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Abstract: Hydraulic fracturing is an essential technique for the development of shale gas, due to the
low permeability in formation. Abundant natural fractures contained in a formation are indispensable
for the development of a fracture network. In this paper, a damage-stress-seepage coupled hydraulic
fracture expansion model, based on the extended finite element method, is established. The simulation
results show that shear failure occurs when the hydraulic fracture interacts with a frictional natural
fracture, while tensile failure occurs when it interacts with a cement natural fracture. Low interaction
angles and high tensile strength of the rock are beneficial for the generation of a complex fracture
network. Furthermore, under the same geological conditions and injection parameters, frictional
natural fractures are more beneficial for the generation of a complex fracture network, when compared
with cement natural fractures. This can not only effectively increase the propagation length of the
natural fracture, but also effectively reduce its reactive resistance. This research is of great significance
for the efficient exploitation of unconventional oil and gas resources.
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1. Introduction

Hydraulic fracturing is an important technique for shale reservoirs and the exploitation of tight
sand reservoirs [1,2]. A single planar fracture is insufficient for the successful economic extraction
of an unconventional resource, and a complex fracture network is necessary to achieve economic
development [3,4]. Due to a large number of natural fractures (NFs) existing in shale formations, which
has a great effect on the hydraulic fracture (HF) propagation [2,5–7], it is necessary to correctly predict
the development of a complex fracture network during fracturing treatments, in order to optimize
stimulation designs and completion strategies.

Theoretical and experimental investigation are the main methods used to analyze the interactions
between natural fractures and the hydraulic fracture. Experimental results indicate that a hydraulic
fracture can cross the weak plane when it comes across a natural fracture, and that a natural
fracture cannot change the direction of propagation of the hydraulic fracture [8–12]. Furthermore,
the experimental results suggest that the approach angle, the strength of the natural fracture, and the
difference in the principal stress are the three predominant factors that affect fracture propagation
when a hydraulic fracture comes across a natural fracture [13]. Some experiments demonstrated
that the treatment parameters of hydraulic fracturing also have a great effect on the propagation of
a hydraulic fracture when it comes across a natural fracture, where increasing the injection rate or
fracturing fluid viscosity can increase the possibility that a hydraulic fracture will come across a natural
fracture [14–16]. Limited by the theoretical and experimental investigations, numerical simulations play
an important role in understanding the interactions between natural fractures and hydraulic fractures.
The displacement discontinuity method (DDM) [17,18], the distinct element method (DEM) [19–23],
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and the finite element method (FEM) [5,19,20] are the most widely used numerical techniques for
modeling hydraulic fracturing. However, there exist some difficulties in modeling fracture propagation
in a fractured formation. As the fracture extension trajectory is predefined in DDM, it cannot simulate
the fracture deflection caused by induced stress. Although the DEM can effectively simulate the
interaction process between a hydraulic fracture and a natural fracture, it is difficult to describe
the actual dynamics of hydraulic fracture and natural fracture propagation, due to the extensive
calculations required and an inability to consider the formation of new fractures in the simulation
process. The extended finite element is a promising method for the simulation of fracture propagation,
as it does not pre-define the fracture propagation trajectory; thus, it can effectively simulate the fracture
deflection caused by stress field alternation. In addition, it avoids mesh updating in the calculation,
such that the calculation efficiency can be improved greatly. Furthermore, interactions between natural
fractures and the hydraulic fracture can be effectively simulated. Thus, the extended finite element
method was selected to simulate the fracture interaction in fractured formation in this paper.

On the basis of the extended finite element theory and the cohesive element method, a two-
dimensional (2D) fracture propagation model which simulates hydraulic fracture propagation in a
fracture formation is established. In this research, natural fractures are divided into two different types
corresponding to two different failure modes. The different interaction criteria between NFs and HFs
are demonstrated in the model. This research is of great importance for investigating the interaction
mechanisms involved when a hydraulic fracture propagates in a fractured formation, which can help
us to understand the formation mechanisms of complex fracture networks.

2. Methodology

2.1. Governing Equations

As indicated in Figure 1, a 2D homogeneous medium (Ω) contains a natural fracture NF, which can
interact with the HF. The prescribed tractions t and the displacements

_
u are imposed on the boundary

(Γt and Γu, respectively). For simplicity, it is assumed that the fluid is incompressible and that the
propagation of the fracture is a quasi-static process. The fracturing fluid leak-off into the matrix is
considered by the Carter leak-off model.
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Figure 1. Domain containing a hydraulic fracture (HF) and a natural fracture (NF).

