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Abstract: This work deals with doubly fed induction generator (DFIG) modeling and stability when
connected to weak AC grids. A detailed state-space model that includes the phase-locked loop (PLL)
is developed. This work aims to determine the influence of the network’s strength on DFIG stability
through the short-circuit ratio (SCR). The critical values of the proportional control parameters of the
grid-side and rotor-side converters (RSC and GSC), as well as PLL, which make the system unstable,
are calculated for different SCR values. Finally, PSCAD/EMTDC dynamic simulations are used to
validate the critical control parameters obtained by studying the eigenvalues of the DFIG state-space
model regarding system stability.

Keywords: DFIG stability; eigenvalue analysis; state-space models; controller parameter settings;
weak grid stability; stability boundary

1. Introduction

Doubly-fed induction generators (DFIGs) are one of the leading technologies used
in wind generators. Unfortunately, the interaction between weak grids and DFIGs can
cause stability problems. The instability mechanism in wind turbine generators differs
entirely from traditional sub-synchronous resonance in steam turbine generators [1]. DFIG
instability is probably related to a new type of instabilities caused by equipment with power
electronics technology recently described in the literature [2,3]. Low-frequency oscillations
characterize these instabilities. Frequency domain [4-6] and state-space methods [7-18] are
useful and widely used tools for instability phenomena analysis when DFIGs are connected
to weak grids, among other applications. It is known that state-space methods have a
large computational burden; power system characterization by means of impedance and
frequency-based methods requires fewer computational resources. Moreover, when a
circuit modification occurs, the change only affects one part of the circuit; on the contrary,
state-space analysis requires a complete reformulation. However, the main disadvantage is
that stability is more complicated to determine than checking the positivity of the real part
of the eigenvalues. This work uses the state-space method to investigate the impact of the
SCR—short-circuit ratio—on DFIG stability.

The literature contains a large number of DFIG models with different characteristics,
such as phase-locked loop (PLL) absence or presence, outer control loops, mechanical
equations, etc., making it difficult to compare the models. The comparison must also
consider the DFIG connection to a weak grid or a series-compensated line. Table 1 sum-
marizes the main characteristics of the models in the literature. Some studies do not
include the PLL [7-11,14-16,18-20] or use approximations that reduce the order of state-
space equations [9-13,19,20]. Other references propose the study of DFIG stability with a
series-compensated line [7,8,14-18,20]. This problem is more complex than the weak grid
examined in this work. An explanation for the excessive use of approximations in DFIG
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state-space modeling studies is that they focus on finding low-frequency instabilities caused
by the mechanical part. An essential contribution of this work is demonstrating that the cur-
rent loop controls of the RSC, GSC, and the PLL can also cause low-frequency instabilities.
Therefore, rigorous modeling of these elements is essential. To illustrate the errors resulting
from approximations, the case of the approximation of the DC capacitor by a voltage source,
which is widely used in the literature, is examined. Few references [16,19,20] carry out a
detailed analysis of DFIG stability using different parameters; the authors are not aware
of any such studies, including those analyzing the impact of the SCR. However, several
works have investigated its influence on VSC-HVDC converter stability [21-23].

Table 1. Comparison of models.

References

Model Features [71 [81 [91 [10] [11] [12] [13] [14] [151 [16] [17]1 [18] [19]  [20]
PLL included X X X X X v v X X X v X v X
Weak grid (W) or Series-Compensated line (C) C cC W W W W w C C C C C w C
Non-approximate model of generator Vv Vv Vv v v X VvV v X 4 v v X v
Non-approximate control model X X X X X X X 4 v 4 4 v v v
Mechanical model included v Vv VvV v v X X 4 v v 4 v 4 4
Inductive node eliminated X X X X X X v X X v v v X X
Correct dependence of vs. and v, of fp, X X X X X X X X X X X X X X
Number of state equations 22 20 15 16 13 6 12 22 22 22 29 22 15 16

The proposed model has 18 state variables. For simplicity, the mechanical model is
not included, nor are three of the four outer control loops. Therefore, a complete DFIG
model without simplifications should have around 24 state variables. Looking at Table 1,
it appears that many models do not take the PLL into account. In this paper, it is shown
that the PLL is critical for the stability of the DFIG. Taking into account this fact and the
number of state variables of each reference, it is observed that only [17] can be considered a
complete model without approximations. In [17], a DFIG with a series-compensated line is
studied. As a summary of the bibliographic study in Table 1, it is observed that there is no
study without approximations of the DFIG in weak grids in the literature.

