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Abstract: It is a difficult and important project to coordinate active front steering (AFS) and direct yaw
moment control (DYC), which has great potential to improve vehicle dynamic stability. Moreover,
the balance between driver’s operation and advanced technologies’ intervention is a critical problem.
This paper proposes a human-machine-cooperative-driving controller (HMCDC) with a hierarchical
structure for vehicle dynamic stability and it consists of a supervisor, an upper coordination layer, and
two lower layers (AFS and DYC). The range of AFS additional angle is constrained, with consideration
of the influence of AFS on drivers’ feeling. First, in the supervisor, a nonlinear vehicle model was
utilized to predict vehicle states, and the reference yaw rate, and side slip angle values were calculated.
Then, the upper coordination layer decides the control object and control mode. At last, DYC and AFS
calculate brake pressures and the range of active steering angle, respectively. The proposed HMCDC
is evaluated by co-simulation of CarSim and MATLAB. Results show that the proposed controller
could improve vehicle dynamic stability effectively for the premise of ensuring the driver’s intention.

Keywords: active front steering; direct yaw control; human-machine-cooperative-driving controller;
vehicle dynamic stability

1. Introduction

Automobile safety issues have been a concern for a long time. Vehicle dynamics control (VDC)
is a key technology of vehicle active safety and has already made much progress [1–5]. Direct yaw
moment control (DYC) can control vehicle motion by an additional yaw moment generated with
intentional distribution of tire longitudinal forces [6]. Thus, it can improve the vehicle stability and
safety. VAN Zanten AT of Bosch company first proposed the combination of active yaw moment
control (AYC) and slip ratio control, and developed a product to improve the vehicle stability [1]. Also,
many researchers have studied VDC and vehicle-state observation in the past two decades [2,7–10].

With the development of intelligent vehicle technologies, many advanced technologies such as
active braking, active suspension system (ASS), and active front steering (AFS) are applied to
VDC [11–14]. ASS can isolate the vibration of vehicle body and keep the rider comfortable through
reducing the sprung mass acceleration and providing adequate suspension deflection [15,16]. AFS can
add an extra angle to the driver’s steering angle, utilizing the front steering command to improve
vehicle lateral stability [17,18]. All of the above subsystems of the vehicle chassis can improve the
performance of vehicles. However, the interaction and coordination of subsystems and structure of
chassis systems must be well organized to facilitate the functionality of each subsystem and to achieve
maximum performance [14].

The coupling among individual subsystems and diversity of their control strategies are
two difficulties in coordinating subsystems [14,19,20]. Many have studied the coordination of those
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subsystems recently. J. Yoon et al. proposed a unified chassis control strategy to prevent vehicle
rollover, and improve vehicle lateral stability by integrating electronic stability control and continuous
damping control [19]. The combination of DYC and AFS is studied in references [21–24], considering
the generation of corrective yaw moment to improve vehicle handling stability. Meanwhile, many
related issues such as the uncertainty of tire cornering stiffness, onboard network-induced time
delays, and control strategies were concerned gradually with the coordination of subsystems [21,25].
Selby et al. investigated the principle of the coordination of AFS and DYC, and proposed a coordination
controller [11]. Falcone et al. utilized a model predictive control (MPC) approach in AFS to track a
desired path for obstacle avoidance [12,26,27]. Yang et al. designed a coordination scheme based on
optimal guaranteed cost control [21]. An adaptive integrated control algorithm based on AFS and
DYC using the direct Lyapunov method was proposed by [28]. A gain scheduled linear parameter
varying controller synthesized within the linear matrix inequalities was designed to coordinate AFS
and DYC in [29]. The influence of the variation of longitudinal velocities and lateral accelerations was
investigated in [13,30]. Shuai et al. designed a combined AFS and DYC controller with good robustness
against in-vehicle-network induced time-varying delays [25]. With in-depth study of the coordination
of AFS and DYC, more subsystems’ coordination has gradually attracted much interest [14]. Zhao et al.
proposed an integrated controller to coordinate the interactions among ASS, AFS and DYC [14].
However, the construction of ASS requires higher production costs than other suspension systems,
and the car model is practically denoted as a complicated system, so the derivation of active control
technologies becomes relatively complicated [15]. Considering the implementation of actual chassis
controls and the high cost of ASS, this paper researches the coordination of AFS and DYC, based on
existing research results.