The equilibrium equation of the domain and the boundary conditions can be expressed as

∇·σ+ b = 0 in Ω
u = u on Γu

σ·n = t on Γt

σ·nΓHF = pnΓHF on ΓHF

σ·nΓNF = tcont on ΓNF

, (1)
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where σ is the Cauchy stress tensor, b is the body force, p is the fluid pressure, and tcont is the traction
acting on the surface of the NF and HF.

2.2. Fracture Propagation Criterion

The fracture propagation criterion, based on linear elastic fracture mechanics (LEFM), assumes
that there is a fracture process zone near the fracture tip. Compared with the fracture size, the material
shows very little inelastic behavior. Fracture propagation occurs when the stress intensity factor exceeds
the material strength. Nevertheless, the adequacy of this assumption is questionable, as fracture
propagation in quasi-brittle and ductile materials leads to significant plastic deformation around the
fracture tip due to a shared failure. In addition, even for brittle materials, the fracture course area
can become concentrated at a single point, and initial cracks need to exist for LEFM to apply [13,14].
The bond zone model is a simple model which is suitable for processing zones and materials that fail
as a result of crack propagation and coalescence.

The constitutive behavior of the viscous region is defined by the traction–separation relationship.
The elastic behavior is represented by an elastic constitutive matrix, which links the normal stress and
shear stress with the normal and shear separation of crack elements.

t =


tn

ts

tt

 =


Knn 0 0

0 Kss 0
0 0 Ktt



δn

δs

δt

 = Kδ. (2)

The nominal traction stress vector t consists of the components tn, ts, and tt, which represent the
normal and the two shear tractions, respectively. The corresponding separations are denoted by δn, δs,
and δt.

Damage modeling can be used to simulate the degradation and ultimate failure of the strengthening
elements. The failure mechanism consists of two parts: the damage initiation criterion and the damage
evolution law. In this law (Figure 2), the element does not undergo damage under pure compression
unless the traction reaches the cohesive strength T0 or if the separation reaches the displacement of
damage δ0. When δ exceeds δ0, the traction decreases to 0 as the displacement increases and the
cohesive element is completely damaged.
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The damage initiation criterion is defined as follows:

f =
{
〈tn〉

t0
n

}2

+

{
ts

t0
s

}2

+

 tt

t0
t


2

, (3)

where tn is the stress in the nominal stress (Pa), ts is the stress in the first shear direction (Pa), tt is the
stress in the second shear direction (Pa), t0

n is the peak value stress in the nominal stress (Pa), t0
s is
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the peak value in the first shear direction (Pa), and t0
t is the peak value in the second shear direction

(Pa). The Macaulay bracket < > in the normal direction signifies that pure compression does not
initiate damage.

2.3. Damage Evaluation

The damage evolution law describes the rate at which the material stiffness is degraded once the
corresponding initiation criterion is reached. In this model, the damage law is described as follows:

tn =

{
(1−D)tn, tn ≥ 0

tn, tn < 0
, (4)

ts = (1−D)ts, (5)

tt = (1−D)tt, (6)

where D is the overall damage in the material and captures the combined effects of all the active
mechanisms; the initial value of D is 0. If the evolution of the damage is modeled, D monotonically
evolves from 0 to 1 after the damage starts and further loads. The parameters tn, ts, and tt are the stress
components predicted by the elastic traction separation behavior of the current strain without damage.

D =
δ

f
m

(
δmax

m − δ0
m

)
δmax

m

(
δ

f
m − δ

0
m

) , (7)

where δm =
√
〈δn〉

2 + δ2
s + δ2

t , δ0
m is the effective displacement at damage initiation, and δmax

m is the
maximum value of the effective displacement attained during the loading history.

2.4. Fluid Flow within the Fractures

In the model, the leakage of fracturing fluid from the fracture to the matrix is considered. The Biot
theory is employed in an updated Lagrangian framework. The governing equations of a deformable
porous medium are presented for the solid–fluid mixture in the framework of Biot’s theory [24], and the
fluid flow in the fracture and the proppant transport within the fracture are controlled by a UMAT
(user-defined material mechanical behavior) subroutine [25,26].

∇·σ− ρ
..
u + ρb = 0, (8)

∇·

[
k f

(
−∇p− ρ f

..
u + ρ f b

)]
+ α∇·

.
u +

1
Q

.
p = 0. (9)

The fluid flow through the discontinuity is modeled by the continuity equation for the fluid flow
within the fracture, which can be written according to Equation (10).

