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Abstract: Traditional precise orbit determination (POD) for low Earth orbit (LEO) satellites relies
on observations from ground stations and onboard receivers. Although the accuracy can reach
centimeter level, there are still problems such as insufficient autonomous operation capability.
The inter-satellite link (ISL) is a link used for communication between satellites and has a function
of dual-way ranging. Numerous studies have shown that observational data using ISLs can be
adopted for POD of navigation satellites. In this contribution, we mainly focus on LEO satellites
POD with ISLs. First, we design LEO constellations with different numbers of satellites and ISL
measurements, based on which the constellations are simulated. Then rough tests of POD using
different link topologies are carried out. The results show that in the 60-LEO constellation the average
3-dimensional (3D) orbital errors are 0.112 m using “4-connected” link topology with constant 4 links
per satellite and 0.069 m using “all-connected” link topology with theoretically maximum numbers
of links. After that, we carry out refined POD experiments with several sets of satellite numbers
and different observation accuracy. The results show the higher link ranging accuracy and the more
numbers of links bring higher POD precision. POD with ISLs gets bad performance in the case
of center of gravity reference when link ranging accuracy is poor and numbers of links are small.
When the link accuracy is 40 cm, average 3D orbital errors of 60-LEO constellation are 0.358 m,
which can only meet the demand of autonomous navigation. With the constraint of the right ascension
of the ascending node (RAAN), POD using ISLs reaches an extremely high precision when adopting a
spatial reference provided by navigation satellites. For 120-LEO constellation, the average 3D orbital
errors are 0.010 m; for 192-LEO constellation, the errors are 0.006 m.
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1. Introduction

The precise orbit determination (POD) of satellite refers to the process of obtaining the accurate
state vectors of satellites in a certain epoch by handling satellite orbital measurements with the
estimation strategies like least squares or Kalman filtering [1,2]. The measurement technique exploits
a decisive role in the accuracy of the POD process, and the selection of the POD method should be
adapted to the orbit measuring technology, combined with the actual situation of the satellites and the
users’ needs [3].

For global navigation satellite system (GNSS), which usually employs medium Earth orbit
(MEO, altitude of 2000–20,000 km), geostationary Earth orbit (GEO, altitude of 35,786 km), and inclined
geosynchronous orbit (IGSO, altitude of 35,786 km), the main source of orbit measurements are
pseudo-range and carrier phase observations of ground-based monitoring stations. With the refinement
of force model as well as the improvement of data processing strategy, POD for GNSS satellites can
reach an accuracy of centimeter level [4,5]. However, POD for GNSS satellites relies heavily on ground
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measurements. Once ground receivers lose communication with the satellites because of crisis situation
like equipment downtime, orbit determination becomes a problem.

In order to solve the above problems and further improve the accuracy of orbit determination,
some scholars [6–8] have proposed the use of inter-satellite link (ISL) for POD of GNSS satellites.
The ISL is a link used for communication between satellites and has a function of ranging. It is a
wireless link that can be implemented using a laser link or a microwave link. The microwave link
can reach centimeter-class ranging accuracy while the laser link can even reduce the ranging errors
to sub-millimeter [9]. Though more precise in ranging, the laser link has higher power consumption
as well as longer link acquisition time, so the microwave link is generally used in the constellation.
The development trend of microwave ISLs is to use higher frequency bands, because it can reduce the
weight and volume of the equipment, and the high frequency has not been occupied in a large amount,
which benefits the frequency application and has strong anti-interference performance [10]. The bands
that can be used for the ISL are very high frequency (VHF, 30–300 MHz), ultrahigh frequency (UHF,
300–3000 MHz), L (1–2 GHz), S (2–4 GHz), and K-above (Ka, 26.5–40 GHz) bands, while the L-band
and S-band are already occupied by the satellite-ground links, so the ISL band is generally selected
from the VHF, UHF, and Ka bands [11–13]. Since the ISL technology can obtain high-precision ranging
values between satellites, it can be used as an auxiliary means of orbit observing and serve for POD.

The American Global Positioning System (GPS) is the first constellation to successfully use the
ISLs to achieve autonomous navigation [14]. In 1998, the United States launched the first Block IIR
satellite using the UHF band. Since 2010, the Block IIF series launched into the sky, improving the link
structure and function. Currently, the GPS system is preparing to increase the Ka-band ISL equipped
on the GPS III satellites. In this way, the master station only needs to establish contact with a satellite to
control the entire constellation [15]. The first ISL POD experiment has been carried out when Block IIR
satellites carrying ISL payloads entered the orbit and the user ranging error (URE) of the autonomous
determined orbits within 75 days is less than 3 m [16]. In order to comprehensively analyze the
performance of ISL POD, further researches have been conducted. Data analysis shows that after
adding the Block IIR ISL, the 180-day autonomous POD URE is less than 6 m and after adding the
Block IIF ISL, the reduction of the original system URE is improved from 40 to 55% [17]. because of the
critical technology to be solved, the launch plan of GPS III satellites was postponed until 2017 [18].
Therefore, there are currently no public data on the Ka-band ISL and it is impossible to evaluate its
orbit determination performance.

In addition to the GPS, the European Galileo and Russian Globalnaya Navigatsionnaya
Sputnikovaya Sistema (GLObal NAvigation Satellite System, GLONASS) are also equipped with
ISL payloads. The Galileo system has designed two link schemes of GNSS+ and ADVISE which
establish inter-satellite and satellite-to-earth links using transmit/receive antennas with the same
frequency band [19]. Through experimental demonstration, when the GNSS+ scheme is adopted in
the autonomous POD mode, the numbers of ground stations can be reduced to six while reaching an
accuracy of meter level in 14 days. And when using the ADVISE scheme, the orbital accuracy can be
improved by 67% [20]. In the future, the Galileo system will introduce the so-called optical-quantum link
scheme based on frontier quantum communication technology in substitution of microwave links [21].
In order to solve the limitation of regional monitoring and tracking for GLONASS constellation,
Russia has installed the S-band ISL transceiver on the GLONASS-M satellites to verify the function
of ISLs [22]. Since the test results were promising, the laser links were used on the newly launched
GLONASS-K satellites, and the POD error is less than 50 cm in the radial direction and less than 110 cm
in the along-track direction [23].