With the development of automotive automation, the balance between the driver’s operation and
advanced technologies’ intervention, becomes a critical problem, especially for AFS, which directly
influences the driver’s steering feel [31,32]. Navarro et al. carried out experiments and analyzed
drivers’ steering behaviors and eye movement when AFS was used to steer a vehicle [33]. Minaki et al.
designed a controller based on driver sensitivity characteristics to control the reactive torque and it is
able to reduce the interference to a driver during the AFS operation [31]. In [32], Minaki et al. proposed
a method of reducing steering interference and controlling the torque transmitted to the driver, by
means of differential mechanical steering and utilizing planetary gears. J. Yoon et al. presented the
range of AFS with respect to the tire slip angle in [20]. However, most of the existing studies of the
coordination of AFS and DYC have not considered the driver’s steering feel when AFS operates, and
the realization of the steering mechanism. Some coordination controllers may calculate a huge, even
unrealizable, active front steering angle, which may be contrary to the driver’s intention and cause
drivers emotional tension. Thus, the driver’s acceptability of active steering angles must be concerned.

Model predictive control (MPC) is robust and has been used widely in intelligent vehicle control.
It can predict many vehicle dynamics states, and optimize multiple control objectives under many
constraints [4]. A control scheme using the model predictive control method with the correction of
clutch wear based on the estimation of resistance, was proposed in [34]. A three-dimensional dynamic
stability controller was designed for yaw-roll stability control [4]. Falcone et al. utilized MPC in AFS to
track a desired path for obstacle avoidance [12,27,28].

Considering the advantages of MPC, and the balance between driver operation and advanced
technologies’ intervention, a human-machine-cooperative-driving controller (HMCDC) with a
hierarchical structure was designed, based on MPC to coordinate AFS and DYC. The range of the
active steering angle is presented explicitly. To verify the effectiveness of our proposed controller,
we treated control and models properly [35–38]; for example, X. Hu et al. proposed a model-based
dynamic power assessment, and designed controllers and models properly to verify their work [38].
The HMCDC is evaluated by co-simulation of CarSim (8.02) and MATLAB (R2014a). CarSim gives the
full-vehicle model and the proposed controller is developed with MATLAB Simulink. This paper is
organized as follows: in Section 2, the nonlinear vehicle dynamics model is presented. Section 3 gives
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a description about the controller. Then its performance is evaluated by co-simulation of CarSim and
MATLAB in Section 4. Finally, the conclusion is presented in Section 5.

2. Related Models

2.1. Vehicle Dynamics Model

A simplified four wheel vehicle dynamics model is demonstrated in Figure 1. The longitudinal,
lateral and yaw motion can be described as follows:

m(
.

Vx −Vyωr) = Fxrl + Fxrr − (Fy f l + Fy f r) sin δ + (Fx f l + Fx f r) cos δ, (1)

mVx(
.
β + ωr) = Fyrl + Fyrr + (Fyrl + Fyrr) cos δ + (Fx f l + Fx f r) sin δ, (2)

Iz
.

ωr = (Fy f l + Fr f r)a cos δ + (Fy f l − Fy f r)
T
2 sin δ− (Fyrl + Fyrr)b + (Fx f l + Fx f r)a sin δ−

(Fx f l − Fx f r)
T
2 cos δ− (Fxrl − Fxrr)

T
2 .

(3)
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Figure 1. Vehicle dynamics model. 
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Figure 1. Vehicle dynamics model.

The rotation equations of four wheels are as follows:

JW
.

ωij = Ttij − Tbij − FxijR, (4)

where Fxij and Fyij are the longitudinal and lateral forces of four wheels, their subscript ij is fl, fr, rl,
and rr, representing the front left, front right, rear left and rear right wheel respectively, ij used in the
following equations has the same meaning. m is the mass of vehicles, JW is the wheel inertia moment
about the rotary axis, and Iz is the inertia moment about the vertical axis of vehicles. Vx and Vy are the
longitudinal and lateral velocities respectively, β represents the side slip angle, and ωr represents the
yaw rate. δ is the steering angle. a and b are the distance from the gravity center to the front and rear
axles respectively, and T is the distance between the left and right wheel. R is the wheel radius. ωij is
the wheel angular speed. Ttij and Tbij represent the driving torques and braking torques respectively.

The position of a vehicle in the vehicle axis system should be transformed into the absolute inertial
frame. The following equations represent vehicle motions in absolute inertial frame:

VY = Vx sin ϕ + Vy cos ϕ, (5)

VX = Vx cos ϕ−Vy sin ϕ, (6)
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where Vx and Vy are the vehicle longitudinal and lateral velocities in the absolute inertial
frame respectively.

