and inter-filler interaction energy U.
The obtained results are illustrated in Figures 2 and 3.

Figure 2. Dependence of the conductivity of the micro-phase-separated asymmetric DBC system
( f = 0.45) that assumes the cylindrical morphology for different localizations of fillers in DBC
micro-phases. Segregation λ, volume fraction of fillers φ and reduced inter-filler interaction energy
βU are set equal to 0.2, 0.1 and −1.0, respectively. (a) Conductivity as a function of the filler affinity
contrast for dissimilar copolymer blocks ϵ. (b–d) Localization of fillers for selected values of ϵ:
(b) ϵ = −40 mJ/m2, (c) ϵ = −4 mJ/m2, (d) ϵ = 8 mJ/m2. See explanation in the text.
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Figure 3. Conductivity of the micro-phase-separated asymmetric DBC system ( f = 0.45) that assumes
cylindrical morphology as a function of the filler affinity contrast for dissimilar copolymer blocks
ϵ for selected inter-filler interaction energies βU. Segregation λ and volume fraction of fillers φ are
set equal to 0.2 and 0.15, respectively. (a) βU = −5.0. (b) βU = 1.0. (c) βU = 5.0. See explanation in
the text.
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Figure 2 shows the effect of altering the affinity contrast ϵ on the localization of fillers
and the composite conductivity. In the simulation round illustrated by Figure 2, the volume
fraction of the fillers has been set equal to 0.15. The reduced interaction between fillers is
fixed to βU = −1 corresponding to weak (e.g., Van der Waals, depletion) attraction between
fillers. Subplots (b)–(d) in this Figure illustrate the volume fraction of fillers averaged along
the direction perpendicular to the cylinders of the hexagonal phase. Subplot (a) shows the
conductivities of the described filler system for different affinity contrasts ϵ of the fillers for
dissimilar copolymer blocks. The marked points of the scatter in subplot (a) correspond to
the respective filler distributions illustrated in subplots (b)–(d).

Note that affinity contrast ϵ has different signs. The positive values of ϵ correspond to
the larger affinity of the minority cylindrical micro-phase A for the fillers. As should be
expected, for sufficiently large positive ϵ (see subplot (d) in Figure 2), the fillers are mainly
localized within the cylinders of the A-micro-phase. The reduced composite conductivity
S/S0 defined in Section 2.3, corresponding to this case (see point (d) in the subplot (a) of
Figure 2), reaches its maximum value of ∼0.12.

At sufficiently large negative values of ϵ, the fillers were found to be localized in
the majority B-micro-phase. Interestingly, at sufficiently large total volume fraction of
fillers, the described localization of the fillers in the B-micro-phase proves to provide
for the formation of the percolating conductive filler clusters. Since the distribution of
fillers in the majority B-micro-phase is more diffuse, the resulting conductivity at its
maximum is approximately two times smaller than that observed for the localization
of fillers in the cylindrical A-micro-phase (see point (b) in the subplot (a) of Figure 2).
Moreover, the conductivity of the filler system, having larger affinity for the A-micro-phase,
shows a much steeper increase with increasing affinity contrast |ϵ|, as compared to its
counterpart observed for the filler system localized in the majority B-micro-phase. While
the conductivity of the filler network localized in the cylinders of the A-micro-phase reaches
its maximum at ϵ ∼ 20 mJ/m2, the maximum conductivity of the filler network in the
B-micro-phase is achieved at ϵ ∼ −60 mJ/m2. This brings us to the conclusion that the
localization of fillers in the cylinders of the minority A-micro-phase can be most efficiently
used for the formation of a percolating network.

For small affinity contrasts |ϵ|, the role of the interfacial localization of fillers increases.
Recall that, in this case, the fillers tend to localize at the interfaces between the micro-phases
A and B, to screen the unfavorable interactions between the dissimilar copolymer blocks.
Mathematically, this effect is described by the increased role of the osmotic term given by
the second term in the r.h.s. of Equation (4). The described effect is especially pronounced
for the case when the affinity of the fillers is slightly larger for the majority B-micro-phase
(see subplot (c) in Figure 2). In this case of small negative ϵ, the fillers are distributed
more diffusively throughout the larger volume, composed of the B-micro-phases and A-
B interfaces. The described more diffuse distribution of fillers results in decreasing the
conductivity of the composite (see point (c) in the subplot (a) of Figure 2) relative to the case
of larger |ϵ|. The described decrease in the conductivity with decreasing |ϵ| is attributed to
an increase in the filler network branching and the reduction in the long-ranged percolative
paths in a larger volume, available to the localized fillers.