∇·
.

w + α∇·
.
u +

1
k f

.
p = 0. (10)

For a viscous fluid flow with Newtonian rheology, the fracture permeability is estimated, using
the cubic law, as follows:

k f =
1
β

w2

12µ f
. (11)

The Carter leak-off model [18] is introduced to describe the normal flow of hydraulic fracturing.
In the simulation, the leak-off of the fracturing fluid through the fracture faces into the surrounding
medium is calculated by the Carter leak-off model.
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The normal flow rates at the top and bottom sides of the cohesive element are defined as{
qt = ct(pi − pt)

qb = cb(pi − pb)
. (12)

According to the fluid mass balance, at a certain period, part of the injected fluid fills the fracture
and the rest is lost to the rock matrix, as shown in the following equation:

∂d
∂t

+∇·q + (qt + qb) = qinjδ(x, y). (13)

Then, the control equation of the rock matrix involves coupling the fluid flow and rock deformation,
as follows:

σi j − σ
0
i j =

E
1 + v

(
εi j +

v
1− 2v

εkkδi j

)
− α

(
pw − p0

w

)
δi j, (14)

where b is the body force, ρ is the average density of the solid–fluid mixture, ρ f is the density of the
fracturing fluid, p is the total fluid pressure, Q is the pump ratio, w is the fracture width, ct and cb
are the leak-off coefficients of the top and bottom faces of the element, respectively, and pi, pt, and pb
are the inner pressure of the element, the pressure of the top face, and the pressure of the bottom
face, respectively.

2.5. The Extended Finite Element Method

Crack propagation is described by the Heaviside step function and the two-dimensional linear
elastic progressive crack-tip displacement field. Relative to the basic finite element mesh, the locations
of fracture discontinuities can be arbitrary, and the fracture propagation simulation can be carried out
without changing as the fracture advances. For a displacement vector function u, the unit enrichment
partition is approximated by

u =
N∑

i=1

Ni(x)[ui + H(x)ai +
4∑

α=1

Fα(x)bαi ], (15)

where Ni(x)—the first term on the right-hand side—is the normal nodal shape function, ui is a common
nodal displacement vector associated with the continuous part of the finite element solution, ai is the
product of the nodal enriched degree-of-freedom vector, H(x) is the Heaviside function, bαi is the product
of the nodal enriched degree-of-freedom vector, and Fα(x) represents the associated elastic asymptotic
fracture-tip functions. The first term on the right-hand side is applicable to all nodes in the model, the
second term is valid only for nodes whose shape function support is cut by the fracture interior, and the
third term is used only for nodes whose shape function support is cut by the fracture tip.

The asymptotic fracture-tip functions Fα(x) are given by

Fα(x) =
[
√

rsin
θ
2

,
√

rcos
θ
2

,
√

rsin
θ
2

sin θ,
√

rcos
θ
2

sinθ
]
, (16)

where (r,θ) represents a polar co-ordinate system with origin at the fracture tip, and θ = 0 is tangential
to the fracture at the tip. These functions span the elastostatic asymptotic fracture-tip function, where
√

rsinθ2 accounts for the discontinuity on the fracture face.
The level set method is used to track mobile interfaces and describe interfaces in the domain. In this

method, the real interface is treated as a new interface with the same order as the original domain.
In this paper, the interface is represented by a zero-order set of functions one dimension higher than
the dimension of the interface, which evolves by solving the hyperbolic conservation law. The most
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common level set function is the signed distance function, which is used to represent the location of
the interface.

ϕ(x) = ‖x− x∗‖sign
(
nΓd ·(x− x∗)

)
, (17)

where x∗ is the closest-point projection of x onto the discontinuity nΓd , nΓd is the normal vector to the
interface at the point x∗, ‖ ‖ denotes the Euclidean norm, and ‖x− x∗‖ specifies the distance from the
point x to the discontinuity Γd.

In Equation (15), the symbols on both sides of the closed interface are different. With this definition,
the discontinuity can be implicitly expressed as the zero-level contour of the level set function.

H(ϕ(x)) =
{
−1 i f ϕ(x) < 0
1 i f ϕ(x) > 0

. (18)

2.6. Discretization of Governing Equations

By substituting the approximation in Equation (15) into the weak form of the equilibrium equation,
the discretized form of the equilibrium equation can be obtained.