2.2. Nominal Values Calculation Model

A 2-degree of freedom (DOF) bicycle model is utilized to calculate the nominal values of yaw rate
and side-slip angle, which are selected as the reference values. The nominal values can be described
as follows:

ωrs =
Vx/l

1 + KV2
x

δ, (7)

βs =
b + maV2

x /(k2l)
l(1 + KV2

x )
δ, (8)

where ωrs is the steady-state yaw rate, δ is the front wheel angle, l is the wheel base, βs is the side-slip
angle nominal value, and K is the stability factor, which can be calculated as follows:

K =
m
l2

(
a
k2
− b

k1

)
, (9)

where k1 and k2 are the cornering stiffness of front and rear axles respectively.

2.3. Tire Model

The tires are usually at the non-linear regions when VDC begins to work. Pacejka’s magic formula
(MF) is used to describe the tires’ dynamics. The longitudinal and lateral tire forces can be calculated
by MF. Its general form can be described as follows:

Y(x) = D sin{Carctan[B(x + sh)− E(B(x + sh)− arctan(B(x + sh)))]}+ sv, (10)

where Y(x) can represent longitudinal tire forces Fx, lateral tire forces Fy, and aling torques Mz and x
can be the longitudinal slip ratio λ, and the wheel side-slip angle α.

The longitudinal slip ratio can be calculated as follows:

Vxij = Vx ∓ωrT/2, (11)

Vωij = ωijR, (12)

λij = sgn(Vωij −Vxij)
max(Vxij , Vωij)−min(Vxij , Vωij)

max(Vxij , Vωij)
, (13)

where Vxij represents the longitudinal velocities of four wheels, ωij is angular velocities of four wheels,
and Vωij are their linear velocities respectively.

The side-slip angle α can be calculated as follows:

α f j = (Vy + aωr)/Vx f j − δ, (14)

αrj = (Vy − bωr)/Vxrj. (15)

where αfj represents the side-slip angles of front wheels and αrj represents the side-slip angles of
rear wheels.

The parameters in the MF can be calculated as in [4].

3. Design of HMCDC

The diagram of the proposed controller is demonstrated in Figure 2. It consists of a supervisor,
an upper coordination layer, and two lower layers (AFS and DYC). In the supervisor, considering
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the constraints of tire-road adhesion, the nonlinear vehicle dynamics model with MF tire model is
utilized to predict vehicle states. Moreover, the reference yaw rate and side-slip angle can be calculated.
The coordination control strategy, designed with the premise of guaranteeing the driver’s intention and
minimizing the influence on the driver’s steering feel and the active steering angle range, is discussed
explicitly. To the best of our knowledge, the range of AFS additional steering angle is defined for the
first time. The control modes consist of AFS mode, and hybrid mode. The lower layers are designed to
realize the corrected angle and the additional yaw moment.
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3.1. The Supervisor

The reference values are essential parameters of MPC, and we used the nominal values of yaw
rate and side-slip angle calculated by the 2 DOF bicycle model as the reference values. They can be
calculated by the Equations (7) and (8). Due to constraints of tire-road adhesion coefficient µ, the upper
limit of yaw rate can be described as follows:

ωno-upper = sgn(δ)min(
∣∣∣∣µg
Vx

∣∣∣∣, |ωrs|). (16)

The side-slip angle also needs to be modified, considering the tire-road adhesion:

βno-upper = sgn(δ)min(|arctan(0.02µg)|, |βs|). (17)

We also take into consideration the transient characteristics of actual vehicle operation, and a
first-order filter is utilized to modify the nominal values as follows:

ωno =
1

1 + τωs
ωno-upper, (18)

βno =
1

1 + τβs
βno-upper, (19)

where τω and τβ are the inertia constants.
The proposed controller needs many vehicle states, and a nonlinear vehicle model is utilized to

predict vehicle future states, based on the current states and vehicle inputs. The equipped sensors
in vehicles can directly measure ωr, ay, δ, and some other parameters such as tire forces, vehicle
longitudinal and lateral velocities, and the road-tire friction coefficient can be obtained through
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observers and estimators. The driving torques Ttij can be measured by the engine management system
and the braking torques Tb can be calculated through braking pressures Pb as follows [39]:

Tb = ηReµpPb Ap, (20)

where η is the braking efficiency, Re is the brake plate equivalent radius, µp represents the brake pad
friction coefficient, and Ap is the wheel cylinder cross-sectional area.