Chinese new-generation BeiDou Navigation Satellite System (BDS), so-called BDS-3, are equipped
with ISL payloads, which are capable of communications between satellites with Ka-band
single-frequency pseudo-code ranging measurements [24]. Based on the whole network adjustment
algorithm, a centralized kinematics POD algorithm using BDS-3 ISLs has been proposed by
Chen et al. [25]. With the simulated full operational capacity (FOC) BDS-3 ISLs data, the average
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POD errors obtained under 40 cm measurement noise are 0.80, 1.15, and 1.17 m in radial, along-track,
and cross-track directions, respectively. Feng et al. have proposed the joint POD model of ground
observations, LEO satellite observations, and BDS-3 (including 3 GEO satellites, 3 IGSO satellites
and 24 MEO satellites) ISL measurements based on simulation [26]. Under the ISL accuracy of
10 cm, the average orbital errors of BDS-3 constellation in the radial, along-track, and cross-track
directions are 0.003, 0.254, and 0.200 m, respectively. Moreover, the introduction of BDS-3 ISLs shows
more improvement in the orbital accuracies than the introduction of LEO satellites, compared to the
traditional ground-based POD strategy. With the BDS-3 ISL data being accessible, more scientific
researches have been carried out, which are concentrated on BDS-3 autonomous navigation and joint
POD of ground observation and ISL data. Ren et al. have compared and analyzed POD results of four
experimental BDS-3 satellites with only ISL measurements in 4 days and the prior orbits have been
used as constraints and the POD precision with two, three, and four ISLs is better than 6, 3, and 2 m,
respectively [27]. Tang et al. have investigated the centralized autonomous orbit determination using
ISL observations with the support of ground anchor stations [28]. The results show that the radial
overlap differences and satellite laser ranging (SLR) residuals are both less than 15 cm. Xie et al. have
evaluated the POD performance of BDS-3 satellites with satellite-ground and inter-satellite observation
data [29]. Considering the regional distribution of the BDS-3 ground stations, only six stations within
the Chinese border are used and the statistical results show after adding the BDS-3 ISL observations,
the 3-dimensional (3D) RMS value of orbit overlap differences is reduced from 85.4 to 14.8 cm with
great improvement of 83%.

In summary, the ISL can provide high-precision orbit observation data and can be applied to
POD, however, current researches on ISL POD are limited to GNSS satellites. Low Earth orbit (LEO)
satellites have lower orbital altitude (500–2000 km) than MEO, IGSO, and GEO satellites, so the orbital
measurements of LEO satellites mainly come from downlink data of higher GNSS satellites which are
received by onboard receivers. POD for LEO satellites include “two-step” approach (doing POD for
GNSS satellites at first with ground measurements and then doing POD for LEO satellites with onboard
measurements) [30] and “one-step” approach” (the orbits of LEO and GNSS satellites are recovered in
one simultaneous process with both ground and onboard measurements) [31], both of which can reach
an accuracy of a few centimeters [32]. Similar to navigation satellites, POD of LEO satellites is highly
dependent on the ground or onboard ranging data. Since the data processing strategy is unrelated to
orbital altitude, it is confirmed to be feasible to introduce in-orbit ISL measurements for POD of LEO
satellites. Nowadays, LEO constellation has become a new hotspot and is vital to the future of satellite
industry and scientific researches [33]. Because the acquisition of LEO satellite orbits is a prerequisite
for putting them into the market or scientific applications, it is also of great significance to study the
POD of LEO satellites based on ISLs. Chinese Hongyan LEO constellation equipped with the ISL
payloads is under construction and will complete the deployment of main constellation by 2023 [34].
Undoubtedly, it will facilitate the future research of LEO satellite POD with ISLs.

Our study mainly focuses on preliminary evaluation of the performance of LEO satellite POD with
ISL measurements. In the following Section 2, basic concept of ISL is introduced and its observation
model is described. Preparation of orbit determination experiment, including the design of LEO
constellation, the simulation of ISL measurements, and the selection of link topology, is detailed in
Section 3. Besides, our method for POD with ISLs is also introduced. Section 4 presents the result and
analysis. Then the shortcomings of the work and an outlook for future research are summarized in
Section 5. Finally, Section 6, presents the conclusion of our research.

2. ISL Observation Model

In principle, two satellites can establish an ISL as long as they are visible to each other [35]. A pair
of satellites (i.e., satellite A and B) and the Earth are shown in the Figure 1, with O being the center
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of the Earth and R being the radius of the Earth. Our definition of “visible" for satellite A and B is
formulated as follow: ∣∣∣∣∣ →OA×

→

OB
∣∣∣∣∣∣∣∣∣∣ →OA−

→

OB
∣∣∣∣∣ ≥ R (1)

In other words, satellite A and B are considered to have the capacity of an ISL if Equation (1)
can be satisfied. It is worth mentioning that in practical application the direction of satellite antenna
also impose restriction on ISL. Taking BDS-3 as an example, a phased array antenna switches the
beam direction during different timeslots in order to point to different satellites, and the pointing limit
is (−60◦, 60◦) [36]. Since all our work are based on simulated constellation, we neglect the effect of
satellite antenna direction for simplicity.
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Figure 1. A pair of visible satellites.

The ISL ranging is a dual one-way observation mode with a pair of satellites receiving the signal
from each other almost simultaneously, and it is only capable of pseudo-code measurements. Figure 2
vividly depicts the ISL mechanism between satellite A and B. Given that satellite B receives the
pseudo-code measurement ρ̃B

A(tA) from satellite A at its local time tA while satellite A receives the
pseudo-code measurement ρ̃A

B (tB) from satellite B at its local time tB and the forward and backward
signal transmitting time is ∆tAB and ∆tBA, respectively. Then, the dual pseudo-code measurements can
be expressed as follows:

ρ̃B
A(tA) = ρB

A(tA + ∆tAB) + δB(tA + ∆tAB) − δA(tA) + lRB − lSA + OAB + εBA (2)

ρ̃A
B (tB) = ρA

B (tB + ∆tBA) + δA(tB + ∆tBA) − δB(tB) + lRA − lSB + OBA + εBA (3)

where ρ̃B
A(tA) and ρ̃A

B (tB) are the measured ranges at signal receiving epoch of each satellite and
ρB

A = c ∗ ∆tAB and ρA
B = c ∗ ∆tAB (c is the speed of light travelling in vacuum space, which is about

299,792.458 km/s) are the forward and backward signal space propagation (i.e., the real ranges between
satellites at their signal receiving epoch), respectively; δA and δB represent the clock bias of each satellite;
lSA and lSB denote the hardware delay of satellite A and B at the sending end while lRA and lRB at the
receiving end; OAB and OBA are phase center offsets (PCOs), phase center variations (PCVs), relativistic
effects, and some other corrections; εAB and εBA are the corresponding measurement noise. It is worth
noting that the abovementioned ISL model is defined for GNSS constellations. Since there are currently
no LEO satellites with ISL loads, it is difficult to analyze the error factors affecting the inter-satellite
ranging under LEO conditions. So we use the GNSS ISL observation model as substitution for the
LEO ISL.