KU−QP− Fext = 0. (19)

To approximate the one-dimensional pressure field inside the hydraulic fracture, the hydraulic
fracture interface is discretized into fluid elements, as shown in Figure 3, and the pressure field can be
approximated by the finite element method; that is,

p(s) =
∑

I∈Sh f

NP
I (s)PI. (20)

By substituting Equation (20) into Equation (13), the discretized form of the fluid flow equation is
derived as

QT∆U + ∆tHP + ∆tS = 0, (21)

where K is the global stiffness matrix, U is the global nodal displacement, P is the nodal pressure vector,
Q is the coupling matrix, Fext is the external loading vector, and H is the flow matrix.Energies 2019, 12, x FOR PEER REVIEW 6 of 14 
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2.7. The Fluid–Solid Coupling Method

The hydraulic fracturing model presented in this research involves three physical processes:
(1) deformation of rock surface, (2) hydraulic fracture propagation induced by the hydraulic pressure,
and (3) interaction between natural fractures and the hydraulic fracture. The coupled problem
can be solved by three main steps during each time step. The first step involves determining the
state of each fracture, i.e., whether the HFs are driven by fluid and the contact status of each NF.
The Newton–Raphson iterative method based on the penalty method is adopted to solve the discretized
non-linear equilibrium equation to determine the contact status. The second step involves iteratively
solving the coupling between the deformation of HFs and the fluid flow within the fractures using
the Newton–Raphson method. The third step involves calculating the stress state of each fracture tip;
then, the location of each fracture tip is updated according to the crack propagation criterion. Figure 4
shows the flow chart of the coupled approach within each time step.
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3. Simulation and Results

3.1. Verification

The published experimental results in Reference [19] were used to verify the effectiveness of the
model. To improve the model’s computing speed, a 2D hydraulic fracturing model with coupled
fracture surface deformation and pore pressure was proposed (see Figure 2). The dimensions of the
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model were 100 × 100 m2, the length of the natural fracture was 6.0 m, and the injection position of the
fracturing fluid was located at the left edge of the model. The Young’s modulus E and Poisson’s ratio v
were 21.6 GPa and 0.28, respectively. The tensile strength of the rock sample was 6.28 MPa, and the
other parameters of the model were consistent with the experiment. The simulation was considered
completed when the HF came across the NF. The effective stress distribution around the fractures with
an interaction angle of 45◦ is shown in Figure 5. When the stress difference was 7.0 MPa, it is evident
that a stress concentration formed at the tip of the hydraulic fracture, which demonstrates that no shear
slip occurred along the natural fracture surface. When the stress difference was decreased to 4.5 MPa,
the stress concentration mainly appeared along the natural fracture surface; thus, it can be concluded
that a slip failure occurred along the natural fracture surface. From the extended Renshaw and Pollard
criterion [20], the interaction between the HF and NF can be predicted, and the comparison results
between numerical simulations and experimental results are shown in Figure 6. The comparison
indicates that the numerical results were consistent with the experimental results.
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3.2. HF Interaction with Frictional NF

In the simulation, the four edges of the model were fixed, and the initial porosity of the model
was 3.7%. It was assumed that the reservoir was homogeneous, and the natural fracture was closed
completely. The dimensions of the model were 100 × 100 m2, and the injection position of fracturing
fluid was at the middle of the left edge. The frictional NF, with a length of 6 m, was located in the middle
of the model, in order to effectively decrease the boundary effect caused by the model size. The other
parameters in the model are shown in Table 1. From the simulation results, it was demonstrated that a
T-shaped fracture network formed when the interaction angles were 15◦ and 30◦, while it changed
to an L-shaped fracture network when the interaction angles were 45◦ and 60◦ (Figure 7). The stress
concentration mainly occurred along the natural fracture surface. Figure 8 indicates that the natural
fracture and net pressure in the natural fracture were asymmetrically distributed along the fracture
length. The upper branch had a longer extension length than that of the lower branch, but the fracture
width of the upper branch was obviously smaller than that of the lower branch.

Table 1. Key parameters of hydraulic fracturing model. NF—natural fracture.