To coordinate AFS and DYC properly based on the vehicle states, a coordination factor is denoted
by CF as follows:

CF =
√

aa2
y + bβ2, (21)

where ay, β are the lateral acceleration and side slip angle, and a, b denote their weights respectively.
The prediction of vehicle states utilizes the model in Section 2, and a quadratic polynomial

extrapolation method is utilized to predict the driver’s steering input [3]. The nonlinear model in
Section 2 is discretized with the Euler method:

Vx(n + 1) = Vx(n) + ∆Vx(n), (22)

β(n + 1) = β(n) + ∆β(n), (23)

ωr(n + 1) = ωr(n) + ∆ωr(n), (24)

where Vx(n), β(n) and ωr(n) represent the longitudinal velocity, the side slip angle, and the yaw rate at
time n respectively. ∆Vx(n), ∆β(n) and ∆ωr(n) can be calculated as follows:

∆Vx(n) = −Vx(n) + Vx(n)β(n)ωr(n) + [(Fx f l(n) + Fx f r(n)) cos δ(n)
−(Fy f l(n) + Fy f r(n)) sin δ(n) + Fxrl(n) + Fxrr(n)]Ts/m,

(25)

∆β(n) = −ωr(n) + [(Fx f l(n) + Fx f r(n)) sin δ(n) + (Fy f l(n) + Fy f r(n)) cos δ(n)
+Fyrl(n) + Fyrr(n)]Ts/(mVx(n)),

(26)

∆ωr(n) = [(Fy f l(n) + Fy f r(n))a cos δ(n) + (Fy f l(n)− Fy f r(n))T sin δ(n)/2− (Fyrl(n) + Fyrr(n))b + (Fx f l(n)
+Fx f r(n))a sin δ(n)− (Fx f l(n)− Fx f r(n))T cos δ(n)/2− (Fxrl − Fxrr)T/2]Ts/Iz,

(27)

The equations of wheel rotation are discretized as follows:

ω f l(n + 1) = ω f l(n) + [Tt f l(n)− Tb f l(n)− Fx f l(n)R]Ts/JW , (28)

ω f r(n + 1) = ω f r(n) + [Tt f r(n)− Tb f r(n)− Fx f r(n)R]Ts/JW , (29)

ωrl(n + 1) = ωrl(n) + [−Tbrl(n)− Fxrl(n)R]Ts/JW , (30)

ωrr(n + 1) = ωrr(n) + [−Tbrr(n)− Fxrr(n)R]Ts/JW , (31)

3.2. The Upper Layer

The upper layer can select its proper object: ensuring the yaw stability or the path-following
capability, based on vehicle states. Then it decides the control mode: AFS control mode or hybrid AFS
and DYC mode, and calculates the active steering angle range. When β is very large, hybrid AFS and
DYC mode will work to ensure the yaw stability. When the vehicle is in the stability state, the upper
layer’s object is to ensure the path-following capability and AFS mode works. It works alone near the
linear tire characteristic region. In Figure 3, a two-dimension working region ay-β of control modes is
defined and the proposed controller can determine which control mode to work, as Figure 3 describes.
The selecting-control-mode strategy can be based on the defined coordination factor and side-slip
angle. The working region of DYC and AFS can be defined on the basis of the wheel side-slip angle.
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The algorithm flowchart is demonstrated as follows: when CF is smaller than CFth, the control
object is to ensure that the path-following capability and AFS provide additional front wheel angles;
when the vehicle is in the danger of loss of control, that is, when CF is larger than CFth, the control
object is to ensure that the yaw stability and the control mode can be selected based on the tire side-slip
characteristics. When β is smaller than βth, the hybrid AFS and DYC mode works. Otherwise, tires are
in a strong nonlinear region, and AFS can provide an additional negative steering angle. The threshold
CF value is set as follows:

CFth = 6.3 (32)

Based on the side-slip characteristics, the threshold βth is set as follows:

βth = 0.035rad. (33)

The supervisor also calculates the predicted values CFpre and βpre. They are utilized as auxiliary
conditions to decide the control object and mode.

On the premise of guaranteeing the driver’s intention and minimizing the influence on the
driver’s steering feel, the range of the active steering angle is discussed explicitly. This is one of the
main contributions from this research. The actual front wheel angle is different from the driver’s input,
due to the additional active steering angle. Based on the acceptability of active steering angles we set
the limit curves of the AFS operating range:

δAFS ∈ Ω(β). (34)

where δAFS is the additional active steering angle and represents the set of the additional AFS angle.
Then the AFS control range can be obtained through the upper and lower limit calculated by

Equations (68) and (69). In the designed control range, the additional active steering angle has a
relatively small effect on the driver’s steering feel. Maintaining the driver’s operation intention areas
means that the controller should control l the proportion of vehicle’s response to the driver’s operation.
Additionally, considering the realization of the steering mechanism, the control input should be limited
by δth which we define as follows:

δth = 30◦ (35)
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Considering the longitudinal motion, the lateral motion, the yaw motion, and the vehicular
motion in the absolute inertial frame, we define the state variables as follows:

x =
[

Vx Vy β ωr X Y
]T

(36)

The control inputs of the upper layer are the tire forces of the four wheels and the front wheel
steering angle:

u =
[

Fx f l Fx f r Fxrl Fxrr δ
]T

(37)

The state space model of the designed HMCDC can be described as follows:

.
x = f (x, u) =



f1(x, u)
f2(x, u)
f3(x, u)
f4(x, u)
f5(x, u)
f6(x, u)


. (38)

where
f1(x, u) = Vyωr + [(Fx f l + Fx f r) cos δ− (Fy f l + Fy f r) sin δ + Fxrl + Fxrr]/m, (39)

f2(x, u) = −Vxωr + [Fyrl + Fyrr

+(Fx f l + Fx f r) sin δ + (Fy f l + Fy f r) cos δ]/m,
(40)

f3(x, u) = −ωr + [Fyrl + Fyrr

+(Fy f l + Fy f r) cos δ]/(mVx),
(41)

f4(x, u) = [(Fy f l + Fy f r)a cos δ + (Fy f l − Fy f r)
T
2 sin δ

−(Fyrl + Fyrr)b + (Fx f l + Fx f r)a sin δ

−(Fx f l − Fx f r)
T
2 cos δ− (Fxrl − Fxrr)

T
2 ]/IZ,

(42)

f5(x, u) = Vx cos ϕ−Vy sin ϕ, (43)

f6(x, u) = Vx sin ϕ + Vy cos ϕ. (44)

Then, Equation (35) is discretized by Taylor expansion and discretization. It can be reconstructed
into the standard discrete and incremental form as follows:

∆xn+1 = An∆xn + Bn∆un, (45)

where
An = 1 + ∆T

∂ f
∂x
|xn , Bn = ∆T

∂ f
∂u
|un , (46)

∆T is the sample time.
We define that the controlled outputs of the upper layer are the side-slip angle, the yaw rate and

the lateral position as follows:

yc = [ β ωr Y ]
T
= Ccx, (47)

where:

Cc =

 0 0 1 0 0 0
0 0 0 1 0 0
0 0 0 0 0 1

. (48)
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Considering the realization of the steering mechanism and the ability of the brake system, we set
the range of control input as follows:

Fx f l-min
Fx f r-min
Fxrl-min
Fxrr-min

−δth

 ≤


Fx f l
Fx f r
Fxrl
Fxrr

δ

 ≤


0
0
0
0

δth

, (49)


∆Fx f l-min
∆Fx f r-min
∆Fxrl-min
∆Fxrr-min

∆δmin

 ≤


∆Fx f l
∆Fx f r
∆Fxrl
∆Fxrr

∆δ

 ≤


∆Fx f l-max
∆Fx f r-max
∆Fxrl-max
∆Fxrr-max

∆δmax

, (50)

where δth is defined as the Equation (49). ∆δmin and ∆δmax are the minimum and maximum increments
of the front wheel angles and their values are dependent on the steering system. ∆umin and ∆umax are
the minimum and maximum increments of four wheels. We set their values based on the maximum
release rate and the maximum increase rate of brake system. Fxij-min represents the minimum tire forces
of four wheels. Previous researches calculated their values by the adhesion ellipse. However, the brake
intervention of DYC may produce an unpleasant feeling for the driver due to the coordination of AFS
and DYC, so we set the modified calculation of Fxij-min to minimize the unpleasant feeling caused by
DYC as follows:

Fxijmin = −γAFS

√
(µFz)

2 − (ρFyij)
2, (51)

where we define that γAFS is the AFS constriction factor and ρ is a coefficient smaller than one.
The designed HMCD based on MPC should ensure that the controlled outputs track the reference

values precisely, and the control inputs are as small as possible at the same time. Therefore we define
that the MPC objective function is as follows:

J(x(n), ∆u(n)) =
Np

∑
i=1

∥∥∥∥∥yc(n + i|n)− yre f (n + i|n)
∥∥∥∥∥

2

Qi

+
Nc

∑
i=1

∥∥∥∥∥∆u(n + i|n)
∥∥∥∥∥

2

Ri

, (52)

where yc is the controlled output and yref is the reference output. Np is the prediction horizon, Nc is
the control horizon, and Np ≥ Nc. Qi and Ri are the weight matrices of the controlled outputs and the
control inputs at the prediction time k + i respectively. The standard forms of Qi and Ri are as follows:

Qi = diag(Wβ, Wωr , WY),
Ri = diag(WFx f l , WFx f r , WFxrl , WFxrr , Wδ),

(53)

where Wβ, Wωr, WY, Wδ, and WFxij are weight factors of β, ωr, Y, δ, Fxij respectively.
The upper layer should minimize the objective function (69) subject to the control input constraints

(66), (67), and the vehicle dynamics (62). We can define the equations as follows:

min
∆u(n+i|n),i=0:Np−1

J(x(n), ∆u(n)), (54)

Subject to:

∆xn+1 = An∆xn + Bn∆un, n = 1, 2, ..., Np − 1
umin(n + i) ≤ u(n + i) ≤ umax(n + i), i = 0, 1, ..., m− 1
∆umin(n + i) ≤ ∆u(n + i) ≤ ∆umax(n + i). i = 0, 1, ..., m− 1

(55)
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Equations (54) and (55) present a typical mathematical optimal problem and the function quadprog
of MATLAB is utilized to calculate the optimal solution. Moreover, the problem can be solved under
constrains and the optimal outputs can be calculated. As long as the objective function can be solved,
the minimums must be achieved.

The upper layer has two control objects, and its design is mainly based on the yaw rate error, the
side-slip angle error, and the lateral position error. Therefore a different matrix, Qi is designed for the
corresponding control object. We define the weights of the controlled outputs for ensuring the yaw
stability of vehicles as follows:

[Wβ, Wωr , WY] = [20, 30, 0]. (56)

For the path-following object, the designed layer provides an additional active steering angle to
improve the path following capability. The weights can then be set as follows:

[Wβ, Wωr , WY] = [4, 6, 20]. (57)

The weights of controlled inputs should be different for different control modes. DYC can control
the longitudinal tire forces, and AFS provides additional front wheel angle. Therefore, the weights for
the AFS mode are:

[WFx f l , WFx f r , WFxrl , WFxrr , Wδ] = [104, 104, 104, 104, 80]. (58)

When the control mode is the DYC and AFS mode, both the brake system and the steering system
work to ensure the stability of the vehicle. We define the weights as follows:

[WFx f l , WFx f r , WFxrl , WFxrr , Wδ] = [κ, κ, κ, κ, 160− 0.007κ]. (59)

The value of κ should increase with the decrease of the wheel side-slip angle, or the CF value. κ is
designed as follows:

κ = min(104, ς), (60)

where ς can be calculated as follows:
ς = 63000/CF. (61)

3.3. The Lower Layer

The lower DYC layer can realize the calculated tire forces from the upper layer. We can calculate
the desired slip ratio, which is smaller than the optimum slip ratio λopt based on the tire forces from the
upper layer. The desired slip ratio λdes can be obtained by the dichotomy method in [40]. The desired
pressure Pdes can be calculated as follows [41]:

Pdes =
1

ApRbµ̂b
(rw F̂b +

Jw
.
vx

rw
(λ− 1))− Jwvx

rw
[

B2

2ApRbB3
(
− .

vx(λ− 1)
vx

) +
r2

w
Jwvx

B1 + η]sat(
s
Φ
), (62)

s = λ− λdes, (63)

where Ap is the piston area, Rb is the effective radius between the center of disk rotor and pad, and is
the estimated brake disk-pad friction coefficient. Jw is the moment of inertia of wheel, rw is the radius
of the wheel, λ is the wheel slip ratio, and s is the sliding surface. What is more, the bound values of
the uncertainties B1, B2, and B3 are 0.6, 1500, 0.35 respectively. η is a design parameter and a strictly
positive constant, Φ is a design parameter representing the boundary layer around the s = 0 sliding
surface, and is a small positive parameter. A first-order filter is utilized to realize the real characteristics
of brake systems as follows:

Preal =
1

τps + 1
Pdes, (64)
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where Preal is the real brake pressure input of CarSim and τp is the time coefficient, where we define its
value as 0.2 in this paper.

The desired front wheel angle is calculated by the upper layer. The lower AFS layer is designed to
realize the additional active steering angle, based on the desired front angle and the driver’s input.
We can calculate the additional active steering angle as follows:

δdes = δdriver + δAFS, (65)

Subject to:
δAFS-lower ≤ δAFS ≤ δAFS-upper,
|δdes| ≤ δth.