Compared to DFIG studies using the state-space method, the contributions of this
work are fourfold:

e A detailed description of the state-space model, which captures the influence of the
PLL on GSC and RSC voltages (see Table 1);

e A study of the influence of the SCR on the critical values (stability boundary) of the
control parameters, which make the DFIG unstable for different DFIG power values;

e  The validation of the instability predictions of the state-space model by hundreds of
PSCAD simulations, providing excellent results;

e A study of the approximation of the DC capacitor by an ideal voltage source to show
that the approximations in the literature can lead to incorrect predictions.

2. DFIG Model

The DFIG model proposed in this work is shown in Figure 1. An important simpli-
fication consists of excluding the outer controls for P and Q, because PLL and current
loop dynamics are faster than those outer loops. This is because the set points of P and
Q (the active and the reactive power) are obtained using wind speed data and are based
on maximum power point tracking curves, where the optimal value is found for each
mechanical speed [7,15,18]. Moreover, the non-inclusion of the dynamics of the mechanical
part makes the study more manageable. The investigation focuses on DFIG stability when
it is connected to a weak grid and does not address the problem of series-compensated
lines, which is exciting but much more complex. Figure 1 shows capacitors, Cy, at the
induction generator terminals. They are fictitious, with a very high impedance (a very
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small capacitor), so that the current absorbed by them is negligible. This is convenient
for avoiding an inductive node, i.e., a relationship between state variables (currents in the
inductors), one of which is linearly dependent on the others. The item “inductive node
eliminated” in Table 1 shows the references addressing this linear dependency problem. A
significant problem in the literature is considering that RSC and GSC control is carried out
in the dg-converter reference, while dg-grid is used for the network and induction generator
equations. The change in reference results in the angle 0p;; appearing in the equations
of the converter voltages. The item “Correct dependence of vs. and v, of 6p;” in Table 1
shows that this dependence is not formulated correctly in the literature.
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Figure 1. DFIG equivalent circuit and controls.

Grid-connected DFIG stability is studied using the proposed state-space model. Both
the model and the stability study are validated by PSCAD/EMTDC simulation (PSCAD X4
Version 4.5.0.0). These PSCAD/EMTDC simulations are made with a custom DFIG model,
developed ad hoc and exhaustively validated in [24].

2.1. Induction Machine Model

The equations of the induction generator in terms of dg-variables (Park variables) [25,26],
where vy; and vy, are the stator voltages, ios and ig, are the stator currents, v,; and vy, are
the rotor voltages, and 7,; and i, are the rotor currents, are as follows:

UNd = [Rs + LSS} igd — stligq — MSird + Mwlim
ONg = Lswiigq + [Rs + Lssligg — Mwiiyg — Msiyg
Urd = MSigd — Mgwigg — [Ry + Lysliyg + Lyguwnirg
Urg = Mgw1igq + Msigq — Lrgwring — [Ry + Ly8irg,

1)

where Ls = Ly; + M and L, = L,; + M, with Ly; and L,; being the stator and rotor leakage
inductances, M being the magnetizing inductance, wj = 27f; being the fundamental angular
frequency of the grid, and s being the Laplace operator. The slip, g, is

W1 — We

§=———— (2)

w1
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where the mechanical speed in electrical degrees is wye, considering the machine pairs of
poles. It is important to note that, in (1), the rotor currents have an outgoing direction from
the generator, which is different from usual [25,26]. This change is made so that the rotor
current matches the direction of the currents in the RSC equations. Rewriting (1) in matrix
form, we have