Parameters Value

Young’s modulus (E) 30.5 GPa
Poisson’s ratio (v) 0.27

Friction coefficient of NF (µ f ) 0.32
Tensile strength of rock (T0) 6.78

Fracture toughness of rock (KIC) 2.5 MPa·m1/2

Viscosity of fracturing fluid (µ) 1.0 Pa·s
Fluid pump rate (Q) 0.001 m2/s

Maximum horizontal stress (σH) 42.6 MPa
Minimum horizontal stress (σh) 40.5 MPa
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3.3. HF Interaction with Cement NF

Next, a similar hydraulic fracturing model was established to discover the different interaction
mechanisms between the hydraulic fracture and natural fractures. In this model, the frictional natural
fracture was changed to a cement natural fracture; furthermore, the rock toughness (Krock

IC ) was set as

2.5 MPa·m1/2, and the natural fracture toughness (K f rac
IC ) was set as 1.4 MPa·m1/2. The critical strain

energy release rate ratio between a cement NF and the rock matrix was 0.36. When the interaction
angles were 15◦, 30, 45◦, and 60◦, the magnitudes of the strain energy release rate ratio were 0.731, 0.547,
0.481, and 0.374, respectively, which were higher than the critical strain energy release rate ratio. Thus,
the hydraulic fracture was arrested by the natural fracture and propagated along the upper branch
of the natural fracture; thus, an L-shaped fracture network formed (see Figure 9). The lower branch
of the natural fracture kept its initial state without opening and had no influence on the interaction
between NF and HF, as the bottom of NF was bonded by the cement. Under this condition, the stress
concentration mainly formed at the tip of the HF. The fracture width and net pressure of the natural
fracture along the natural fracture is indicated in Figure 7. It can be concluded that the fracture width of
natural fracture decreased with an increase in interaction angle. However, an abrupt change occurred
at the interaction point and, thus, a higher net pressure was created.
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4. Discussion

The simulation results indicate that the opening degrees of frictional natural fractures were
much higher than those of cemented NFs, and that, under the same stress field and interaction
angle, their resistance against fracture opening was lower than that of cemented natural fractures.
For frictional natural fractures, shear failure was the main failure mode, due to the stress concentration
occurring along the natural fracture surface. Meanwhile, the failure mode of the cement natural
fractures followed the tensile failure mode. When the interaction angle was 15◦, the propagation
length of the frictional natural fracture was 5.4 m; in contrast, it was only 2.7 m for the cement natural
fracture. The net pressure of the frictional natural fracture was also less than that of cement natural
fracture, which indicates that frictional natural fractures are more beneficial for the generation of a
fracture network. It also should be noted that a higher net pressure was seen to contribute to a wider
natural fracture width. From Figures 8 and 10, it can be seen that the fracture widths of frictional
natural fractures were wider than those of cement natural fractures. In addition, a T-shaped fracture
system was formed when the HF interacted with a frictional NF at a low interaction angles, which
changed to an L-shaped fracture system with an increase in interaction angle. When the hydraulic
fracture interacted with the cement fractures, only an L-shaped fracture system was created in the
formation. From the simulations, it can be concluded that the upper branch of a natural fracture is
much easier to reactivate, compared with the lower branch.
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From the simulations carried out, it can be concluded that the complexity of the fracture network
generated by hydraulic fracturing technology in a formation is closely related to the interaction angle
and the strength of the NFs present. Smaller interaction angles and low cement strengths of the NFs
often contribute to the formation of a complex fracture network. Under the same geological conditions
and injection parameters, hydraulic fracturing can generate a more complex fracture network when
the HF interacts with frictional NFs.

5. Conclusions

In this paper, a 2D hydraulic fracturing model with fully coupled rock deformation and pore
pressure was established to understand the interaction mechanisms between natural fractures and
hydraulic fractures. The effects of interaction angle, frictional NF, and cement NF on the formed
fracture network were analyzed, and the conclusions drawn are as follows:

(1) In an interaction between a hydraulic fracture and a frictional natural fracture, a lower
interaction angle is beneficial for the generation of a fracture network in formation. As the interaction
angle increases, the fracture system changes from T-shaped to L-shaped, and the bottom branch of the
natural fracture cannot be reactivated at higher interaction angles.

(2) In an interaction between a hydraulic fracture and a cement natural fracture, an L-shaped
fracture system is created in formation, and the opening degree of the cement natural fracture decreases
with an increase of interaction angle. Thus, a low interaction angle and high rock toughness are
beneficial for the generation of a complex fracture network.

(3) By comparing the interaction dynamics of hydraulic fractures with the two different natural
fractures mentioned above, we found that shear failure is the main failure mode, and that the stress
concentration occurs along the natural fracture surface, while the main failure mode of cement fractures



Energies 2019, 12, 4477 13 of 14

is the tensile failure mode. Frictional natural fractures are determined to be more beneficial for complex
fracture network generation in formation.
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