The forward and backward ISL observations are nearly at the same time but still have differences.
In the BDS-3 ISL observations, the time difference is less than 3 s [28]. So at first, what we need is to
transform the dual measurements to the same time t0 with the auxiliaries of broadcast orbits and clock
biases. This procedure is defined as epoch naturalization, during which all the hardware delays are
considered to be constant.
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After epoch naturalization and corrections of PCOs, PCVs, and relativistic effects, we can obtain
the pure dual pseudo-code measurements at the same time, which are expressed as follows:

ρ̃B
A(t0) = ρ̃B

A(tA) + ∆ρB
A = ρAB(t0) + δB(t0) − δA(t0) + lRB − lSA + εAB (4)

ρ̃A
B (t0) = ρ̃A

B (tB) + ∆ρA
B = ρAB(t0) + δA(t0) − δB(t0) + lRA − lSB + εBA (5)

where ρAB(t0) is the distance between satellite A and B at epoch t0; ∆ρB
A and ∆ρA

B denote the differences
of the satellite distance and clock bias between the real observation epoch (i.e., tA and tB) and the
naturalization epoch t0. They are defined as follows:

∆ρB
A = ρB

A(t0) − ρ
B
A(tA + ∆tAB) + δB(t0) − δA(t0) − [δB(tA + ∆tAB) − δA(tA)] (6)

∆ρA
B = ρA

B (t0) − ρ
A
B (tB + ∆tBA) + δA(t0) − δB(t0) − [δA(tB + ∆tBA) − δB(tB)] (7)

According to the analysis of BDS-3 ISL data, using broadcast orbits and clock biases to compute
∆ρB

A and ∆ρA
B , the errors are less than 1.0 cm [24].

After the above data processing procedure, a clock-free observation can be formed by the sum of
the dual measurements, which is:

ρ̃AB(t0) =
ρ̃B

A(t0) + ρ̃A
B (t0)

2
= ρAB(t0) +

(
lRA − lSA + lRB − lSB

)
2

+
εAB + εBA

2
(8)

From the above equation, we can see the final observation ρ̃AB(t0) does not have clock bias
parameters, which are used in the POD process [37].

3. Simulation and Method

3.1. LEO Constellation Design

Since most of the LEO constellations are still in the preparatory stage, three kinds of LEO
constellations are designed for the simulation of ISLs. As for satellite numbers, 60, 120, and 192 are
selected for comprehensive analysis. It is noted that the 60-satellite design is also adopted by the
HongYan constellation program. All of these LEO satellites are evenly distributed in 10 or 12 equally
spaced orbital planes with an altitude of 1000 km. In the design of orbit type, polar orbit is chosen.
For simplicity, the pseudo random noise (PRN) codes of these constellations are arranged from 1 to 60,
1 to 120, 1 to 192, respectively. Detailed parameters of the designed LEO constellations are shown in
Table 1 and the configurations are displayed in Figure 2.
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Table 1. Detailed orbital characteristics of the designed low Earth orbit (LEO) constellations.

Orbit LEO LEO LEO

Satellite number 60 120 192
Constellation 10 planes 10 planes 12 planes

Orbit type Polar Polar Polar
Inclination [deg] 90 90 90

Altitude [km] 1000 1000 1000

3.2. ISL Topology Design

The topology of the ISL shows how the link is connected, which is closely related to the geometric
structure of the range-measuring network and has a great impact on the results of orbit determination.
Chinese BDS-3 uses such a link topology: as long as a pair of satellites are visible to each other,
a link is established [29]. In the following text, this link topology is recorded as “all-connected”.
Obviously, “all-connected” link topology can get the maximum numbers of links in a constellation,
which helps to enhance real-time communications between satellites thus easily controlling the
operation of the entire constellation. On the other hand, this kind of link topology can also achieve the
optimal geometry of the inter-satellite ranging network, and it is expected to obtain high-precision orbit
determination results. Although “all-connected” link topology has the abovementioned advantages,
it will result in high construction price and large calculation costs. For the comprehensive consideration
of workload and POD effectiveness, some scholars have proposed another so-called “4-connected” link
topology in which each satellite has two intra-orbit links with neighbors fore and aft in the same orbital
plane and two inter-orbit links with satellites in adjacent planes to either side [38]. It is worth noting
that the “4-connected” scheme has been adopted by the Iridium constellation [39]. Considering that the
“all-connected” link topology can achieve higher orbit determination accuracy and better demonstrate
the effect of ISL POD, we mainly use the “all-connected” scheme for simulation experiments and the
“4-connected” scheme is also adopted for comparison.

3.3. ISL Observation Simulation

Since there is no actual measured data of the LEO ISLs, we simulate the ISL observations of
three constellations mentioned above. Simulation of ISL observations usually adopts the approach
that adding Gaussian noises to the actual calculated inter-satellite ranges [25,40,41], which can be
formulated as follows:

Si j =

√(
x j − xi

)2
+

(
y j − yi

)2
+

(
z j − zi

)2
(9)

Si j
′ = Si j + σi j (10)

where Si j is the real inter-satellite range between satellite i and satellite j which is calculated by the
simulated 3D coordinates (xi, yi, zi, x j, y j, z j) of each satellite in the Earth-centered inertial (ECI) frame;
Si j
′ denotes the simulated ISL measurements between two satellites computed by the sum of Si j and

Gaussian noise σi j. In this study, the coordinates (x, y, z) of the polar-orbiting satellites in ECI frame
are calculated as follow:

x = Rcos f cosΩ y = Rcos f sinΩ z = Rsin f (11)

where R denotes the spatial distance from the satellite to the center of the Earth; f denotes the true
anomaly and Ω denotes the right ascension of the ascending node (RAAN) of the satellite. R, f , and Ω
can be obtained according to the configuration of the designed constellation.