To systematically investigate the effect of the interaction between fillers on their
localization in the DBC and the conductivity of the composite, we have extended the
simulation described in the first part of this section over the cases of filler volume fractions
φ = 0.10, 0.15 and 0.20 and the reduced filler–filler interaction energies βU = −5.0, 1.0
and 5.0. The results of these simulations are shown in Figure 3. The main trend that
can be derived from the comparison of subplots (a)–(c) in Figure 3 is that the sign of
the filler–filler interactions energy has a significant effect on the composite conductivity
for ϵ < 0. Recall that this case corresponds to a larger affinity of fillers for the majority
B-micro-phase. Specifically, relatively strong repulsive interaction between fillers sup-
presses the conductivity. For the case βU = 5.0, the conductivity completely vanishes for
ϵ <∼ 5 mJ/m2 at smaller filler volume fractions of 0.10, 0.15. For a larger filler fraction of
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0.20, the non-zero conductivity is observed only at larger affinity contrasts ϵ < −50 mJ/m2.
The same effect of the reduction in the composite conductivity caused by the repulsive
interactions between fillers was observed also for ϵ < 0, but it was found to be far less signif-
icant. One can therefore conclude that, in the considered case of the cylindrical morphology,
the affinity contrast of fillers for dissimilar copolymer blocks has larger significance for the
composite conductivity than the inter-filler interactions. A sufficiently strong repulsive
interaction between fillers can suppress the conductivity of a filler system located in the
majority B-micro-phase of the DBC, but it has a rather negligible effect when fillers are
localized within the cylinders comprising the minority A-micro-phase.

4. Conclusions

The present work extends the method, previously developed [9,16,17] by the author,
over the study of the relative roles of the filler affinity for copolymer blocks and the
interaction between fillers in promoting the conductivity of a filled DBC system. Specifically,
we focused on the study of the effect of the above two factors on the localization of fillers in
the DBC-based composite that assumes cylindrical (hexagonal) morphology. Furthermore,
we elucidated the relation between the investigated localization of fillers and the formation
of the conductive filler network in this composite. In addition, we investigated the effect of
the order–order transition between the lamellar and cylindrical morphologies of DBC on
the conductivity of the filler network formed in the DBC system.

Technically, the present work has been performed in three consecutive stages. In the
initial stage, we employed the finite element method to solve Equation (2) that describes
the compositional structure of a filled DBC system in dependence on DBC segregation
λ and composition f . The obtained solution was then used to deduce the immersion
energy of a filler given by Equation (4) as a function of the position of this filler in a DBC
system. The output of the described first stage was used in the second stage, where the
standard Metropolis Monte Carlo simulation was employed to determine the equilibrium
distribution of fillers in the micro-phase-separated DBC system. The simulated filler distri-
bution was found to essentially depend on the composite morphology, filer–polymer and
filler–filler interactions and volume fractions of the fillers. In the third stage, the simulated
filler distribution was used to calculate the conductance of the filler network generated
by the Monte Carlo simulations. As a main result of the described simulation procedure,
the conductivity of the composite was obtained for the selected DBC morphologies, filler
fractions and strengths of the interactions between the composite components.

The obtained results were used to thoroughly analyze the interplay between the
two main influence factors, i.e., the difference between the filler affinities for dissimilar
copolymer blocks and the interaction between fillers, in relevance to the conductivity of
the composite. In the present work, this analysis focused on the composite that assumes
cylindrical morphology. Our first important finding is that the cylindrical morphology of
the DBC is more efficient, compared to the lamellar morphology, in facilitating the formation
of the conductive filler network. This observation can be directly derived from Figure 1 by
the comparison of the composite conductivities in the vicinity of the order–order transition.
This comparison shows that the conductivity of the composite that assumes the cylindrical
morphology is much larger than that of its lamellar morphology-based counterpart at
the same DBC composition and close λ (temperatures). The second important finding
is that the localization of fillers inside the cylinders of the DBC minority micro-phase
provides for much larger conductivity of the composite relative to the filler localization in
the majority micro-phase. In addition, the conductivity of the filler network localized in the
minority micro-phase reaches its maximum at relatively low affinity contrast ∼20 mJ/m2