[0] = [M]s[i] + [Re][i], 3)
where
Ly, 0 -M O
0 Ly 0 -M

o M 0 -L,
Rs —Lswn 0 Muwq
_ stl Rs _MC(J] 0
[Ra] = 0 —Mgwy —R Legw |’ ©)
Mgw, 0 —Lrgwr  —R;
and the induction machine equations in state equation form are
d.. -1 . -1
Z 11 = —M] 7 [Re ][] + [M] (o], 6)
where
L, 0 -M 0 nin 0 nis 0
_ 1 0 L 0 —-M 0 npy 0 ny
M = — — ¢ = , 7
M] Lsl,—M2|M 0O —-L; O ngg 0 mnzg 0 @
0 M 0 —Ls 0 Nngo 0 Nyq
aip 4z 413 414
-1 a1 A a3 24
— M| "[Ry| = , 8
B ) ®)
41 A42 a43 44
np 0 mz 0 UNd n119Nd 11304
] ![o] = 0 mp O my|fong| _ | "20Ng | [ 7240rg | ©)
ng 0 nzg 0 Urd n31UNd 13304
0 ngp 0 mng/ \vy N42UNyg 1440rg

2.2. AC Grid and Stator Relations

The small-signal voltage line equation in the dg-domain from Figure 1 is

eg = (Rg + SLg)iLd - ngliLq + UNd (10)
eq = (Rg +5Lg)irg + Lowrirg + vng,
where wy = 271f; is the grid fundamental angular frequency, vng; = (Ung qu)T is the stator
induction generator voltage, e;; = (¢4 eq)T is the grid voltage, and i 4, = (iL4 iLq)T is the line
current.

The connection between the stator induction generator and the GSC is the R.-L. filter,
and its equations are

UNg = (RC + SLc)isd — Lcwlisq + gy

. . 11
UNg = (Re + SLc)lsq + Lewyisg + Usq- (1)

The introduction of the dummy capacitor Cy avoids a binding between the current

generator ig,, the GSC current igy,, and the line current i 4. The capacitor equations are

SCNUNg — W1CNUNg = —lsqg — lgd + L4 (12)
SCNUNq +w1CNUNg = —isqg — lgq + iLg-
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2.3. AC-DC Conuverter Relations

The modulation function m,g; = (1,4 qu)T links the VSC output voltage vy, in the
GSC (x = s) or the GSC (x = r) and the DC voltage V. as

Usg = MsqViyeo } . O = Mg Viaco } (13)
Usq = MsqVigeo Urqg = Mg Vieo

Considering an ideal VSC and ignoring the homopolar component, the VSC instanta-
neous power balance between the DC and AC sides imposes the next relation between the
AC current iy, and the DC current ig.:

Pdc = Pac = idc = mdid + mqi‘T (14)

The sum of currents in the DC capacitor results in the equation

sCpcac = ige = Msgisg + msqisq + Myging + mrqirqr (15)
where
Usd . Usq . Ord_ Urq
Msq = % ;o Msg = v ;o Mg = % ;o Mg = Vool (16)
dcO dcO dcO dcO

with 1,4, being the modulation function of the GSC (x = s) or the RSC (x =7).

2.4. Stator and Rotor CC Loop Connections

The CC loop control law in the GSC in the dg-domain using the sign convention
in [27] is
Uy = —Foce(s) (5, — igd) + Lewrig

C

o . . (17)
oy = —Fsce(8) fogr — lsq) — Lewnify,

where g5 r = (0%4,r UCSW)T, Esagr = Csar iCSq,y)T are the voltage and current references,
and Fsc(s) = ksp + ksi/s, with ks, and k,; being the proportional and integral gains of the
inner CC of the GSC. Variables with super index c are in the converter reference.

In the RSC, the current reference depends on the wind speed and the power that can
be extracted [7,15,18]. The maximum power curve in front of the rotor speed is information
given by the manufacturer. The outer rotor current control loop relies on wind dynamics
and is assumed constant because its dynamic response is much slower compared to the
other control loops.

The control law of the inner CC loop in the RSC results in

c o _ . i .
Uy = —Frec (S) Ledr — Zrd) + Krdqu (18)
U?q,r = —Frc (S) igq,r - lgq) - Krdigd/

where Fcc(s) = kip + ki /s, with kp and k,; being the proportional and integral gains of the
inner rotor CC in the RSC. The decoupling gain K, is

2
Krd = gwlLr <1 — M ) (19)

LsL,

2.5. Outer Control Loop Relations
The direct-voltage control (DVC) law is considered as

i;,r = ch(s)(vdc,r - Udc)/ (20)

where F.(s) = kpcy + kpci/s, with kpcy and kpc; being the DVC proportional and integral gains.
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2.6. PLL Rotor and Stator Relations

The rotor variables are subject to ¢, = ¢ — ¥;e. An encoder is needed to determine
the rotor position in electrical degrees, Oy,. If ¥y is accurate enough, its effect on the PLL
is insignificant. Therefore, the rotor variables depend on s, similar to the stator variables.