In accordance with the studies of predecessors, the measurement noise of BDS-3 ISL is confirmed
to be less than 10 cm [29]. Because of the more complex space environment in which the LEO
constellation operates, we mainly adopt numerically larger 20 cm-level noise scheme in this study.
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For comparison, 10 and 40 cm-level noise scheme are also used to verify the impact of link accuracy on
orbit determination.

3.4. POD Methods

For any ISL observation in the constellation, it can form a formula as follow:

vi j = −
∆xi j

S̃i j
x̂i −

∆yi j

S̃i j
ŷi −

∆zi j

S̃i j
ẑi +

∆xi j

S̃i j
x̂ j +

∆yi j

S̃i j
ŷ j +

∆zi j

S̃i j
ẑ j − l̃i j + εi j (12)

where vi j is the residual of ISL measurement; (x̂i, ŷi, ẑi) and
(
x̂ j, ŷ j, ẑ j

)
are the corrections of satellite

coordinates; ∆xi j, ∆yi j, and ∆zi j are coordinate differences calculated by rough starting orbital data;

l̃i j denotes the difference between link observations and Si j; εi j is the measurement noise.
As long as the numbers of link observations in the constellation are greater than the numbers of

satellite coordinates to be sought, the orbits of the entire constellation can be precisely determined
under high-precision inter-satellite geometric constraints. According to the principle of the whole
network adjustment, precise orbits are calculated as follow:

x̂ =
(
BTPB

)−1
BPl (13)

where x̂ is corrections of coordinates of satellites in ECI; B, P, and l (which is formed by l̃i j in each link)
denote the coefficient matrix, weight matrix, and residual matrix, respectively.

In the absence of ground stations or anchor stations to provide a spatial reference, relying solely on
inter-satellite orbit determination will result in overall constellation rotation [25]. In essence, the above
coordinate solving process is similar to the rank-deficient free network adjustment. Without considering
the scale information of the free network, an n-dimensional ranging network needs to provide n
position references and n(n−1)

2 direction references. Since the inter-satellite ranging network is a 3D
mesh shape, the rank deficit is 6. The spatial reference of the entire constellation can be determined by
simply giving the coordinates of the two LEO satellites. In our study, we simulate the coordinates of
the two LEO satellites determined by the navigation satellite data to solve the rank deficit problem in
the network adjustment.

In addition to the abovementioned method, it is also possible to use the center of gravity reference
to perform ISL POD without relying on satellite coordinate data. Assuming that the sum of the
corrections of all satellite coordinates in the entire constellation (i.e., the sum of vector x̂) is zero,
the auxiliary matrix S is introduced, and it satisfies the following formula:

STx̂ = 0 (14)

In an ISL network, the specific form of the S matrix is detailed in Fan et al. [42]. Then, precise
orbits determined using center of gravity reference can be calculated as:

x̂ =
(
BTPB + SST

)−1
BPl (15)

4. Results and Analyses

In this section, we mainly focus on the demonstration of POD results with ISLs and relevant
analysis is conducted. The whole section is divided into three parts. In the first part, experimental results
based on two link topologies are demonstrated. Then, POD results with center of gravity reference are
shown and we concentrate on analyzing the impact of link ranging accuracy and the numbers of links
on the performance of POD. Finally, POD results with reference provided by navigation satellites are
shown to demonstrate that the high precision can be achieved by ISL POD.
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4.1. Test with Different Link Topologies

Two ISL link topologies, named “all-connected” and “4-connected”, have been introduced in the
Section 3.2. It is obvious that link topology has a great impact on the orbit determination performance.
For test, the 60-LEO constellation detailed in the Table 1 is selected, then the ISLs based on both
link topologies are simulated. It is noted that average numbers of links per satellite are 16.7 with
“all-connected” link topology. For the sake of simplicity, we take a rough orbital solution for each
satellite in the constellation. Assuming that the coordinates of the satellites linked to each satellite are
known, the coordinates of each satellite are determined by precise positioning. Average orbital errors
are shown in the Table 2. It can be concluded that except for the errors along the z-axis, orbital errors
are much smaller with the “all-connected” link topology than with the “4-connected” link topology.
Numerical analysis shows that when adopting “all-connected” link topology, there is 38.4% reduction
of average 3D orbital errors compared to adopting “4-connected” link topology.

Table 2. Average orbital errors of 60-LEO constellation with different link topologies.

Errors ∆x/m ∆y/m ∆z/m 3D/m

4-connected 0.095 0.045 0.038 0.112
all-connected 0.052 0.002 0.045 0.069

According to the above brief analysis, “all-connected” link topology shows better orbit
determination performance than “4-connected” link topology. In order to better demonstrate the
effectiveness of ISL POD, “all-connected” link topology is used in the following study.

4.2. POD with Center of Gravity Reference

Using ISL measurements, POD with center of gravity reference mentioned in Section 3.4 can be
achieved. In order to study the factors affecting the POD results, we carry out comparative experiments
with several sets of satellite numbers and different observation accuracy. Because the numbers of
satellites are very large in our experiments, for the sake of convenience the satellites are displayed at
intervals 3, 6, 9 of PRN number for 60-, 120-, 192-LEO constellations, respectively. This means there are
20, 20, 22 satellites to be shown in the 60-, 120-, 192-LEO constellations, respectively.

First, in order to verify the impact of link ranging accuracy on the orbit determination, we select
60-LEO constellation detailed in the Table 1 for test. Experiments are carried out with 40, 20, and 10 cm
ISL ranging accuracy and the orbital errors in the radial, along-track, cross-track, and 3D directions are
shown in the Figures 3–6. From these figures, it can be clearly concluded that higher ranging accuracy
leads to lower orbital errors in every direction. It is because that observation errors which compose l in
Equation (15) are smaller during adjustment process. Average orbital errors of 60-LEO constellation
after POD with 40, 20, and 10 cm ranging accuracy are shown in the Table 3. When the ranging accuracy
is 40 cm, POD result is poor with average 3D error of 0.358 m but it turns to be much better when the
ranging accuracy is 20 or 10 cm. It can be calculated that compared to the ranging accuracy of 40 cm,
the 20 and 10 cm schemes bring about 76.0 and 93.9% 3D orbital error reductions, respectively.