of fillers for dissimilar copolymer blocks. For the opposite case of the filler localization in
the majority DBC micro-phase, the affinity contrast sufficient to provide for a maximum
conductivity, in contrast, is relatively large (∼60 mJ/m2). The third main finding is that the
effect of the interactions between fillers has a different significance depending on whether
the minority or majority DBC micro-phase has a larger affinity for fillers. Specifically,
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a sufficiently large repulsive interaction between fillers has been found to suppress the
conductivity of the composite containing fillers localized in the majority micro-phase. This
observation is attributed to the fact that strong repulsive interactions promote more diffuse
distribution of fillers in this micro-phase, thus preventing the formation of sufficiently long
conductive clusters. Interestingly, the magnitude of this effect is not sufficient to suppress
the conductivity of the filler network located inside the concise cylinders of the minority
micro-phase under the same conditions. The attractive interactions between fillers has just
the opposite effect on the formation of the conductive filler network located in the majority
micro-phase. Specifically, these interactions have been found to enhance the composite
conductivity. This effect is especially pronounced for moderate volume fraction of fillers
φ = 0.1. As can be seen from Figure 3, the conductivity of the filler network located in the
cylinders of the minority micro-phase, in contrast, is only slightly affected by the interaction
between fillers.

The present work elucidates the role of the polymer–filler and filler–filler interactions
in promoting or suppressing the conductivity of a filled DBC system. By manipulating
these interactions (e.g., by surface treatment of fillers or using appropriate polymer grafts
that change the filler relative affinity for DBC blocks), one can achieve a desirable electrical
response of the DBC-based composite. The theoretical analysis of the relevant effects,
provided in the present work, can therefore pave the path toward designing DBC–nano-
particle composites with controlled electrical response. These composites can be used, in
particular, in such important industrial applications as soft sensors [13,34–37] and flexible
electronics [38,39].

Funding: Financial support of Deutsche Forschungsgemeinschaft (DFG) through Grant No. CH 845/2-
3, is gratefully acknowledged.

Institutional Review Board Statement: Not applicable.

Informed Consent Statement: Not applicable.

Data Availability Statement: Data are contained within the article.

Acknowledgments: I gratefully acknowledge the support from the Institute of Theoretical Physics
and Open Access Publication Fund of the University of Münster.

Conflicts of Interest: The authors declare no conflict of interest. The funders had no role in the design
of the study; in the collection, analyses, or interpretation of data; in the writing of the manuscript; or
in the decision to publish the results.

Abbreviations
The following abbreviations are used in this manuscript:

DBCs diblock copolymers
MC Monte Carlo
OOT odrer–order transition
r.(l.)h.s. right (left)-hand side

References
1. Kim, B.J.; Bang, J.; Hawker, C.J.; Chiu, J.J.; Pine, D.J.; Jang, S.G.; Yang, S.M.; Kramer, E.J. Creating surfactant nanoparticles for

block copolymer composites through surface chemistry. Langmuir 2007, 23, 12693–12703. [CrossRef] [PubMed]
2. Chiu, J.J.; Kim, B.J.; Yi, G.R.; Bang, J.; Kramer, E.J.; Pine, D.J. Distribution of nanoparticles in lamellar domains of block copolymers.

Macromolecules 2007, 40, 3361–3365. [CrossRef]
3. Kim, B.J.; Fredrickson, G.H.; Kramer, E.J. Effect of Polymer Ligand Molecular Weight on Polymer-Coated Nanoparticle Location

in Block Copolymers. Macromolecules 2008, 41, 436–447. [CrossRef]
4. Thompson, R.; Ginzburg, V.; Matsen, M.; Balazs, A. Predicting the mesophases of copolymer-nanoparticle composites. Science

2001, 292, 2469–2472. [CrossRef] [PubMed]
5. Diaz, J.; Pinna, M.; Zvelindovsky, V.A.; Pagonabarraga, I. Phase Behavior of Block Copolymer Nanocomposite Systems. Adv.