The objective of the PLL is to cancel the term v, in the converter reference, so we have

s6 = Fprp(s) (chq> = FprL(s) (—onasin(0) + ong cos(0)), (21)

where Fpy[(s) = kprrp + kprri/s, with kpp, and kprp; being the PLL control proportional and
integral gains, and 6 being the angle of the converter reference with respect to the grid
reference. We define the state-space variable xy as

Xg = %(—de sin(6) 4 vng cos(0)), (22)

and the PLL equation is expressed in the state-space model as
1

0=-
s

(kpLip (—vnasin(8) 4+ vng cos(0)) + kprrixp). (23)

The relationship between the converter reference (GSC or RSC) with respect to the
grid reference in terms of the stator (x = s) or rotor (x = r) currents, iy, is

i i cos(f) sin(0)) (i
xd | — xd | _ xd
<i§q> =G(0) (ixq) o (— sin(0) cos(0) ) \ixg/) (24)
Variables with super index c are in the RSC or GSC reference. Otherwise, the absence

of this super index indicates a grid reference. The relationship of the grid voltages as a
function of the converter voltages is

Uxd\ _ ~-1 v\ _ [cos(6) —sin()) (v,
(qu> =670 (v;q ~ \sin(0)  cos(p) ) \v%,)" (25)
Considering these changes in reference, the equations of the RSC voltages (18) in the
grid reference are

Urd = |krpirg + Kigirg + {kri'Yrd - krpird,ref} cos() _{kri’)/rq - krpirq,ref} Sin(e)} 7
6

o SR | \F (26)
Org = | —Kiaira + Krpirg + {kri’)/rd - krplrd,ref} sin(6) +{kri'7rq - krpqu,ref} cos( )} V;;O/

where the new state-space variables, 7,4 and 74, in the converter reference are

1/. ) 1/. )
Yrd = 5 (l;(fd - lrd,ref) ;o Yrg = S (liq - qu,ref)' (27)
The calculation takes into account that
k K k K
G19~<*P ’)G@:(’P rd), 28
( ) _Krd krp ( ) _Krd krp ( )
and similar to the GSC, we have
k Lew k Lew
G- Br, LY a = () .
( ) (_Lcwl ksp ( ) —Lew ksp @9)

Grid reference GSC voltages (17) are
0 = P& [Kopisa + Lecwrisg — {Keiysg = Kspisg e | sin(6)+
kspkpci
{xdcl + ( kaéij + ksi) Xdex + kskaCp (Vdc - Vdc,ref)} (9)
Vsg = % [kspisq — Lewqigy + {ksi')/sq - kspisq,ref} cos(0)+
kspkpci .
{xdcl + ( poel ksi) Xdcp + kskaCp (Vdc — Ve ref }sm(@)} ’

kDCp

cos } 30)
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where the new state-space variables, x;.1, X4c2, and 7, in the converter reference are

1 1 ) kpci 1/. .
Xdc2 = ngCp (Udc - Vdc,ref) ;o Xdel = gksi (12,1 + <ch;> xdc2> ;7 Ysqg = 5 (lgq - lsq,ref)' (31)

3. State-Space Model
The differential equations of the DFIG state-space model result in

lgd aj1 app 413 a1g\ [igd n119N4 n13054
dligg | _ |91 422 ax azs || igg 4| 220N | [ 24T (32)
dt | i az1 aszy a4 | | i n310N4 N33, |’
irg ay g a43 44/ \lipg N4UNg 1440rq
digg R igy . UNd 1 dlsq . Rcisq UNg 1
—_ = wii — = Uy ; — = —Wilgg — — —Usg, (33
dt P R P dt Vsd =77 L. L™ (33)
dung led g ird dong Igg  sg g
= SR o =4, A= _wp — 34
dt Cny Cy T WIONg T+ Cn dt Cny Cy 19N+ Cn (34)
dirg RgiLd . UNd eq diLq . RgiLq UNg €q
- wiipg — 2 4+ 4 . A= iy -2 - A4+ 1 (@35
dt T Ay S ST e P (35)
dgt’d = 1,3 CO8(6) 4 irg SIN(0) — iygref
dyr . . .
dgt" = —irg Sin(0) + irg OS(0) — irg ref (36)
0% . . .
gt = —isa sin(0) + isg cos(6) — isg ref,
dxy . .
;ﬁl = ki (i5q cos(0) + isy sin(0)) + ksi (kpci/kpep) Xac 37)
);[igcz = kDCp Ode — Vdc,ref ’
dvdc 1 . . . .
at = TDC (msdlsd + Msglsg + Mypglpg + mrqqu)/ (38)
dxg _ _ ;
7 ONg sin(0) + v, cos(0) (39)