Table 3. Average orbital errors of 60-LEO constellation under different ranging accuracies.

Direction
Ranging Accuracy

40 cm 20 cm 10 cm

Radial [m] 0.179 0.043 0.011
Along-track [m] 0.084 0.020 0.005
Cross-track [m] 0.272 0.065 0.016

3D [m] 0.358 0.086 0.022
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Then, several experiments are carried out to verify the impact of link numbers on the orbit
determination. It is obvious that the more satellites in a constellation, the more ISLs will be formed,
so we select 60-, 120-, and 192-LEO constellations detailed in the Table 1 for further study and the
20 cm ISL ranging accuracy is chosen for all constellations. The orbital errors of these constellations are
shown in the Figures 7–9. Figure 10 shows the average orbital errors in different directions of these
constellations. Average numbers of links per satellite in these constellations are 16.7, 33.0, and 51.5,
respectively. Obviously, the more satellites, the more links there are, which contributes to the smaller
orbital errors in all directions. It is because more link observations, which means the number of rows
in matrix l in Equation (15) are larger, brings stronger geometric constraints to the coordinates of the
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satellites. The average 3D orbital error is 0.086 m for 60-LEO constellation while the errors are 0.030 and
0.009 m for 120- and 192-LEO constellations with 65.1 and 89.5% reductions, respectively.
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are displayed.
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Figure 8. 120-LEO constellation orbital errors in radial, along-track, cross-track and 3D under 20 cm
ranging accuracy, in which satellite of PRN 1, 7, 13, . . . , 115 (divided at interval 6 of PRN number)
are displayed.
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Figure 9. 192-LEO constellation orbital errors in radial, along-track, cross-track and 3D under 20 cm
ranging accuracy, in which satellite of PRN 1, 10, 19, . . . , 190 (divided at interval 9 of PRN number)
are displayed.
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Figure 10. Average orbital errors under 20 cm ranging accuracy of the 60-LEO (red), 120-LEO (blue)
and 192-LEO (green) constellations.

4.3. POD with Reference Provided by Navigation Satellites

According to the above analysis, POD with ISLs gets bad performance in the case of center of
gravity reference when link ranging accuracy is poor and numbers of links are small. When the link
accuracy is 40 cm, average 3D orbital errors of 60-LEO constellation are 0.358 m, which can only
meet the demand of autonomous navigation. Compared to a center of gravity reference, a spatial
reference which is decided using GNSS data from onboard LEO receiver is more common in use
and it is confirmed to have better POD potential. In our study, two satellites in each constellation
are considered as “reference satellites” and their 3D coordinates, which are assumed to be decided
by navigation satellites, are simulated by adding 3 cm noises to the x, y, and z components of their
real coordinates.

The accuracy of POD can be improved with constraint of orbital parameters [43]. Previous studies
have shown that the predicted accuracy of RAAN is very high for the MEO and GEO satellites [25],
thus the orbit determination accuracy can be effectively improved by using the RAAN predicted value
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to impose constraints to the observation functions. Though the orbital parameters of the LEO satellites
are more changeable because of relatively low orbit altitudes, RAAN values of LEO satellites are still
stable within a few hours [44,45]. Therefore, it is feasible to constrain RAAN to improve the orbit
determination accuracy of LEO satellites during short periods.

Since more numbers of links bring better POD performance as mentioned above, 120- and 192-LEO
constellations are selected for test and the link ranging accuracies are both 20 cm. RAANs of each
orbit in both constellations are regarded as known values when computing the link ranging residuals
which form the matrix l in the network adjustment process as shown in Equation (13). Average link
ranging residuals and total numbers of links of both constellations are displayed in Table 4. It can
be calculated that when using known RAAN values as constraints, average ranging residuals get
68.0% reduction for 120-LEO constellation and 48.6% for 192-LEO constellation, which means the
elements that make up the matrix l in Equation (13) have smaller absolute values. Then, the orbital
errors of experimental constellations are shown in Figures 11 and 12. It can be clearly seen from the
figures in both constellations, orbital errors of all the satellites displayed are very small. For further
detailed analysis, average orbital errors of both constellations are shown in the Table 5. We can
conclude from the table that average orbital errors of both constellations in every direction are less than
1 cm and 192-LEO constellation achieves slightly better POD performance than 120-LEO constellation.
Obviously, with RAAN as the constraint, POD by using the reference provided by navigation satellites
reaches an extremely high precision. It could have resulted from the strong constellation geometry
with the constraints of RAANs and the given reference.

Table 4. Average link ranging residuals and total numbers of links of 120- and 192-LEO constellation.

Constellation
Ranging Residuals/m

Numbers of Links
Without RAAN Constraint With RAAN Constraint

120-LEO 0.344 0.110 1982
192-LEO 0.625 0.321 4942
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Figure 11. 120-LEO constellation orbital errors in radial, along-track, cross-track, and 3D under 20 cm
ranging accuracy, in which satellite of PRN 1, 7, 13, . . . , 115 (divided at interval 6 of PRN number)
are displayed.
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Figure 12. 192-LEO constellation orbital errors in radial, along-track, cross-track and 3D under 20 cm
ranging accuracy, in which satellite of PRN 1, 10, 19, . . . , 190 (divided at interval 9 of PRN number)
are displayed.

Table 5. Average orbital errors of 60- and 120-LEO constellations with references provided by
navigation satellites.

Constellation
Orbital Errors/m

Radial Along-Track Cross-Track 3D

120-LEO 0.005 0.002 0.008 0.010
192-LEO 0.003 0.001 0.005 0.006

5. Discussions

As a high-precision ranging method between satellites, ISLs have been proven by many scholars
to be used in the process of POD. Past researches focus on analyzing POD performance of MEO,
GEO, and IGSO navigation satellites with ISLs. For the first time, we have made a comprehensive
assessment of the POD performance of LEO satellites with ISLs. The results demonstrate the accuracy
is considerable because of strong geometric constraint from ISL observations. Moreover, according to
the numerical analysis, better link ranging accuracy and more numbers of links get better POD accuracy.
This is because there are more observations and smaller observation errors during the adjustment
process. Our study shows that future application of ISLs in the POD for LEO satellites is possible.