Theory Simul. 2018, 1, 1800066. [CrossRef]

http://doi.org/10.1021/la701906n
http://www.ncbi.nlm.nih.gov/pubmed/17973409
http://dx.doi.org/10.1021/ma061503d
http://dx.doi.org/10.1021/ma701931z
http://dx.doi.org/10.1126/science.1060585
http://www.ncbi.nlm.nih.gov/pubmed/11431562
http://dx.doi.org/10.1002/adts.201800066


Polymers 2024, 16, 104 13 of 14

6. Sides, S.W.; Kim, B.J.; Kramer, E.J.; Fredrickson, G.H. Hybrid particle-field simulations of polymer nanocomposites. Phys. Rev.
Lett. 2006, 96, 250601. [CrossRef] [PubMed]

7. Schultz, A.; Hall, C.; Genzer, J. Computer simulation of block copolymer/nanoparticle composites. Macromolecules 2005,
38, 3007–3016. [CrossRef]

8. Chervanyov, A.I.; Balazs, A. Effect of particle size and shape on the order-disorder phase transition in diblock copolymers.
J. Chem. Phys. 2003, 119, 3529–3534. [CrossRef]

9. Chervanyov, A.I. Conductivity of diblock copolymer system filled with conducting nano-particles: Effect of copolymer morphol-
ogy. J. Polym. Sci. 2022, 60, 221–232. [CrossRef]

10. Knite, M.; Teteris, V.; Kiploka, A.; Kaupuzs, J. Polyisoprene-carbon black nanocomposites as tensile strain and pressure sensor
materials. Sens. Actuators A-Phys. 2004, 110, 142–149. [CrossRef]

11. Gao, L.; Chou, T.W.; Thostenson, E.T.; Zhang, Z.; Coulaud, M. In situ sensing of impact damage in epoxy/glass fiber composites
using percolating carbon nanotube networks. Carbon 2011, 49, 3382–3385. [CrossRef]

12. Semeriyanov, F.F.; Chervanyov, A.I.; Jurk, R.; Subramaniam, K.; Koenig, S.; Roscher, M.; Das, A.; Stoeckelhuber, K.W.; Hein-
rich, G. Non-monotonic dependence of the conductivity of carbon nanotube-filled elastomers subjected to uniaxial compres-
sion/decompression. J. Appl. Phys. 2013, 113, 103706. [CrossRef]

13. Selvan, N.T.; Eshwaran, S.B.; Das, A.; Stoeckelhuber, K.W.; Wiessner, S.; Poetschke, P.; Nando, G.B.; Chervanyov, A.I.; Heinrich, G.
Piezoresistive natural rubber-multiwall carbon nanotube nanocomposite for sensor applications. Sens. Actuators A-Phys. 2016,
239, 102–113. [CrossRef]

14. Alig, I.; Skipa, T.; Engel, M.; Lellinger, D.; Pegel, S.; Poetschke, P. Electrical conductivity recovery in carbon nanotube polymer
composites after transient shear. Phys. Status Solidi B-Basic Solid State Phys. 2007, 244, 4223–4226. [CrossRef]

15. Wang, K.; Jin, S.M.; Li, F.; Tian, D.; Xu, J.; Lee, E.; Zhu, J. Soft Confined Assembly of Polymer-Tethered Inorganic Nanoparticles in
Cylindrical Micelles. Macromolecules 2020, 53, 4925–4931. [CrossRef]

16. Chervanyov, A.I. Conductivity of Insulating Diblock Copolymer System Filled with Conductive Particles Having Different
Affinities for Dissimilar Copolymer Blocks. Polymers 2020, 12, 1659. [CrossRef] [PubMed]

17. Chervanyov, A.I. Temperature dependence of the conductivity of filled diblock copolymers. Phys. Rev. E 2020, 102, 052504.
[CrossRef] [PubMed]

18. Spontak, R.J.; Williams, M.C.; Agard, D.A. Three-dimensional study of cylindrical morphology in a styrene-butadiene-styrene
block copolymer. Polymer 1988, 29, 387–395. [CrossRef]

19. Jinnai, H.; Nishikawa, Y.; Nishi, T. Novel structural analyses of polymeric materials by three-dimensional microscopy. Kobunshi
Ronbunshu 2005, 62, 488–501. [CrossRef]