& = kprip (—ongsin(0) + ongcos(6)) + kpprixe-

Equations (32)—(35) and (38) are in the grid reference and Equations (36), (37) and (39)
are in the RSC and GSC references.

To obtain the correct linearized state-space equation, it must be highlighted that the
RSC voltages, vy, depend on v,4; = Vyaq(ird, irg, Yrd, Yrq, Vac, 0) and that the GSC voltages
depend on vy, = Usgq(isa, isq, Ysq, Xde1, Xdc2, Vde, 0), similar to the modulation functions, 1,
and m,4,, in (38).

4. Eigenvalue Analysis of DFIG
DFIG dynamics are described with a nonlinear system (32)—(39) as

dx
T f(x). (40)

Linearizing around an equilibrium point results in

ddATx = Af(x) = AAx. (41)
where A is the Jacobian matrix of f(x) at the equilibrium point.
The eigenvalues of A
det|/A — AI| = 0. (42)

determine the stability of the linearized system. Figure 2a presents the unstable voltage
transient at the converter terminals, vyy, if the GSC proportional gain, ksp, changes from
0.15 to 0.024. DFIG parameter values are shown in Table 2. Induction generator data were
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extracted from [28]. The turn ratio of the stator winding to the rotor winding was changed
to 1 for simplicity. In Figure 2, the slip of the induction generator is g = +0.3, and the
weak grid has a short-circuit ratio of 1.5 (Rg = 0.0106 ) and Ly = 0.6735 mH). The data
corresponding to this case are given in Table 3. Figure 2b,c shows the frequency analysis
of the unstable transient in Figure 2a. Figure 2b,c show one and two frequency peaks,
respectively. Figure 2b peaks at 19 Hz, and Figure 2c peaks at 69 and 31 Hz. This is usual,
since an unstable eigenvalue of the state equation in dg-real variables, x = + a + jw, indicates
a frequency oscillation of f,sc = w/(2m) in dg variables. By converting the voltage from dgq
variables to abc variables with the Park transformation, which rotates with the pulsation
w1 = 27f1, two frequency peaks, f+ = fosc + f1 and f _ = fosc — f1, are obtained.

VNd (kV) (a) (b) (C)
0.75 ' ' ' ' ' '
— Ve a9 Via 50 69
‘ FFT
0.70
0.024
0.0 i
R T S R S
Time (s) 10 FFT(Hz) 3020 FFT (Hz) 80
Figure 2. Time (a) and frequency domain (b,c) stability study. The value ksp is changed from 0.15 to 0.024.
Table 2. GSC, RSC, and Induction Generator Parameters.
Vsn 690 V Py 1.5 MW Ve 1.15kV
f1 50 Hz R 2.4 mQ) R, 2mQ)
Lsg 60 uH L. 83 uH M 2.95 mH
R. 0.0 L. 0.1 mH Cpc 20 mF
ksp 0.15Q kip 0.6 Q) kpLLp 51/(V-s)
ks 20)/s k,; 54.45 Q) /s kprri 501/V
kDCp 2 1/Q kDCi 20 1/(QS) CN 0.1 p,F
Table 3. DFIG steady-state data for different slips.
Slip, g P (MW) iq (A) irg (A) isq (A) M,y (pu) g (pu) mgg (pu) msg (pu)
—-0.3 1.5 —1712 749 —496 —0.1893 —0.0352 0.5796 —0.0468
0 0.68 —1015 747 4.6 0.0018 —0.0013 0.5796 —0.0277
0.3 0.234 —498 746 149 0.192 0.0086 0.5796 —0.0136

Note: P ~ K-(1 — g)?, considering K = 682,749 W [29].