Limited by the absence of real LEO onboard data, all our work is based on simulation.
We only simulate dual-way observations which are used in the POD process. This simulation
strategy circumvents the refinement preprocessing of raw observation data so the POD process
is greatly simplified compared to the actual situation. Moreover, in the navigation constellations,
the establishment of ISLs usually adopts the principle of time division multiple access (e.g., BDS-3).
It means every satellite establishes links with other satellites according to the designed timeslot but
at an exact time there is only one link per satellite. For simplicity, we assume that at one point in
time, all satellites can be linked to multiple satellites to avoid epoch naturalization. For the above
reasons, our simulated data is somewhat inconsistent with real data. Therefore, the high-precision
orbit determination results in our study have not yet been tested in practical applications.

The method that we used for POD is a simple kinematic orbit determination based on the whole
network adjustment, but in common use reduced-dynamic orbit determination which take force
models into consideration is mainly adopted for the LEO satellites. It is a pity that we can’t find a
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proper force model for simulated constellation so we refer to previous studies using a simpler orbit
determination method. In the following study, we will improve our means of orbit determination.

In general, we have carried out some preliminary research by focusing on demonstrating the
feasibility of carrying out POD process for LEO satellites using ISLs. Subsequent study relies on the
refinement of data processing methods and the acquisition of actual ISL data.

6. Conclusions

We carry out research on LEO satellite POD using ISLs for the first time with designed constellations
and simulated ISL observations. The experimental results evidence that POD with ISLs can achieve
high precision for LEO satellites.

There are two commonly used ISL link topologies: “all-connected” link topology with theoretically
maximum numbers of links and “4-connected” link topology with constant four links per satellite.
Rough orbit determination tests show the average 3D orbital errors are 0.112 m with “4-connected” link
topology and 0.069 m with “all-connected” link topology in the 60-LEO constellation. POD performance
can be better demonstrated with “all-connected” link topology.

POD with center of gravity reference gets bad result when the ranging accuracy is poor and
numbers of links are smaller. In the 60-LEO constellation, average 3D orbital error is 0.358 m with 40 cm
ranging accuracy. The 20 cm ranging accuracy and the 10 cm ranging accuracy bring about 76.0% and
93.9% 3D orbital errors reductions compared to 40 cm ranging accuracy, respectively. Under the
same 20 cm ranging accuracy, the average 3D orbital errors of 120- and 192-LEO constellations are
0.030 and 0.009 m, with 65.1% and 89.5% reductions compared to the 60-LEO constellation, respectively.
Average 3D orbital errors are less than 10 cm for all constellations with 20 cm ranging accuracy.
POD results with the center of gravity reference show the better link ranging accuracy and the more
numbers of links bring the better orbit determination performance.

With RAAN as the constraint, POD by using the reference provided by navigation satellites
reaches an extremely high precision. Under 20 cm link accuracy, average orbital errors of 120-LEO
constellation are 0.005 m in the radial, 0.002 m in the along-track, and 0.008 m in the cross-track and
the 3D orbital error is 0.010 m. Average orbital errors of 192-LEO constellation are slightly better than
120-LEO constellation, with 0.003 m in the radial, 0.001 m in the along-track, 0.005 m in the cross-track,
and 0.006 m in the 3D.

In summary, high-precision dual-way ranging based on ISLs enables POD for LEO satellites.
Generally, with better link ranging accuracy, more numbers of links, and better POD performance can
be achieved.

Author Contributions: All authors contributed to the writing of this manuscript. X.L. (Xingxing Li), Z.J. and F.M.
conceived and designed the experiments. Z.J. and F.M. processed the data, drew the pictures, and investigated the
results. H.L., Y.Y. and X.L. (Xin Li) validated the data.

Funding: This study is financially supported by the National Natural Science Foundation of China
(Grant No. 41774030), the Hubei Province Natural Science Foundation of China (Grant No. 2018CFA081),
the Wuhan Science and Technology Project (Grant No. 2018010401011270), and the National Youth Thousand
Talents Program.

Acknowledgments: We are very grateful to the reviewers and the editors for their helpful remarks for improving
the manuscript. Meanwhile, we would also like to express our gratitude to Yanling Chen from Shanghai
Astronomical Observatory, Chinese Academy of Sciences. She enthusiastically provided guidance for our study,
bringing great help to the early research. In addition, our codes for the research have adopted several functions
from open source library RTKLIB. We sincerely thank the code founder Tomoji Takasu as well as other people who
have contributed to improving RTKLIB.

Conflicts of Interest: The authors declare no conflict of interest.

References

1. Schutz, B.E.; Tapley, B.D.; Abusali, P.A.M.; Rim, H.J. Dynamic orbit determination using GPS measurements
from TOPEX/POSEIDON. Geophys. Res. Lett. 1994, 21, 2179–2182. [CrossRef]

http://dx.doi.org/10.1029/94GL01040


Remote Sens. 2019, 11, 2117 16 of 17

2. Xu, T.; He, K. Geometry orbit determination of GEO satellite attending to systematic errors. J. Geod. Geodyn.
2009, 29, 64–69. (In Chinese)

3. Wu, B.; Peng, B. GPS Low Earth Orbit Determination-Method and Example. Geodesy and Geodynamic Advancement;
Hubei Science & Technology Press: Wuhan, China, 2004. (In Chinese)

4. Huang, G.; Yan, X.; Zhang, Q.; Liu, C.; Wang, L.; Qin, Z. Estimation of antenna phase center offset for BDS
IGSO and MEO satellites. GPS Solut. 2018, 22, 49. [CrossRef]

5. Arnold, D.; Meindl, M.; Beutler, G.; Dach, R.; Schaer, S.; Lutz, S.; Prange, L.; Sośnica, K.; Mervart, L.; Jäggi, A.
Code’s new solar radiation pressure model for GNSS orbit determination. J. Geod. 2015, 89, 775–791. [CrossRef]

6. Menn, M.D.; Bemstein, H. Ephemeris observability issues in the global positioning system (GPS) autonomous
navigation (AUTONAV). In Proceedings of the 1994 IEEE Position, Location and Navigation Symposium
(PLANS’94), Las Vegas, NV, USA, 11–15 April 1994; pp. 677–680.