20. Spontak, R.; Fung, J.; Braunfeld, M.; Sedat, J.; Agard, D.; Kane, L.; Smith, S.; Satkowski, M.; Ashraf, A.; Hajduk, D.; et al. Phase
behavior of ordered diblock copolymer blends: Effect of compositional heterogeneity. Macromolecules 1996, 29, 4494–4507.
[CrossRef]

21. Niihara, K.i.; Matsuwaki, U.; Torikai, N.; Atarashi, H.; Tanaka, K.; Jinnai, H. A novel structural analysis for a cylinder-forming
block copolymer thin film using neutron reflectivity aided by transmission electron microtomography. Macromolecules 2007,
40, 6940–6946. [CrossRef]

22. Jinnai, H.; Higuchi, T.; Zhuge, X.; Kumamoto, A.; Batenburg, K.J.; Ikuhara, Y. Three-Dimensional Visualization and Characteriza-
tion of Polymeric Self-Assemblies by Transmission Electron Microtomography. Acc. Chem. Res. 2017, 50, 1293–1302. [CrossRef]
[PubMed]

23. Spontak, R.; Williams, M.; Agard, D. Interphase composition profile in SB SBS block copolymers, measured with electron-
microscopy, and microstructural implications. Macromolecules 1988, 21, 1377–1387. [CrossRef]

24. Niihara, K.i.; Sugimori, H.; Matsuwaki, U.; Hirato, F.; Morita, H.; Doi, M.; Masunaga, H.; Sasaki, S.; Jinnai, H. A Transition from
Cylindrical to Spherical Morphology in Diblock Copolymer Thin Films. Macromolecules 2008, 41, 9318–9325. [CrossRef]

25. Thompson, R.B.; Ginzburg, V.V.; Matsen, M.W.; Balazs, A.C. Block copolymer-directed assembly of nanoparticles: Forming
mesoscopically ordered hybrid materials. Macromolecules 2002, 35, 1060–1071. [CrossRef] [PubMed]

26. Diaz, J.; Pinna, M.; Zvelindovsky, A.V.; Pagonabarraga, I. Large scale three dimensional simulations of hybrid block copoly-
mer/nanoparticle systems. Soft Matter 2019, 15, 9325–9335. [CrossRef]

27. Matsen, M.W.; Thompson, R.B. Particle distributions in a block copolymer nanocomposite. Macromolecules 2008, 41, 1853–1860.
[CrossRef]

28. Ohta, T.; Kawasaki, K. Equilibrium morphology of block copolymer melts. Macromolecules 1986, 19, 2621–2632. [CrossRef]
29. Stoeckelhuber, K.W.; Svistkov, A.S.; Pelevin, A.G.; Heinrich, G. Impact of Filler Surface Modification on Large Scale Mechanics of

Styrene Butadiene/Silica Rubber Composites. Macromolecules 2011, 44, 4366–4381. [CrossRef]
30. Chervanyov, A.I. Polymer-mediated interactions and their effect on the coagulation-fragmentation of nano-colloids: A self-

consistent field theory approach. Soft Matter 2015, 11, 1038–1053. [CrossRef]
31. Widom, B. Some topics in theory of fluids. J. Chem. Phys. 1963, 39, 2808. [CrossRef]
32. Binder, K. Applications of Monte Carlo methods to statistical physics. Rep. Prog. Phys. 1997, 60, 487–559. [CrossRef]
33. Dalcin, L.; Collier, N.; Vignal, P.; Cortes, A.M.A.; Calo, V.M. PetIGA: A framework for high-performance isogeometric analysis.

Comput. Methods Appl. Mech. Eng. 2016, 308, 151–181. [CrossRef]