5. SCR Influence on DFIG Stability

The influence of the SCR (i.e., the quotient between the grid short-circuit power and the
DFIG assigned power [22]) and the slip values as a characterization of the power conditions
on DFIG stability is analyzed using an exhaustive and detailed numerical comparison
between the results of the state-space model (see Sections 2 and 3) and the PSCAD/EMTDC
DFIG model in Figure 1. In particular, the maximum and minimum critical values of the
GSC, RSC, and PLL proportional gains, which cause DFIG instability for different SCRs,
slips, and an X, /R, ratio equal to 20, are assessed, and their instability frequencies are
calculated and analyzed. Tables 2 and 3 show the values of the DFIG model in Figure 1 and
the DFIG steady-state operating points for three different power conditions (is; and ig,; are
not included because they are 0). In the analyzed cases, the voltage at the DFIG terminals is
guaranteed equal to 690 V; if necessary, a modification of the grid voltage is applied.
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Other DFIG parameters, such as the DC voltage control loop proportional gain kpcy,
were investigated but not included because their influence on stability is insignificant.

The feedforward voltage filter of the DFIG model in Figure 1 is also not included in
the study because its inclusion makes the system more unstable.

Three different cases are presented to analyze the influence of the SCR on the maximum
and minimum critical values of the GSC, RSC, and PLL proportional gains:

e Case #1: The maximum and minimum critical values (stability boundary) of the GSC,
RSC, and PLL proportional gains are determined from the data in Tables 2 and 3.

o  Cases #2 and #3: The minimum critical values of the GSC and RSC proportional gains
are determined from the data in Tables 2 and 3, where the kpy 1, and kpy1; values are

equal to 0.5 (V-s)"land 5 V~! (Case #2) and to 0.05 (V-s)~! and 0.5 V! (Case #3).

5.1. SCR Influence on the Extremum Critical Values of the Proportional Gains
5.1.1. Case #1

SCR influence on the extremum critical values (stability boundary) of the GSC (ksp),
RSC (kyy), and PLL (kpr1p) proportional gains, which cause DFIG instability, is studied.
These values are calculated from the state-space model (42) in Sections 2 and 3 and validated
by PSCAD/EMTDC simulation. The results in per-unit values, i.e., acc (pu) = ksp/ksp Table 2,
Bee (PW) = krp / krp Table 2, and yee (pPu) = kpLrp/KpLLp Table 2, are given in Figure 3 for different
SCRs and three slips. The study range of a¢, Bee, and 7. is from 1000 to 0.001. The broken
lines and the diamond dots represent the maximum critical values calculated with (42) and
by PSCAD/EMTDC simulation, respectively. In contrast, the solid lines and the triangle
dots represent the minimum critical values. The following conclusions are obtained from
the study:

e  Only the maximum critical values of the GSC proportional gain exist, which causes
DFIG instability for very low SCR values and the slip value g = —0.3 (i.e., high DFIG
power generation). For other conditions and other GSC and RSC proportional gains,
no maximum critical value causes instability. The studied values of a.. and B are less
than 1000.

o The lower the SCR, the higher the minimum values for critical GSC and PLL propor-
tional gains.

e  The lower the SCR, the lower the minimum value for critical RSC proportional gain.
Hence, the highest minimum critical value is obtained with an infinite SCR and only
depends on the slip (i.e., it has no dependence on the grid impedance).

e  The most critical values of the RSC proportional gain occur when the DFIG is fed by
strong grids (i.e., by grids with SCR = o0). These values are B (pu) = 0.634, 0.523, and
0.415 for g = —0.3, 0, and 0.3, respectively.

e  DFIG instabilities are mainly caused by the minimum critical values of the proportional
gains, and these instabilities are related to oscillatory phenomena at low frequencies,
which are among the most common power system instabilities in the literature [1-3].

Note that the small differences between MATLAB (R2022a) and PSCAD results in
Figure 3 are due to the unstable PSCAD points, which correspond to cases observed before
6 s of simulation after the change in the value of the proportional gain under study. If
the simulation time is increased, the differences between MATLAB and PSCAD results
become smaller.
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Figure 3. Time critical stator, rotor, and PLL proportional gain for Case #1. Continuous lines: State-
space minimum critical proportional gain predictions. Broken lines: State-space maximum critical
proportional gain predictions. Triangle dots and diamond dots: PSCAD/EMTDC simulations.