7. Rajan, J.; Brodie, P.; Rawicz, H. Modernizing GPS autonomous navigation with anchor capability.
In Proceedings of the 16th International Technical Meeting of the Satellite Division of the Institute of
Navigation (ION GPS/GNSS 2003), Portland, OR, USA, 9–12 September 2003; pp. 1534–1542.

8. Rajan, J.; Orr, M.; Wang, P. On-orbit validation of GPS IIR autonomous navigation. In Proceedings of the 59th
Annual Meeting of the Institute of Navigation and CIGTF 22nd Guidance Test Symposium, Albuquerque,
New Mexico, 23–25 June 2003; pp. 411–419.

9. Yang, N.; Chen, L. ISL Analysis of Navigation Satellite System. GNSS World China 2007, 32, 17–20. (In Chinese)
10. Lin, Y.; He, S.; Zheng, J.; Chun, H. Development recommendation of inter-satellites links in GNSS. Spacecr. Eng.

2010, 19, 1–7. (In Chinese)
11. Palmerini, G.B.; Sabatini, M.; Gasbarri, P.; Schirone, L.; Macellari, M. Moderate accuracy relative navigation

in formation flying by filtered radio measurements. In Proceedings of the 2015 IEEE Aerospace Conference,
Big Sky, MT, USA, 7–14 March 2015.

12. Sheard, B.S.; Heinzel, G.; Danzmann, K.; Shaddock, D.A.; Klipstein, W.M.; Folkner, W.M. Intersatellite laser
ranging instrument for the GRACE follow-on mission. J. Geod. 2012, 86, 1083–1095. [CrossRef]

13. Maine, K.P.; Anderson, P.; Langer, J. Crosslinks for next generation GPS. In Proceedings of the 2003 IEEE
Aerospace Conference Proceedings, Big Sky, MT, USA, 8–15 March 2003; pp. 1589–1595. [CrossRef]

14. Ananda, M.P.; Bernstein, H.; Cunningham, K.E.; Feess, W.A.; Stroud, E.G. Global positioning system (GPS)
autonomous navigation. In Proceedings of the IEEE Symposium on Position Location and Navigation.
A Decade of Excellence in the Navigation Sciences, Las Vegas, NV, USA, 20–20 March 1990; pp. 497–508.

15. Luba, O.; Boyd, L.; Gower, A.; Crum, J. GPS III system operations concepts. IEEE Aerosp. Electron. Syst. Mag.
2005, 20, 10–18. [CrossRef]

16. Rajan, J.A. Highlights of GPS II-R autonomous navigation. In Proceedings of the 58th Annual Meeting of the
Institute of Navigation and CIGTF 21st Guidance Test Symposium, Albuquerque, NM, USA, 24–26 June 2002;
pp. 354–363.

17. Zhu, J. Research on Orbit Determination and Time Synchronizing of Navigation Satellite Based on Crosslinks.
Research; National University of Defense Technology: Changsha, China, 2011.

18. Gruss, M. Launch of First GPS 3 Satellite Now Not Expected until 2017. Available online: https://spacenews.
com/launch-of-first-gps-3-satellite-now-not-expected-until-2017/ (accessed on 24 February 2015).

19. Fernández, F.A. Inter-satellite ranging and inter-satellite communication links for enhancing GNSS satellite
broadcast navigation data. Adv. Space Res. 2011, 47, 786–801. [CrossRef]

20. Li, L.; Geng, G.; Li, Z. Study of the Development of the Inter-Satellite Links in Foreign GNSS.
J. Geomat. Sci. Technol. 2016, 33, 133–138. (In Chinese)

21. Gerlin, F.; Laurenti, N.; Naletto, G.; Vallone, G.; Villoresi, P.; Bonino, L.; Mottini, S.; Sodnik, Z.
Design optimization for quantum communications in a GNSS intersatellite network. In Proceedings
of the 2013 International Conference on Localization and GNSS (ICL-GNSS), Turin, Italy, 25–27 June 2013.

22. Meng, Y.N.; Fan, S.W.; Yang, Q.W. Feasibility study on the use of satellite links between GNSS high-orbit
spacecraft orbit determination. Spacecr. Eng. 2015, 2015, 31–37.

23. Ignatovich, E.I.; Schekutje, A.F. Results of Imitating Tests of Some Versions of Onboard Algorithms for SC
GLONASS Inter-Satellite Measurement Processing. In Proceedings of the 15th Saint Petersburg International
Conference on Integrated Navigation Systems, Saint Petersburg, Russia, 26–28 May 2008; pp. 348–355.

24. Yang, D.; Yang, J.; Li, G.; Zhou, Y.; Tang, C. Globalization highlight: Orbit determination using BeiDou
inter-satellite ranging measurements. GPS Solut. 2017, 21, 1395–1404. [CrossRef]

http://dx.doi.org/10.1007/s10291-018-0716-z
http://dx.doi.org/10.1007/s00190-015-0814-4
http://dx.doi.org/10.1007/s00190-012-0566-3
http://dx.doi.org/10.1109/AERO.2003.1235087
http://dx.doi.org/10.1109/MAES.2005.1396789
https://spacenews.com/launch-of-first-gps-3-satellite-now-not-expected-until-2017/
https://spacenews.com/launch-of-first-gps-3-satellite-now-not-expected-until-2017/
http://dx.doi.org/10.1016/j.asr.2010.10.002
http://dx.doi.org/10.1007/s10291-017-0626-5


Remote Sens. 2019, 11, 2117 17 of 17

25. Chen, Y.; Hu, X.; Zhou, S.; Song, X.; Huang, Y.; Mao, Y.; Huang, C.; Chang, Z.; Wu, S. A new autonomous
orbit determination algorithm based on inter-satellite ranging measurements. Sci. Sin. Phys. Mech. Astron.
2015, 45, 079511. (In Chinese)

26. Feng, L.; Mao, Y.; Song, X.; Sun, B. Analysis of the accuracy of Beidou combined orbit determination enhanced
by LEO and ISL. Acta Geod. et. Cartogr. Sin. 2016, 45, 109–115. (In Chinese)

27. Ren, X.; Yang, Y.; Zhu, J.; Xu, T. Orbit determination of the next-generation BeiDou satellites with inter-satellite
link measurements and a priori orbit constraints. Adv. Space Res. 2017, 60, 2155–2165. [CrossRef]