(66)

A first-order filter is utilized to realize the real characteristics of steering systems as follows:

δAFS-real =
1

τAFSs + 1
δAFS. (67)

where τAFS is the time coefficient, which we define as a value of 0.01 in this paper.
We define the upper and lower limits of the AFS angle based on the tire characteristics, and the

AFS angle range can be defined by the value of side slip angle as shown in Figure 4. The percentage
of the AFS additional angle changes with the side slip angle. We define the upper and lower limit
as follows:

δAFS-upper =


κ

2ρσ2 e−(β+ε)2
β < −ε

κ −ε ≤ β ≤ ε
κ

2σ2 e−(β−ε)2
β > ε

, (68)

δAFS-lower =


− κ

2σ2 e−(β+ε)2
β < −ε

−κ −ε ≤ β ≤ ε

− κ
2ρσ2 e−(β−ε)2

β > ε

. (69)

where δAFS-upper and δAFS-lower denote the AFS additional angle range limits. We define that κ is the
peak factor, σ is the buckling factor, ρ is the curvature correction factor, and ε is the turning factor.
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As shown in Figure 4, when the side-slip angle is small, which means tires work in a linear region,
the AFS additional angle percentage can be large in both a positive and negative direction. If the
side-slip angle is extremely large, which means tires are at a highly nonlinear state, the additional
angle in a positive direction will not work, or even worsen vehicle dynamics states, while a small
negative additional angle may improve vehicle dynamics stability. Therefore, the additional angle in
a positive direction tends to zero, and in negative direction, it becomes smaller with the increase of
side-slip angle.
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4. Simulation Results and Analysis

The HMCDC was evaluated by co-simulation of CarSim and MATLAB as shown in Figure 5.
CarSim is a professional commercial simulation software for vehicle dynamics, and it can provide
a MATLAB Simulink interface to run in Simulink. CarSim provides a the full-vehicle model, and
the proposed controller is developed with MATLAB Simulink as shown in Figure 5. Then, critical
scenarios can be implemented to verify and evaluate performance. When a car runs at a high speed on
the highways, emergency avoidance at a high speed may cause vehicle dynamics instability. Therefore,
we imitated a critical scenario above utilizing a double lane change (DLC) maneuver with an initial
speed 115 km/h, to verify the effectiveness of our proposed controller. Based on the actual highway
situation, we set that the maximum lateral offset of DLC maneuver would be 3.59 m and the friction
coefficient µ was 0.80. The driver model utilized in CarSim had a constant preview time of 0.7 s.
We also utilized a conventional electronic stability control (ESC) controller which only used DYC.
The DYC was also based on the same model and MPC as the proposed controller.
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The steering wheel angles of the preview driver model (PDM) with different controllers are
compared in Figure 6. The PDM utilized in CarSim can imitate a driver controlling a steering wheel.
The steering wheel angle, without any stability control reached extremely large values and changed
sharply, which means that the vehicle motion was out of control. However, PDM gave suitable steering
wheel angles to keep vehicle dynamics stability with the assistance of the HMCDC or conventional
ESC. We also found that most of the steering wheel angle with the proposed HMCDC was smaller
than the angle reached with conventional ESC, due to AFS. The steering wheel angle with the stability
control reached zero at about 5.9 s, but without any control, the PDM gave zero steering wheel angle
at about 9 s. Also, as shown in Figure 6, the longitudinal velocity without any control fell sharply, but
fell slowly and smoothly with HMCDC or DYC. The longitudinal velocity controlled by the HMCDC
was larger than that controlled by the conventional ESC because the HMCDC needed less brake
intervention than DYC to keep vehicle dynamics stable.

The nominal value was calculated through the ideal response of a 2 DOF vehicle model. The error
between the nominal value and the actual value indicated vehicle dynamics stability state. When the
error between the actual value of yaw rate or side-slip angle and its nominal value was small, the vehicle
runs at dynamics stability state. On the contrary, a large error meant that the vehicle was out of control,
and lost its dynamics stability. When the car ran without control, the actual side-slip angle and yaw
rate was divergent, as shown in Figures 7 and 8, which meant that the car swerved severely and was
out of dynamics stability. With our proposed controller, the actual value was almost equal to the
corresponding nominal value, which indicated that the car was at a dynamics stability state, as shown
in Figures 7 and 8.
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Figure 8. Comparison of the yaw rate with different controllers, (a) HMCDC; (b) DYC controller.
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The results illustrate that the proposed HMCDC can perform better with less brake intervention
than the conventional ESC, due to the regulating action of AFS as shown in Figure 7. The actual side
slip angle controlled by the proposed HMCDC can track the nominal value more accurately than
that controlled by DYC. We found that the maximum error value controlled by the HMCDC was
0.63◦ at 0.79 s, while the value controlled by DYC was 2.41◦ at 2.26 s. In Figure 6, we also found that
the maximum side slip angle value controlled by the HMCDC was 2.1◦ at 2.73 s, smaller than that
controlled by DYC, which was 3.90◦ at 2.19 s. This means that the HMCDC can control the vehicle
more stably than DYC. In Figure 8, the nominal and actual yaw rate value is shown, and we found that
with HMCDC or DYC, the yaw rate changed smoothly, but it changed sharply without any control.