http://dx.doi.org/10.1103/PhysRevLett.96.250601
http://www.ncbi.nlm.nih.gov/pubmed/16907292
http://dx.doi.org/10.1021/ma0496910
http://dx.doi.org/10.1063/1.1591723
http://dx.doi.org/10.1002/pol.20210729
http://dx.doi.org/10.1016/j.sna.2003.08.006
http://dx.doi.org/10.1016/j.carbon.2011.04.003
http://dx.doi.org/10.1063/1.4794835
http://dx.doi.org/10.1016/j.sna.2016.01.004
http://dx.doi.org/10.1002/pssb.200776138
http://dx.doi.org/10.1021/acs.macromol.0c00983
http://dx.doi.org/10.3390/polym12081659
http://www.ncbi.nlm.nih.gov/pubmed/32722506
http://dx.doi.org/10.1103/PhysRevE.102.052504
http://www.ncbi.nlm.nih.gov/pubmed/33327154
http://dx.doi.org/10.1016/0032-3861(88)90354-0
http://dx.doi.org/10.1295/koron.62.488
http://dx.doi.org/10.1021/ma9515689
http://dx.doi.org/10.1021/ma071334c
http://dx.doi.org/10.1021/acs.accounts.7b00103
http://www.ncbi.nlm.nih.gov/pubmed/28525260
http://dx.doi.org/10.1021/ma00183a033
http://dx.doi.org/10.1021/ma801892p
http://dx.doi.org/10.1021/ma011563d
https://pubs.acs.org/doi/10.1021/ma011563d
http://dx.doi.org/10.1039/C9SM01760G
http://dx.doi.org/10.1021/ma7024545
http://dx.doi.org/10.1021/ma00164a028
http://dx.doi.org/10.1021/ma1026077
http://dx.doi.org/10.1039/C4SM02580F
http://dx.doi.org/10.1063/1.1734110
http://dx.doi.org/10.1088/0034-4885/60/5/001
http://dx.doi.org/10.1016/j.cma.2016.05.011


Polymers 2024, 16, 104 14 of 14

34. Villmow, T.; John, A.; Poetschke, P.; Heinrich, G. Polymer/carbon nanotube composites for liquid sensing: Selectivity against
different solvents. Polymer 2012, 53, 2908–2918. [CrossRef]

35. Tang, X.; Poetschke, P.; Pionteck, J.; Li, Y.; Formanek, P.; Voit, B. Tuning the Piezoresistive Behavior of Poly(Vinylidene
Fluoride)/Carbon Nanotube Composites Using Poly(Methyl Methacrylate). ACS Appl. Mater. Interfaces 2020, 12, 43125–43137.
[CrossRef] [PubMed]

36. Tang, X.; Pionteck, J.; Krause, B.; Poetschke, P.; Voit, B. Highly Tunable Piezoresistive Behavior of Carbon Nanotube-Containing
Conductive Polymer Blend Composites Prepared from Two Polymers Exhibiting Crystallization-Induced Phase Separation. ACS
Appl. Mater. Interfaces 2021, 13, 43333–43347. [CrossRef]

37. Narongthong, J.; Das, A.; Le, H.H.; Wiessner, S.; Sirisinha, C. An efficient highly flexible strain sensor: Enhanced electrical
conductivity, piezoresistivity and flexibility of a strongly piezoresistive composite based on conductive carbon black and an ionic
liquid. Compos. Part A-Appl. Sci. Manuf. 2018, 113, 330–338. [CrossRef]

38. Li, L.; Han, L.; Hu, H.; Zhang, R. A review on polymers and their composites for flexible electronics. Mater. Adv. 2023, 4, 726–746.
[CrossRef]

39. Ditte, K.; Perez, J.; Chae, S.; Hambsch, M.; Al-Hussein, M.; Komber, H.; Formanek, P.; Mannsfeld, S.C.B.; Fery, A.; Kiriy, A.; et al.
Ultrasoft and High-Mobility Block Copolymers for Skin-Compatible Electronics. Adv. Mater. 2021, 33, 2005416. [CrossRef]

Disclaimer/Publisher’s Note: The statements, opinions and data contained in all publications are solely those of the individual
author(s) and contributor(s) and not of MDPI and/or the editor(s). MDPI and/or the editor(s) disclaim responsibility for any injury to
people or property resulting from any ideas, methods, instructions or products referred to in the content.

http://dx.doi.org/10.1016/j.polymer.2012.04.050
http://dx.doi.org/10.1021/acsami.0c11610
http://www.ncbi.nlm.nih.gov/pubmed/32897046
http://dx.doi.org/10.1021/acsami.1c10480
http://dx.doi.org/10.1016/j.compositesa.2018.08.004
http://dx.doi.org/10.1039/D2MA00940D
http://dx.doi.org/10.1002/adma.202005416

	Introduction
	Theory
	Immersion Energy of a Filler in an Incompressible DBC System
	Localization of Fillers in Spatially Non-Uniform DBC
	Effect of Filler Localization on the Electrical Conductivity of a Filled DBC System

	Results and Discussion
	Conclusions
	References