28. Tang, C.; Hu, X.; Zhou, S.; Liu, L.; Pan, J.; Chen, L.; Guo, R.; Zhu, L.; Hu, G.; Li, X.; et al. Initial results of
centralized autonomous orbit determination of the new-generation BDS satellites with inter-satellite link
measurements. J. Geod. 2016, 92, 1155–1169. [CrossRef]

29. Xie, X.; Geng, T.; Zhao, Q.; Cai, H.; Zhang, F.; Wang, X.; Meng, Y. Precise orbit determination for BDS-3
satellites using satellite-ground and inter-satellite link observations. GPS Solut. 2019, 23, 40. [CrossRef]

30. Zhu, S.; Reigber, C.; Konig, R. Integrated adjustment of CHAMP, GRACE, and GPS data. J. Geod. 2004,
78, 103–108. [CrossRef]

31. Li, X.; Zhang, K.; Zhang, Q.; Zhang, W.; Yuan, Y.; Li, X. Integrated orbit determination of FengYun-3C, BDS,
and GPS satellites. J. Geophys. Res. Solid Earth. 2018, 123, 8143–8160. [CrossRef]

32. Geng, J.; Shi, C.; Zhao, Q.; Ge, M.; Liu, J. Integrated adjustment of LEO and GPS in precision orbit
determination. In Proceedings of the VI Hotine-Marussi Symposium on Theoretical and Computational
Geodesy, Berlin, Germany, 29 May–2 June 2006. [CrossRef]

33. Li, X.; Ma, F.; Li, X.; Lv, H.; Bian, L.; Jiang, Z.; Zhang, X. LEO constellation-augmented multi-GNSS for rapid
PPP convergence. J. Geod. 2019, 93, 749–764. [CrossRef]

34. WWW.CCTV.COM. Available online: https://news.cctv.com/2018/12/30/ARTIgKeCAi4dbwr6vlerg25U181230.
shtml (accessed on 30 December 2018).

35. Song, X.; Mao, Y.; Feng, L.; Jia, X.; Ji, J. The preliminary result and analysis for BD orbit determination with
inter-satellite link data. Acta Geod. et. Cartogr. Sin. 2017, 46, 547–553. (In Chinese)

36. Wang, H.; Xie, J.; Zhuang, J.; Wang, Z. Performance analysis and progress of inter-satellite-link of Beidou
system. In Proceedings of the 30th International Technical Meeting of the Satellite Division of The Institute
of Navigation (ION GNSS+ 2017), Portland, Oregon, 25–29 September 2017; pp. 1178–1185. [CrossRef]

37. Guo, R.; Hu, X.; Tang, B.; Huang, Y.; Liu, L.; Cheng, L.; He, F. Precise orbit determination for geostationary
satellites with multiple tracking techniques. Chin. Sci. Bull. 2010, 55, 687–692. [CrossRef]

38. Han, S.; Gui, Q.; Li, J.; Po, C.; Du, Y. Analysis of the routing algorithm and using probability of inter-satellite
link in walker-δ constellation. Lect. Notes Electr. Eng. 2012, 161, 333–341.

39. Keller, H.; Salzwedel, H. Link strategy for the mobile satellite system iridium. In Proceedings of the Vehicular
Technology Conference-VTC, Atlanta, GA, USA, 28 April–1 May 1996; pp. 1220–1224.

40. Mao, Y.; Song, X.; Jia, X.; Wu, X. Naturalisation method research on inter-satellite link observation data.
Geomat. Inf. Sci. Wuhan Univ. 2013, 38, 1201–1206. (In Chinese)

41. Zhu, J.; Wen, Y.; Chen, Z.; Liao, Y.; Pan, W. Research on modeling and simulation of semi-autonomous
orbit determination for satellite navigation constellation. In Proceedings of the 2008 Asia Simulation
Conference—7th International Conference on System Simulation and Scientific Computing, Beijing, China,
10–12 October 2008; pp. 252–257.

42. Fan, B.; Li, G.; Li, P.; Yi, W.; Yang, Z.; Yang, Z. Adjustment of a Laser Interferometer 3D Rank-defect
Free-network. Geomat. Inf. Sci. Wuhan Univ. 2015, 40, 222–232. (In Chinese)

43. Chen, J.; Jiao, W.; Ma, J. Autonav of navigation satellite constellation based on crosslink range and orientation
parameters constraining. Geomat. Inf. Sci. Wuhan Univ. 2005, 30, 439–443. (In Chinese)

44. Ma, K.; Peng, B.; Hong, Y. LEO satellite ephemeris parameters fitting method based on orbit character of
satellite. J. Geod. Geodyn. 2007, 27, 85–90. (In Chinese)

45. Liu, Q.; Liu, F.; Ju, T. Ephemeris Parameters Fitting Method for Low Eccentricity LEO Satellite. Spacecr. Eng.
2010, 19, 17–22. (In Chinese)

© 2019 by the authors. Licensee MDPI, Basel, Switzerland. This article is an open access
article distributed under the terms and conditions of the Creative Commons Attribution
(CC BY) license (http://creativecommons.org/licenses/by/4.0/).

http://dx.doi.org/10.1016/j.asr.2017.08.024
http://dx.doi.org/10.1007/s00190-018-1113-7
http://dx.doi.org/10.1007/s10291-019-0823-5
http://dx.doi.org/10.1007/s00190-004-0379-0
http://dx.doi.org/10.1029/2018JB015481
http://dx.doi.org/10.1007/978-3-540-74584-6_20
http://dx.doi.org/10.1007/s00190-018-1195-2
https://news.cctv.com/2018/12/30/ARTIgKeCAi4dbwr6vlerg25U181230.shtml
https://news.cctv.com/2018/12/30/ARTIgKeCAi4dbwr6vlerg25U181230.shtml
http://dx.doi.org/10.33012/2017.15204
http://dx.doi.org/10.1007/s11434-010-0074-x
http://creativecommons.org/
http://creativecommons.org/licenses/by/4.0/.

	Introduction 
	ISL Observation Model 
	Simulation and Method 
	LEO Constellation Design 
	ISL Topology Design 
	ISL Observation Simulation 
	POD Methods 

	Results and Analyses 
	Test with Different Link Topologies 
	POD with Center of Gravity Reference 
	POD with Reference Provided by Navigation Satellites 

	Discussions 
	Conclusions 
	References