5.1.2. Cases #2 and #3

SCR influence on the extremum critical values (stability boundary) of the GSC (ksp) and
RSC (kyp) proportional gains, which cause DFIG instability, where the kpy 1, and kpr1; values
are equal to 0.5 (V-s)"and 5 V! (Case #2) and t0 0.05 (V-s)~! and 0.5 V! (Case #3), is stud-
ied. The results in per-unit values, i.e., ¢ (pu) = ksp/ksp Table 2 and Bee (pu) = kip /kip Table 2/
are shown in Figure 4 for different SCRs and three slips. The solid lines and the trian-
gle dots represent the minimum critical values in Case #2 calculated with (42) and by
PSCAD/EMTDC simulation, respectively, while the broken lines and the diamond dots
represent the minimum critical values in Case #2. The following conclusions are obtained
from the study:

e  There are no maximum critical values of the k, that cause DFIG instability.
e Asin Case #1, the lower the SCR, the higher the minimum values for critical GSC and
PLL proportional gains.
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Figure 4. Critical stator and rotor proportional gain for Case #2 and Case #3. Continuous line and triangle
dots: Case #2 (kprrp = 0.5). Broken line and diamond dots: Case #3 (kpr, = 0.05). Continuous and broken
lines: State-space predictions. Triangle dots and diamond dots: PSCAD/EMTDC simulations.

5.2. SCR Influence on Instability Frequency

This section covers the instability dg-frame frequencies corresponding to the minimum
critical values of the GSC and RSC in Cases #1, #2, and #3. These frequencies are reflected
in two abc instability frequencies, fp = f4; + f1 and fu = fa; — f1 (see Section 4), and are
essential data to discover the origin of instability in the grid [1-3]. They are calculated
from the state-space model (42) in Sections 2 and 3 and validated by simulation using
PSCAD/EMTDC. Figure 5 shows the results for different SCRs and three slips. The solid
lines and the triangle dots represent the instability frequencies related to the minimum
critical values of the GSC, and the broken line and diamond dots represent the instability
frequency related to the minimum critical values of the RSC. The following conclusions are
obtained from the study:

e  The instability frequency due to the critical proportional gain of the RSC is close to
50 Hz and depends slightly on the SCR value.

e  The instability frequency due to the critical proportional gain of the GSC ranges
from 5 to 25 Hz and is significantly affected by the SCR and the DFIG slip or the
power conditions.

Figure 5 also compares the instability frequencies predicted by an approximate DFIG
model with a DC voltage source instead of the DC capacitor (dotted and dashed line) [5]
and the DFIG model in Sections 2 and 3. It is worth noting that the approximate DFIG
model, although widely used in impedance frequency domain studies, produces significant
errors in predicting instabilities at low frequencies [5].
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Figure 5. Critical frequency for three cases with different PLL proportional gains. Continuous
line and triangle dots: critical proportional gain (GSC). Broken line and diamond dots: critical
proportional gain (RSC). Dotted and dashed line: critical proportional gain (GSC) for the model with
an approximation of the capacitor as an ideal voltage source.

6. Conclusions

The major contribution of this paper is the accurate modeling of the small-signal DFIG
state-space equations, which consider the rotor and the stator converters as well as the PLL
effect. The analysis of the small signal model eigenvalues allows the stability boundary
of the proportional control parameters of the rotor and the stator side converters to be
determined as a function of the SCR as well as the PLL parameters. The study shows that,
for the GSC and the PLL, the worst critical value of the proportional control parameters
occurs for very weak grids (SCR ~ 1.5), whereas for the RSC, the worst critical value
occurs for very strong grids (SCR ~ 10). In the RSC case, the worst is the ideal generator,
with infinite SCR. Furthermore, it was verified that the instability frequency predicted
by the approximate model, where the DC capacitor is considered an ideal source, has
a non-negligible systematic error (greater than 10 Hz in the worst cases). The stability
boundary of the control parameters as a function of the grid impedance values and the DFIG
power predicted by the state-space model eigenvalues were validated by PSCAD/EMTDC
time-domain simulation.
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