As shown in Figure 9b the lateral acceleration with the proposed HMCDC was similar to that
with DYC, but the maximum value with DYC was 0.73 g, approximately 2 s larger than the lateral
acceleration with the HMCDC control, which was 0.637 g at about 2.6 s. In Figure 9a, the trajectories
with different controllers was shown and we found that the trajectory controlled by the HMCDC
tracked more precisely than that controlled by DYC. The maximum Y error value with a proposed
controller was smaller than that with DYC, as shown in Figure 9a.
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Figure 9. The lateral accelerations and trajectories with different controllers, (a) trajectories;
(b) lateral accelerations.

A Large brake force on the wheels can help to keep the vehicle stable, but influences the driver’s
comfort negatively. The proposed controller could keep vehicular dynamics stability with less brake
intervention, as shown in Figure 10. We found that the brake interventions controlled by DYC were
approximately 3.9 MPa, 2.0 MPa, 4.1 MPa, and 2.0 MPa at 0.7 s, 2.0 s, 2.9 s, and 3.9 s respectively, while
the brake interventions controlled by the proposed controller were about 4.0 MPa, and 3.7 MPa at 2.1 s,
and 3.9 s respectively, due to the assistance of AFS, as shown in Figure 10b,c.

In Figure 10a, the additional AFS angle and the driver input front wheel angle are shown.
we found that the maximum additional AFS angle was 1.74◦ at 1.3 s. The additional AFS angle
increased the driver input on the front wheel angle from 0 s to 1 s, from 2 s to 2.5 s, and from 3.7 s to
4.2 s. The additional AFS angle decreased the driver input front wheel angle from 1 s to 2 s, and from
2.5 s to 3.7 s. As shown in Figure 11, the upper limit and lower limit of the additional AFS angle can be
calculated based on the side slip angle. The limit value decreased when the side slip angle was very
large, and the actual AFS angle controlled by the proposed HMCDC always adjusted within the limit,
which means that the HMCDC can provide proper AFS additional angle on the premise of minimizing
the influence on the driver’s steering feel.

In Figure 11, the CF values indicating the dynamics stability state without any control fluctuated
greatly, and most were beyond the CF threshold value defined in the proposed controller. However,
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the CF values with HMCDC or DYC possessed a similar trend and, only some of them were larger
than the CF threshold value. The CF values controlled by HMCDC were mostly smaller than those
controlled by DYC. We found that the maximum value controlled by HMCDC was 7.49 at 2.61 s, while
the maximum value controlled by DYC was 10.20 at 2.16 s. The proposed HMCDC selects the AFS
and DYC mode when the CF values are beyond the CF threshold respectively from 2.1 s to 2.9 s, and
from 3.6 s to 3.9 s approximately. However, the CF values controlled by DYC were larger than the
threshold value respectively, from 0.8 s to 1.3 s, from 1.8 s to 2.7 s, and from 3.4 s to 4.1 s. The results
shown in Figure 11 indicate that the proposed HMCDC performs better than DYC on vehicle dynamics
stability control.
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5. Conclusions

This paper proposes a HMCDC to coordinate DYC and AFS, considering the driver’s acceptability
of active steering angles. It consists of a supervisor, an upper coordination layer, and two lower layer
(AFS and DYC). The main contributions of this paper can be summarized as follows. A HMCDC
with a hierarchical structure is designed, based on MPC to coordinate AFS and DYC. Moreover,
a two-dimension working region ay-β of AFS and DYC is defined based on vehicle body side-slip
angle and lateral acceleration. Furthermore, the upper and lower limits of the additional AFS angle are
designed based on tire characteristics, and the relationship between AFS additional angle percentage
and side-slip angle is defined explicitly.

The co-simulation results showed that the designed controller can improve the path-following
capability and vehicle lateral stability. The coordination between DYC and AFS performs well, and
AFS performed on the premise of guaranteeing the driver’s intention and minimizing the influence
on the driver’s steering feel. The AFS angle range was defined, but the limit may still need to be
modified by large-scale data analysis of different drivers’ actual runs, and this may form the basis for
future work. Moreover, the simulation of low friction surfaces and hardware-in-the-loop simulations,
or even real car tests, may be conducted in the future. The time-delay and bandwidth of actuators
are important issues of real-car applications for our proposed controller. In future work, they will be
studied to apply our proposed controller to a real vehicle.
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